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PREFACE. 


T^B  hiatory  of  ChemiBtry  ^b  an  exact  sci^pce  may  he  9^d  jto 
date  from  Jjayoiaier,  wbp  first  u^d  the  halance  in  inyestigating 
pj^emical  pheaoipena,  aad  the  progress  of  the  science  simQe  his 
^iine  }^  be^n  awipg,  in  great  me^ure,  to  tk^  improyementa 
wt^ich  h^ye  been  made  in  the  processes  of  weighing  and  measiuy 
ifig  small  quantities  of  matter.  Tliese  processes  are  now  the 
ehief  instniments  in  the  hands  of  the  chemical  inyestigator,  and 
i^  is  evidently  essential  that  hq  should  be  familiar  with  the  causes 
of  error  to  which  they  are  liable,  and  should  be  able  to  deter- 
jnine  the  degree  of  acpuracy  of  which  they  are  capable.  4>U  this, 
)iowever,  requires  a  theoretical  knowledge  of  the  principles  lyhich 
the  processes  involye;  and  the  chemical  inyestigator  who,  without 
itj  relies  on  mere  empirical  rules,  will  be  exposed  to  constant 
^rror. 

This  volume  )s  intended  to  furnish  a  fuA  development  of 
^ese  principles,  and  it  is  hoped  that  it  wiU  servo  to  advance 
the  study  of  chemistry  in  the  colleges  of  this  country.  In  order 
to  adapt  the  work  to  the  purposes  of  instruction,  it  has  been  pre- 
pared on  a  striptly  inductive  method  throughout ;  and  any  stu- 
dent who  has  acquired  an  elementary  knowledge  of  niathematics 
will  he  able  to  follow  the  conrsa  of  reasoning  without  difficulty. 
60  much  of  the  subject-matter  of  Qidchanics  h§^  been  given  at 
iBie  beginning  of  the  vplume  as  was  necessary  to  secure  this 
fibject ;  and  for  the  same  reason,  efush  chapter  is  followe4  by  a 
large  number  of  problems,  '^hich  are  calculated,  not  only  to  test 
the  knowledge  of  the  student,  hut  also  to  extend  and  appl^ 
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IV  PREFACE. 

the  principles  discussed  in  the  work.  Regarding  a  knowledge 
of  methods  and  principles  as  the  primary  object  in  a  course  of 
scientific  instruction,  the  author  has  developed  several  of  the 
subjects  to  a  much  greater  extent  than  is  usual  in  elementary 
works^  solely  for  the  purpose  of  illustrating  the  processes  and  the 
logic  of  physical  research.  Thus,  the  means  of  measuring  tem- 
perature and  the  defects  of  the  mercurial  thermometer  have  been 
described  at  length,  in  order  to  show  how  rapidly  the  difficulties 
multiply  when  we  attempt  to  push  scientific  observations  beyond 
a  limited  degree  of  accuracy ;  so  also  the  history  of  Mariotte's 
law  has  been  given*  in  detail,  for  the  purpose  of  illustrating  the 
nature  of  a  physical  law,  and  the  limitations  to  which  all  laws 
are  more  or  less  liable  ;  the  condition  of  salts  when  in  solution, 
and  the  nature  of  supersaturated  solutions,  have  in  like  manner 
been  fully  discussed  as  examples  of  scientific  theories;  and,  lastly, 
the  method  of  representing  physical  phenomena  by  empirical  for- 
mulas and  curves,  which  are  the  preliminary  substitutes  for  laws, 
has  been  illustrated  in  connection  with  Begnault's  experiments 
on  the  tension  of  aqueous  vapor. 

Although,  for  the  reason  just  given,  it  has  not  been  the  aim  of 
the  author  to  make  a  mere  digest  of  facts,  care  has  been  taken 
to  include  the  latest  results  of  science,  and  where  it  was  impos- 
sible to  enter  into  details,  references  are  given  to  the  original 
memoirs.  The  author  would  earnestly  recommend  the  advanced 
student  to  extend  his  study  to  these  memoirs,  and  not  to  spend 
much  time  in  reading  text-books.  All  compendiums  are  unavoid- 
ably incomplete.  They  can  only  give  general  results,  which  are 
necessarily  stated  in  definite  terms,  and  are  apt  to  convey  a  false 
notion  of  the  true  character  of  the  phenomena  and  laws  of  nature. 
A  student  who  desires  to  train  his  powers  of  observation  cannot 
expend  labor  more  profitably  than  in  looking  up  fully  in  a  large 
library  one  or  more  of  the  subjects  mentioned  above,  and  reading 
all  the  original  memoirs  that  have  been  written  upon  it.  It  is 
only  in  this  way  that  he  can  learn  what  scientific  investigation  has 
really  done,  as  well  as  what  can  be  expected  from  it,  and  can  thus 
prepare  himself  to  work  with  advantage  in  extending  the  bounda- 
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ries  of  knowledge.  Moreover,  that  peculiar  scientific  power  which 
is  so  essential  to  the 'successful  interpretation  of  natural  phenom- 
ena can  be  acquired  only  at  these  fountain-heads  of  knowledge. 

In  preparing  the  work,  the  author  has  used  freely  all  the  mar 
terials  at  his  command.  Most  of  the  woodcuts  in  the  book  have 
been  transferred  from  the  pages  of  different  standard  works,  but 
especially  from  the  TraitS  de  Physique  of  Ganot.  The  excel- 
lent, work  of  Buff,  Kopp,  and  Zamminer  has  been  repeatedly 
consulted,  as  well  as  those  of  Miller,  of  Oraham,  of  Daguin,  of 
Jamin,  of  Miiller,  of  Bunsen,  of  Dana,  and  of  Silliman,  and  all 
that  is  suitable  for  the  illustration  of  his  subject  has  been 
borrowed  from  them.*  Whenever  it  was  possible,  the  original  " 
memoirs  were  consulted,  especially  those  of  Begnault  in  the 
twenty-first  volume  of  the  MSmoires  de  VAcad6mie  des  Scienr 
ces.  Indeed,  this  distinguished  experimentalist  has  so  greatly 
improved  the  methods  of  investigation  in  this  department  of 
Physics,  that  any  text-book  on  the  subject  must  necessarily  be 
in  great  measure  an  abstract  of  his  labors. 

A  large  number  of  valuable  tables  are  included  in  an  Ap- 
pendix at  the  end  of  the  volume.  Several  of  these  have 
been  re-calculated  ;  but  the  rest  are  selected  with  care  from 
standard  authors.  The  authority  for  each  table,  and  the  page 
on  which  the  method  of  using  it  is  described,  are  given  at  the 
commencement  of  the  Appendix.  A  list  of  numerous  other 
tables  distributed  through  the  body  of  the  work  will  be  found, 
under  the  word  "Tables,"  in  the  Index.  The  author  is  in- 
debted   to  Captain    Charles   Henry  Davis,   Superintendent  of 


*  BaflT,  Kopp,  and  Zamminer.    Lehrbnch  der  pbjsikallBchen  and  theoretiBchea 
Chemie.    Braunschweig,  1857. 
Miller.    Elements  of  Chemistry.    Fhrt  I.  Chemical  Phjsics.    London,  1855. 
Graham.    Elements  of  Chemistiy.    Vol.  I.,  London,  1850.    Vol.  IL,  1857. 
Dagain.    Traits  de  Physique.    Tom.  L    Paris,  1855. 
Jamin.    Cours  de  Physique.    Tom.  L    Paris,  1858. 
MuUer.    Lehrbnch  der  Fhysik  and  Meteorologie.    Brannscfaweig,  1856. 
Bunsen.    Gasometry.    Translated  by  Boscoe.    London,  1857. 
Dana.    System  of  Mineralogy.    Vol.  L    New  York,  1854. 
Silliman.    Pint  Principles  of  Physics.    Philadelphia,  1859. 


{he  Nautical  Almanac,  fcft  the  use  of  a  table  ef  logarithms  6f 
natoral  numbers  to  four  plaees  of  deeimab,  which  wilt  be 
found  sufficient  for  solving  mobt  of  the  problems  in  this  book. 
The  greater  number  of  the  pr<9blems  were  prepared  by  the 
author  ;  the  rest  have  been  selected  from  yarious  works,  but 
especially  from  EahFs  Aufgaben  <mi  der  FhyHkj  and  from  the 
Appendix  to  Oanot's  TtmUS  de  PhynquBi  Solutions  of  these 
proUem»  will  be  published  hereafter,  fhougb  for  an  obvious 
reason  they  are  not  included  in  this  volume.  For  the  purpose 
of  ready  reference,  the  sections  and  equations  have  been  num- 
bered ;  tlie  numbers  6f  sections  to^  given  ift  parentheses,  those 
of  equations  in  brackets ;  and  in  oi^er  still  further  to  fstCtUtate 
reference,  a  list  of  the  formulae  is  included  in  the  Index. 

Oreat  pains  have  been  taken  in  the  prii!iting  of  the  book  l!o 
avoid  errors,  and  the  author  is  under  especial  obligation  to 
his  friend.  Professor  Henry  W.  Torrey,  for  a  careful  revision 
of  the  proof-dieets.  The  difficulties  of  securing  perfect  accu- 
racy in  printing  formuto  sfnd  tables  are  alihost  insurmountable, 
and  many  misprints  have  undoubte<Hy  occun^d.  Such  as  taxj 
be  discoveited  will  be  corrected  in  the  next  edition  ;  and  tiie 
author  will  feel  under  obligations  to  any  of  his  readers  who  wiS 
have  the  kindness  to  send  him  a  note  of  such  as  they  find. 

Al4&ough  the  present  volume  is  a  complete  treatise  in  itself 
of  the  principles  involved  in  the  processes  of  wdghing  and  meas- 
uring, it  is  also  intended  to  serve  as  the  first  volume  of  an 
extended  work  on  the  Philosc^hy  of  Ghemistry.  The  arrange- 
ment of  the  chapters  and  sectioiis  has  been  adopted  with  this 
view,  and  the  inductive  method  begun  in  tliis  volume  will  be  con- 
tinued through  the  whole  work.  The  second  volume  will  treat 
of  Light  in  its  relations  to  Crystallography  (including  Mathemlftt- 
ical  Crystallography),  and  also  of  Electricity  in  its  relations  to 
Chemistry.  The  third  and  last  volume  will  be  on  Stoichiometvy 
and  the  j^riAcipIes  of  Chemical  Glassific&tion.  This  volume  is 
now  in  preparation^  and  will  be  pubjiriied  nextb 

J.  P.O. 

Cambbidob,  February  1,  1860. 
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CHEMICAL   PHYSICS 


CHAPTER    I. 

INTRODUCTION. 


(1.)  Matter^  Body^  Substance.  —  That  of  which  the  universe 
consists,  which  occupies  space,  and  which  is  the  object  of  our 
senses,  is  named  matter.  Any  limited  portion  of  matter,  whether 
it  be  a  grain  of  sand  or  tlie  terrestrial  globe,  is  called  a  body ; 
and  the  different  kinds  of  matter,  such  as  iron,  water,  or  air,  are 
termed  substances.  The  number  of  distinct  substances  already 
described  is  exceedingly  large ;  but  they  are  all  formed  by  the 
combination  of  a  few  simple  substances,  called  Elements,  or  else 
consist  of  one  element  alone.  The  tendency  of  science  for  the 
last  fifty  years  has  been  to  increase  the  number  of  the  elements ; 
at  present  sixty-two  are  admitted.  But  those  recently  discovered 
exist  only  in  minute  quantities  on  the  surface  of  the  globe,  and 
appear  to  play  a  very  subordinate  part  in  the  economy  of  na- 
ture. In  regard  to  tlie  essential  nature  of  matter,  or  of  the 
elements  of  which  it  consists,  we  have  no  knowledge ;  but  we 
have  observed  the  properties  of  almost  all  known  substances, 
as  well  elements  as  compounds,  have  studied  their  mutual  relar 
tions  and  their  action  on  each  other,  and  have  discovered  many 
of  the  laws  which  they  obey. 

(2.)  General  and  Specific  Properties.  —  If  we  study  the 
properties  of  iron,  we  shall  find  that  they  may  be  divided  into 
two  classes ;  —  one  class,  which  iron  possesses  in  common  with 
all  substances ;  the  other,  which  are  peculiar  to  iron,  and  dis- 
tinguish it  from  other  kinds  of  matter.  A  mass  of  iron  occupies 
space, —  or,  in  tlie  language  of  geometry,  possesses  extension; 
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it  gravitates  towards  the  earth,  that  is,  it  has  weight.  But  ev- 
ery other  substance  as  well  as  iron,  gases  and  liquids  as  well  as 
solids,  possess  both  extension  and  weight.  Such  properties  as 
these,  which  are  common  to  all  kinds  of  matter,  are  called 
General  Properties.  Besides  these  general  properties,  iron  is 
endowed  with  other  qualities,  which  are  peculiar  to  itself.  Thus 
iron  not  only  possesses  extension,  but  it  has  a  peculiar  crystal- 
line form.  It  not  only  possesses  weight,  but  every  piece  of  iron 
weighs  7.8  times  as  much  as  the  same  bulk  of  water.  It  has 
also  a  certain  hardness  and  a  familiar  lustre.  Properties  like 
the  last,  which  a.re  peculiar  to  a  given  substance,  and  serve  to 
distinguish  it  from  other  kinds  of  matter,  are  called  Specific 
Properties, 

(3.)  Physical  and  Chemical  Changes, — If,  next,  we  study  the 
various  changes  to  which  all  substances  are  liable,  we  shall  find 
that  they  also  may  be  divided  into  two  classes;  —  first,  those 
changes  by  which  the  specific  properties  are  not  altered ;  and,  seo- 
ondly,  those  by  which  the  specific  properties  are  essentially  modi- 
fied, and  the  identity  of  the  substance  lost.  Thus  a  mass  of  copper 
may  be.  transported  to  a  distant  part  of  the  globe,  it  may  be  di- 
vided into  exceedingly  small  particles,  it  may  be  melted  and  cast 
into  nails,  it  may  be  coined ;  but  yet,  although  the  position,  the 
size,  or  the  external  shape  is  thus  entirely  changed,  those  quali- 
ties which  distinguish  copper,  which  make  it  to  be  copper,  are 
not  altered.  Water  may  be  frozen  by  cold  or  converted  into 
steam  by  heat,  yet  the  water  is  not  destroyed  ;  for  if  the  ice  be 
melted,  or  the  steam  condensed,  fluid  water  reappears,  with  all 
its  characteristic  properties.  A  bar  of  iron,  when  in  contact 
with  a  magnet,  becomes  itself  magnetic,  and  acquires  the  power 
of  attracting  small  particles  of  iron.  So  also  a  stick  of  sealing- 
wax,  if  rubbed  with  a  silk  handkerchief,  becomes  electrified,  and 
endowed  with  the  power  of  attracting  light  pieces  of  paper ;  but 
the  peculiar  properties  of  iron  and  sealing-wax  are  not  essentially 
modified  by  these  changes.  Such  changes,  which  do  not  destroy 
the  identity  of  substance,  are  called  Physical  Changes. 

On  the  other  hand,  if  copper  filings  are  heated  for  some  time 
in  contact  with  the  air,  they  fall  into  a  black  powder  (oxide  of 
copper) ;  if  heated  with  sulphuric  acid,  they  are  converted  into 
a  blue  crystalline  solid  (sulphate  of  copper)  ;  and  in  either  case 
the  properties  of  copper  entirely  disappear.    If  steam  is  passed 
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over  metallic  iron  heated  to  a  red  heat,  it  yields  a  combustible 
gas  (hydrogen).  If  an  iron  bar  is  exposed  to  moist  air,  it  slowly 
crumbles  to  a  red  powder  (iron-rust).  If  sealing-wax  is  heated 
to  a  red  heat,  it  bums,  and  is  apparently  annihilated  ;  but,  as  we 
shall  hereafter  see,  it  changes  by  burning  into  invisible  gases 
(vapor  of  water  and  carbonic  acid).  Changes  like  these,  by 
which  the  distinguishing  properties  of  a  substance  are  altered, 
and  the  substance  itself  converted  into  a  different  substance,  are 
called  Chemical  Changes. 

(4.)  Physical  and  Chemical  Properties.  —  Corresponding  to 
the  two  classes  of  changes  above  described  are  two  classes  of 
properties,  into  which  we  may  divide  the  specific  properties  of  a 
substance.  Those  properties  which  a  substance  may  manifest 
without  undergoing  any  essential  change  itself,  or  causing  any 
essential  changes  in  other  substances,  are  generally  called  Phys- 
ical Properties.  On  the  other  hand,  those  properties  which  "  re- 
late essentially  to  its  action  on  other  substances,  and  to  the 
permanent  changes  which  it  either  experiences  in  itself,  or  which 
it  effects  upon  them,"  *  are  called  Chemical  Properties,  Thus, 
among  the  physical  properties  of  iron  we  should  include  its  great 
tenacity  and  malleability,  its  specific  gravity,  its  peculiar  lustre, 
its  great  infusibility,  the  facility  with  which  it  may  be  forged  at 
a  high  temperature,  its  power  of  transmitting  electricity  and  of 
assuming  magnetic  polarity.  Among  its  chemical  properties,  on 
the  other  hand,  we  should  enumerate  the  ease  with  which  it  rusts 
in  the  air,  the  readiness  with  which  it  dissolves  in  dilute  acids, 
its  combustibility  in  oxygen  gas,  and  many  others.  This  last 
class  of  properties  evidently  cannot  be  manifested  by  iron  with- 
out its  losing  its  essential  properties  and  ceasing  to  be  iron. 
The  first  class,  on  the  other  hand,  do  not  involve  any  such  radi- 
cal changes. 

(5.)  Chemistry  and  Physics.  —  It  is  the  province  of  Chemistry 
to  observe  the  chemical  properties  of  substances,  and  to  study  the 
chemical  changes  to  which  they  are  liable.  Physics,  on  the 
other  hand,  deals  with  the  physical  properties  and  the  physical 
changes  of  matter.  The  study  of  Chemistry  involves  the  discus- 
sion of  at  least  three  questions  in  regard  to  each  substance.  The 
chemist  asks,  in  the  first  place.  What  are  the  specific  properties 

•  Miller's  Elements  of  Chemistry,  Part  I.,  pftge  2. 
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of  the  substance  ?  in  the  second  place,  What  are  the  chemical 
changes  to  which  it  is  liable j  or  which  it  is  capable  of  producing 
in  other  substances  ?  and,  in  the  third  place,  What  are  the 
causes  of  these  change Sy  and  according  to  what  laws  do  they 
take  place  ?  An  answer  to  the  first  of  these  questions  must  ob- 
viously be  obtained  before  the  chemist  can  approach  the  other 
two,  and  indeed  the  whole  of  Chemistry  is  based  upon  the  accu- 
rate observation  of  the  specific  or  distinguishing  properties  of 
substances.  These  properties,  as  we  have  seen,  are  physical  as 
well  as  chemical,  and  when  the  substances  can  only  be  observed 
in  a  state  of  chemical  rest,  the  chemist  is  obliged  to  depend  on 
the  physical  cliaracteristics  alone  in  distinguishing  between  them; 
and  under  all  circumstances  he  relies  upon  these  characters  to  a 
greater  or  less  degree.  Hence  the  study  of  Chemistry  necessa- 
rily implies  some  acquaintance  with  Physics,  and  a  thorough 
knowledge  of  Physics  will  always  be  found  useful  to  the  investi- 
gator of  chemical  phenomena.  There  are,  however,  some  portions 
of  the  subject  which  are  more  closely  connected  with  Chemistry 
than  the  rest,  and  which,  therefore,  it  is  particularly  convenient 
to  study  in  connection  with  this  science.  This  portion  of  Phys- 
ics, which  is  frequently  called  Chemical  Physics,  is  the  subject  of 
Part  I.  of  this  work.  Chemical  Physics  is  entirely  an  arbitrary 
division  of  the  science,  including  a  variety  of  subjects  which  are 
only  grouped  together  because  they  are  closely  connected  with 
Chemistry  in  its  present  condition.  It  treats  more  especially  of 
those  physical  properties  of  matter  which  are  used  by  chemists 
in  defining  and  distinguishing  substances,  and  which,  therefore, 
it  is  exceedingly  important  for  the  student  of  Chemistry  thor- 
oughly to  understand.  It. treats  also  of  the  action  of  heat  on 
matter,  and  of  the  various  methods  by  which  the  weight  and 
volumes  of  bodies,  whether  solids,  liquids,  or  gases,  are  accu- 
rately measured. 

(6.)  Force  and  Law.  —  The  axiom,  that  every  change  must 
have  an  adequate  cause,  leads  us  to  refer  all  the  phenomena  of 
nature  to  what  we  term  forces ;  thus,  we  refer  the  falling  of 
bodies  towards  the  earth  to  the  force  of  gravitation,  tlie  motion 
of  a  steam-engine  to  the  expansive  force  of  heat,  and  the  burn- 
ing of  a  candle  to  the  force  of  chemical  affinity.  The  only  clear 
conception  of  the  origin  or  nature  of  force  to  which  man  can 
attain,  is  derived  from  studying  those  limited  phenomena  of 
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matter  wliich  can  be  traced  back  to  human  agency.  These  phe- 
nomena, as  we  are  conscious,  result  from  the  mysterious  action 
of  mind  on  matter ;  and  we  are  thus  led  to  infer  that  the  grand 
phenomena  of  nature  result  in  like  manner  from  the  action  of 
the  Infinite  Mind  on  matter.  Li  this  view,  force  is  only  another 
name  for  the  volition  eitlier  of  man  or  of  Ood,  and  the  varied 
phenomena  of  nature  are  only  the  manifestations  of  His  all- 
pervading  will. 

A  careful  study  of  material  phenomena  frequently  leads  us 
to  the  discovery  of  unexpected  analogies  between  those  which 
seemed  at  first  sight  entirely  disconnected.  No  two  phenomena 
are  apparently  less  related  than  the  motion  of  our  planet  through 
space  and  the  falling  of  a  stone  to  its  surface ;  and  yet  it  has 
been  discovered  that  all  the  phases  of  both  phenomena  can  be  per- 
fectly explained,  by  assuming  that  every  particle  of  matter  in  the 
universe  attracts  every  other  particle  with  a  force  varying  directly 
as  the  mass  and  inversely  as  the  square  of  tlie  distance.  So  also 
the  ripples  on  the  surface  of  a  still  lake  have  no  apparent  resem- 
blance to  the  rays  of  light  which  play  upon  them ;  but  neverthe- 
less it  has  been  found  that  all  the  phenomena  of  light  can  be 
fiilly  explained,  by  the  assiimption  tliat  they  are  caused  by  a  sim- 
ilar undulatory  motion  in  an  ethereal  medium.  Such  generaliza- 
tions as  these,  by  which  the  phenomena  of  nature  are  linked 
together  and  in  a  measure  explained,  are  called  laws.  A  law  is 
the  mode  of  action  of  some  assumed  force ;  thus,  the  law  of  gravi- 
tation is  the  mode  of  action  of  the  force  of  gravitation,  and  the  law 
of  undulations  is  the  mode  of  action  of  the  force  which  produces 
light.  But  if  force  is,  as  above  considered,  a  direct  emanation  of 
Divine  Power,  then  law  must  be  regarded  as  the  uniform  and 
unchanging  mode  of  action  of  the  Divine  Mind.  It  must  be  no- 
ticed, however,  that  what  we  call  a  natural  law  is  merely  our 
human  expression  of  the  Divine  mode  of  action  in  the  universe, 
and  that  this  is  accurate  in  proportion  to  the  extent  and  clear- 
ness of  our  knowledge  of  the  phenomena  and  of  their  relations. 
The  great  differences  which  exist  in  this  respect  are  implied  in 
the  very  language  of  science.  The  words  hypothesisy  theory^ 
and  law  stand  for  the  same  thing,  that  is,  our  conception  of  the 
mode  in  which  Ood  acts  in  nature,  and  we  use  the  one  or  the 
other  according  to  our  own  conviction  of  the  accuracy  of  our 
conception.    If  we  suppose  that  it  is  merely  possibly  correct,  or 
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only  ill  part  true,  we  call  it  an  hypothesis  or  a  theory;  but 
if  we  are  fully  convinced  of  its  trutli,  we  say  tliat  it  is  a  law  of 
nature. 

One  criterion  by  which  we  judge  of  the  correctness  of  our 
ideas  of  the  Divine  mode  of  action  in  the  material  universe,  and 
by  which  we  determine  whether  a  proposed  explanation  of  mate- 
rial phenomena  should  be  regarded  as  an  hypothesis,  a  theory,  or 
a  law  of  nature,  is  the  completeness  with  which  it  explains  the 
class  of  phenomena  in  question.  A  law  of  nature  must  not  only 
cover  all  known  phenomena  of  the  class,  but  must  also  include  all 
those  which  may  hereafter  be  discovered,  and  even  predict  their 
existence  before  tliey  are  actually  observed.  This  has  been  the 
case  with  the  laws  of  nature  already  discovered,  and  with  none 
more  remarkably  than  with  the  law  of  gravitation,  which  may  be 
regarded  as  the  most  perfect  of  all.  This  law  was  first  advanced 
by  Newton  to  explain  the  phenomena  of  planetary  motion  then 
known,  by  connecting  them  with  those  of  falling  bodies  on  the 
surface  of  the  earth.  As  Astronomy  advanced,  this  law  was  not 
only  found  able  to  explain  all  the  complicated  perturbations  of 
lunar  and  planetary  motions  as  they  were  successively  discovered, 
but  it  even  went  before  tlie  observer,  and  enabled  the  astronomer 
to  calculate  with  absolute  exactness  the  extent  and  the  periods  of 
these  irregularities  of  motion,  altliough  it  will  require  centuries 
on  centuries  to  verify  his  results.  The  same  is  also  true  of  the  not 
less  remarkable  law  of  undulations  advanced  by  Huyghens  to  ex* 
plain  the  comparatively  few  facts  of  optics  known  in  his  time.  As 
these  facts  have  been  rapidly  multiplied  by  the  wonderful  discov- 
eries of  Malus  and  of  Young,  the  law  has  not  only  been  found 
fully  adequate  to  explain  all,  but  it  has  also  predicted  the  existence 
of  phenomena,  which,  like  that  of  conical  refraction,  would  hardly 
have  been  noticed  had  they  not  been  thus  pointed  out.  To  hy- 
potheses and  theories  we  do  not  look  for  the  sam^e  full  explana- 
tion of  all  the  facts  which  we  require  of  a  law.  They  are  r^ 
garded  as  merely  provisional  expedients  in  science  until  the  law 
shall  be  discovered,  as  guesses  at  truth  before  the  truth  is  known. 
Laws  have  been  said  to  be  the  thoughts  of  God  manifested  in 
nature  and  expressed  in  human  language.  Hypotheses,  then, 
are  our  first  imperfect  comprehensions  of  these  tlioughts.  They 
are  also  the  shadowing  forth  of  laws,  and  the  progress  of  science 
has  always  been  from  the  dim  glinmierings  of  truth  in  the 
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hypothesis  and  the  theory,  to  the  full  light  of  knowledge  in  the 
law. 

Another  criterion  of  the  validity  of  a  law,  no  less  important 
than  the  one  we  have  considered,  is  to  be  found  in  the  analogies 
of  nature.  The  force  of  analogy  is  the  great  directing  principle 
in  the  mind  of  the  successful  student.  It  is  this  which  leads 
him  to  pronounce  some  theories  unsound,  although  apparently 
sustained  by  facts,  and  to  accept  others,  which,  although  not  fully 
verified  by  experiment,  are  yet  in  harmony  with  the  general  plan 
and  order  of  creation,  and  with  those  convictions  of  the  truth 
which  are  based  on  an  enlarged  knowledge  and  an  extended  ob- 
servation of  natural  phenomena. 

In  thus  defining  law  as  the  thoughts  of  God  manifested  in  na- 
ture, and  force  as  the  constant  action  of  his  infinite  will,  we  must 
be  careful  to  remember  that  this  is  a  conclusion  of  metaphysical 
rather  than  of  physical  science.  The  demonstrations  of  physical 
science  unquestionably  point  to  the  same  result ;  but  it  is  the 
goal  towards  which  they  tend,  rather  than  one  which  they  have 
attained.  In  the  present  condition  of  science,  we  are  obliged  to 
use  language  which  implies  the  existence  of  separate  and  dis- 
tinct forces  ;  but  this  is  unimportant  so  long  as  we  keep  the  truth 
in  view,  and  do  not  allow  ourselves  to  be  led  into  materialism  by 
the  imavoidable  imperfections  of  scientific  language. 


CHAPTER    II. 


6ENEBAL  PBOPERTIES  OF  MATTER. 


(7.)  Essential  and  Accidental  Properties.  —  Of  the  general 
properties  of  matter,  I  shall  consider  in  this  chapter  tlie  follow- 
ing, which  are  common  to  all  bodies,  solids,  fluids,  and  gases, 
and  which  it  is  important  for  us  to  studj  early  in  our  course :  — 

Essential  Properties.  Accidental  Properties. 

1.  Extension,  implying,        4.  Weight. 

a.  Volume.  6.  Divisibility. 

b.  Density.  r-    6.  Porosity. 

2.  Impenetrability.  7.  Compressibility  and  Expansibility. 
8.  Mobility.                           8.  Elasticity. 

The  first  three  of  these  properties  are  evidently  more  essential 
than  the  rest.  We  cannot  conceive  of  a  kind  of  matter  which 
would  be  destitute  of  them.  Attempt  to  conceive  of  a  variety 
of  matter  which  would  not  occupy  space,  which  would  not  resist 
an  effort  to  condense  it  into  a  smaller  volume,  or  which  would  be 
incapable  of  motion,  and  it  will  be  seen  at  once  that  tliese  prop- 
erties form  an  essential  part  of  the  very  idea  of  matter.  The 
last  five  are  as  universal  properties  of  matter  as  the  first  three ; 
but  they  do  not  seem  to  our  minds  to  be  so  essential,  for  we  can 
conceive  of  matter  which  would  not  possess  them.  It  is  not 
difficult  to  conceive  of  matter  without  weight,  so  hard  as  to  be 
indivisible,  at  least  in  a  physical  sense,  without  pores,  incom- 
pressible, and  therefore  unelastic.  Indeed,  some  physicists  refer 
the  phenomena  of  light  and  heat  to  an  imponderable  variety  of 
matter,  and  the  Atomic  Theory  supposes  that  the  assumed  atoms 
are  indivisible,  incompressible,  and  without  pores. 

(8.)  Extension  and  Volume,  —  When  we  say  that  matter  has 
extension^  we  merely  mean  that  it  occupies  space,  and  the  amount 
of  space  which  a  given  body  occupies  we  call  its  volume.  We 
toay  study  extension  without  any  reference  to  the  matter  of 
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which  it  is  a  property,  and  we  shall  thus  arrive  at  the  principles 
of  Geometry.  —  This  science  distinguishes  three  degrees  of  ex- 
tension :  the  solid,  or  extension  in  three  dimensions ;  the  surface, 
or  extension  in  two  dimensions ;  and  the  line,  or  extension  in 
one  dimension.  Only  the  first  of  these,  however,  can  be  said  to 
be  represented  in  matter,  for  a  surface  is  only  tlie  boundary  of  i^ 
solid,  and  a  line  the  boundary  of  a  surface. 

(9.)  The  Measure  of  Extension,  —  In  order  to  measure  the 
Volume  of  a  solid,  the  Area  of  a  surface,  or  the  Length  of  a  liAe, 
we  adopt  some  arbitrary  unit  of  extension  of  the  same  order,  and 
by  the  principles  of  Geometry  compare  all  other  extensions  with 
it.  The  unit  of  length  is  the  only  one  which  must  be  arbitrary, 
because  we  can  use  a  square  of  this  unit  in  measuring  surfaces, 
and  a  cube  of  this  imit  in  measuring  solids.  Various  units  both 
of  length  and  of  volume  have  been  adopted  in  different  countries. 
Of  the  numerous  systems  of  measure  there  are  two  which  it  is 
important  for  us  to  study. 

ENGLISH  SYSTEM  OF  MEASUBES. 

(10.)  Units  of  Length,  —  The  unit  of  length  which  has  been 
adopted  in  this  country  is  the  same  as  that  of  England.  It  is 
called  a  yard^  and  is  said  to  have  been  introduced  by  King  Henry 
the  First,  "who  ordered  that  the  ulna  or  ancient  ell,  which 
corresponds  to  the  modem  yard,  should  be  made  of  the  esiact 
length  of  his  own  arm,  and  that  the  other  measures  of  length 
should  be  based  upon  it.  This  standard  has  been  maintained 
widiout  any  sensible  variation,  and  is  the  identical  yard  now  used 
in  the  United  States,  and  is  declared  by  an  act  of  Parliament, 
passed  in  June,  1824,  to  be  the  standard  of  linear  measure  in 
Oreat  Britain."  *    The  clause  in  the  act  is  as  follows :  — 

"  Prom  and  after  the  first  day  of  May,  1826,  [subsequently 
extended  to  the  first  of  January,  1826,]  the  straight  line,  or  the 
distance  between  the  centres  of  the  two  points  in  the  gold  studs 
in  the  straight  brass  rod  now  in  the  custody  of  the  clerk  of  the 
House  of  Commons,  whereon  the  words  and  figures  ^  Standard 
Yard,  1760,'  are  engraved,  shall  be  the  original  and  genuine 
standard  of  length  or  lineal  extension  called  a  yard ;  and  the 


•  Hanf  I  Merchant's  Magazine,  YoL  lY.  p.  334. 
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same  straight  line,  or  distance  between  the  centres  of  the  said  two 
points  in  the  said  gold  studs  in  the  said  brass  rod,  the  brass  being 
at  the  temperature  of  sixty-two  degrees  by  Fahrenheit's  ther- 
mometer, shall  be  and  is  hereby  denominated  the  ^  Imperial 
Yard,'  and  shall  be  and  is  hereby  declared  to  be  the  unit  and 
only  standard  measure  of  extension,  wherefrom  or  whereby  all 
other  measures  of  extension  whatsoever,  whether  the  same  bo 
lineal,  superficial,  or  solid,  shall  bo  derived,  computed,  and  ascer- 
tahied ;  and  that  all  measures  of  length  shall  be  taken  in  parts 
or  multiples  or  certain  proportions  of  the  said  standard  yard ; 
and  that  one  third  part  of  the  said  standard  shall  be  a  foot,  and 
the  twelfth  part  of  such  foot  shall  be  an  inch ;  and  that  the  pole 
or  perch  in  length  shall  contain  five  and  a  half  such  yards,  the 
furlong  two  hundred  and  twenty  such  yards,  and  tlie  mile  one 
thousand  seven  hundred  and  sixty  such  yards." 

And  the  act  further  declares,  that  ^^  if  at  any  time  hereafter 
the  said  imperial  standard  yard  shall  be  lost,  or  shall  be  in  any 
manner  destroyed,  defaced,  or  otherwise  injured,  it  shall  be  re- 
stored by  making,  under  the  direction  of  the  Lords  of  the  Treas- 
ury, a  new  standard  yard,  bearing  the  proportion  to  a  pendulum 
vibrating  seconds  of  mean  time  in  tlie  latitude  of  London  in  a 
vacuum  and  at  the  level  of  the  sea,  as  86  inches  to  89.1393 
inches." 

The  event  contemplated  by  the  last  clause  of  the  act  actu- 
ally happened  in  less  than  ten  years  after  its  passage,  for  the 
standard  was  destroyed  by  the  fire  which  consumed  the  Par- 
liament House  in  1834.  It  was  then  found  that  this  clause 
was  entirely  nugatory,  and  that  the  country  was  left  without  a 
legal  standard ;  for  the  restoration  of  the  lost  yard  could  not  be 
effected  with  any  tolerable  certainty  in  the  manner  prescribed  by 
the  act.  The  measurement  of  the  seconds  pendulum,  wliich  was 
made  the  basis  of  the  peremptory  enactment,  was  executed  with 
extraordinary  precaution  and  skill  by  Captain  Kater ;  but  this 
measurement  was  subsequently  found  to  be  incorrect,  owing  to 
the  neglect  of  certain  precautions  in  the  determination  of  the 
length  of  the  pendulum,  which  more  recent  experiments  have 
sliown  to  be  indispensable.  On  account  of  these  sources  of  error, 
the  yard  could  not  be  restored  with  certainty  in  the  prescribed 
manner  within  one  five-hundredth  of  an  inch,  an  amount  which, 
although  inappreciable  in  all  ordinary  measurements,  is  a  large 
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error  in  a  scientific  standard.  The  commissioners  appointed,  in 
1838,  ^^to  consider  the  steps  to  be  taken  to  restore  the  lost 
standard,"  recommended  the  construction  of  a  standard  yard,  and 
four  ^^ Parliamenlary  copiesj^  from  the  best  authenticated  copies 
of  the  imperial  standard  yai-d  which  tlien  existed.  They  also 
prescribed  the  manner  in  which  the  standard  and  the  four  Par- 
liamerUary  copies  should  be  preserved,  and  recommended  further 
that  authenticated  copies,  prepared  with  all  the  refmemcnts  of 
modern  art,  should  be  distributed  throughout  the  realm,  and 
placed  in  the  custody  of  certain  government  officers.  The  recom- 
mendations of  tliis  commission  have  in  general  been  followed,* 
and  by  an  act  of  Parliament,  which  received  the  royal  assent 
July  30, 1855,  the  restored  standard  yard  was  legalized. 

Tlie  actual  standard  of  length  of  tlie  United  States  is  a  brass 
scale  eighty-two  inches  m  length,  prepared  for  the  survey  of 
the  coast  of  the  United  States,  by  Troughton  of  London,  in  1818, 
and  deposited  in  tlie  Office  of  Weights  and  Measures  at  Wash- 
ington. The  temperatui*e  at  which  ttiis  scale  is  a  standard  is 
62^  Fahrenheit,  and  the  yard  measure  is  between  tlie  27th  and 
68d  inches  of  the  scale.f  From  recent  comparisons  of  this  scale 
with  a  bronze  copy  of  the  new  British  standard,  presented  to  the 
United  States  by  the  British  government,  it  appears  that  the  Brit- 
ish standard  is  shorter  than  tlie  American  yard  by  0.00087  of  an 
inch,  —  a  quantity  by  no  means  inappreciable.  Carefully  adjust- 
ed copies  of  the  United  States  standard  yard  have  been  prepared, 
by  the  order  of  Congress,  under  the  direction  of  Professor  A.  D, 
Bache,  Superintendent  of  Weights  and  Measures,  and  distributed 
to  the  different  States  of  the  Union ;  but  xxp  to  1859  the  standard 
had  not  been  defined  by  any  act  of  Congress.  The  subdivisions 
and  multiples  of  the  yard  are  given  in  Table  I.  at  the  end  of 
this  volume,  with  their  respective  numerical  relations. 

(11.)  UnUs  of  Surface  and  of  Volume.  —  All  the  English 
units  of  surface  are  squares  whose  sides  are  equal  to  the  units  of 
length,  wnth  the  exception  of  a  few,  which,  like  tlie  perch  or  the 
acre,  are  used  in  the  measurement  of  land,  and  in  otlier  coarse 
measurements.    The  square  inch  is  the  most  convenient  unit  of 

*  Account  of  the  Constraction  of  the  New  National  Standard  of  Length  and  of  iti 
principal  Copies.  By  6.  B.  Airy,  Esq.,  Astronomer  Royal.  Philosophical  Transac- 
tion^ of  the  Royal  Society  of  London,  Vol.  CXLVIL  p.  621. 

t  Report  of  the  Secretaiy  of  tlio  Treasury  oo  Weights  aad  Meararesi  34th  Congreas, 
3d  Scifsion.     Ex.  Doc.  No.  27,  1857. 

2 


14  CHEMICAL  PHYSICS. 

surface  for  scientific  purposes.    The  circular  inch  is  also  some- 
times used  by  engineers. 

When  volume  can  be  calculated  from  linear  measurements  hj 
the  principles  of  Geometry,  it  is  usual  to  estimate  it  in  cubic 
yards  J  cubic  feet  ^  or  cubic  inches^  and  it  is  in  this  way  that  earth- 
work and  masonry  are  measured.  In  measuring  the  Tolume 
of  gases,  liquids,  and  of  many  varieties  of  solids,  however,  an 
arbitrary  unit  is  more  frequently  employed.  Several  such  units, 
entirely  independent  of  each  other,  were  formerly  used  in  dif- 
ferent trades ;  but  the  Imperial  Oallon,  established  by  an  act 
of  Parliament,  has  been  substituted  for  all  other  arbitrary  meas- 
ures of  volume.  It  is  equal  to  277.274  cubic  inches,  and  con- 
tains ten  avoirdupois  pounds  of  water  at  62^  of  the  Falirenheit 
thermometer.  A  table  showing  the  relations  of  the  units  both 
of  surface  and  of  volume,  will  be  found  in  connection  with  the 
table  of  linear  measure. 

FRENCH  SYSTEM  OF  MEASURES. 

(12.)  History. — The  decimal  metrical  system  of  Prance  origi- 
nated with  her  Revolution.  *^  It  is  one  of  those  attempts  to 
improve  the  condition  of  human  kind,  which,  should  it  ever  be 
destined  ultimately  to  fail,  would  in  its  failure  deserve  little  less 
admiration  than  in  its  success."  *  Previous  to  the  Revolution, 
he  metrical  system  of  France  was  even  more  complex  than  that 
of  England,  almost  every  province  having  distinct  standards  of 
weight  and  measure  of  its  own,  —  a  condition  of  things  which 
was  productive  of  the  most  serious  inconveniences  in  trade  and 
commerce.  The  first  efiective  movement  to  reform  this  extreme 
diversity  was  made  by  Talleyrand  in  the  Constituent  Assembly 
of  1790,  and  the  new  system  was  developed  by  a  commission 
of  members  of  the  Academy  of  Sciences,  consisting  of  Borda, 
Lagrange,  Laplace,  Monge,  and  Condorcet.  In  their  report, 
which  appeared  in  the  following  year,  they  proposed  that  the 
tefirmillionih  part  of  the  quadrant  of  a  meridian  of  the  globe 
should  be  adopted  as  the  basis  of  a  new  metrical  system,  and 
called  a  Metre  ;  that  the  subdivisions  and  multiples  of  all 
measures  should  be  made  on  the  decimal  system  ;   that,  in 


*  Report  upon  Weights  and  Measnret,  hj  John  Qnincjr  Adams,  which  jobj  be  con- 
snlted  for  a  fall  history  of  this  subject 
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order  to  determine  the  metre,  an  arc  of  the  meridian,  extend- 
ing from  Dunkirk  to  Barcelona,  six  and  a  half  degrees  to  the 
north  and  three  degrees  to  the  south  of  the  mean  parallel  of  45^, 
should  be  measured,  and  that  the  weight  of  a  cubic  decimetre  of 
distilled  water  at  the  temperature  of  melting  ice  should  be  deter- 
mined and  adopted  as  the  unit  of  weight.  Thej  also  proposed 
a  new  subdivision  of  the  quadrant  into  one  hundred  degrees, 
the  degree  into  one  hundred  minutes,  and  the  minute  into  one 
hundred  seconds.  This  report  was  accepted,  and  the  execution 
of  the  great  work  was  intrusted  to  four  separate  commissions, 
including  the  names  of  the  most  celebrated  men  of  science  of 
France.  The  measurement  of  the  arc  was  assigned  to  De- 
lambre  and  M^chain,  and  the  determination  of  the  weight  of 
water  to  LefSvre-Gineau  and  Fabbroni. 

Dclambre  met  with  great  difficulties  in  the  measurement  of  the 
French  portion  of  the  arc.  The  work  was  commenced  at  the 
most  violent  period  of  the  Revolution,  and  was  repeatedlj  ar- 
rested hj  tlie  suspicions  of  the  people  and  the  fickleness  of  the 
government.  But,  after  repeated  interruptions,  the  work  was 
completed  in  1796,  when  the  whole  of  the  records  of  the  survey 
were  submitted  to  a  special  commission,  consisting  of  Delambre, 
Mdchain,  Laplace,  and  Legendre,  of  France,  Yon  Swinden,  of 
Holland,  and  Trall^s,  of  Switzerland,  who  found  tlie  length  of 
the  metre  to  be  448.259986  lignes* 

The  determining  of  the  unit  of  weight  led  to  a  most  impor- 
tant discovery.  The  commission  discovered  that  water  was  most 
dense,  not,  as  had  been  previously  supposed,  at  the  temperature 
of  melting  ice,  but  at  a  temperature  nearly  five  degrees  of  the 
centigrade  scale  higher.  They  therefore  determined  the  weight 
of  a  cubic  decimetre  of  distilled  water  at  its  greatest  density,  and 
not,  as  had  been  first  proposed,  at  0"* ;  and  to  this  weight  was 
^ven  the  name  of  Kilogramme.  On  the  19th  of  August,  1798, 
the  original  metre  and  kilogramme  were  presented,  with  an  ad- 
dress, to  the  two  councils  of  the  legislative  body. 

In  order  to  avoid  sources  of  error  which  might  arise  from  the 
eUipticity  of  the  earth,  the  measurement  of  the  arc  from  Dimkirk 
to  Montjouy  (Monjuich).  near  Barcelona,  was  subsequently  ex- 
tended by  Biot  and  Arago,  in  accordance  with  the  original  design 

*  The  French  ttandftrd  then  in  nee. 
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of  M^chain,  to  Formentera,  one  of  the  Balearic  Isles,  so  as  to  com* 
prehend  an  arc  of  more  than  twelve  degrees  between  the  extreme 
stations,  which  would  be  almost  exactly  bisected  by  the  parallel  of 
45^ ;  it  being  well  known  that  from  the  length  of  any  given  arc 
which  is  bisected  by  the  parallel  of  45^  may  be  deduced  a  length 
of  a  quadrant  of  a  meridian,  and  therefore  of  the  metre,  which 
would  be  independent  of  the  earth's  ellipticity.  The  observations 
of  Biot  and  Arago  were  calculated  by  the  same  methods  prescribed 
by  Delambre  in  the  previous  survey,  and  the  result  appeared  to 
verify  the  accuracy  both  of  the  method  and  of  the  original  work, 
since  the  length  of  the  metre,  which  was  the  result  of  the  entire 
arc  between  Dunkirk  and  Formentera,  was  found  to  be  almost 
identical  with  that  which  had  been  previously  determined.  The 
perfect  accuracy  of  the  base  of  the  French  metrical  system 
seemed  thus  to  be  established  ;  but,  unfortunately,  later  exam- 
inations have  not  verified  this  conclusion. 

In  the  year  1888,  Puissant,  who  was  then  engaged  in  con« 
structing  the  Carte  GSographique  de  la  France^  announced  that 
there  existed  an  important  error  in  the  calculated  length  of  the 
arc  of  the  meridian  on  which  the  lengtli  of  the  metre  was  based, 
and  that  the  calculated  metre  differed  from  the  one  ten-millionth 
part  of  the  quadrant — the  metre  by  definition  —  by  -^^Vv  of  the 
whole ;  and  that  the  provisional  metre  hastily  adopted  on  the  1st 
of  August,  1798,  during  the  heat  of  the  Revolution,  and  based 
on  an  old  measurement  of  an  arc  of  the  meridian  by  Lacaille, 
was  in  reality  more  accurate  than  that  which  was  established  by 
the  labors  of  the  great  commission.  Puissant's  results  were  sub- 
sequently verified  by  a  careful  re-examination  of  the  calculations 
of  the  commission,  when  it  appeared  that  tlie  error  he  had  de- 
tected, great  as  it  was,  resulted  from  two  greater  errors,  which 
had  in  part  balanced  each  other  in  the  final  result.  It  was  not, 
however,  thought  best  to  correct  the  length  of  the  actual  metre, 
and  it  still  remains  the  same  as  that  adopted  by  the  commission. 
Thus,  then,  it  appears  that  the  metre  of  France  is  no  less  an  ar- 
bitrary standard  of  measure  than  the  English  yard,  and  that,  like 
the  last,  if  destroyed,  it  cannot  be  restored  in  conformity  to  its 
definition.  Like  all  other  results  of  human  labor,  it  bears  the 
mark  of  imperfection  and  fallibility ;  and  the  singular  history* 


*  See  the  Edinburgh  Review,  Vol.  LXXVIL  page  2S8,  for  a  fall  account  of  this 
subject. 
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of  the  work  teaches  most  impressively  the  limitation  and  uncer- 
tainty of  the  best  human  powers  of  observation  and  reasoning. 

(13.)  Subdivisions  and  Multiples  of  the  Metre.  —  The  subdi- 
visions and  multiples  of  the  metre  are  all  decimal.  The  names 
of  the  multiples  are  derived  from  the  Greek  nimierals,  and 
those  of  the  subdivisions  from  the  Latin.  Thej  are  as  fol- 
lows :  — 

Measttres  of  Length. 

Kilometre    =  1000  metres.  Metre  (m.)  =  1.000  metre. 

Hectometre  =   100      "  Decimetre  (d.  m.)  =  0.100     " 

Decametre  =     10      "  Centimetre  (c.  m.)  =  0.010     " 

Metre  =       1      «  Millimetre  (m.m.)=  0.001     " 

In  this  work,  the  abbreviations  in  the  table  will  be  used  to  desig- 
nate these  units  of  length. 

(14.)  Units  of  Surface  and  of  Volume. — The  French  imits  of 
surface  are  squares  whose  sides  are  equal  to  the  units  of  length. 
They  are  named  squares  of  these  units,  and  will  be  designated  by 
the  abbreviations  as  above  with  an  exponent  2 ;  thus,  5  m^  stands 
for  five  square  metres,  and  8 cm.'  for  three  square  centimetres. 
The  common  French  measure  of  land  is  the  square  decametre^ 
which  is  called  an  are,  and  the  names  of  its  decimal  multiples 
and  subdivisions  are  formed  like  those  of  the  metre. 

The  units  of  volume  are  in  like  manner  cubes  of  the  units 
of  length,  and  are  named  cubic  metres,  cubic  centimetres,  etc. 
They  will  be  designated  as  before,  using  the  exponent  8 ;  thus, 
6  cTm^^  stands  for  five  cubic  centimetres.  Tlie  cubic  decimetre  is 
the  common  measure  of  liquids,  and  is  called  a  litre  s=  0.001  m.'. 
So  also  the  cubic  metre,  which  is  the  measure  for  bulky  materials, 
such  as  fire-wood,  has  received  the  separate  name  stere.  Both  tlie 
litre  and  the  stdre  have  decimal  miQtiples  and  subdivisions  named 
like  those  of  the  metre.  The  very  simple  decimal  relations  of 
the  French  system  render  it  exceedingly  valuable  in  all  scientific 
calculations^  and  it  will  therefore  be  exclusively  used  in  this 
book.  The  relation  between  the  French  and  English  units  is 
given  in  Table  I.,  and  with  the  aid  of  the  annexed  logarithms  the 
reduction  from  one  to  the  other  can  easily  be  made.  A  similar 
table  has  also  been  added,  which  gives  the  means  of  reducing 
the  metre  to  several  of  the  most  important  standards  in  use  on 
the  c<Hitinent  of  Europe. 

2* 
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The  methods  of  determining  approximately  length,  surface,  and 
solidity,  by  means  of  the  units  of  measure  just  described,  are 
known  to  all  who  have  studied  Gleometry,  and  need  not  there- 
fore be  described.  When  great  accuracy,  however,  is  required, 
as  in  most  scientific  inyestigations,  these  methods  become  less 
simple,  and  cannot  be  fully  understood  until  the  student  is  famil- 
iar witli  the  action  of  heat  on  matter.  This  will  be  described  in 
the  chapter  on  Weighing  and  Measuring. 

(15.)  Density  and  Mass,  —  The  idea  of  Tolume  involves  that 
of  density^  since  a  given  volume  may  be  filled  with  a  greater  or 
a  less  amount  of  matter.  The  amount  of  matter  contained  in  a 
cubic  centimetre  of  hydrogen  gas,  for  example,  is  many  thousand 
times  less  than  that  which  fills  a  cubic  centimetre  of  gold.  As 
used  in  Physics,  the  word  density  means  the  amount  of  matter 
contained  in  the  unit  of  volume.  This  quantity  will  always  be 
represented  by  D. 

The  amount  of  matter  which  a  body  contains  is  termedlts  nuLSSy 
and  is  represented  by  Jf.  For  example,  the  amount  of  matter 
which  the  sun,  the  earth,  a  locomotive,  a  cannon-ball,  or  a  grain 
of  sand  contains,  is  called  the  mass  of  that  body.  When  tlie 
body  is  homogeneous,  there  is  a  very  simple  relation  between  its 
mass  and  its  density.  Its  density,  as  we  have  seen,  is  the  amount 
of  matter  which  one  cubic  centimetre  of  the  body  contains.  Its 
mass  is  the  amount  of  matter  which  the  whole  body  contains. 
If,  then,  we  represent  by  Fthe  volume  of  the  body,  that  is,  the 
number  of  cubic  centimetres  which  it  occupies,  it  follows  that 

M=DV.  [1.] 

This,  translated  into  ordinary  language,  means  that  the  amount 
of  matter  which  a  body  contains  is  equal  to  the  amount  of  matter 
which  one  cubic  centimetre  of  the  body  contains,  multiplied  by 
the  number  of  cubic  centimetres  which  the  body  occupies.  The 
mass  of  a  body  is  determined  from  its  weight ;  for  it  will  l)e 
hereafter  proved  that  the  weight  of  a  body  is  proportional  to  the 
amount  of  matter  it  contains.  It  must,  however,  be  carefully 
kept  in  mind,  that  weight,  although  proportional  to  mass,  is  not 
the  mass,  just  as  the  arc  of  a  circle  is  an  entirely  different  quan- 
tity from  the  angle  which  it  measures. 

From  equation  [1]  we  obtain  1>  =  ^  ;  that  is,  the   density 

is  the  mass  of  the  unit  of  volume,  or,  as  above,  the  amount  of 
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matter  in  the  unit  of  volume.  In  order  to  estimate  mass  and 
density,  we  assume  a  certain  amount  of  matter  as  a  unit  of  mass 
and  compare  all  other  amounts  with  it.  When  we  say  that  the 
mass  of  a  given  volume  of  iron  is  10,  we  mean  that  the  amount 
of  matter  it  contains  is  ten  times  as  great  as  the  amount  of  matter 
contained  in  this  assumed  unit  of  mass.  In  like  manner,  when 
we  say  that  the  density  of  mercury  is  equal  to  1.886,  we  mean 
that  one  cubic  centimetre  of  mercury  contains  1.386  times  as  much 
matter  as  the  unit  of  mass.  In  every  case,  the  numbers  express- 
ing mass  and  density  stand  for  units  of  mass.  The  unit  of  tnass 
is  derived  from  the  unit  of  weight,  as  will  be  explained  in  the 
section  on  Gravitation. 

The  terms  Mms  and  Density  will  be  constantly  used  through- 
out this  work,  and  their  meaning  should,  therefore,  be  clearly 
impressed  upon  the  mind. 

(16.)  ImpenetrahUity. — Matter  not  only  occupies  space,  but  it 
also  resists,  with  differing  degrees  of  force,  any  attempt  to  reduce 
it  into  a  smaller  volume.  Thus,  one  litre  of  air  can  be  made  to 
occupy  a  volume,  so  far  as  we  can  see,  indefinitely  smaller,  but 
only  by  great  mechanical  force.  This  resistance  which  all  bodies 
offer  to  any  attempt  to  condense  them,  is  termed  ImpenetrainlUy. 

PROBLEMS. 

1.  What  is  the  length  of  one  degree  on  the  meridian  at  the  latitude  of 
45^  in  French  linear  measure  ? 

2.  The  latitude  of  Dunkirk  was  found  by  Delambre  to  be  51*"  2'  9"; 
that  of  Formentera,  as  determined  by  Biot,  is  38^  39'  56''.  What  is  the 
distance  between  these  parallels  in  metred  ? 

3.  The  distance  between  the  parallels  of  Dunkirk  and  Formentera,  as 
determined  by  triangulation,  is  730,430  toi$e$  of  864  lignes  each.  What 
is  the  length  of  a  metre  in  fractions  of  a  toise,  and  in  lignes  ? 

4.  The  equatorial  and  polar  diameters  of  the  globe  are  to  each  other  in 
the  proportion  of  299.15  to  298.15.    What  is  the  length  of  each  in  metres  ? 

5.  Had  the  decimal  dirision  of  the  circle  mentioned  on  page  15  been 
adopted,  what  would  have  been  the  length  of  one  degree,  one  minute,  and 
one  second  in  metres  ? 

6.  To  how  many  cubic  centimetres  do  five  litres  correspond  ?  To  how 
many  do  3.456  litres,  0.0034  litre,  and  5.674  litres  correspond? 

7.  To  how  many  cubic  metres  do  564.82  litres,  3240.85»  Btres,  0.675 
litre,  and  0.032  litre  correspond  ? 

8.  A  box,  measuring  ten  centimetres  m  each  dixeetion,  wili  held  how 
many  litres,  and  what  portion  of  a  cubic  metre  ? 
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9.  Reduce,  bj  meftns  of  the  table  at  the  md  of  the  book, — 

o,  30  inches  to  fractions  of  ametre. 
5.  76  centimetres  to  English  inches. 
e.  36  feet  to  metres. 

d.  10  metres  to  feet  and  inches. 

10.  Reduce,  by  means  of  the  table  at  the  end  of  the  book,  — 

a.  8  lbs.  6  oz.  to  grammea. 

b.  7G40  grammes  to  English  apothecaries'  weight. 

e.  45  grains  to  gnunmes. 

11.  Reduce,  by  means  of  tlie  table  at  the  end  of  lie  book, — 
a.  4  pints  to  litres  and  cubic  centimetres. 

h.  b  gallons  to  litres  and  cubic  centimetres. 

c.  5  litres  to  English  measure. 

d.  4  cubic  centimetres  to  English  measure. 


(17.)  Position.  — We  conceive  of  a  body,  not  only  as  occupying 
a  certain  portidn  of  space,  but  also  as  existing  in  space,  and  there- 
fore as  being  in  a  determinate  Position  with  reference  to  otiier 
bodies.    A  book,  for  example,  not  only  fills  a  certain  amount 
of  space,  but  also  holds  a  certain  position  with  reference  to  the 
surface  of  tlie  table  on  which  it  lies,  or  with  reference  to  the 
walls  of  tlie  room  in  which  the  table  stands.    If  wa  select  a 
point  of  that  book,  its  position  on  the  table  can  easily  be  de- 
fined  by  measuring  its  distance  from  each  of  two  adjacent 
edges  of  the  table  along  a  line  parallel  to  the  other  of  tlie 
two  edges,  and  its  position  in  the  room  can,  in  like  manner, 
be  defined  by  measuring  its  distance  from   two  adjacent  walls 
and  the  ceiling  along  lines  parallel  to  the  three  edges  formed 
by  the  meeting  of  tliese  three  surfaces.    This  is  the  method 
most    commonly  used  in  Greometry  of  defining  the  position 
of    a    point.       The     distances 
vhich  determine  the  position 
of  a   point  are  called   co-ordi- 
nates, and  tlie  edges  and  sur- 
faces to  which  the   position  is 
referred  are  called  co-ordinate 
axes    and    co-ordinate   planes. 
In  Fig.  1,  the   position  of  the 
point  p  is  determined  by  the 
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distances pb  i=b  and pa^a  trom  the  two  co-ordinate  axes  o x 
ando^;  audinFig.  2,  the  position  of  tlie  same  point  is  dctermiDed 
by  the  distances  pc  =  Cypb^=b,  and  pa^a  from  the  planes  x  y, 
X  z,  and  ff  z.    In  Part  II.  of 
this  work,  the  use  of  co-ordi- 
nates will  be  fullj  illustrated 
in  their  application  to  the 
study  of  ciystallography. 

The  position  of  points  on 
the  surface  of  the  globe  is 
referred  to  tlie  equator  and 
the  meridian  of  Greenwich. 
In  this  case,  however,  tlie 
position  is  not  defined  by  "*'' 

ihe  distance  from  these  planes,  as  in  the  example  just  taken,  but 
by  the  latitude  and  longitude ;  the  first  being  the  angular  dis- 
tance of  the  place  from  t)ie  equator  measured  on  its  own  merid- 
ian, and  the  second  Uie  angle  made  by  its  meridian  with  that  of 
Greenwich.  In  like  manner,  tlie  position  of  a  body  in  the  solar 
system  ia  defined  by  stating  its  distance  from  tlie  sun  and  its  angu- 
lar position  with  reference  to  the  ecliptic  and  the  vernal  equinox, 
to  wliich  its  heliocentric  latitude  and  longitude  are  referred. 

(18.)  Mobilily,  —  Tlie  idea  of  position  necessarily  involvea 
that  of  change  of  position,  which  we  call  moHon.  Wo  cannot, 
for  example,  conceive  of  the  book  as  having  a  defiuite  position  on 
the  table,  witliout  also  connecting  with  it  tlie  idea  that  its  posi- 
tion could  be  changed,  or,  in  other  words,  that  it  could  move. 
A  body  is  said  to  be  moving  when  it  is  constantly  changing  its 
position  with  reference  to  the  co-ordinate  lines  to  whicli  its  posi- 
tion is  referred  ;  and  when  no  such  change  is  taking  place,  it  is 
said  to  be  at  rest.  Rest  and  motion  are  relative  terms;  for  abso- 
lute rest  is  not  known  in  nature.  Every  body  on  tlie  surface  of 
the  globe  partakes,  not  only  in  a  motion  of  revolution  round  the 
axis  of  the  earth,  but  is  also  moving  round  the  sun,  and  pei^ 
haps  accompanying  the  sun  in  its  revolution  round  a  more  dis- 
tant centre.  All  known  matter  is  in  motion,  and  when,  in  any 
case,  we  say  tliat  it  is  at  rest,  we  merely  mean  to  assert  that  it  is 
at  rest  with  reference  to  certain  lines  or  planes,  which  were  arbitra- 
rily assumed  for  co-ordinates.  A  body  on  tite  deck  of  a  steamboat 
may  be  at  rest  with  reference  to  the  boat,  but  in  rapid  motion  with 
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reference  to  the  earth.  In  like  manner,  a  body  on  the  surface  of 
the  globe,  which  is  said  to  be  at  rest  because  it  is  not  changing 
its  position  with  reference  to  the  equator  and  first  meridian,  is  yet 
in  very  rapid  motion  with  reference  to  the  ecliptic  and  the  vernal 
equinox.  So,  on  the  other  hand,  a  body  may  appear  to  be  in 
rapid  motion,  and  yet  at  rest  with  'reference  to  the  earth  or  the 
sun.  For  example,  a  ship,  which  is  sailing  through  the  ocean  at 
the  rate  of  ten  kilometres  an  hour,  while  the  ocean  current  is 
flowing  at  the  same  rate  in  the  opposite  direction,  is  at  rest  with 
reference  to  the  earth,  although  it  would  appear  to  be  in  motion  to 
persons  on  board  the  ship.  Again,  any  point  on  the  surface  of  the 
globe  at  the  latitude  of  50^  is  moving  from  west  to  east,  in  con- 
sequence of  the  rotation  of  the  globe  on  its  axis,  about  289  metres 
each  second,  but  is,  relatively  to  the  surface  of  the  globe,  at  rest. 
If  a  cannon-ball  is,  at  the  same  latitude,  moving  289  metres  each 
second  from  east  to  west,  it  will  appear  to  be  in  rapid  motion 
to  an  observer  at  this  point,  while  it  is  at  rest  with  reference 
to  the  sun. 

Experience  teaches  us  that  a  body  may  move  on  the  surface 
of  the  globe  with  equal  readiness  in  any  direction,  and  therefore 
that  this  motion  is  not  influenced  by  the  motion  of  the  earth  itself. 
The  sameN  amount  of  gunpowder  which  woiQd  drive  the  catmon- 
ball  289  metres  each  second  from  west  to  east,  would  drive  it  with 
the  same  velocity  from  east  to  west,  or  in  any  other  direction. 
It  is  evident,  from  these  and  similar  considerations,  that  a  body 
may  partake  of  several  motions  at  once,  and  yet  that  each  may 
be  entirely  independent  of  the  rest. 

(19.)  Time  and  Velocity.  —  All  the  phenomena  of  nature 
may  be  referred  to  motion ;  and  the  succession  of  natural  phe- 
nomena gives  us  the  idea  of  duration,  or  time.  In  order  to 
measure  the  duration  of  phenomena,  we  select  the  duration  of 
some  one  as  our  unit,  and  compare  the  duration  of  others  with  it. 
It  is  essential  that  our  unit  should  be  invariable,  and  such  inva- 
riable units  of  time  we  find  in  the  motions  of  the  heavenly  bodies 
and  in  that  of  the  pendulum.  The  duration  of  a  single  oscilla- 
tion of  a  pendulum  0.99394  m.  long,  at  the  latitude  of  Paris,  is  a 
secondj  the  smallest  unit  in  use,  and  the  one  which  we  shall 
have  most  occasion  to  use  in  this  book.  Therefore,  when  the 
unit  of  time  is  spoken  of,  it  is  always  to  be  understood  to  mean 
one  second.     The  duration*of  the  revolution  of  the  earth  on  its 


ci=br,    or    b  =  ^,   and    T=4.  [2.] 
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axis  is  the  next  larger  unit,  which  we  call  a  day^  and  that  of  the 
revolution  of  the  earth  round  the  sun,  the  largest  unit  in  com- 
mon use,  is  called  a  year. 

The  distance  passed  over  by  a  moving'  body  in  the  unit  of  time 
measures  its  Velocity^  which  we  will  represent  by  t).  When, 
then,  a  body  is  sai^  to  have  a  velocity  of  ten  metres,  we  merely 
mean  that,  if  it  continue  to  move  at  the  same  rate,  it  will  pass 
over  ten  naetres  in  each  second  of  time. 

(20.)  Uniform  and  Varying  Motions. — Tlie  motion  of  a  body 
is  said  to  be  uniform  when  its  velocity  does  not  change.  In  such 
motion  the  body  will  pass  over  the  same  distance  in  each  second, 
or,  in  other  words,  the  distance  passed  over  in  uniform  motion  is 
proportional  to  the  time.  Denoting,  then,  by  d  the  distance 
passed  over,  and  by  T  the  number  of  seconds,  we  have 

d  ,     ^       rf 

We  have  an  example  of  uniform  motion  in  a  railroad  train 
moving  with  a  constant  speed. 

In  varying  motions  y  the  dbtances  passed  over  in  successive 
seconds  are  unequal.  The  body  has  no  longer  a  constant  ve- 
locity, and  its  velocity  at  any  moment  is  the  distance  it  would 
pass  ov^r  in  each  second,  if,  with  the  velocity  then  acquired,  its 
motion  suddenly  became  uniform.  The  motion  of  a  body  may 
vary  according  to  different  laws.  There  are  two  kinds  of  varying 
motion  which  it  is  important  to  study.  They  are  called  unifonnr 
ly  acceleraied  motion  aiid  uniformly  retarded  motion, 

(21.)  Uniformly  Accelerated  Motion. — The  motion  of  a  body 
is  said  to  be  uniformly  accelerated^  when  its  velocity  increases 
by  an  equal  amount  each  second.  This  amount  is  called  the  oc- 
celeration^  and  will  be  represented  by  o.  The  most  familiar  ex- 
ample of  such  a  motion  is  that  of  the  fall  of  a  stone  to  the  earth. 
Starting  from  the  state  of  repose,  its  velocity  at  the  end  of  the  first 
second  is  9.8088  m.,  which  we  may  call  in  round  numbers  10  m. ; 
at  the  end  of  the  second  second,  its  velocity  is  20  m. ;  at  the  end 
of  the  third,  30  m. ;  at  the  end  of  T  seconds,  its  velocity  is 
10  X  r  metres.  To  make  the  case  general,  if,  starting  from  a 
state  of  rest,  the  body  acquires  a  velocity  each  second  represented 
by  0,  then  its  velocity,-!),  after  T  seconds  will  be, 

b=rtj.  [3.] 
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In  order  to  find  the  distance  passed  over  at  the  end  of  T 
seconds,  we  make  use  of  the  principle  proved  by  Galileo,  that 
this  distance  is  the  same  as  if  the  body  had  moved  at  a  uniform 
rate  with  a  mean  velocity.  In  the  case  of  a  falling  stone,  the 
velocities  at  the  end  of  successive  seconds  are, — 

0"          1"        2"        8"        4"        5"        6"        7"  n" 

Om.      lOm.   20m.    30m.    40m.    50iii.    60m.   70m .(lOn)m 

At  the  end  of  five  seconds,  the  velocity  is  50  m. ;  at  the  com- 
mencement, the  velocity  is  0  m.  According  to  the  principle  just 
stated,  the  distance  passed  over  is  the  same  as  if  the  body  had 
moved  uniformly  during  the  five  seconds  with  the  mean  velocity 
of  25  m.  In  like  manner,  the  distance  passed  over  between  the 
end  of  the  third  and  the  end  of  the  seventh  second  will  be 
J  (30  +  70)  4  =  200  metres.  Representing,  then,  the  accelera- 
tion of  velocity  during  each  second  by  09  as  above,  we  shall  have, 
for  the  distance  passed  over  during  T  seconds  by  a  body  moving 
with  a  uniformly  accelerated  motion,  and  starting  from  a  state 
of  rest, 

rf  =  J  (0  +  To)  r=  \  0  T\  [4.] 

The  truth  of  this  principle  can  be  proved  in  the  following  way. 
Let  us  suppose  the  time  T  divided  into  a  large  number  (n)  of  very 

•         T 
small  intervals.    Each  of  these  intervals  will  be  represented  by  — . 

These  intervals  we  will  take  so  small,  that  the  motion  during  this 
minute  fraction  of  a  second  may  be  regarded  as  uniform,  and  as 
having  the  same  velocity  which  it  really  has  only  at  the  end  of 

the  interval.    Representing  the  velocity  at  the  end  of  one  second 

T  T 

by  tij  the  velocity  at  the  end  of  —  seconds  will  be,  by  [3],   — 1> ; 

T  T 

the  velocity  at  the  end  of  2  —  seconds  will  be  2  —  0  ;     at  the 

»  n 

T  T 

end  of  3  —  seconds,   3—0,  etc. 

Regarding  this  velocity  as  uniform  during  the  interval,  we  have, 
by  equation  [2],  for  the  distance  passed  over  during  the  first  in- 

terval,  the  value  d^  =:  —^  0.    In  the  same  way,  we  shall  find, 

for  the  second  interval,  ci2=  2  -5- 1> ;  for  the  third,  cf^  =  3  -r  ti ; 

and  for  the  last,  c^f,  =  n  — ^  0.  The  space  passed  over  during  the 
whole  time  T  will  be  equal  to  the  sum  of  these  values. 


or, 
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2^2  7»2  7»2  2^2 

<'=7i2  0+2^0+3  ^B+ +»s»-''; 

<'=^ti  (1  +  2  +  8  +  4+ +n). 


The  quantity  within  the  parenthesis,  being  the  sum  of  the 
terms  of  an  arithmetical  progression,  is  equal  to  i  (n'\-l)n; 
and  substituting  this  value,  we  obtain. 

This  value  of  d  will  be  the  more  accurate  the  smaller  are  the 
intervals  of  time,  or  the  larger  the  number  into  which  T  is 
divided  ;  and  it  will  be  absolutely  accurate  when  the  number  is 
infinitely  large.  In  this  case  n  =  oo,  and  the  last  equation  be- 
comes the  same  as  [4], 

d  =  Jii!P.  [5.] 

For  another  time  T',  we  should  have  d'  s=  J  o  T'*,  and,  com- 
paring the  two  equations, 

d:  rf'  =  Jti  r«:  Jo  r"=  T»:  T"  ; 

that  is,  in  a  uniformly  accelerated  motion^  the  distances  passed 
over  by  a  moving  body  starting  from  a  state  of  rest  are  propor- 
tional to  the  squares  of  the  times  employed.  By  substituting 
in  [6]  the  value  of  T  obtained  from  [3] ,  it  gives, 

rf=^;  [6.] 

for  another  velocity  v\  we  should  have  d'  ss=  r--,  and  comparing 
this  equation  with  the  last, 

which  shows  that,  in  a  uniformly  accelerated  motion  starting 
from  a  state  of  restj  the  distances  passed  over  by  a  moving  body 
are  proportional  to  the  squares  of  the  final  velocities.  By  trans- 
position we  obtain  from  [6], 

b  =  v^2T^;  [7.] 

which  is  an  expression  for  the  final  velocity  in  terms  of  tlie  dis- 
tance passed  over,  and  the  constant  increment  of  velocity  for 
each  second. 

3 
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Returning  to  the  previous  illustration,  if  we  represent  by  a 
the  distance  through  which  a  stone  falls  in  the  first  second,  we 
can  easily  find  the  following  values  for  the  distances  it  will  fall 
through  during  each  succeeding  second,  and  also  for  the  whole 
distance  it  will  have  fallen  tlirough  at  the  end  of  each  second. 

1"    2"     3"      4"      5"       6"       7"  »" 

Successive  distances,  a  3a  5a  la  9a  11a  lda....(2n — 1)  a. 
Whole  distances,        a    4a     9a  16a  25a    36a    49a n^  a. 

The  co-efficients  in  the  last  series  are  to  each  other  as  the  squares 
of  the  times ;  —  which  has  already  been  proved.  Those  in  the 
first  series  are  as  the  series  of  odd  numbers,  and  can  be  deduced 
from  the  last  series,  by  subtracting  from  each  of  its  terms  the 
one  next  preceding  it. 

(22.)  Umfarndy  Retarded  Motion.  —  When  a  stone  is  thrown 
vertically  from  the  earth,  its  velocity  diminishes  by  an  equal 
amount  each  second,  and  such  a  motion  may  be  said  to  be  uni- 
formly retarded.  The  velocity  of  the  stone  rapidly  diminishes 
until  it  becomes  zero,  when  for  a  moment  it  is  at  rest,  and  then 
it  falls  back  to  the  point  where  it  started.  The  law  which  gov- 
erns the  upward  motion  will  be  most  readily  discovered  if  we 
regard  the  stone  as  moving,  at  the  same  time,  in  two  opposite 
directions ;  rising  in  the  air  in  virtue  of  the  initial  velocity  it 
has  received,  and  at  the  same  time  falling  to  the  earth  in  con- 
sequence of  the  force  of  gravitation  (compare  next  section). 
The  first  is  a  uniform  motion,  and  obeys  the  law  expressed  by 
[2]  ;  the  second  is  a  uniformly  accelerated  motion,  and  obeys 
the  laws  expressed  by  [8]  and  [4].  Since,  now,  all  uniformly 
retarded  motions  may  be  resolved  in  a  similar  way,  it  is  evident 
that  the  velocity  of  the  motion  and  the  distance  passed  over  by 
the  moving  body  after  a  given  number  of  seconds  may  be  found 
by  subtracting  from  the  velocity  and  distance  which  would  be 

« 

due  to  the  forward  motion  alone,  the  loss  caused  by  the  uniformly 
accelerated  motion  in  the  opposite  direction.  If,  then,  we  use 
\y  to  denote  the  initial  velocity,  it  is  evident  that  the  residual 
velocity  at  the  end  of  T  seconds  will  be  expressed  by  the  equa- 
tion (compare  [2]  and  [3]) 

t)  =  t)'— tiT.  [8.] 

The  body  will  evidently  come  to  rest  when  0  T  equals  \)' ;  when 

T=^.  [9.] 
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In  the  case  of  the  stone,  ti  is  equal,  as  before,  to  about  ten  metres ; 
so  that  a  stone  thrown  upwards  with  a  velocity  of  one  hundred 
metres  a  second  would  come  to  rest  in  ten  seconds.  At  the  end 
of  five  seconds  its  velocity  would  be  100  — 10  X  6  =  50  metres. 
lu  like  manner,  the  distance  passed  over  at  the  end  of  ^seconds 
will  be  the  difference  between  the  values  of  d  in  [2]  and  [4] ,  or 

d=b'r— JoTS.  [10.]  - 

The  height  to  which  the  stone  of  the  previous  example  would 
rise  in  five  seconds  is,  then,  100  X  5  —  }10  X  25  ^375  metres. 
To  find  how  far  the  uniformly  retarded  body  will  move  before 
coming  to  rest,  substitute  in  [10]  the  value  of  Tgiven  in  [9], 
which  gives 

The  stone  will  then  rise  to  -^rr-  ==  500  metres,  before  it  begins 
to  fall. 

(23.)  Compound  Motion.  —  It  has  already  been  stated,  that  a 
body  may  be  moving  in  several  directions  at  once,  and  moving 
with  perfect  freedom  in  each.  The  movements  of  the  passengers 
on  the  deck  of  a  vessel  sailing  over  a  calm  sea  preserve  the  same 
relations  of  direction  and  velocity,  relatively  to  the  different  parts 
of  tlie  vessel,  as  if  it  were  at  rest.  So  also,  the  motions  on  the 
surface  of  the  globe  are  not  influenced  by  its  rotation  on  its  axis, 
or  its  motions  through  Bpace.  A  point  on  the  rira  of  a  wagon- 
wheel  partakes  of  the  forward  motion  of  the  wagon,  while  it  is 
also  revolving  round  the  axle.  The  actual  motion  of  a  body 
which  is  the  result  of  two  or  more  motions,  is  termed  a  com- 
pound motion  ;  and  we  will  now  inquire  what  must  bo  the  path 
and  velocity  of  such  motions,  commencing  with  the  simplest  case, 
where  there  are  but  two  motions,  and  where  both  are  uniform. 

(24.)  Parallehgram  of 
Motions.  —  Let  us  then  sup- 
pose that  a  body,  starting 
from  a,  is  moving  towards 
in  with  a  uniform  motion, 
and  that  at  the  same  time 
the  line  a  e  is  moving  par- 
allel to  itself,  and  also  with  nc  a 
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a  uniform  motion,  towards  e  s,  the  point  a  always  keeping  on  the 
line  a  e.  Let  us  also  suppose  that  the  velocities  are  so  adjusted, 
that,  when  the  body  reaches  the  point  £,  the  line  will  have  reached 
the  position  e  s.  It  is  easy  to  show  that  the  path  described  by 
the  body  is  the  diagonal  a  ^  of  the  parallelogram,  of  which  a  €  and 
e  s  are  two  sides. 

Lay  off,  in  the  direction  a  w,  a  line,  a  £,  equal  to  the  velocity 
of  the  moving  body,  and  on  the  line  ana  distance,  a  e,  equal  to 
the  velocity  of  the  moving  line.  Divide  both  of  these  lines  into 
tlie  same  number  of  equal  parts.  Each  of  these  will  be  equal  to 
the  space  passed  over  by  the  moving  body  or  line  in  a  small  frac- 
tion of  a  second,  which  we  may  take  as  small  as  we  choose.  At 
the  end  of  the  first  of  these  intervals,  the  body  will  evidently 
reach  the  point  p  ;  at  the  end  of  the  next,  the  point  q ;  at  the 
end  of  the  third,  r ;  and  so  on,  until  the  end  of  the  second,  when 
it  will  reach  the  point  s.  By  making  the  number  of  intervals 
larger  and  larger,  we  can  prove  that  the  body  will  pass  succes- 
sively a  larger  and  larger  number  of  points  on  the  line  a  s  ;  and 
by  making  the  number  of  intervals  infinite,  that  it  will  pass 
every  point  on  the  line,  or,  in  other  words,  that  it  will  move  on 
the  line  itself. 

It  will  be  noticed,  that  the  proof  is  general  for  any  velocities 
when  the  two  motions  are  uniform  ;  and  moreover,  that  the  line 
a  s  represents,  not  only  the  direction,  but  also  the  velocity  of  the 
moving  body.  Hence  follows  the  well-known  proposition,  first 
enunciated  by  Galileo,  and  generally  termed  tlie  Composition  of 
Velocities  :  —  The  velocity  resulting  from  two  simultaneous  ve- 
locities is  represented^  both  in  direction  and  in  amount^  by  the 
diagonal  of  a  parallelogram  constructed  on  two  straight  lineSy 
which  represent  the  direction  and  amount  of  these  velocities. 
The  reverse  of  this  must  also  be  true ;  and  any  given  motion 
may  be  considered  as  resulting  from  two  others  which  stand  in 
the  same  relations  to  it,  both  as  regards  direction  and  velocity, 
that  the  sides  of  a  parallelogram  do  to  its  diagonal.  Hence  the 
converse  proposition :  —  A  velocity  in  any  given  direction  may 
be  resolved  into  two  others^  represented  both  in  direction  and 
amount  by'  the  two  sides  of  a  parallelogram^  of  which  the  first 
velocity  is  the  diagonal. 

As  the  same  line  may  be  the  diagonal  of  an  infinite  number  of 
different  parallelograms,  it  follows  that  a  given  motion  may  be 
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competed  of,  or  may  be  resolved  into,  an  iuliuite  number  of  dif- 
ferent pairs  of  uniform  motions. 

We  have  considered,  above,  a  motion  as  resulting  from  two 
other  uniform  motions  ;  but  a  motion  may  result  from  thi*ee  or 
more  motions.  As  these  motions  are  entirely  independent  of 
each  other,  we  can  obviously  find,  by  the  above  method,  what 
would  be  the  result  of  two  alone ;  and  then,  by  combining  this 
resultant  with  the  tliird  motion,  we  shall  obtain  a  second  result- 
ant, which  would  be  the  result  of  tlu'ee  alone ;  and  by  combining 
the  second  resultant  with  the  fourth  motion,  we  slioidd  obtain  a 
third  resultant ;  —  and  so  we  can  proceed  until  we  obtain  the 
final  resultant  of  all  the  motions. 

What  has  been  proved  to  be  true  in  regard  to  the  resultant  of 
two  or  more  uniform  motions,  is  also  true  in  regard  to  two  or  more 
uniformly  varying  motions,  provided  the  variations  of  both  follow 
the  same  law.  Tliis  truth  can  easily  be  proved  in  the  case  of  two 
uniformly  accelerated  or  uniformly  retarded  motions,  by  laying 
off,  on  two  lines  representmg  the  directions  of  the  motions,  the 
spaces  passed  over  during  successive  intervals  of  time,  taken  so 
small  that  the  motion  during  each  interval  may  be  considered 
uniform.  We  can  thus  find  the  points  at  which  the  moving  body 
will  be  at  the  end  of  these  successive  intervals,  as  above ;  and  it 
will  then  be  easy  to  prove  tliat  the  resulting  motion  may  be  rep- 
resented, both  in  direction  and  velocity,  by  the  diagonal  of  a 
parallelogram,  of  which  the  two  sides  represent  the  velocities  at 
the  end  of  one  second. 

In  the  case  where  the  original  motion  is  uniform,  it  is  easy  to 
prove  that  the  resulting  motion  is  also  uniform  ;  and  where  it  is 
varying,  tliat  the  resulting  motion  varies  according  to  the  same 
law  as  its  two  components.  Thus,  in  the  last  example,  the  result- 
ing motion  will  be  uniformly  accelerated  or  retarded,  as  the  case 
may  be. 

(25.)  Ourvilinear  Motion.  —  In  ttie  cases  above  considered, 
the  resulting  motion  is  rectilinear ;  if,  however,  any  one  of  the 
motions  of  which  a  compound  motion  is  composed  obeys  a  differ- 
ent law  from  the  rest,  the  resulting  motion  is  curvilinear.  As 
the  velocity  of  a  moving  body  may  vary  according  to  many  dif- 
ferent laws,  and  as  an  infinite  number  of  combinations  of  such 
varying  motions  may  be  made,  an  infinite  variety  of  curvi- 
linear motions  may  result.    We  can  only  consider  here  one,  and 

3* 
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that  one  of  the  simplest  cases,  irhich  will  serve  aa  an  example 
of  the  rest.  Let  us,  then,  suppose  a  body  moving  from  o  to  m  (Fig. 
4^  vith  a  uniform  motion,  and  at  the  same  time  moving  in  the 
direction  a  n  with  a  uniformly 
accelerated  motion.  An  ex- 
ample of  such  a  motion  vould 
be  that  of  a  cannon-ball,  fired 
horizontally  from  the  embra> 
sure  of  a  fort,  at  some  height 
above  the  general  siu-face  of 
the  groTud.  In  virtue  of  the 
projectile  force,  it  would  move 
horizontally  along  the  line  a  tn 
with  a  uniform  motion,  while 
in  obedience  to  the  force  of 
gravity  it  would  rapidly  fall  to 
"■'  *"  the  earth,  in  the  direction  a  «, 

with  a  uniformly  accelerated  motion.  To  find  the  path  of  tlie  re- 
sulting motion,  let  b  be  the  velocity  of  the  uniform  motion,  and 
v  the  acceleration  of  velocity  of  the  falling  body  for  each  second. 
Lay  off  on  the  hue  am  the  distances  aJS,!}^,/^,  etc.,  each  equal 
to  i).  Lay  off  on  the  line  a  n  the  distances  ab,bc,cd,  etc.,  equal 
to  )  D,  $  D,  ^  a,  etc.,  the  distances  through  which  the  ball  will  fall  In 
successive  seconds.  Draw  through  each  of  tlie  points  ^,  y,  i,  etc, 
lines  parallel  to  a  n,  and  through  b,  c,  d,  etc.,  lines  parallel  to 
a  VI.  The  points  F,  Q,  R,  etc.,  where  the  first  set  of  lines  inter- 
sect tlie  second,  are  evidently  points  through  wliich  the  ball  must 
pass.  Join  these  points  by  a  curved  line,  and  this  line  will  repre- 
sent the  path  of  the  ball.  It  is  easy  to  show  that  tliis  path  is  a 
parabola.  For  this  purpose,  let  the  lines  a  m  and  a  »  be  the  ales 
of  co-ordinates.  The  co-ordinates  of  any  point,  as  s,  are  s  e^x 
and  5  c  =  ^ ;  and  we  know  that  x  =  t  a  =  i)  T,  and  also  y  =  ea 
c=  j  D  T*.  Equating  the  values  of  T  obtained  from  these  equa- 
tions, we  have,  by  reduction, 

x-=    ^    y. 

2  u* 

Since    --—  is  a  constant  quantity,  this  is  the  equation  of  a 

2  to* 

parabola,  in  which  4^b>  — — . 
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PROBLEMS. 

Vehcity  and  Uniform  Motion* 

12.  A  locomotive  runs  36  kilometres  in  1*"'  20^.    What  is  the  Telocity 
of  the  locomotive  ? 

13.  A  horse  trots  11  kilometres  in  one  hour.     What  is  his  velocity? 

14.  A  man  walks  5.6  kilometres  in  l"**  10'.     What  is  his  velocity? 

15.  From  the  extremities,  A  and  B^  of  a  straight  line  24,000  m.  long, 
two  bodies  start  at  the  same  time.  The  one  from  A  moves  in  the  direc- 
tion A  B  with  a  velocity  of  2  m.;  the  other  from  By  in  the  direction 
BAy  with  a  velocity  of -dm.  'At  what  distance  from  Ay  and  after  what 
time,  will  they  meet  ?  , 

16.  From  the  extremities,  A  and  J5^  of  a  straight  line  am.  long,  two 
bodies  start ;  the  one  from  Ay  tf'  after  the  one  from  B,  The  one  from  A 
moves  with  a  velocity  of  c  m.,  the  one  from  B  with  a  velocity  of  C|  m.  At 
what  distance  from  A  will  they  meet  ? 

Unifomdy  AceelercOed  or  Retarded  Motion. 

17.  Find  the  space  through  which  a  body  falls  in  7",  and  the  velocity 
acquired.     The  increment  of  velocity  each  second  is  D  a-  9.8  m. 

18.  A  stone  falls  from  the  top  of  a  tower  to  the  earth  in  2.5".  How 
high  is  the  tower  when  V  »«  9.8  m.  ? 

19.  On  the  surface  of  the  moon,  the  increment  of  velocity  of  a  falling 
body  is  0  SB  1.654 ;  on  the  surface  of  the  planet  Jupiter,  0  »-  26.243. 
Find  the  answers  to  the  last  two  problems  with  these  values. 

20.  A  stone  is  let  fall  into  a  pit  100  m.  deep.  With  what  velocity  will 
it  strike  the  bottom  of  the  pit  ?  With  what  velocity  would  it  strike  the 
bottom  of  a  similar  pit  on  the  moon,  and  on  Jupiter? 

21.  A  stone  is  projected  vertically  with  a  velocity  of  50  m.  How 
high  will  it  rise  from  the  earth  ?  How  high  would  it  rise  from  the 
moon,  and  from  Jupiter  ?  After  how  many  seconds  will  it  again  reach 
the  ground  in  the  three  cases  ? 

22.  A  body  is  projected  vertically  from  the  bottom  of  a  tower  80  m. 
high,  with  a  velocity  of  48  m.  In  what  time  will  it  reach  the  top,  and 
what  will  be  its  velocity  at  that  time  ?  Also,  to  what  height  above  the 
top  of  the  tower  will  it  rise,  and  after  what  time  will  it  again  reach  the 
bottom? 

23.  A  body  is  projected  vertically  with  30  m.  velocity.  A  second  later, 
another  body,  with  40  m.  velocity,  is  projected  vertically,  from  the  same 
point.    At  what  point  of  elevation  will  the  two  meet  ? 

24  A  cannon-ball,  being  projected  vertically  upwards,  returned  in 
20"  to  the  place  from  which  it  was  fired.  How  high  did  it  ascend,  and 
what  was  the  velocity  of  its  projection?  Solve  the  problem  also  for  tl  «• 
1.654,  and  0  —  26.243. 
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FORCE. 

(26.)  Force.  —  Matter,  of  itself,  is  incapable  of  changing  its 
state,  either  of  rest  or  of  motion.  If  a  body  be  at  rest,  it  cannot 
put  itself  in  motion ;  if  a  body  be  in  motion,  it  can  neither 
change  that  motion  nor  reduce  itself  to  rest.  Any  such  change 
must  be  produced  by  some  external  cause  independent  of  the 
body.  This  quality  of  matter  we  term  Inertia;  and  the  external 
cause  we  term  Force.  In  discussing  the  origin  and  nature  of 
force  in  the  introductory  chapter,  we  used  this  word  for  the  cause 
of  all  the  phenomena  of  nature.  We  shall  use  it,  in  this  section, 
in  a  more  limited  sense,  as  meaning  "  any  agency  whickj  applied 
to  a  bodyy  imparts  motion  to  ity  or  produces  pressure  upon  rt,  or 
causes  both  of  these  effects  together. '^^  In  studying  the  action  of 
a  force  upon  a  body,  we  must  consider  three  things.  First,  the 
point  of  the  body  to  which  it  is  applied.  Us  point  of  application  ; 
secondly,  its  intensity ;  thirdly,  its  direction.  The  action  of 
forces  on  bodies  is  tlie  subject-matter  of  Mechanics.  We  shall 
only  be  able  to  consider  here  those  elementary  principles  of 
this  science  which  we  shall  have  occasion  to  use  in  this  book, 
referring  the  student  to  works  on  Mechanics  for  a  full  exposition 
of  the  subject. 

(27.)  Direction  of  Force.  —  When  a  force  applied  to  any 
point  of  a  body  causes  it  to  move,  the  direction  of  the  motion  is 
the  direction  of  the  force.  It  the  point  cannot  move,  the  direc- 
tion of  the  force  is  the  direction  of  the  pressure  exerted  by  it,  or 
the  direction  in  which  the  point  would  move  if  it  were  free. 
When  two  or  more  forces  are  applied  to  any  point  of  a  body^ 
each  of  these  produces  the  same  effect  as  if  it  were  acting  alone. 
This  is  a  necessary  consequence  of  what  has  already  been  stated, 
in  regard  to  the  perfect  freedom  with  which  a  body  may  move  in 
several  directions  at  once.  Each  of  these  motions  may  be  the 
result  of  a  separate  force,  which  thus  acts  in  producing  motion  as 
if  it  were  acting  alone.  Hence,  also,  the  action  of  a  force  upon 
a  body  is  not  affected  by  its  condition  of  rest  or  motion,  because 
the  result  which  it  produces  is  by  the  above  principle  entirely  in- 
dependent of  the  motions  which  other  forces  have  impressed  upon 
it.  For  example,  if  a  body  moving  with  a  given  velocity,  under 
the  influence  of  a  given  force,  is  suddenly  acted  upon  by  another 
and  equal  force,  in  a  direction  at  right  angles  to  the  first,  it  will 
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move  in  the  new  direction  with  the  same  velocity  as  if  it  had 
been  previously  at  rest.  The  path  it  describes  can  be  found  by 
combining  the  two  motions  according  to  the  principles  already 
described. 

It  follows  from  this  principle,  that  a  body  under  the  in* 
ftuence  of  a  force  which  is  constant^  both  in  direction  and 
intensity f  moves  with  a  uniformly  accelerated  velocity.  That 
this  miist  be  the  case  can  be  seen  by  reflecting  that,  if  this 
force  imparts  to  the  body  a  velocity  v  during  the  first  second, 
it  will,  from  the  principle  just  stated,  impart  the  same  velocity 
during  each  succeeding  second.  At  the  end  of  the  second 
second,  tlie  body  will  then  have  the  velocity  gained  during  two 
seconds,  or  2  ti ;  at  the  end  of  the  tliird  second,  it  will  have 
the  velocity  gained  daring  three  seconds,  or  3  ti ;  and  so  on. 
In  other  words,  the  velocity  will  be  proportional  to  the  time, 
which  is  the  characteristic  of  uniformly  accelerated  motions. 
The  reverse  of  this  also  must  be  true ;  that  is,  a  body  moving 
with  a  uniformly  accelerated  velocity  in  a  straight  linCy  must  be 
under  the  influence  of  a  force  of  constant  intensity  acting  in  the 
direction  of  its  motion. 

If,  when  a  body  has  acquired  a  given  velocity,  the  force  ceases 
to  act,  the  body  will  continue  to  move  with  the  same  velocity  and 
in  the  same  direction  which  it  had  when  the  action  of  the  force 
ceased  ;  in  other  words,  it  will  have  a  uniform  motion,  and  the 
motion  will  continue  until  it  is  arrested  by  an  equivalent  force, 
acting  for  an  equal  time  in  the  opposite  direction.  This,  which 
is  a  necessary  consequence  of  the  principle  of  inertia,  is  illus- 
trated by  many  familiar  facts.  A  train  of  cars  continues  to 
move  after  the  action  of  the  steam  has  ceased,  and  until  the  fric- 
tion of  the  wheels  and  the  resistance  of  the  atmosphere  destroys 
the  motion.  Were  it  not  for  these  opposing  forces,  a  body  once 
set  in  motion  on  the  earth  would  continue  to  move  indefinitely 
with  the  same  velocity,  and  in  the  same  direction,  which  it  had 
when  the  force  which  produced  the  motion  ceased  to  act.  This 
does  not  admit  of  direct  experimental  illustration ;  because,  on 
the  surface  of  the  earth,  we  can  never  entirely  remove  a  body  from 
tiie  influence  of  the  resistance  of  the  air  or  of  friction.  But 
even  here,  the  more  completely  these  influences  are  removed,  the 
longer  motion  continues ;  and  in  the  heavenly  bodies,  where  they 
do  not  exist,  at  least  to  any  sensible  degree,,  tbft  motloni  is  per- 
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petual.  A  uniform  motion  in  a  straight  line  does  not,  therefore, 
necessarily  imply  the  existence  of  a  force  still  acting ;  it  only 
shows  that  a  force  has  acted  at  some  previous  time.* 

(28.)  Equilibrium,  —  When  two  or  more  forces  are  acting  on 
a  body,  or  on  a  system  of  bodies,  in  such  a  way  that  tliey  exactly 
balance  each  other's  effects,  they  are  said  to  be  in  equilibrium. 
Forces  so  adjusted  will  not  communicate  motion  to  a  body  at  rest, 
or  alter  its  motion,  if  already  in  motion.  That  portion  of  tlie 
science  of  Mechanics  which  treats  of  the  conditions  of  equilibria 
um,  is  termed  Statics  ;  that  part,  of  which  the  object  is  to  deter- 
mine the  motion  which  a  body  assumes  when  the  forces  which 
are  applied  do  not  constitute  an  equilibrium,  is  called  Dynamics. 

(29.)  Measure  of  Forces.  —  We  conceive  of  forces  as  having 
different  intensities,  and  hence  as  quantities,  which  can  be  ex- 
pressed in  numbers,  selecting  one  of  them  as  the  unit.  As, 
however,  wo  only  know  forces  through  their  effects,  w^  can  only 
compare  them  together  by  comparing  their  effects ;  that  is,  by 
comparing  together  the  amounts  of  motion  they  cause,  or  the 
amounts  of  pressure  they  exert.  Let  us  then  seek  for  a  measure 
of  force  in  the  amount  of  motion  which  it  causes.  In  discussing 
tliis  subject  we  can  assume  as  axioms,  —  first,  that  two  forces 
are  equal  which  will  give  equal  velocities  to  equal  amounts  of 
matter  in  the  unit,  of  tim^;  secondly,  that  two  forces  are  equal 
whichj  when  applied  in  opposite  directions  to  any  point  of  the 
same  body^  or  to  any  two  points  situated  in  the  line  of  the  forces 
and  inseparably  united^  leave  it  at  rest.  The  following  proposi- 
tions can  now  be  easily  proved. 

Proposition  1.  Two  constant  forces^  which  in  the  unit  of  time 
impart  to  unequal  masses  of  matter  equal  velocities  y  must  be  to 
each  other  as  these  masses.  Let  us  suppose  that  we  have  n 
equal  masses  of  matter,  each  represented  by  m,  on  which  are 
acting  n  equal  forces  in  directions  parallel  to  each  other,  each 
represented  by  /.     By  the  axiom  above,  each  of  these  masses 

• 

*  This  statement  does  not  apparently  agree  with  the  principle  of  the  introductory 
chapter,  in  which  it  is  maintained  that  all  phenomena  imply  a  continuously  acting 
cause ;  but  it  must  be  remembered  that  rest  and  motion  are  merely  relative  terms, 
and  that  the  last  is  as  much  a  state  or  condition  of  matter  as  the  first  Any  change 
of  condition,  whether  from  rest  to  motion,  from  motion  to  rest,  or  from  one  mode  of 
motion  to  another,  implies  the  intervention  of  some  force ;  but  the  mere  continuance 
in  a  given  condition  implies  a  continuously  acting  cause  only  so  far  as  such  a  cause 
is  implied  by  the  continued  existence  of  all  created  things. 
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will  receive  the  same  velocity  in  the  unit  of  time  ;  they  will,  there- 
fore, all  move  in  the  same  direction  and  with  the  same  velocity, 
and   must  preserve  the  same  relative  position.     We  may  then 
regard  them  as  united  in  a  single  body,  whose  mass  is  equal  to 
n  X  m,  on  which  is  acting  a  force  equal  to  n  X  /•     Hence  it 
follows,  that  tlie  force  n  X  /  will  give  to  the  mass  nX  m  the 
same  velocity  that  the  force  /  will  give  to  the  mass  m.    It  is  evi- 
dent that 

n  Xf  :  /=  n  X  ni :  m. 

To  make  this  proof  more  general.  Let  M  and  M'  represent  the 
two  masses  of  matter,  which  wo  will  suppose  to  be  commensu- 
rable, and  let  m  be  their  common  measure ;  so  that 

M=  n  m,    and    M*  =  n'  m. 

Bepresent  by/  the  value  of  the  force  which  will  impart  to  m  the 
given  velocity  in  the  unit  of  time ;  then,  by  what  precedes, 

nf  will  give  the  same  velocity  to  n  m,  or  Mj  and 
n'/  "  "  "  n'  m,  or  -flf '. 

Bepresent  nf  by  jP,  and  n'/  by  F',  and  we  have 

nf  :  n*f=  n  m  :  n'm^    or    F:  F'  ^=^Mi  M'^      [11.] 

which  was  to  be  proved.  If  the  masses  are  not  commensurable, 
we  can  take  m  infinitely  small. 

Proposition  2.  Two  constant  forces ^  which  in  the  unit  of  time 
impart  to  equal  masses  of  matter  unequal  velocities  y  must  be 
to  each  other  as  these  velocities.  Bepresent  the  two  forces  by 
F  and  i^',  which  we  will  suppose  to  be  commensurable,  and  let 
/  be  their  common  measure  ;  so  that  jP=:  nf  and  jF'  ==  n'/. 
Bepresent  also  by  v  and  v*  the  velocities  which  these  forces  re- 
spectively impart  to  the  common  mass,  My  in  the  unit  of  time. 
The  force  /  will  be  capable  of  imparting  to  JIf  a  velocity,  which 
we  will  represent  by  v".    It  follows  now,  from  the  last  proof, 

that  F  =  n/will  impart  to  JIf  a  velocity  n  D"  ==  n,  and 

thatF'=n'/         "  "  "         n'D"  =  i>'; 

hence 

\f:n'f=nv":n'v'*y    or    F:F'  =  v:i^.        [12.] 

Proposition  8.  Two  constant  forces  are  to  each  other  as  the 
products  of  the  masses  by  the  velocities  which  they  impart  to 
these  masses  in  the  unit  of  time.    Let  jF  and  F'  be  the  two  forces 
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acting  on  the  masses  M  and  M\  and  imparting  to  them  the 
velocities  0  and  vf  in  the  unit  of  time.  Represent  by  /  a  force 
whicli  imparts  to  the  mass  Jf  the  velocity  ti'  in  the  unit  of  time. 
F  and  /  are,  then,  two  forces  which,  in  the  unit  of  time,  impress 
on  equal  masses^  JIT  and  M^  unequal  velocities,  0  and  0' ;  hence, 
from  Proposition  2, 

F:f=v  :v'. 

Moreover,/  and  F'  are  two  forces  which  impress  on  unequal 
masses,  M  and  M\  equal  velocities,  v'  and  0' ;  hence,  from  Prop- 
osition 1, 

/:  F'  =  M:  M'. 

Multiplying  the  two  proportions,  term  by  term,  we  obtain 

F:  F'  =  Mv:  M' V,  [13.] 

which  was  to  be  proved. 

In  order  to  measure  a  force,  we  have  then  only  to  select  some 
one  force  for  our  unit,  and,  by  the  principles  of  the  above  propo- 
sitions, compare  all  other  forces  with  it.  We  will  then  assume, 
as  the  unit  of  force,  that  force  which,  acting  on  the  imit  of  mass 
during  one  second,  will  impress  upon  it  a  velocity  of  one  metre, 
or  that  force  which  causes  an  acceleration  of  one  metre  in  the 
velocity  of  the  miit  of  mass  each  second.  If  then  a  given  force, 
F,  acting  during  one  second,  impresses  on  a  given  mass  of  mat- 
ter. My  a  velocity,  t),  we  can  easily  find  the  relation  it  bears  to 
the  unit  of  force  by  the  above  proportion, 

F:  F'  =  Mt>  :  Jtf' t)'. 

If  F'  is  the  unit  of  force,  then,  by  definition,  Jlf'  and  vf  are  both 
equal  to  unity ;  and  the  proportion  gives 

F=Mt^.  [14.] 

It  will  be  remembered  (21),  that  the  quantity  »  is  termed 
technically  the  acceleration.  Hence,  the  measure  of  a  force  is 
the  product  of  the  mass  moved  by  the  acceleration.  For  example, 
if  the  mass  moved  is  equal  to  four  units  of  mass,  and  the  accel- 
eration is  equal  to  six  metres,  the  intensity  of  the  force  is  equal 
to  twenty-four  ;  that  is,  the  intensity  of  the  force  is  twenty-four 
times  as  great  as  the  unit  of  force. 

If  a  constant  force  continues  to  act  upon  a  body  during  a  given 
time,  it  imparts  to  it  each  second,  as  we  have  seen,  as  much  ve- 
locity as  it  gave  to  it  the  first.    This  velocity  we  have  called  tlie 
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acceleration,  and  represented  hj  t).  At  the  end  of  T  seconds  the 
velocity  is  T  tJ,  which  has  been  represented  by  V,  If  now  the 
force  ceases  to  act,  the  motion  becomes  luiiform,  and  the  body 
continues  to  move  with  tlie  velocity  t)  =  T  0.  In  order  to  stop 
this  motion,  it  would  be  necessary  to  apply  to  the  body,  in  an  op- 
posite direction,  a  force  of  the  same  intensity,  for  an  equal  time. 
If  M  represents  the  mass  of  the  body,  JIf  0  represents  the  inten- 
sity of  the  original  force ;  and  hence  it  would  require  a  force  of 
the  intensity  M  v  acting  during  T  seconds  to  destroy  the  mo- 
tion. Evidently,  however,  the  same  effect  could  be  produced  by 
a  force  of  T  times  the  intensity,  acting  for  one  second.  The 
intensity  of  this  force  would  be 

TMv  =  Mb.  [16.] 

Hence  the  product  of  the  mass  of  a  body  by  its  velocity  repre- 
sents the  intensity  of  a  force  which,  acting  during  one  second, 
will  bring  the  body  to  rest.  Tliis  product  is  usually  called  the 
momentum  of  a  moving  body.  We  say,  for  example,  that  a  body 
whose  mass  is  equal  to  five  units,  and  which  is  moving  with 
a  velocity  of  four  metres,  has  a  momentum  equal  to  20 ;  and 
we  mean  by  this,  that  it  would  require  a  force  twenty  times  as 
intense  as  the  unit  of  force,  and  acting  for  one  second  in  a  direc- 
tion opposite  to  that  of  the  motion,  to  bring  the  body  to  rest. 
The  momentum  is  also  frequently  called  the  moving"  force  of  the 
body,  because  it  not  only  represents  the  intensity  of  the  force  re- 
quired to  overcome  its  motion,  but  also  because  the  body  itself 
would  exert  a  force  of  this  intensity  against  any  obstacle  tending 
to  resist  its  motion.  In  this  view,  momentum  may  be  regarded 
as  representing  tlie  accumulated  intensity  of  force  in  a  body  ;  the 
product  M  V  representing  the  intensity  of  force  in  a  body  after 
one  second ;  the  product  M  t)  representing  the  accumulated  in- 
tensity after  T  seconds. 

It  must  be  carefully  noticed,  that  we  have  considered  in  this 
section  solely  the  measure  of  the  intensities  of  forces,  and  not 
the  measure  of  their  quantities.  The  quo/ntUy  of  a  force,  or,  as 
this  is  frequently  called,  its  power ^  is  measured  in  a  different 
way,  as  will  be  shown  in  (42).  In  this  woik,  we  shall  have  to 
deal  almost  solely  with  the  intensities  of  forces,  and  when  the 
measure  of  force  is  referred  to,  it  must  be  always  understood 
to  mean  the  measure  of  its  intensity^  unless  the  reverse  is  ex- 
pressly stated. 

4 
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COMPOSITION  OP  FORCES. 


(80.)  ComponetUs  and  Resultant.  —  In  mechanical  problems 
ire  frequently  have  two  or  more  forces  acting  at  once  on  the  same 
point  of  a  body,  or  on  several  points  which  are  immovably  united 
togetlier ;  and  it  becomes  important  to  consider  what  will  be  their 
combined  effect.  This  problem,  which  is  termed  the  composition 
of  forces y  reduces  itself  to  that  of  finding  the  direction  and 
amount  of  a  single  force  which  would  produce  the  same  motion 
as  that  resulting  from  the  action  of  all  the  forces  combined. 
This  single  force  is  called  the  resultant^  and  the  forces  to  which 
it  is  equivalent  in  effect  are  called  its  componenis.  It  follows, 
from  this  definition,  that  a  force  is  mechanically  equivalent  to 
the  sum  of  its  components,  and,  on  the  other  hand,  tliat  any 
number  of  forces  are  mechanically  equivalent  to  their  resultant ; 
because,  as  we  only  know  forces  through  their  effects  in  pro- 
ducing motion,  any  forces  which  produce  the  same  motions  are 
to  us  equivalent. 

(31.)  Forces  may  be  represented  by  Lines.  —  The  unit  of 
force  has  been  defined  as  that  force  which  causes  an  acceleration 
of  one  metre  in  the  motion  of  the  unit  of  mass  each  second ;  and, 
further,  it  has  been  shown  that  the  product  of  the  mass  moved, 
by  the  acceleration,  is  the  number  of  units  of  force  to  which  any 
given  force  is  equivalent.  If,  then,  we  represent  the  unit  of 
force  by  a  line  one  centimetre  long,  any  other  force  will  be  repre- 
sented by  a  line  as  many  centimetres  long  as  the  number  which 
is  obtained  by  multiplying  the  mass  it  moves  by  the  acceleration 
it  imparts  each  second.  Moreover,  since  these  lines  may  be 
made  to  represent  the  directions  as  well  as  the  amounts  of  tlie 
forces,  the  problems  of  resolution  of  forces  may  bo  reduced  to 
problems  of  geometry. 

(82.)  The  point  of  application  of  a  force  may  be  changed  to 
any  other  point  of  the  body  on  the  line  of  the  direction  of  the 
force^  without  altering  in  any  respect  the  action  of  the  force  on 
the  bodyy  provided  only  that  the  two  points  are  immovably  united 

together.  The  truth  of  this  proposition 
seems  almost  self-evident ;  for  it  amounts 
only  to  this,  —  that  a  given  force  acting 
in  the  direction  A  B  (Pig.  5)  will  pro- 
'^  ^  duce  the  same  effect,  whether  it  is  applied 
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in  pushing  the  body  forward  at  A,  or  in  pulling  it  forward  from 
B.  The  following  illustration  may  make  the  matter  still  clearer. 
We  will  assume  that  the  force  applied  at  A  ia  equal  to  fire  units 
of  force,  and  is  in  the  direction  A  B,  We  will  now  apply  two 
forces,  each  of  the  same  value  as  the  last,  to  the  point  J3 ;  one  in 
the  direction  A  B,  and  the  other  in  the  direction  B  AyOSWB  can 
obviously  do,  without  changing  the  condition  of  tlio  body.  The 
second  of  these  forces  will,  by  the  axiom  of  (29),  exactly  couuter- 
balance  the  force  applied  at  A,  and  we  shall  then  have  left  a 
force  of  five  units  applied  at  B,  and  acting  in  tlie  direction  A  B, 
producing  an  equivalent  effect  to  that  of  the  first  force. 

(33.)  ResuitarU  of  Forces  in  the  *oflK  Straight  Ltiie.— Tlie 
resultant  of  a  number  of  forces  acting  in  the  same  straight  line 
on  a  point  of  a  body,  is  obviously  equal  to  the  sum  of  the  forces 
acting  in  one  direction  less  tiie  E^um  of  tiie  forces  acting  in  tiie 
opposite  direction ;  and  this  resultant  is  in  the  direction  of  the 
largest  sum.  If,  for  example,  we  have  three  forces  applied  to 
the  point  A  (Fig.  5)  in  the  direction  A  B,  equal  respectively  to 
4,  6,  and  T  units,  and  two  forces  in  tiie  opposite  direction  equal 
to  18  and  10  units,  then  the  resultant  force  will  be  equal  to 
(4  4-  6  +  7)  ~  (18  +  10)  =  —11  units,  and,  as  the  nega- 
tive sign  indicates,  will  act  in  the  direction  B  A.  The  validity 
of  this  principle  follows  from  the  fact,  that  each  force  acts  as  if 
it  were  the  only  force  acting  (27).  As  was  shown  in  the  last 
section,  it  is  unimportant  whether  all  tlie  forces  are  applied 
at  A,  or  whetiier  they  are  applied  at  diSerent  points  along  the 
line^B. 

(84.)  Resultant  of  Forces  acting  in  differ- 
ent Directions,  but  applied  at  the  same  Point, 
or  Parallelogram  of  Forces.  —  Let  us  sup- 
pose that  we  have  two  forces,  F'  and  F", 
applied  to  the  point  A  (Fig.'  6),  in  the  di- 
rections A  b  and  A  b'  respectively,  and  let  us 
inquire  what  will  be  their  resultant.  It  has 
already  been  proved,  that  two  forces  acting 
on  tiie  same  or  equal  masses  of  matter  are 
to  each  otlier  as  the  accelerations ;  or, 

F* :  F"  =  D' :  t)". 

What  therefore  is  true  in  regard  to  the  two  ^^  g. 
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Telocities  must  be  true  relatively  in  regard  to  the  two  forces, 
BO  that  if  we  can,  bj  anj  metliod,  find  the  resultant  of  tlie  two 
Telocities,  this  same  method  will  give  us  the  resultant  of  the  two 
forces.  Now  it  has  been  proved  (24),  that  the  resultant  of  two 
velocities  is  represented,  both  in  direction  and  amount,  by  the 
diagonal  of  a  parallelogram  whose  sides  represent  the  directions 
and  velocities  of  the  two  motions ;  and  hence  it  follows,  that  the 
resultant  of  two  forces  is  represented,  both  in  direction  and  in- 
tensity,  by  the  diagonal  of  a  parallelogram  whose  sides  represent 
the  directions  and  intensities  of  the  component  forces.  The  re- 
sultant of  two  forces  can,  therefore,  always  be  found  by  a  very 
easy  geometrical  construction.  It  can  also  be  calculated  ;  for  we 
have,  by  a  well-known  principle  of  trigonometry,  from  Fig.  6, 


AC  =AB   +  BC  —2  AB  .BC  .co%ABC\ 

or,  smce  BAB'  =  ISO**  —  ABC,  and  therefore  cos  A  B  C 
—  cos  B  A  B',  we  have 


AC^^AB  -{-BC  +2  AB  .BC  cos  BAB'. 

Representing  the  two  component  forces  by  F*  and  F**,  their  re- 
sultant by  F,  and  the  angle  between  the  components  by  a,  the 
last  equation  becomes 

F»  =  F'*  +  F"«  +  2  J"  F"  cos  a.  [16.] 

In  many  cases  with  which  we  meet  in  nature,  the  directions  of  the 
two  components  make  a  right  angle ;  then  the  last  term  of  [14] 
disappears,  and  the  equation  becomes 

F«  =  F''-f  F"'.  [IT.] 

(85.)  Decomposition  of  Forces.  —  As  any  given  motion  may 
be  the  result  of  an  infinite  number  of  pairs  of  motions  (24),  so 
any  given  force  is  the  equivalent  of  an  infinite  number  of  pairs 
of  forces.  It  follows  from  what  has  been  proved  above,  that 
we  can  replace  a  given  force  acting  on  the  point  A  (Fig.  7),  and 
i*epresented  in  direction  and  intensity  by  A  P,  by  the  two  forces 
represented  by  either  of  the  pairs  of  lines  A  B  and  A  B*,  A  O 
and  AC,  AD  and  AD,  AE  and  A E,  or  indeed  by  any  other 
pair  of  forces  which  can  be  represented  by  the  sides  of  a  par- 
allelogram, of  which  the  line  representing  the  given  force  is 
the  diagonal.     As  the  sides  of  a  parallelogram  may  have  any 
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ingolar  position  whatsoever  frith  reference  to  the  diagonal,  it 
foUows  that  a  giveii  force  maj  be  decomposed  into  tvo  others  in 
anf  required  directions.     If,  then,  the  value  of  a  force  in  nuita, 
and  two  directions,  are  given, 
the  value  in  units  of  two 
components  in  these    direc- 
tions can  always  be  found. 
The  problem  can  be  solved 
geometrically  thus.    Draw  a 
line,  A  C  (Fig.  6),  as  many 
centimetres    long    as    there 
are  onits  in  the  given  force. 
Draw  two  indefinite  lines,  A  b 

and  A  6",  in  the  required  di-  _  . 

....  tial- 

rectioQS,  making  the  given 

angles  with  A  C.     Finally,  draw  through  C  lines  parallel  to 

■  A  b  and  A  V.     These  lines  will  intersect  the  first  at  the  points 

B  and  B',  and  the  length  in  centimetres  oi  AB  and  A  R  thua 

determined  will  be  the  values  in  miits  of  the  required  forces. 

The  problem  can  also  be  solved  by  trigonometry.    Denote  the 

value  in  unite  of  the  given  force  by  F,  and  those  of  the  required 

components  by  x  and  y.     Denote  also  the  angles  which  x  and  y 

are  required  to  make  with  i^  by  a  and  j3  respectively.    In  the 

triangle  AB  C,-v!g  have 

AB:AG=smACB:aaABC; 
and  also,  since  AB'  =  B  C, 

AB':  AC=EmBA  C:  siaABC. 
Substituting  in  these  proportions  the  equivalent  values  A  B^Xy 
AB'=i/,  BAC=a,  A  CB  =  ^,AB  C^ISO" —  {a-}-^), 
they  become 

X  :  F=Bmfi  :  Bin(a  +  j8),    and    y  :  i^=sin  «  :  sin  (a-f-^). 
Hence, 

run  (.-(-;))'  '  .in  (,+  ,))  ■■       ' 

When  the  two  components  are  at  right  angles  to  each  other,  tlien 
((4-^  =  90',  and 

a:  =  J?  sin  ;3,    and    y  =  F  sin  «.  [19.] 

4' 


Flg.8. 
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The  decomposition  of  a  force  into  two  others  is  very  frequently 
applied  in  mechanics,  in  order  to  determine  the  action  of  a  force 
when  it  does  not  act  in  the  direction  in  which  its  point  of  appli- 
cation moves.    The  case  of  a  canal-boat  affords  an  illustration  of 

its  application.  The  power  is 
applied  to  the  boat  at  the 
point  A  (Fig.  8),  through  the 
cord  A  Cj  which  is  attached 
at  the  other  end  to  the  horses 
on  the  tow-path.  The  boat  is 
prevented  from  approaching 
the  bank  by  the  action  of  the  rudder,  and  can  only  move  in  the 
direction  A  a.  Knowing  the  force  exerted  in  the  direction  Afy 
and  the  angle  a,  it  is  required  to  find  the  effective  force  by  which 
the  boat  is  propelled.  Decomppse  the  force  F  into  two  com- 
ponents, X  in  the  direction  A  a,  and  y  in  the  direction  A  b.  The 
last  force  is  balanced  by  the  resistance  of  the  water ;  but  the 
first,  acting  in  the  direction  of  least  resistance,  that  of  the  boat's 
length,  propels  it  through  the  water.  This  force,  or  z,  is  equal  to 
F  cos  a,  and  will  evidently  be  larger  as  the  value  of  a  is  smaller, 
or,  in  other  words,  as  the  towing-line  is  longer. 

It  follows,  from  what  has  been  said,  that  a  force  can  produce 
motion  in  any  direction  between  its  own  original  direction  and 
one  perpendicular  to  it.  It  cannot  produce  motion  in  a  direction 
perpendicular  to  itself,  because,  as  can  be  easily  deduced  from 
[18],  the  perpendicular  resultant  would  in  such  a  case  be  equal 
to  zero. 

In  general,  when  the  point  of  application  is  made  to  move  in 
a  different  direction  from  that  of  the  force  applied  to  it,  the  effect 
of  this  force  is  determined  by  resolving  the  force  into  two  others : 
one  in  the  new  direction,  which  represents  the  effect  sought ;  the 
other  perpendicular  to  it,  which  is  destroyed  by  the  resistance  to 
the  motion  in  that  direction. 

(36.)  Composition  of  several  Forces  acting'  in  different  Di- 
rections.  —  The  course  of  reasoning  used  above,  in  regard  to 
tlie  composition  of  two  forces,  applies  equally  to  the  composi- 
tion of  any  number  of  forces  acting  on  the  same  point.  Hence, 
the  resultant  of  several  forces  can  be  found  in  the  same  way  as 
the  resultant  of  several  motions  (24).  Let  us  suppose,  for  ex- 
ample, that  the  forces  acting  on  the  point   O  (Pig.  9)   are 
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represented  both  in  direction  and  amount  b^ tlie  lines  OA,  OB, 
O  C,  and  O  D.     We  can  find  their  resultant  in  the  following 
manner.     We  first  seek  the  I'esultout,  O  r,  of  O  A  aud  O  B. 
The  force  represented  b/  tliis  line 
being  in  all  respects  equivalent  to 
its  two   components,  we  can  com- 
bine it  with  O  C  and  obtain  a  seo 
ond  resultant,  0  f.     This  result- 
ant, combined  with  the  last  force, 
0Z>,  will  give  us  the  final  r^ultant 
of  all  tlie  forces. 

The  trigonometrical  formulfe  of 
(35}  can  easily  be  applied  by  the 
student,  in  solving  problems  on  the  Tif.». 

composition  of  several  forces. 

(37.)  Composition  of  Parallel  Forces.  —  We  will  consider,  in 
the  first  place,  the  case  where  tliere  are  but  two  parallel  forces, 
F'  and  F".  Let  A  and  B  (Pigs.  10, 11)  be  the  points  of  appli- 
cation of  these  forces,  which  are  immovably  united.  Join  these 
points  by  the  line  A  B.  Draw  the  parallel  lines  A  P  and  B  Q, 
so  as  to  represent,  the  direction  and  intensities  of  tlie  two  forces 
F'  and  i^' ,  respectively.  In  Fig.  10,  the  forces  are  supposed  to 
act  in  tlie  same  direction,  and  in  Fig.  11  in  opposite  directions. 
The  figures  have  been  so  lettered,  tliat  tlie  following  demonstra- 
tion applies  equally  to  both  cases.  We  wish  to  find  the  direc- 
tion, the  intensity,  and  the  point  of  application  of  a  single  force, 
Fy  which  would  be  equivalent  to  tlie  two  forces  F'  and  F". 


n«.i&  Tif-u. 

Apply  to  the  points  A  and  B,  and  in  the  direction  of  the  line 

uniting  them,  two  equal  and  opposite  forces,/'  and/",  which  we 

will  represent  by  drawing  A  S^f,  and  B  jS=/".     As  these 

forces  exactly  balance  each  other,  tliey  cannot  change  the  ve- 


44  CHEMICAL  PHTSICS. 

locity  or  the  direction  of  the  motion  reealting  from  the  parallel 
forces  F'  and  F",  and  hence  will  not  affect  our  demonstration. 
The  line  A  r,  found  by  completing  the  parallelograju  ASrP^ 


Tt- 10.  ng.  11. 

evidently  represents  the  direction  and  intensity  of  the  resultant 
of  the  two  forces  F'  and  /',  and  the  line  B  I  the  direction  and 
intensity  of  tlie  resultant  of  tlie  two  forces  F"  and/".  Produce 
these  lines  until  they  cross,  at  a  point  tn.  By  (32)  it  follows 
that  tlie  effect  of  these  resultants  is  the  same  as  if  they  were  both 
applied  directly  to  the  point  m,  in  the  directions  m  A  and  m  B. 
We  can  now  decompose  each  of  these  resultantB,  at  the  point  m, 
into  two  components  parallel,  and  hence  also  equal,  to  tlie  origi- 
nal  forces  F'  and/',  F"  and/".  The  two  components  parall^ 
and  equal  to  .'I  jS  and  B  S  will  be  applied  to  tlie  point  fn  in  ofh 
posite  directions;  and  since,  by  construction,  .^  iS  is  equal  to 
B  S,  these  two  components  must  also  be  equal,  and  will  therefore 
neutralize  each  other.  The  two  componeuts  parallel  aud  equal 
to  AP  and  B  Q  will  also  both  be  applied  at  the  point  m.  In 
Fig.  10,  where  the  original  forces  were  in  the  same  direction,  the 
two  components  will  bo  in  tho  same  direction,  and  will  conspire 
to  move  the  point  m  in  tho  direction  m  C.  In  Fig.  11,  where 
the  original  forces  were  in  opposite  directions,  the  two  compo 
nents  will  be  in  opposite  directions,  and  will  tend  to  move  the 
point  m  in  the  direction  of  the  greater  component  with  a  force 
equal  to  their  difTerenca.  Hence,  the  final  resultant  will  be  a 
force  in  the  dii-ection  m  C,  parallel  to  the  ori^nal  forces,  in  the 
one  cose  equal  to  their  sum,  and  in  the  other  to  their  difference. 
The  point  of  application  of  this  force  may  obviously  be  transferred 
to  the  point  C,  without  altering  the  conditions  of  its  action. 

To  find  the  position  of  the  point  C.  By  construction,  the  sides 
of  tho  triangle  A  Pr  are  parallel  to  those  of  the  triangle  m  CA, 
and  likewise  the  sides  of  tho  triangle  B  Qt  are  parallel  to  those 
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of  the  triangle  m  C  B^  and  hence  their  homologous  sides  are  pro- 
portional ;  so  that  we  have  the  proportions, 

AC:mC=rP:AP,    and    BC:mC=tQ:BQ. 
We  have,  by  construction, 

rP=AS=t  Q  =  BS=f,  AP^F',  and  J?Q=F"; 
hence,  bj  substitution, 

ACim  Cr=f'  :  F\    and    B  Cim  0=f"  :  F** ; 
or,  ,  ,        ' 

mC=ACj,  =  BCj^,,    or    ACx  F'=  B  Cx  F''\ 

or, 

AC.BC  =  F"ir.  [20.] 

Hence  it  appears  that,  when  the  two  forces  have  the  same  direc- 
tion,  as  in  Fig.  10,  the  point  of  application,  C,  of  the  resultaht 
force  divides  the  straight  line  A  B,  which  joins  the  points  of  ap- 
plication of  the  components,  into  two  parts,  which  are  inversely 
proportional  to  the  amounts  of  the  given  forces.  When,  on  the 
other  hand,  the  forces  are  in  opposite  directions,  as  in  Fig.  11, 
the  point  of  application  of  the  resultant  is  still  on  the  same  line, 
but  beyond  the  point  of  application  of  the  larger  of  the  compo- 
nents, and  at  distances  from  the  points  A  and  £,  which  are,  as 
before,  inversely  proportional  to  the  intensities  of  the  two  forces. 
Our  general  result,  then,  is  the  following :  — 

I.  In  regard  to  the  resultant  of  two  parallel  forces  acting  in 
the  same  direction.  1.  The  intensity  of  this  resuUdnt  is  equal 
to  the  sum  of  the  intensities  of  its  components.  2.  The  direc- 
tion is  the  same  as  the  common  direction  of  the  components, 
8.  The  point  of  application  divides  the  line  joining'  the  points  of 
application  of  the  components  into  two  parts^  which  are  inversely 
proportional  to  the  intensities  of  the  forces, 

n.  In  regard  to  the  resultant  of  two  parallel  forces  acting  in 
opposite  directions.  1.  The  intensity  of  this  resultant  is  equal 
to  the  difference  of  the  intensities  of  its  components,  2.  The 
direction  is  the  same  as  that  of  the  larger  component.  8.  The 
point  of  application  is  on  the  line  joining  the  points  of  applicor 
Hon  of  the  components j  produced  beyond  the  point  of  application 
of  the  larger  of  the  two,  and  is  at  distances  from  these  points 
which  are  inversely  proportional  to  the  intensities  of  the  given 
forces. 
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It  followB,  from  the  nature  of  a  resultant  force,  that  a  force 
applied  at  C,  Figs.  10, 11,  vhich  is  equal  and  opposite  to  the  re- 
sultant of  the  two  forces  F  and  F',  ought  exactly  to  balance  this 
resultant.     This  obvious  truth  v'Al  enable  us  to  put  tlie  validity 
of  our  conelusiouB  to  the  test  of  experiment.    The  experiment 
maj  be  arranged  as  iu  Fig.  12.     P  and  P'  are  two  points  at 
the   ends,   for   example,  of 
a  wooden   rod.     To  these 
points  are  attached  cords, 
which,  passit^  over  the  two 
pulleys  M  and  M',  are  atr 
tached  to  the  two  weights 
A  and  A'.    A  third  weight, 
Ry  is  suspended  by  means 
of  a  looped  cord  to  the  rod, 
BO  that  its  position  can  be 
easily  shifted.     In   this   ex- 
j]g,TX  periment   the   weights   cor* 

respond  to  the  forces  F'  and 
F"  of  Fig,  10,  while  the  cords  indicate  the  directions  iu  which 
the  forces  act.  By  varying  the  amount  of  the  weights,  and  also 
the  position  of  the  weight  R  on  tlie  rod,  it  will  be  found  that 
equilibrium  can  be  maintained  only  when  the  conditions  above 
stated  are  fulfilled.  Thus,  if  the  weight  R  be  20. grammes, 
the  sum  of  the  weights  A  and  A'  must  also  be  20  grammes.  If 
A'  is  equal  to  12  grammee,  then  A  must  equal  8,  and  the  position 
of  the  loop  on  the  rod  must  be  such,  that  O  P'  shall  be  to  O  P 
as  8  is  to  12.  If,  then,  the  distance  P  P'  is  equal  to  20  c.  m., 
the  distance  P  O  will  be  12  c.  m.,  and  P'  O  will  be  8  c.  m. 

This  same  experiment  also  illustrates  the  case  represented  in 
Fig.  11,  where  the  two  components  are  acting  in  opposite  direc- 
tions ;  for,  as  the  system  of  weights  is  iu  equilibrium,  it  follows 
that  the  force  exerted  by  any  one  may  be  regarded  as  equal  iu 
intensity  to  the  resultant  of  the  other  two ;  this  resultant,  how- 
ever, acting  in  the  opposite  direction  to  the  force  exerted  by  the 
weight.  Hence,  we  may  consider  the  forces  exerted  at  the  points 
O  and  P'  to  be  the  components  of  a  force  equal  to  that  exerted 
by  tlie  weight  at  P,  but  in  a  direction  opposite  to  P  M,  Taking 
the  values  of  the  weights  when  the  system  is  in  equilibrium,  as 
given  above,  it  is  evident  that  the  amount  of  the  resultant,  and 
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the  position  of  its  point  of  application,  Sj  are  the  same  as  would 
be  found  by  the  rule ;  for,  in  the  first  place,  the  weight  A  is 
equal  to  the  difference  of  the  two  weights  R  and  A\  and,  in  the 
second  place,  the  distances  P  O  and  P  P  are  inversely  propor- 
tional to  the  values  of  the  two  weights  R  and  A'. 

(38.)  Couples,  —  When  the  two  parallel  forces  are  exerted  in 
opposite  directions,  tliere  is  one  set  of  conditions  which  presents 
a  case  of  peculiar  interest ;  and  that  is,  when  the  two  compo- 
nents are  equal.  In  this  case,  the  value  of  the  resultant  is  evi- 
dently equal  to  zero ;  and,  moreover,  the  point  of  application  is 
at  an  infinite  distance  from  the  points  of  application  of  the  two 
equal  components.  The  last  fact  follows  from  the  proportion 
[20] ,  AC:  B  C=F"  :F'.  This,  by  the  theory  of  proportions, 
may  be  written, 

A  C—  BCiF'^  —  F'  =  AC:F"^BCiF'\ 

or, substituting  (see Pig.  1V)AB=A C—BC,  and F= F"—  F', 

A  B  :  F  =  A  C :  F''  =  B  C :  F. 

'^0  =  ^X_Zi;    and     BC^±^.      [21.] 

When  the  two  components  are  equal,  the  resultant  JF'  =  0, 
and  botli  the  distances  A  C  and  B  C  become  equal  to  infin- 
ity. In  this  case,  therefore,  there  is  no  single  resultant,  and 
therefore  no  tendency  to  produce  in  a  body  any  progressive  mo- 
tion. Such  a  system  of  forces  is  termed  a  couple^  and  its  ten- 
dency is  to  make  the  body  rotate.  The  theory  of  couples  is  of 
great  importance  in  mechanics ;  but  as  we  shall  not  have  occasion 
to  apply  it  in  this  work,  we  shall  not  dwell  upon  it. 

(39.)  Composition  of  several  Parallel  Forces.  —  We  can  evi- 
dently find  the  resultant  of  several  parallel  forces,  by  combining 
them  two  by  two,  as  in  the  case  of  forces 
acting  in  different  directions.  In  Fig. 
18,  the  points  w,  w',  w",  and  m'"  are  the 
points  of  application  of  the  parallel 
forces  F,  jF',  F",  and  F'",  all  acting 
in  the  same  direction.  In  order  to  find 
a  common  resultant,  we  first  combine 
F  with  F* ;  let  o  be  the  point  of  appli- 
cation of  the  first  resultant.    We  next 
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combine  the  first  resultant  with  F"^  and  let  &  be  the  point  of 
application  of  the  second  resultant.  Lastly,  we  combine  the 
second  resultant  with  F'"^  and  we  shall  then  find  a  final  result- 
ant of  all  the  forces.  This  is  evidently  equal  in  amount  to  the 
sum  of  all  the  components,  and  its  point  of  application  will  be 
on  the  line  o'  m"\  at  an  intermediate  position  between  the  two 
points,  which  may  be  determined  by  means  of  the  proportions 
given  above. 

Where  all  the  parallel  components  are  not  in  the  same  direc- 
tion, we  combine  each  set  separately,  and  thus  obtain  two  partial 
resultants,  acting  in  opposite  directions.  If  these  are  equal,  we 
shall  have  a  couple  y  and  no  final  resultant.  If  they  are  not 
equal,  we  can  find  a  resultant  by  the  method  already  described. 

(40.)  Centre  of  Parallel  Forces.  —  By  referring  to  Pigs.  10, 
11,  and  the  demonstration  following,  it  will  be  seen  that  the 
position  of  the  point  C  does  not  depend  on  the  common. direction 
of  the  forces  represented  hj  AP  and  B  Q,  but  only  on  their  rel- 
ative intensities.  If  we  suppose  these  components  to  revolve 
round  their  points  of  application,  A  and  B,  the  resultant  will 
still  pass  through  C  in  any  position  they  may  assume,  provided 
only  that  they  remain  parallel.  Moreover,  it  will  be  seen  that 
the  point  of  application  of  the  resultant,  which  we  transferred  for 
convenience  from  mto  Cj  may  be  at  any  point  on  the  line  of  its 
direction.  In  other  words,  it  is  not  fixed  by  tlie  conditions  of  the 
problem,  except  so  far  as  this,  that  it  must  be  on  the  line  m  C  R. 
It  follows,  then,  that  if,  in  the  system  of  parallel  forces  of  Fig.  13, 
we  suppose  the  components  to  revolve  about  their  points  of  ap- 
plication, their  resultants  will  always  pass  through  the  point  &, 
provided  only  that  they  remain  parallel.  In  Fig.  14,  all  the 
components  have  been  revolved  through  an  angle  equal  to 
P'  O  P.  The  direction  of  the  resultant 
has  changed  from  P'OtoPO^  but  it  still 
passes  through  the  point  O.  In  the  posi- 
tion of  the  components  represented  by 
Fig.  18,  the  point  of  application  may  be 
at  any  point  of  the  body  on  the  line  O  P 
which  corresponds  to  the  line  O  P'  of 
Fig.  14.  In  the  second  position  of  the 
components  in  Fig.  14,  it  may  be  at  any 
point  on  the  line  G  P.    The  point  G,  in 
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wliich  all  the  snocessiye  directions  of  the  resultant  intersect  when 
its  components  revolve  about  their  points  of  application,  is  called 
the  centre  of  parallel  forces.  It  follows,  from  this  definition, 
that  if  the  forces  remain  parallel,  and  their  points  of  appli- 
cation invariable,  this  system  of  points  may  be  turned  round 
the  centre  of  parallel  forces  without  changing  the  point  of  appli- 
cation of  the  resultant ;  so  that,  if  this  point  were  supported,  the 
system  would  remain  in  equilibrium  in  any  position  we  could 
give  it  in  turning  it  round  this  point. 

(41.)  Action  and  Reaction.  —  The  simplest  case  of  the  action 
of  one  body  upon  another,  is  when  a  body  in  motion,  which  we 
may  call  JIf,  strikes  upon  another  at  rest,  which  may  be  termed 
JIf '.  If  M'  is  free  to  move,  it  will  be  put  in  motion  by  the  action 
of  i(f,  and  in  any  case  the  reaction  of  J(f ',  in  retarding  ilf 's  mo- 
tion, will  be  precisely  equal  to  the  action  of  Jkf  in  communicating 
motion  to  M\  This  principle,  which  is  a  necessary  result  of  the 
inertia  of  matter,  is  generally  expressed  tlms :  —  Action  and  re- 
actiom  are  always  equal  and  opposite. 

The  changes  in  the  motion  and  in  the  moving  force  of  both 
bodies,  which  result  from  collision,  are  in  general  of  a  complicated 
kind,  and  depend  on  the  degree  of  elasticity  of  the  bodies,  their 
form,  mass,  and  other  circumstances.  To  simplify  the  question, 
we  shall  consider  the  bodies  as  completely  devoid  of  elasticity, 
and  so  constituted  that  after  the  collision  they  shall  move  as  one 
body.  Let  us  then  inquire  what  will  be  the  direction  and  velocity 
of  the  united  mass  after  the  impact. 

The  mass  M'j  being  previously  at  rest,  can  have  no  motion 
save  what  it  may  receive  from  the  mass  JIf,  and  consequently 
must  move  in  the  same  direction  as  the  mass  M  moved  in  before 
the  collision.  Again,  since  bodies  cannot  generate  or  destroy 
motion  in  themselves,  it  follows  that  whatever  motion  the  mass 
M'  may  acquire  must  be  lost  by  the  mass  Jtf ;  and  also,  that  the 
total  momentum  of  the  united  masses  after  the  collision  must  be 
exactly  equal  to  the  momentum  of  the  mass  M  before  it.  If  b 
and  b'  represent  the  velocities  before  and  after  impact,  then,  by 
(29),  Mb  and  (3f -f  M')  t)'  repi^sent  the  momentum  before 
and  after  impact ;  and  since  these  are  equal,  we  have 

Jtfi)  =  (Jlf+JtfOi)',    whence    ^m^^jf^-jp.      [22.] 

Let  us  next  suppose  that  the  two  bodies  are  both  moving,  and 
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in  the  same  direction ;  tlie  mass  M  with  a  velocity  0,  and  tlie 
mass  M'  with  a  velocity  t)',  less  than  b>  Wliat  will  be  the  com- 
mon velocity  after  impact  ?  The  momenta  of  the  two  bodies  are 
Mv  and  M'  v'.  Since  these  motions  are  in  the  same  direction, 
they  cannot  be  either  diminished  or  increased  by  the  collis- 
ion, and  hence  the  momentum  of  the  united  bodies  will  be 
M\y  -\-  M'  V'.  If,  then,  b"  be  the  unknown  velocily  of  the 
united  masses,  we  have 
ilf  b  +  JIf'  b'  =  (Jtf-f  M'-)  b",  and  b"  =  ^4r^'-     [23.] 

Let  us  now  suppose  that  the  two  bodies  are  both  moving,  but 
in  opposite  directions,  and  that  the  momentum  of  M  is  greater 
than  tliat  of  M',  On  their  collision,  the  momentum  of  M'  will 
destroy  just  so  much  of  that  of  Jl/  as  is  equal  to  its  own  amount ; 
for  it  is  evident  that  equal  and  opposite  momenta  must  destroy 
each  other.  T)io  momentum  left  after  collision  must,  therefore, 
equal  JIf  b  —  M'  v',  and,  using  b"  as  before,  we  shall  have 

jtfb-jif' b'=(jir+jif)b",  and  b'='^-^^-  [24.] 

In  the  last  case,  as  in  the  first,  the  reaction  of  the  mass  M'  is 
equal  to  the  action  of  the  mass  M.  The  action  of  the  mass  M 
has  consisted,  first,  in  destroying  the  momentum  of  M',  equal  to 
M'  b' ;  second,  in  giving  to  it  the  momentum  M'  b".  The  total 
action  is  therefore  expressed  by  M'  v'  +  M'  b".  The  reaction  of 
M'  has  consisted,  first,  in  destroying  a  portion  of  the  momentum 
of  M,  equal  to  M'  v' ;  and  second,  in  subtracting  from  the  re- 
mainder of  the  momentum  of  M  the  amount  which  it  has  after 
the  collision,  or  M'  b".    The  total  reaction  is  therefore,  as  before, 

M'  b'  4-  3f'  b". 

We  will  now  suppose  that  the  two  masses  are  moving  in  dilTer- 
ent  directions ;  M  in  tlie  direc- 
tion  A  B,  Fig.  15,  with  a  velocity 
b,  and  M'  in  tlie  direction  A'  B', 
with  a  velocity  b'.  The  direc- 
tion of  the  motion  after  collision, 
and  the  momentum  of  the  united 
masses,  can  be  easily  ascertained 
by  the  application  of  the  prin- 
ciple of  the  parallelogram  of 
■>►*  forces    already  explained  (33). 


GENERAL  PB0PEBTIE3  OP  MATTEB.  61 

Let  the  distance  CH  represent  the  momcatiim  MV,  and  the  dis- 
tance C  I>  the  momeDtum  M'  V\  and  complete  the  parallelogram 
GDEiy.  Draw  its  diagonal  CE.  Tliis  di^onal  will  then 
represent  the  direction  of  the  common  motion  and  the  momen- 
tnm  of  the  combined  masses,  which  is  equal  to  (.Af -|-  M'")  {)". 
To  find  the  velocity,  it  will  be  necessary  to  divide  the  number 
expressed  by  this  diagonal  by  the  sum  of  M  and  M', 

If,  in  the  first  case,  we  suppose  the  body  M',  at  rest,  to  be  in- 
finitely large,  as  compared  with  the  moving  mass  M,  then  the 
value  of  V'  [22]  becomes  0,  which  shows  that  the  whole  momen- 
tum is  destroyed.     This  is  practically  the  case  when  the  moving 
mass  impinges  against  a  fixed  obstacle,  which  is  either  very  much 
larger  than  itself,  or  which  is  firmly  fastened  t«  the  earth.     The 
body  must,  however,  be  supposed  to  strike  the  surface  of  the  ob- 
stacle from  a  direction  at  right  angles  to  tliis  surface.    Should  it 
strike  the  surface  at  an  oblique  angle,  we  may  have  a  diSerent 
result.    Let  us  suppose  an  unelastic  sphere  impinges  against  an 
unyielding  surface,  D  B  C,  in  the 
direction  A  £,  with  a  velocity  b 
and   a   momentum    M  t)  ;    what 
would    ho    the    result  ?     By  the 
principle  of  the   paralleld^ram  of 
force,  the  momentum  iff  tl  is  equiv- 
alent to  two  others,  one  in  the  di- 
rection A  D,  and  the  other  in  the  ^  i^^ 
direction  D  B.    The  first  will  be 

destroyed  at  the  impact ;  but  the  second,  which  is  equal  to 
M  V  cos  a,  will  give  the  sphere  a  motion  with  the  velocity  V  cos  a 
in  the  direction  B  C.  In  the  figure  the  surface  is  a  plane,  but 
the  demonstration  is  true  for  any  curved  suiface  ;  in  such  cases, 
however,  the  plane  J)  B  C  of  the  figure  is  tlie  tangent  [Jane  to 
the  surface  at  the  point  of  contact. 

It  follows  from  the  above  discussion,  that  the  loss  of  mo- 
mentum in  a  mass,  Sf,  impinging  on  another  mass,  Jlf' ,  when  at 
rest,  is  always  proportional  to  its  velocity.  This  loss,  as  can 
eaaUybe  deduct  from  [22],  is  equal  to 

a  quantity  whose  value  is  evidently  [»«portional  to  that  of  V. 
In  all  the  above  cases,  it  can  easily  be  shown  that  the  re- 
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action  of  the  body  M'  is  always  exactly  equal  and  opposite  to  the 
action  of  the  body  M.  The  same  is  also  true,  when  the  body  M 
acts  on  the  body  M'  through  the  forces  of  gravitation,  electric 
city,  magnetism,  etc.,  and  not  by  direct  impact.  A  needle,  for 
example,  attracts  a  magnet  with  exactly  the  same  force  with 
which  the  magnet  attracts  the  needle ;  and  were  both  free  to 
move,  the  magnet  would  move  towards  the  needle  as  well  as  the 
needle  towards  the  magnet.  It  is  also  true,  when  a  body  does  not 
strike,  but  merely  presses  against,  an  obstacle, — as,  for  example, 
when  a  weight  rests  on  a  table, — that  tlie  reaction  of  the  obstacle 
is  exactly  equal  to  the  pressure. 

(42.)  Power ^  or  Living'  Force. — It  has  been  shown  (14),  that 
the  intensity  of  a  force  is  measured  by  Jlf  o.  .In  the  case  of  a  loco- 
motive, for  example,  Jif  represents  the  whole  mass  of  the  locomo- 
tive and  train,  and  d  the  acceleration  of  velocity  imparted  by  the 
moving  force  each  second.  Were  the  motion  not  retarded  by 
friction  and  other  causes,  its  velocity  would  increase  indefinitely, 
according  to  the  laws  of  uniformly  accelerated  motion  already  de^ 
scribed.  In  fact,  however,  with  a  given  force,  F^  this  velocity  soon 
comes  to  a  maximum,  which  it  does  not  exceed ;  and  so  long  as  the 
force  and  the  resistance  do  not  vary,  the  train  moves  with  a  imi-* 
form  motion.  During  this  time  the  action  of  the  force  is  exactly 
balanced  by  the  resistance  arising  from  friction  and  other  causes, 
and  the  train  moves  in  virtue  of  the  momentum,  ilf  t),  previously 
acquired.  In  the  space  passed  over  by  the  train  each  second,  the 
coimteracting  forces  just  neutralize  the  force  F,  exerted  by  the 
Qioving  agent  during  the  same  period.  It  might  now  be  suppc^ed, 
that,  if  this  force  were  suddenly  quadrupled,  so  as  to  equal  4  F, 
the  velocity  would  again  increase  until  it  attained  to  four  times  its 
present  amount.  In  fact,  however,  its  velocity  rapidly  increases, 
but  only  to  twice  its  present  amount ;  and  then  it  is  found  that  the 
resistance  is  again  just  balanced  by  the  greater  force.  That  this 
must  be  the  case  can  be  seen  by  reflecting,  that,  with  a  double 
velocity,  the  moving  train  passes  over  double  the  space  each  sec- 
ond, and  therefore  encounters  twice  as  many  points  of  resistance. 
Moreover,  it  strikes  each  of  these  points  with  double  the  velocity, 
and  hence  meets  at  each  point  twice  the  resistance.  It  there- 
fore meets,  during  a  second,  twice  as  many  points  of  resist- 
ance, and  suffers  at  each  point  twice  as  much  resistance.  The 
resistance  during  a  second  is  thus  four  times  as  great  as  before, 
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and  must  require  four  times  as  much  force  to  overcome  it.  In 
order  to  obtain  three  times  tlie  Telocity,  it  would  be  necessary  to 
increase  by  nine  times  the  force ;  and  in  general  the  force  re- 
quired will  be  proportional  to  the  square  of  the  velocity  to  be 
attained.  What  is  true  of  the  motion  of  a  train  of  cars  is  true 
also  of  the  motion  of  a  steamboat,  and  indeed  of  all  motion 
whatsoever  by  which  work  is  or  may  be  accomplished.  Hence 
the  ability  of  a  force  to  do  work  is  proportional,  not  to  the 
velocity,  but  to  the  square  of  the  velocity  which  it  imparts  to 
the  moving  body. 

The  spa^e  passed  over  during  a  second  by  a  body  starting  from 
a  state  of  rest,  is  equal  to  |  ti  [5].  The  intensity  of  the  force 
which  has  moved  it  over  thi^  space  is  equal  toMv  The  product 
of  tbo  intensity  of  the  force  by  the  space  passed  (the  number  of 
points  at  which  it  has  acted),  represents  the  work  accomplished 
by  the  force.  This  product,  equal  to  J  iif  0',  was  named  by 
Leibnitz  vis  viva^  or  living  force^  to  distinguish  it  from  force 
which  does  not  produce  motion,  but  only  pressure ;  and  which  h^ 
named  dead  force  •  A  discussion  was  excited  by  Leibnitz  on  this 
subject,  in  which  all  the  mathematicians  of  the  eighteenth  oenr 
tury  took  part,  and  which  continued  for  more  than  forty  years ; — 
one  party  claiming,  with  Leibnitz,  that  force  was  proportional  to 
the  square  of  the  velocity ;  and  the  other,  that  it  was  propor- 
tional to  the  simple  velocity, —  the  first  party  measuring  force 
by  the  vis  viva^  and  the  otiier  by  the  fnamenium.  As  not  unfre- 
quently  happens  in  such  cases,  both  parties  were  right ;  and  their 
two  opinions  were  harmonized  by  introducing  the  element  of 
time.  For,  as  we  have  seen,  the  living  force  represents,  not 
the  intensity  of  the  force  at  any  instant,  which  is  always  meas- 
ured by  MVy  but  the  work  which  the  force  will  accomplish  duro 
ing  a  second  of  time. 

It  represents,  in  other  words,  the  power  or  quantity  of  the  force, 
in  distinction  from  the  intensity  of  the  force.  The  intensity  of  a 
force  has  been  represented  by  F.  The  power  or  quantity  of  a 
force  ma^  be  demoted  by  P.     Hence, 

F^Mv,    and    P— JJIft)*.  [25.] 

The  word  farce  is  generally  used  in  a  restricted  sense^  as  in  (29)| 
to  denote  only  the  intensity  of  any  effort,  the  quantity  of  the  force 
exerted  being  called  power.  Thes^  terms  will  be  adopted  with 
tlieir  usual  sense  in  this  volume. 

5* 
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PROBLEMS. 

NoTB.  The  following  problems  should  be  solved  both  bj  geometrical  coostraction 
and  bjr  trigonometry,  wheneyer  both  methods  are  applicable. 

Measure  of  Force, 

25.  A  mass  of  matter  equal  to  10  units  of  mass  receires  an  aooeleratioii 
fix>m  a  given  force  of  5  metres.    What  is  the  intensitj  of  the  force  ? 

26.  A  mass  of  matter  equal  to  7  units  of  mass  reoeires  an  accelera- 
tion from  a  given  force  of  9.8  metres.  What  is  the  intensitj  of  the 
force? 

27.  A  mass  of  matter  equal  to  15  units  of  mass  receives  an  accelera- 
tion from  a  given  force  of  1.654  metres.  What  is  the  intensitj  of  the 
force? 

28.  A  mass  of  matter  equal  to  20  units  of  mass  receives  an  accelera- 
tion from  a  given  force  of  26.243  metres.    What  is  the  intensity  of  the 

force  ? 

J^nnentum. 

29.  A  railroad  train  whose  mass  equals  1000  units  is  travelling  with 
a  velocity  of  50  kilometres  an  hour.  What  is  its  momentum?  How 
manj  units  of  force  would  be  required  to  stop  the  train  in  ten  minutes^ 
supposing  the  moving  power  to  cease  acting  ? 

30.  A  vessel  whose  mass  equab  120,000  units  is  moving  with  a  ve- 
locity of  2.25  metres.  What  is  its  momentum  ?  How  many  units  of 
force  would  be  required  to  stop  it  in  five  minutes,  supposing  the  moving 
power  to  cease  acting  ?  If  the  resistance  of  the  water  and  other  causes 
of  retardation  are  equivalent,  on  an  average,  to  a  force  of  900  units,  how 
soon  would  the  vessel  come  to  rest  after  the  moving  power  ceased  ? 

Composition  of  Forces, 

81.  Three  forces  are  acting  on  a  point  in  the  direction  A  By  equal  re- 
spectively to  20,  35,  and  70  units.  In  the  opposite  direction,  B  A,  are 
acting  four  forces,  equal  respectively  to  10,  45,  15,  and  30  units.  What 
is  the  intensity,  and  what  the  direction,  of  the  resultant  ? 

32.  A  force  equal  to  1000  units  is  acting  on  a  point  in  the  direction 
BA.  What  is  the  intensity  of  each  of  two  components,  which  are  to 
each  other  as  3  :  5,  and  both  of  which  are  acting  in  the  same  direction  as 
the  resultant  ?  What  is  the  intensity  of  each  of  two  components,  one  of 
which  acts  in  the  direction  of  the  resultant  and  the  other  in  an  opposite 
direction,  and  which  are  to  each  other  in  the  relation  of  3  :  5  ? 

33.  It  is  required  to  resolve  a  force  equal  to  441  units  into  six  compo- 
nents, in  the  same  direction  as  the  resultant,  whose  intensities  shall  be  to 
each  other  as  1  :  2  :  2«  :  2»  :  2*  :  2*. 

34.  It  is  required  to  resolve  a  force  equal  to  44  units  into  six  compo- 
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nents.  Three  of  these,  which  have  the  same  direction  as  the  resultant, 
are  to  each  other  as  1  :  3  :  5  ;  while  the  three  others,  which  have  an  op* 
posite  direction,  are  to  each  other  as  1  :  2  :  3.  Moreover,  the  sum  of  the 
first  is  5.4  times  greater  than  the  sum  of  the  last 

35.  Two  forces  are  acting  at  right  angles  to  each  other  on  one  point. 
"Die  force  F'  ^  b  units,  and  the  force  F**  —  5  m^z  units.  What  is 
the  intensity  of  the  resultant?  and  what  is  the  angle  which  its  direction 
makes  with  the  direction  d  F'? 

36.  Two  forces  acting  at  right  angles  on  one  point  are  equal,  J^'  to  3 
units,  and  F"  to  4  units.  What  is  the  intensity  of  the  resultant  ?  and 
what  is  the  angle  which  its  direction  makes  with  the  direction  of  F^  ? 

37.  It  is  required  to-  resolve  a  force,  F  s-*  100  units,  into  two  compo- 
nents, F*  and  ^",  making  with  F  the  angles  65°  and  25°  respectively. 
What  must  be  their  intensities  ? 

38.  It  is  required  to  resolve  a  force,  ^  »*  100  units,  into  two  compo- 
nents at  right  angles  to  each  other,  one  of  which  which  shall  be  equal  to 
30  units.  What  must  be  the  value  of  the  second  component  ?  and  what 
the  values  of  the  angles  which  both  components  make  with  the  resultant  ? 

39.  Two  forces,  each  equal  to  100  units,  act  on  one  point  The  angle 
made  by  the  directions  of  the  two  forces  equals  45°.  What  is  the  value 
of  the  resultant  ? 

40.  The  directions  of  two  forces,  F'  »  100  and  F*'  «-  50,  acting  on 
one  point,  make  an  angle  of  145°.  What  is  the  value  of  the  resultant 
F?  and  what  are  the  angles  which  F  makes  with  F*  and  F"  ? 

41.  It  is  required  to  decompose  a  force,  F  '^  125,  into  two  compo- 
nents, the  direction  of  each  of  which  shall  make,  with  the  direction  of  F, 
an  angle  of  25°.     What  will  be  the  value  of  each  component  ? 

42.  It  is  required  to  resolve  a  force,  j^  «>-  100,  into  two  components, 
F'  and  -F",  whose  direction  shall  make,  with  the  direction  of  F,  the  an- 
gles of  10°  and  20°  respectively.  What  will  be  the  value  of  each  com- 
ponent ? 

43.  Five  forces,  whose  directions  are  in  the  same  plane,  act  on  one 
point  The  intensities  of  the  forces,  and  the  angles  which  their  directions 
make  with  a  fixed  direction  passing  through  the  point  of  application  in 
the  same  plane,  are  given  in  the  following  table :  — 


IntnMltj  of  tbt  lotom. 

laeUnAtion  to  th*  fixad  DivMtkm. 

90 

50° 

100 

120° 

120 

170° 

50 

250° 

40 

290° 

What  is  the  intensity  of  the  resultant  ?  and  what  is  the  angle  which  its 
direction  makes  with  the  fixed  direction  ? 
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44.  The  force  J^  — 100  is  resolved  into  two  components,  F'  — 100 
and  F"  «■  150,  What  are  the  angles  which  the  directions  of  these  com- 
ponenU  make  with  the  direction  of  F? 

45.  At  the  extremities  of  a  straight  line  44  c  m,  long^  twQ  parallel 
forces,  F'  ^^  15  and  F"  «*■  7,  are  acting  in  the  same  direction.  What 
is  the  intensity  of  the  resultant  ?  and  what  i^  the  position  of  the  centre  of 
the  two  forces  ? 

46.  At  the  extremities  of  a  straight  line  12  cm.  long^  two  parallel 
forces,  F'  —  19  and  F"  *■  13,  are  acting  in  opposite  directions.  What 
is  the  intensity  of  the  i-esultant  ?  and  what  is  the  position  of  the  centre  of 
the  two  forces  ? 

Action  and  lUaUion, 

47.  A  mass  JIT  «■  20  units,  moving  with  a  velocity  of  5  m.,  meets 
a  second  mass  M'  «■  15  units,  which  is  at  rest.  What  will  be  the  ve- 
locity of  the  combined  masses  after  collision  ?  In  this  and  in  the  few 
succeeding  problems  the  masses  are  supposed  to  be  unelastic,  and  so 
constituted  that  after  the  coIUsion  they  will  move  on  together  as  one 
body. 

48.  A  mass  Jf  «■  500  units,  moving  with  a  velocity  of  15  m.,  strikes 
another  mass  M'  «■  50  units,  moving  with  a  velocity  of  10  m.  in  the 
same  direction.  What  will  be  the  velocity  of  the  combined  masses 
after  the  collision? 

49.  A  mass  M^mm  250  units,  moving  with  a  velocity  of  20  m.,  meets 
another  mass  M'  «■  300  units,  moving  with  a  velocity  of  2  m.  in  the  op- 
posite direction.  What  will  be  the  velocity  of  the  combined  masses  after 
the  collision  ? 

50.  A  mass  JIf  ■•  25  units,  moving  with  a  velocity  of  5  m.,  meets  an- 
other mass  M'  >■  30  units,  moving  with  a  velocity  of  2  m.  The  direc- 
tions of  the  two  motions  before  collision  make  with  each  other  an 
angle  of  75°.  What  will  be  the  velocity  of  the  combined  masses 
after  the  collision  ?  and  what  will  be  the  angle  made  by  the  direction 
of  the  resulting  motion  with  the  directions  of  the  two  motions  before 
collision  ? 

GRAVITATION. 

(43.)  Definition,  — When  bodies  near  the  surface  of  the  earth 
are  left  unsupported,  they  fall  to  the  ground ;  or,  if  supported, 
they  exert  a  downward  pressure,  which  we  term  their  weight. 
The  cause  of  these  phenomena  is  called  the  force  of  gravity* 
This  force  is  the  attraction  which  the  earth  exercises  upon  all 
bodies  on  or  near  its  surface,  and  is  only  a  particular  case  of  ft 
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general  force  of  nature,  in  virtue  of  which  all  bodies  in  the  uni- 
Teree  attract  each  other,  with  a  force  depending  on  their  mafisea 
and  their  mutual  distances.  Astronomy  exhibits  the  grandest 
examples  of  this  force,  in  the  motions  of  the  heavenly  bodies  ;  but 
it  can  also  be  shown  that  the  same  force  actd  upon  the  smallest 
masses  of  matter  with  which  we  experiment  on  the  surface  of  the 
globe.  The  existence  of  tliia  force  of  attraction  between  the  heav- 
enly bodies  was  first  recognized  by  Newton,  who  discovered  the 
]aw  which  it  obeys,  and  gave  to  It  the  name  of  Universal  Gravis 
tation.  In  this  work,  wo  shall  only  have  occasion  to  study  those 
phenomena  of  gravitation  which  are  caused  by  the  attraction 
which  Hia  earth  exerts  for  bodies  on  or  near  its  surface.  Let  us 
then  inqoire  what  is  the  direction,  wliat  the  point  of  application, 
9nd  what  the  intensity  of  this  force.     Compare  (26). 

(44.)    JXrection  of  the  Earth's   Attraction.  —  It  has  been 
stated  (27),  that  the  direction  of  a  force  is  the  direction  of  the 
motion  which  it  causes,  or  the  direction  of  the  pressure  which  it 
exerts.     When  bodies  fall  freely,  they  move  on  a  line  which,  if 
extended,  would  pass  through  a  variable  point  near  the  centra 
of  tlie  globe,  called  its  cen/reo/'atiroc^iofl.    Hence,  the  direction 
of  the  force  of  gravitation  is  that  of  a  line  joining  the  centre 
of  attraction  of  the  earth  to  the  point  of  application  of  tii«  body. 
This  direction  is  given  by  bl  plumb-line,  which  is  merely  a  small 
weight,  generally  of  lead,  suspended  by  a  light 
^^^\^     and  flexible  thread  (Fig.  17).     When  the  weight 
^  ^^*vM    *^"'  freely  suspended  is  at  rest,  it  is  easy  to  show 
nS^    that  the  pressure  exerted  by  the  force 
of  gravitation  is  in  the  direction  of 
the  line.    In  Fig.  18,  for  example, 
this  pressure  must  be  in  the  direc- 
tion A  C.    To  prove  this,  suppose  for 
a  moment  Uie  force  exerting  the  pres- 
sure were  in  any  other  direction,  as 
A  B ;  then  the  force  in  the  direction 
AB  could  be  decomposed  into  two 
oomponents,  one  in  the  direction  A  C,  which  would 
be  Qeutralised  by  the  resistance  of  the  point  of 
saspension,  the  other  in  the  direction  A  D,  which 
would  cause  motion.    M  by  supposition  the  weight         nits- 
is  at  TWt,  it  follows  that  the  direction  of  Uie  pressure,  and  hence 
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also  the  direction  of  the  force  of  gravitation^  must  be  that  of  the 
plumb-line. 

If  several  plumb-lines  be  placed  near  each  other,  it  will  be 
found  that  the  lines  when  at  rest  will  all  be  sensibly  parallel  to 
each  other ;  because  their  distances  apart  are  inconsiderable  in 
comparison  with  the  length  of  the  radius  of  the  earth.  Hence 
the  directions  of  the  forces  of  gravity  exerted  by  the  earth  on 
neighboring  bodies  are  parallel.  The  direction  of  the  plumb- 
line  at  any  place  is  called  the  vertical  direction^  and  the  di- 
rection perpendicular  to  this  the  horizontal  direction.  The 
surface  of  a  liquid  at  rest,  as  will  be  proved  hereafter,  is  always 
horizontal,  and  therefore  perpendicular  to  the  plumb-line. 

(45.)  Point  of  Application  of  the  Earth* s  Attraction.  —  As 
every  particle  of  a  body  is  similarly  situated  towards  the  earth,  it 
follows  that  every  particle  must  be  equally  attracted,  and  that 
there  must  be  as  many  points  of  application  as  there  are  parti- 
cles of  the  body.  The  action  of  the  earth's  attraction  may  there- 
fore be  regarded  as  the  action  of  an  infinite  number  of  parallel 
and  equal  forces  on  as  many  distinct  points  of  application.  The 
resultant  of  these  forces  can  be  easily  found  by  extending  the 
method,  discussed  in  (39),  of  finding  the  resultant  of  several 
parallel  forces,  to  the  case  where  the  number  of  forces  is  infinite. 
As  the  general  conclusions  of  (39)  are  independent  of  the  num- 
ber of  parallel  forces,  it  follows  that  the  direction  of  the  result- 
ant of  the  forces  of  gravity,  acting  on  the  particles  of  a  body,  is 
parallel  to  the  common  direction  of  the  forces,  and  also  that  the 
intensity  of  the  resultant  is  equal  to  the  sum  of  the  intensities  of 
the  components. 

If,  for  example,  A  B  (Fig.  19)  represents  a  mass  of  matter, 
and  the  small  arrows  pointing  vertically  downwards  represent 
the  directions  of  the  gravitating  forces  acting  on  the  particles  com- 
posing such  mass,  then  it  follows,  from  what  has  been  explained, 
that  the  resultant  of  all  these  forces  will  have  a  direction,  DE^ 
parallel  to  their  common  direction,  and  will  have  an  intensity 
equal  to  their  sum.  The  position  of  this  resultant  remains  yet  to 
be  determined.  The  principles  of  mathematics  enable  us,  in  many 
cases,  to  combine  together  the  forces  acting  on  all  the  particles 
of  a  body,  by  extending  the  method  used  in  (39),  Fig.  13,  and 
thus  to  calculate  the  exact  position  of  the  resultant ;  but  its  posi- 
tion can  in  most  cases  be  determined  more  readily  by  experi- 
ment. 


GEHEIUL  PSOPEBTIES  0?  MATTER.  59 

If,  ill  Fig.  19,  we  suppose  that  the  liue  represented  by  tbe  large 
arrow  is  tlie  direction  of  the  resultant,  it  is  evident  that,  if  auy 
point,  such  as  C,  on  that  line,  is  supported,  the 
body  vill  remain  at  rest ;  because  the  resultant 
of  all  the  forces  acting  upon  the  body  having  the 
directton  D  E,  will  be  expended  in  preEsui'c  on 
the  fixed  point  C.    It  is  not  essential  tliat  the 
point  of  support  should  bo  in  the  body,  for  the 
same  would  be  true  for  any  point  in  the  direc- 
tion of  the  arrow  D  E.    If,  for  example,  D  were 
a  pin,  from  which  the  body  was  suspended  by 
a  thread  attached  to  the  body  at  any  point  in  the 
line  D  C,  then  the  body  would  still  remain  at 
rest ;  for,  as  before,  the  resultant  having  tlie  direction  Z)£  would 
be  expended  in  pressure  on  the  pin  at  D.    It  would  be  different, 
however,  with  a  point  of  support  not  in  the  direction  of  the  arrow, 
such  as  P.    If  tlie  body  be  connected  with  this  point  by  a  string 
attached  at  C,  it  will  no  longer  remain  at  rest ;  for  the  resultant 
I)  E,  acting  at  the  point  C,  can  be  decomposed  into  two  compo 
nents,  —  the  first  in  the  direction  of  C  H,  which  would  be  ex- 
pended in  pressure  on  the  point  P,  and  the  second  in  the  direction 
CI,  which  would  move  the  body  towards  the  vertical  line.    It 
follows,  therefore,  that,  if  a  body  be  supported  by  a  fixed  point, 
it  cannot  remain  at  rest,  unless  the  resultant  of  all  the  parallel 
forces  which  gravity  exerts  upon  its  particles  passes  through  that 
point. 

This  fact  gives  us  the  means  of  ascertaining  experimentally 
the  position  of  the  resultant  of  the  parallel  forces  which  gravity 
exerts  upon  the  particles  of  a  body.  We  have 
only  to  suspend  it  by  a  string  attached  to  any 
point  of  tlie  body,  and  the  direction  which  the 
string  assumes  will  be  tlie  direction  of  the  re- 
sultant of  the  forces  of  gravity  when  the  body 
is  in  that  position.  In  Fig.  20,  for  example,  the 
resultant  of  the  forces  which  gravity  exerts  upon 
the  particles  of  the  chair  is  the  line  A  B,  when 
the  chair  ia  in  the  position  represented  in  the 
^ure.  If  we  attach  the  string  to  another 
point,  the  chair  will  take  another  position,  and 
the  resultant  will  also  change  its  position  to  the  ^ 


60  CHEMICAL  PHYSICS. 

line  CD,  Fig.  21.    We  should  find,  by  experiment,  that  for 
eyerj  point  of  suspension  there  would  be  a  different  position  of 

the  chair,  and  also  a  different  position  of 
the  resultant. 

When,  in  any  given  position  of  a  bodj^ 
we  have  determined  tlie  position  of  the 
resultant  of  the  forces  of  gravity,  we  have 
also  determined  a  line  on  which  the  point 
of  application  of  the  earth's  attraction  must 
be;  because,  by  (32),  this  point  may  b^ 
any  point  on  the  line  of  the  resultant.  The 
position  of  the  line,  however,  will  depend 
on  the  position  of  tlie  body ;  and  there<- 
21  tore^  in  order  to  determine  it,  the  position 

of  the  body  must  be  given. 
(46.)  Centre  of  Gravity.  —  When  a  body  is  turned  round  in 
any  direction,  it  is  easy  to  see  that  the  lines  of  direction  of  the  par- 
allel forces,  which  gravity  exerts  on  its  j>article8,  revolve  about 
their  points  of  application,  retaining  their  parallelism.  Hence  it 
follows,  from  (40),  that,  in  any  position  which  tlie  body  may  as- 
sume, the  resultant  of  these  forces  will  always  pass  through  tho 
same  point.  This  common  point  of  intersection  of  the  resultants 
of  the  forces  of  gravity,  in  any  position  which  the  body  may  as- 
sume, is  termed  the  centre  of  gravity.  This  point  has  several 
important  relations,  which  we  will  now  consider. 

The  centre  of  gravity  may  always  be  regarded  a^  the  point 
of  application  of  the  resultant  of  the  forces  which  gravity  exerts 
upon  the  particles  of  a  body,  because  it  has  been  proved,  first, 
that  the  point  of  application  may  be  any  point  on  the  line  of  tho 
resultant ;  secondly,  that  the  centre  of  gravity  is  a  point  common 
to  all  the  resultants. 

When  the  centre  of  gravity  is  supported^  the  body  remains  at 
rest.  If  the  centre  of  gravity  be  supported  on  a  point  or  axis, 
and  the  body  is  free  to  turn  round  such  axis,  tlie  body  will  re- 
main at  rest  in  any  position  in  which  it  can  be  placed.  This 
result  follows  necessarily  from  the  last ;  for,  as  the  point  of  appli- 
cation of  ilie  resultant  is  fixed,  the  whole  intensity  of  the  forces 
of  gravity  must  be  expended  in  pressure  against  this  point. 

The  whole  attractive  force  exerted  by  a  mass  of  matter  may 
be  regarded  as  etnanating  from  its  centre  of  gravity.    The  prin- 
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ciple,  that  itctioii  and  reaction  are  always  equal  and  opposite, 
applies  to  the  attraction  of  gravity  exerted  by  one  mass  of  matter 
over  another^  The  earth  is  attracted,  by  a  body  near  its  surface, 
irith  a  force  exactly  equal  to  the  attraction  exerted  by  the  earth 
on  this  body.  Now,  since  the  attraction  of  the  body  must  be 
equal  and  opposite  to  that  of  the  earth,  it  follows  that  the  re^ 
sultant  of  the  force  must  be  on  the  same  lipe  with  the  centre  of 
gravity,  and  hence  may  always  be  regarded  as  emanating  from 
it.  Hence,  also,  the  attraction  of  the  earth  may  be  regarded  as 
emanating  from  some  one  point,  which  is  not,  however,  the 
same  as  the  centre  of  its  figure,  and,  moreover,  it  is  variable. 

A  singular  result  follows  from  the  principle  of  reaction  above 
stated,  since  it  must  be,  when  a  body  falls  to  the  ground,  that 
the  earth  must  rise  to  meet  the  body,  —  and  this  is  true  ;  but  the 
extent  of  tlie  motion  of  the  earth  is  as  much  less  than  that  of 
the  body,  as  the  mass  of  the  earth  is  greater  than  the  mass  of  the 
body.  Representing  by  m  the  mass  of  the  body,  we  have  for  the 
intensity  of  the  earth's  attraction  m  0 ;  and  representing  by  M 
the  mass  of  the  earth,  we  have  for  the  intensity  of  the  body's  at- 
traction  for  the  earth  M  n* ;  and  since  these  are  equal,  we  have 

mt)  =  Jf»',    or    »':»  =  w:Jlf; 

that  is,  the  velocity  acquired  by  the  earth  at  the  end  of  one  see* 
end  is  as  much  less  than  that  acquired  by  the  body,  as  the  mass 
of  the  body  is  less  than  that  of  the  earth. 

(47.)  Position  of  the  Centre  of  Gravity  *  —  For  the  methods 
of  calculating  the  position  of  the  centre  of  gravity,  we  must  refer 
the  student  to  works  on  Mechanics,  since  these  methods  depend 
on  the  principles  of  the  higher  mathematics.  The  position  of 
the  centre  of  gravity  can  be  found  experimentally  by  suspending 
the  body  by  a  cord  from  two  points  successively,  as  represented 
in  Figs.  20,  21.  The  point  where  the  line  of  the  cord  produced 
in  one  position  intersects  the  line  of  the  cord  produced  in  the 
second,  is,  by  (46),  the  centre  of  gravity.  It  can  thus  be  proved, 
that,  when  a  homogeneous  body  has  a  regular  form,  the  centre  of 
gravity  is  at  the  centre  of  the  figure.  This  is  the  case  with  the 
sphere,  the  cube,  the  octahedron,  and  the  other  regular  solids  of 
geometry.  So  also,  when  a  homogeneous  body  has  a  symmetrical 
axis,  the  centre  of  gravity  will  be  a  point  of  this  axis.  Thus,  in 
a  cone,  the  centre  of  gravity  is  iu  the  axis  of  the  cone,  and  it  can 
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line  CD,  Fig.  21.    We  should  find,  by  experiment,  that  for 
eyery  point  of  suspension  there  would  be  a  different  position  of 

the  chair,  and  also  a  different  position  of 
the  resultant. 

When,  in  any  given  position  of  a  body^ 
we  have  determined  the  position  of  the 
resultant  of  the  forces  of  gravity,  we  have 
also  determined  a  line  on  which  the  point 
of  application  of  the  earth's  attraction  must 
be ;  because,  by  (32),  this  point  may  b^ 
any  point  on  the  line  of  tlie  resultant.  The 
position  of  the  line,  however,  will  depend 
on  the  position  of  the  body ;  and  there^* 
^  21  ^<^^^'  ^^^  order  to  determine  it,  the  position 

of  the  body  must  be  given. 
(46.)  Centre  of  Gravity.  —  When  a  body  is  turned  round  in 
any  direction,  it  is  easy  to  see  that  the  lines  of  direction  of  tlie  par- 
allel forces,  which  gravity  exerts  on  its  j>articles,  revolve  about 
their  points  of  application,  retaining  their  parallelism.  Hence  it 
follows,  from  (40),  that,  in  any  position  which  the  body  may  as- 
sume, the  resultant  of  these  forces  will  always  pass  through  thQ 
same  point.  This  common  point  of  intersection  of  the  resultants 
of  the  forces  of  gravity,  in  any  position  which  the  body  may  as- 
sume, is  termed  the  centre  of  gravity.  This  point  has  several 
important  relations,  which  we  will  now  consider. 

The  centre  of  gravity  may  always  be  regarded  as  the  point 
of  application  of  the  resultant  of  the  forces  which  gravity  exerts 
upon  the  particles  of  a  body^  because  it  has  been  proved,  first, 
that  the  point  of  application  may  be  any  point  on  the  line  of  tho 
resultant ;  secondly,  that  the  centre  of  gravity  is  a  point  common 
to  all  the  resultants. 

When  the  centre  of  gravity  is  supported^  the  body  remains  at 
rest.  If  the  centre  of  gravity  be  supported  on  a  point  or  axis, 
and  the  body  is  free  to  turn  round  such  axis,  the  body  will  re- 
main at  rest  in  any  position  in  which  it  can  be  placed.  Tliis 
result  follows  necessarily  from  the  last ;  for,  as  the  point  of  appli- 
cation of  the  resultant  is  fixed,  the  whole  intensity  of  the  forces 
of  gravity  must  be  expended  in  pressure  against  this  point. 

The  whole  attractive  force  exerted  by  a  ma^s  of  matter  may 
be  regarded  as  emanating  from  its  centre  of  gravity.    The  prin- 
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dple,  that  fu^tion  and  reaction  are  always  equal  and  opposite, 
applies  to  the  attraction  of  gravity  exerted  by  one  mass  of  matter 
over  another^  The  earth  is  attracted,  by  a  body  near  its  surface, 
irith  a  force  exactly  equal  to  the  attraction  exerted  by  the  earth 
on  this  body.  Now,  since  the  attraction  of  the  body  must  be 
equal  and  opposite  to  that  of  the  earth,  it  follows  that  the  re^ 
sultant  of  the  force  must  be  on  the  same  lipe  with  the  centre  of 
gravity,  and  hence  may  always  be  regarded  as  emanating  from 
it.  Hence,  also,  the  attraction  of  the  earth  may  be  regarded  as 
emanating  from  some  one  point,  which  is  not,  however,  tlie 
same  as  the  centre  of  its  figure,  and,  moreover,  it  is  variable. 

A  singular  result  follows  from  the  principle  of  reaction  above 
stated,  since  it  must  be,  when  a  body  falls  to  the  ground,  that 
the  earth  must  rise  to  meet  the  body,  —  and  this  is  true  ;  but  the 
extent  of  tlie  motion  of  the  earth  is  as  much  less  than  that  of 
the  body,  as  the  mass  of  the  earth  is  greater  than  the  mass  of  the 
body.  Representing  by  m  the  mass  of  the  body,  we  have  for  the 
intensity  of  the  earth's  attraction  m  0 ;  and  representing  by  M 
ihe  mass  of  the  earth,  we  have  for  the  intensity  of  the  body's  at- 
traction for  the  earth  M  v* ;  and  since  these  are  equal,  we  have 

m  t)  =  Jlf  »',    or    »' :  »  =  w  :  JIf ; 

that  is,  the  velocity  acquired  by  the  earth  at  the  end  of  one  sec* 
end  is  as  much  less  than  that  acquired  by  the  body,  as  the  mass 
of  the  body  is  less  than  that  of  the  earth. 

(47.)  Position  of  the  Centre  of  Gravity.  —  For  the  methods 
of  calculating  the  position  of  the  centre  of  gravity,  we  must  refer 
the  student  to  works  on  Mechanics,  since  these  methods  depend 
on  the  principles  of  the  higher  mathematics.  The  position  of 
the  centre  of  gravity  can  be  found  experimentally  by  suspending 
the  body  by  a  cord  from  two  points  successively,  as  represented 
in  Figs.  20,  21.  The  point  where  the  line  of  the  cord  produced 
in  one  position  intersects  the  line  of  the  cord  produced  in  the 
second,  is,  by  (46),  the  centre  of  gravity.  It  can  thus  be  proved, 
that,  when  a  homogeneous  body  has  a  regular  form,  the  centre  of 
gravity  is  at  the  centre  of  the  figure.  This  is  the  case  with  the 
sphere,  the  cube,  the  octahedron,  and  ihe  other  regular  solids  of 
geometry.  So  also,  when  a  homogeneous  body  has  a  symmetrical 
axis,  the  centre  of  gravity  will  be  a  point  of  this  axis.  Thus,  in 
a  cone,  the  centre  of  gravity  is  in  the  axis  of  the  cone,  and  it  can 
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easily  be  seen  that,  if  a  cone  be  suspended  hj  a  string  from  its 
apex,  the  direction  of  the  line  of  suspension  would  coincide  with 
the  direction  of  the  axis  of  the  cone  ;  because,  as  the  matter  is 
uniformly  distributed  round  this  axis,  the  gravity  of  its  particles, 
acting  equally  on  every  side,  will  have  no  tendency  to  move  it 
when  in  this  position. 

The  centre  of  gravity  is  not  necessarily  in  the  body.  Thus, 
the  centre  of  gravity  of  a  hoop  is  at  its  centre,  and  tlie  cen« 
tre  of  gravity  of  a  hollow  sphere,  an  empty  box,  or  a  cask,  is 
within  it. 

The  centre  of  gravity  of  two  separate  and  independent  bodies 
immovably  united  is  a  point  between  them.  This  point  can  be 
very  easily  determined  mathematically,  from  principles  already 
established. 

Let  A  and  B,  Fig.  22,  be  the  two  bodies,  and  let  a  and  b  be  their 
centres  of  gravity.     Connect  the  two  by  a  line.    Fix>m  what  has 

been  said,  it  follows  that  the 
attraction  of  the  earth  on  this 
system  may  be  regarded  as  the 
action  of  two  parallel  forces  at 
a  and  b.  Hence,  the  point  of 
application  of  the  resultant,  the 
centre  of  gravity  of  the  system,  must  be  on  the  line  a  6,  and 
must  divide  the  line  into  two  parts,  which  are  inversely  pro- 
portional to  the  intensities  of  the  forces.  It  will  be  shown  in 
(49)  that  the  two  forces  are  proportional  to  the  masses,  and 
hence  the  centre  of  gravity  must  divide  the  line  a  b  into  two 
parts  which  are  inversely  proportional  to  the  masses  of  the  two 
bodies  A  and  B. 

(48.)  Stable  J  Unstable^  and  Neutral  Equilibrium,  —  It  is  a 
necessary  consequence  of  what  has  been  said,  that  the  centre  of 
gravity  of  a  body  has  always  a  tendency  to  move  into  the  lowest 
position  of  which  the  conditions  will  admit.  Hence,  if  the  body 
is  supported  at  only  one  point,  it  cannot  remain  at  rest,  unless 
this  point  of  support  is  either  at  the  centre  of  gravity  or  is  in  the 
same  vertical  with  it.  If  the  centre  of  gravity  is  below  the 
point  of  support,  the  body  is  in  a  stable  equilibrium ;  because, 
if  by  any  means  the  centre  is  displaced,  the  force  of  gravity  will 
tend  to  restore  it  to  its  original  position.  If,  however,  the  centre 
of  gravity  is  above  the  point  of  support,  the  body  wiU  be  in  an 
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ututable  equilibrium  ;  for  tlie  Eliglitest  displacement  will  remove 
the  centre  out  of  the  Tertical,  and  it  will  then  more  to  the  loveEt 
posEible  position.  The  cliair  suspended  by  a  string  in  Fig.  20  is 
in  a  Etable  equilibrium,  because  the  centre  of  gravity  is  belov 
the  point  of  support.  The  same  chair  could,  vitli  great  care,  be 
balanced  on  the  end  of  one  of  its  legs,  but  its  equilibrium  would 
then  be  unstable ;  because  the  centre  of  gravity  would  be  above 
the  point  of  support,  and  the  slighteEt  displacement  of  the  centre 
of  gravity  would  cause  the  chair  to  fall. 

When  a  body  rests  on  a  base,  it  is  stable,  when  the  vertical 
passing  through  the  centre  of  gravity  falls  within  tlie  base.  The 
stability  of  tlie  body  in  such  a  position  is  estimated  by  the  mag- 
nitude of  the  force  required  to  overturn  it.  If  its  position  can 
be  disturbed  or  deranged  without  raising  its  centre  of  gravity, 
the  slightest  force  will  bo  sufficient  to  move  it ;  but  if  its  position 
cannot  be  changed  without  causing  its  centre  of  gravity  to  rise 
to  a  higher  position,  then  a  force  will  he  required  which  would  be 
sufficient  to  raise  the  entire  body  through  the  height  to  which  its 
centre  of  gravity  must  be  elevated.  Tliis  is  illustrated  in  Figs. 
23,  24,  25.     To  turn  the  cylinder  over  tlie  edge  B,  it  would  be 


necessary  in  either  case  to  move  the  centre  of  gravity,  G,  over 
the  »TC  G  E,  and  hence  to  raise  it  through  the  height  HE. 
This  distance  is  greater,  and  hence  the  force  required  to  over- 
turn the  cylinder  is  greater,  the  larger  the  base  of  tlio  cylinder 
relatively  to  its  height.  It  can  also  easily  be  seen  that  the  sta- 
bility is  greatest  when  the  vertical,  passing  through  the  centre  of 
gravity,  passes  also  through  tlio  centre  of  the  base.     If  it  passes 
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through  the  edge  of  tbe  base,  as  in  Fig.  26,  tbe  slightest  force 
Till  oTertam  it.    If  it  pasees  dutside  of  the  base  (Fig.  27),  then 


the  centre  irill  be  unBupported,  and  the  cfliDderwill  fail.  These 
principles,  irhioh  have  been  illustrated  hj  a  cylinder,  may  be 
readily  extended  to  other  bodies. 

When  a  body  rests  on  tvo  or  more  points,  it  is  not  necessary 
for  its  stability  that  its  centre  of  gravity  should  be  directly 
oyer  one  of  these  points ;  it  is  only  necessary  that  its  vertical 
should  fall  between  them.  If  a  body  rests  on  tvo  points,  it 
is  supported  as  effectually  as  if  it  rested  on  an  e^e  coinciding 
with  the  straight  line  which  unites  the  two.  If  it  rests  on  three 
points,  it  ia  supported  as  firmly  as  it  would  be  by  a  triangular 
base  coinciding  with  the  triangle  of  which  tbe  three  points  are 
vertices. 

A  fiuniliar  condition  of  equilibriiun  is  presented  by  a  sphere 
resting  on  a  level  plane.  Such  a  sphere  has  but  .one  point  of 
support,  and  this  is  directly  under  the  centre  of  gravity.  If  the 
sphere  is  rolled  upon  the  plane,  the  centre  of  gravity  will  neither 
rise  nor  fall.  Hence  any  force,  however  slight,  will  cause  it  to 
move  ;  and,  on  the  other  hand,  the  body  will  have  no  tendency, 
of  itself,  to  change  its  position  when  it  is  disturbed.  This  condi- 
tion is  called  neutral  equilibrium,  A  cylinder  resting  with  its 
edge  on  a  ptuie  and  level  surface  is  another  example  of  neutral 
equilibrium. 

(49.)  hUensUy  of  the  Eart/i's  Attraction.  —  The  falling  of  a 
stone  to  the  earth  is,  as  has  been  stated  (21),  an  example  of  a 
uniformly  accelerated  motion.     Hence,  tlie  force  of  gravitation 
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must  be  a  force  of  constant  intensity  (27).  The  amount  of  ao- 
celeratioUy  as  was  also  stated  (21),  at  the  latitude  of  Paris,  is 
0  as  9.8088  metres.  This  acceleration  is  the  same  for  all  masses 
of  matter,  whether  large  or  small.  The  apparent  contradiction 
to  this  statement  in  conmion  experience  arises  from  the  fact,  that 
the  fall  of  light  bodies  is  more  retarded  by  the  resistance  of  the 
air  than  that  of  heavy  bodies.  If,  however,  the  experiment  is 
made  in  a  vacuum,  it  will  be  found  that  a  gold  eagle  and  a  feather 
will  fall  with  equal  rapidity.  The  intensity  of  a  force  is,  as  we 
have  seen,  equal  to  ilf  0.  Kepresenting  the  intensity  of  the  force 
of  gravity,  which  acts  on  a  given  mass  of  matter,  JIf,  by  G,  we 
shall  have,  for  the  latitude  of  Paris, 

G  =  M  9.8088  (units  of  force).  [26.] 

For  any  other  mass  of  matter,  M\  we  shall  have,  in  the  same 

way, 

G'  =  Jf'  9.8088  (units  of  force). 
Hence, 

Gi  G'^MiM'.  [27.] 

The  intensity  of  the  earth's  attraction  is  therefore  proportional 
to  the  quantity  of  matter  on  which  it  acts.  In  other  words,  the 
force  increases  with  the  quantity  of  matter  to  which  it  is  applied. 
In  this  respect  gravity  differs  from  many  other  forces  with  which 
we  are  familiar,  from  muscular  force  and  the  force  of  a  steamr 
engine,  for  example,  since  these  have  a  constant  value,  and  do  not 
vary  with  the  amount  of  matter  to  which  they  are  applied. 

We  assumed  (45)  that  the  earth's  attraction  acts  equally  on 
every  particle  of  matter.  If  this  is  true,  it  follows  that  the  re- 
sultants of  all  the  forces  of  gravity  acting  on  the  separate  parti- 
cles of  two  bodies  must  be  proportional  to  the  number  of  par- 
ticles in  each ;  in  other  words,  to  the  masses  of  the  two  bodies. 
That  this  is  the  case,  is  proved  by  the  experiment  on  falling 
bodies  alluded  to  above,  and  by  the  proportion  [27]  which  fol- 
lowed.    Hence  the  assumption  of  (45)  was  correct. 

As  the  intensity  of  the  force  of  gravity  varies  with  the  amount 
of  matter  on  which  it  acts,  we  must,  in  estimating  the  strength 
of  this  force  in  different  places,  always  compare  the  intensities 
of  the  force  when  acting  on  equal  masses  of  matter.  It  simpli- 
fies the  subject,  to  take  a  quantity  of  matter  equal  to  the  unit  of 
mass  in  each  case.    Bepresenting  then  by  g  the  intensity  of  the 
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attraction  of  grayitatioii  for  the  unit  of  xnaaB,  we  can  easiljr  de- 
duce from  [26], 

g  =  9.8088  (unUs  of  force) ;  [28.] 

and  also 

G  =  Mg  (units  of  force).  [29.] 

In  this  book,  g  will  always  be  used  to  express  tlie  intensity  of  the 
force  of  gravity  acting  on  the  unit  of  mass,  or,  in  genen^,  the 
intensity  of  the  force  of  gravity ;  and  O  will  always  be  used  to 
express  the  intensity  of  the  force  of  gravity  acting  on  a  given 
mass,  itf.  In  every  case  they  both  stand  for  a  certain  number  of 
units  of  force.  The  intensity  of  the  earth's  attraction  varies 
slightly  at  different  points  of  its  surface ;  thus,  at  tlie  equator, 
g  =  9.7806  ;  at  the  latitude  of  Paris,  as  above,  g  =  9.8088 ; 
and  at  the  pole,  g  =  9.8314. 

In  order  to  determine  the  intensity  of  gravity  at  diflerent 
places,  it  might  be  supposed  tliat  we  could  measure  the  dis- 
tance through  which  a  heavy  body  would  fall  the  first  second, 
and  then,  by  the  principles  of  uniformly  accelerated  motion  (21), 
twice  this  distance  would  be  equal  to  the  value  of  g  at  the  given 
place.  On  account  of  the  great  rapidity  with  which  bodies  fall, 
it  is  impossible  to  measure  this  distance  with  any  accuracy ;  nor 
is  this  necessary,  since  we  have  in  the  pendulum  an  instrument 
by  which  we  can  determine  indirectly  the  value  of  g  with  great 
precision. 

(50.)  PendulMM.  —  A  pendulum  is  a  heavy  body,  suspended 
from  a  fixed  point  by  a  rod  or  cord.  If  the  centre  of  gravity  of 
the  body  is  directly  under  the  point  of  support,  the  body  remains 
at  rest ;  but  if  the  body  be  drawn  out  of  this  position,  so  that 
the  centre  of  gravity  will  be  on  either  side  of  the  vertical  line 
passing  through  the  point  of  support,  then  the  body,  when  disen- 
gaged, will  fall  towards  the  vertical  line,  and  in  consequence  of 
its  inertia  will  continue  its  motion  beyond  the  vertical  line  until 
it  comes  to  rest.  It  will  then  return  to  tlie  vertical,  and  thus 
oscillate  from  side  to  side.  In  order  to  investigate  the  phe- 
nomena of  this  kind  of  motion,  the  mathematicians  study  at  first 
an  ideal  pendulum,  which  they  call  a  simple  penduhtm,  to  distin- 
guish it  from  the  actual  material  pendulum,  which  they  call  a 
compound  pendulum, 

(51.)  Simple  Pendulum.  —  A  simple  pendulum  consists  of  a 
material  point  suspended  to  a  fixed  point  by  means  ^f  a  thread 


GEKEBAL  PBOPBBTDES  OF  HATIXB.  67 

irithout  moEs  or  weight,  perfectly  flexible  and  inextonsible. 
Such  a  pendulum  is  of  course  oaly  a  mathemBticol  abetrac-' 
tion ;  but  we  caa  approach  sufficiently  near  to  it,  for  purposes 
of  illustration,  by  suspending  a  small  lead  bullet  to  a  fixed  point 
by  means  of  a  fine  sillc  thread. 

Let  O  A,  Fig.  28,  bo  such  a  simple  pendulum,  iu  a  vertical  po- 
sition, and'  therefore  at  rest.  If  we  now  withdraw  it  to  the  posi- 
tioa  O  B,  the  force  of  gravity  act- 
ing on  the  point  B  in  tlie  direction 
B  g-  may  be  decomposed  into  two 
components;  one,  £a, which  will  be 
destroyed  by  tlio  resistance  of  the 
thread  and  of  the  fixed  point  O ;  the 
other,  B  b,  perpendicular  to  O  B, 
which,  being  unresisted,  will  move 
Die  point  B  towards  the  vertical 
O  jl.  If  the  line  B  g  represents 
the  intensity  of  the  force  of  grav- 
ity, then  B  b  represents  tho  in- 
tensity of  tlie  second  component.  f^t-v. 
Hence,  if  we  suppose  the  amount 

of  -matter  concentrated  at  £  to  be  equal  to  the  unit  of  mass,  and 
represent  the  angle  BOA  by  a,  we  ehall  have,  for  the  value  of 
the  second  component,  g  sin  a.  This  component  will  evidently 
diminish  in  intensity  as  the  pendulum  approaches  the  vertical, 
and  at  the  vertical  will  become  nothing.  It  appears,  therefore, 
tliat  this  force  will  be  continuous,  but  not  constant ;  and  hence, 
that  the  pendulum  will  move  with  an  accelerated,  hut  not  with 
a  uniformly  accelerated  motion  (20),  in  the  arc  of  a  circle  whose 
radius  is  equal  to  O  .B. 

Having  reached  the  vertical  O  A,  the  pendulum,  in  virtue  of  its 
momentum,  will  rise  with  a  retarded  motion  toward  O  B' ;  and 
since  the  action  of  gravitation  in  retarding  the  motion  must  bo 
exactly  equal  to  its  previous  action  in  accelerating  it,  it  follows 
from  (2T)  tiiat  the  momentum  will  not  be  destroyed  until  tlio 
pendulum  has  moved  over  an  arc,  A  B',  equal  to  A  B.  At  B'  it 
will  be  for  an  instant  at  rest,  and  then  fall  back  again  to  ^,  ro- 
moont  to  B,  and  thus  continue  indefinitely,  supposing  there  wero 
no  resistance.  In  actual  practice,  however,  with  a  compound 
pendulum,  the  resistance  of  the  ur,  the  rigidity  of  tlie  thread, 
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and  the  friction  at  th^  point  of  support,  rapidly  diminish  the 
arc  through  which  it  moyes,  and  finally  arrest  the  motion  al- 
together. By  diminishing  these  resistances,  the  motion  may  be 
made  to  continue  for  a  proportionally  longer  time  ;  and  a  pendu- 
lum has  been  known  to  continue  oscillating  in  a  vacuum  for 
seyeral  hours. 

Each  motion  of  the  pendulum  from  B  to  JB',  or  from  B'  to  By 
is  called  one  oscillationj  and  tlie  angle  B  O  B'  is  called  the  ampli- 
tude of  the  oscillation. 

(52.)  Isochronism  of  the  Pendulum.  — :  It  is  eyident  that  the 
length  of  time  required  for  a  single  oscillation  of  tlie  pendulum 
O  Aj  Fig.  28,  must  be  absolutely  the  same,  so  long  as  the  ampli- 
tude of  the  oscillation  remains  constant ;  but  also,  what  is  more 
remarkable,  it  is  true  that  the  time  required  for  each  oscillation 
of  the  pendulum  is  but  little  influenced  by  the  amplitude  of  the 
oscillation ;  and,  for  all  practical  purposes,  the  time  of  oscilla- 
tion may  be  regarded  as  equal  for  all  amplitudes  not  exceeding 
three  or  four  degrees.  This  singular  property  of  the  pendulum 
is  termed  isochronism,  from  two  Greek  words  signifying  equxU 
time,  and  the  oscillations  of  the  pendulum  are  said  to  be  iso- 
chronous. Two  oscillations  of  the  pendulum  are  not,  however, 
absolutely  isochronous,  unless  the  difference  between  their  am- 
plitudes is  infinitely  small. 

(53.)  Formula  of  the  Pendulum*  —  If  we  represent  by  T  the 
time  of  oscillation  of  a  pendulimi  in  seconds,  by  /  its  length  in 
fractions  of  a  metre,  by  g  the  acceleration  produced  by  gravity 
each  second,  and  by  n  the  ratio  of  the  circumference  of  a  circle 
to  its  diameter,  the  value  of  T  may  be  found  to  be 


r-.ji. 


[80.] 


when  the  amplitude  of  the  oscillation  is  infinitely  small.  If  the 
amplitude  is  not  infinitely  small,  but  only  very  small,  then  we 
have 


3'=;rji(l+f;-).  [31.] 


when  a  is  the  ratio  of  the  length  of  the  arc  A  -B,  Pig.  28,  to  the 
length  of  the  pendulum.  The  truth  of  these  formula  cannot 
readily  be  demonstrated  without  the  aid  of  the  higher  mathe- 
matics, and  we  must  therefore  refer  the  student  to  works  on 
Analytical  Mechanics  for  the  demonstration. 


GENERAL  P&OPEBTIES  OF  MATTEB.  69 

Several  important  truths  are  expressed  in  these  fonnul® :  — 

1.  The  duration  of  an  oscillaiion  does  not  depend  on  its  ampli- 
tude when  this  is  infinitely  small,  and  is  but  slightly  influenced 
by  the  amplitude  even  when  it  is  as  large  as  three  or  four  de- 
grees. By  substituting,  in  [20],  /=1,  and  §-=  9.809,  we 
should  obtain,  for  the  time  of  vibration  of  a  pendulum  one 
metre  long,  at  the  latitude  of  Paris,  T  =  1.008085.  By  sub- 
stituting in  [31]  the  same  values,  and  also  a  =  3.1416  -r-  90  = 
0.0349,  we  sliould  obtain,  for  the  time  of  vibration  when  the  am- 
plitude was  four  degrees,  T=  1.008161,  which  diflfers  from  the 
first  value  by  only  the  0.000076  of  a  second. 

2.  The  duration  of  the  oscillaiion  is  proportional  to  the  square 
root  of  the  length  of  the  pendulum.     Substituting,  in  equation 

[30],    (7s=    I  — ,  which  is  a  constant  quantity  at  any  given 

place,  the  equation  becomes  T=s  C  a/T.  For  a  pendulum  of 
another  length,  as  /',  we  have  T'  ==:  C  a/F,  and,  comparing 
the  two, 

T:  T  =  a/T  :  a/T;  [32.] 

and  also 

l:l'=  T^:  T\  [33.] 

3.  The  duration  of  the  oscillation  of  a  pendulum  of  an  invar 
riable  length  is  inversely  proportional  to  the  square  root  of  the 
intensity  of  gravity.  Substituting,  in  equation  [30],  C  =  a/1?~Ij 
wliich  is  a  constant  quantity  when  /  is  supposed  invariable,  we 

obtain  T=0  |_L.  For  another  place,  where  the  intensity  of 
gravity  is  ^,  we  liave  T  =  (7    I JL  ;  hence, 

(54.)  Compound  Pendulum.  —  We  have  hitherto  supposed 
that  the  pendulum  is  a  heavy  mass,  of  indefinitely  small  magni- 
tude, suspended  by  a  string  or  a  rod,  having  no  weight.  Such 
a  pendulum  is,  as  has  been  stated,  a  pure  abstraction,  and  can 
never  be  realized  in  practice.  The  pendulum  which  must  be 
used  in  all  our  experiments  is  a  compound  pendulum,  consisting 
of  a  heavy  weight,  suspended  to  a  fixed  point  or  axis,  by  means 
of  a  rigid  rod  of  wood  or  metal.     The  particles  of  such  a  pendu- 
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lum  must  necessarily  be  at  different  distances  fh>m  the  point  of 
suspension,  and  must  therefore  tend  to  oscillate  in  different  times. 
Hence,  the  time  of  oscillation  of  tlie  whole  pendulum  will  not  be 
the  same  as  that  of  a  simple  pendulum  of  the  same  length,  and 
the  difference  becomes  of  much  importance. 

The  theory  of  the  simple  pendulum  may  be  extended  to  the 
compound  pendulum,  by  regarding  the  last  as  consisting  of  as 
many  simple-pendulums  as  it  contains  material  particles.  Were 
these  free  to  move,  they  would  oscillate  in  different  times,  deter- 
mined by  tiieir  distances  from  tlie  point  of  suspension  ;  but  tliey 
form  parts  of  a  rigid  system,  and  they  are  therefore  all  compelled 
to  oscillate  in  the  same  time.  Consequently,  the  oscillations  of 
the  particles  near  tiie  point  of  suspension  are  retarded  by  the 
slower  oscillations  of  those  below  them ;  and,  on  the  other  hand, 
the  oscillations  of  the  particles  near  the  lower  end  of  the  pendu- 
lum are  accelerated  by  the  more  rapid  oscillations  of  tiiose  above 
them.  At  some  point  on  the  axis  of  the  pendulum,  intermediate 
between  these,  there  must  be  a  particle  whose  natural  oscillation 
is  neither  accelerated  nor  retarded,  and  where  the  several  effects 
will  be  all  balanced,  all  the  particles  above  it  having  exactly  the 
same  tendency  to  oscillate  faster  that  the  particles  below  it  have 
to  oscillate  slower.  This  point  is  called  the  centre  of  osdUatumj 
and  it  is  obvious  that  tlie  time  of  oscillation  of  a  compound  pen- 
dulum is  exactly  the  same  as  that  of  a  simple  pendulum  whose 
length  is  equal  to  Uie  distance  of  the  centre  of  oscillatiiMi  from 
the  point  of  suspension.  This  distance  is  the  virtual  or  acting' 
length  of  the  pendulum,  and  equations  [30]  and  [31]  will  apply 
to  compound  pendulums,  by  substituting  for  /  their  virtiuU 
length.  By  the  length  of  a  pendulum,  no  matter  what  may  be 
its  form,  is  always  to  be  understood  the  virtual  length,  unless 
the  mverse  is  expressly  stated. 

(55.)  Position  of  the  Centre  of  Oscillation. — Wlien  the  form 
of  the  pendulum  is  given,  the  position  of  the  centre  of  oscillation 
can  be  calculated  ;  but  as  the  metliods  of  calculation  involve  the 
principles  of  the  higher  mathematics,  they  cannot  readily  be  ex- 
plained in  this  connection.  The  centre  of  oscillation  can  also  be 
found  experimentally,  by  making  use  of  the  following  remarka- 
ble property  of  the  compound  pendulum,  first  demonstrated  by 
Huyghens. 

K  a  pendulum  be  inverted  and  suspended  by  its  centre  of  os> 
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we    substitute    for  T 


(Dilation,  its  former  point  of  suspension  will  become  its  new  centre 
of  oscillation,  and  the  time  of  Tibration  will  remain  the  same  as 
before.  This  property  is  usuallj  expressed  by  sajiug,  tliat  the 
centres  of  oscillation  and  suspension  are  interchangeable. 

This  property  of  the  pendulum  may  be  verified  by 
means  of  a  reversible  pendulum,  Fig.  29.  This  pendu- 
lum is  furnished  with  two  knife-edges,  a  and  &,  which, 
when  the  pendulum  is  in  use,  rest  on  plates  of  steel  or 
agate.  If  a  is  the  axis  of  suspension,  and  b  the  axis  of 
oscillation,  determined  by  calculation,  the  pendulum  will 
be  found  to  oscillate  in  the  same  time  on  either  knifo- 
edge.  If  the  position  of  the  axis  of  oscillation  is  not 
known,  it  can  easily  be  found  by  shifting  the  position  of 
the  lower  knife-edge,  until,  on  trial,  the  pendulum  is 
found  to  oscillate  in  equal  times  on  both.  The  lower 
knife-edge  is  then  in  the  axis  of  oscillation.  A  pen- 
dulum of  this  kind  was  used  by  Captain  Kater,  in  his 
determination  of  the  length  of  the  seconds  pendulum, 
mentioned  on  page  12. 

When  the  pendulum  consists  of  a  fine  thread  and  a 
heavy  ball,  the  centre  of  oscillation  very  nearly  coin- 
cides with  the  centre  of  gravity,  and  such  a  pendulum 
can  be  used  for  ascertaining  approximatively  the  virtual 
length  of  a  compound  pendulum.  By  shortening  or 
lengthening  the  thread,  a  length  can  easily  be  found 
with  which  the  pendulum  will  oscillate  in  the  same 
time  with  the  compound  pendulum.  This  length  will 
then  be  approximatively  the  virtual  length  sought. 

(56.)    Use  of  the  Pendulum  for  Measuring  Time.  — 


1 

15 


If  in  the  equation  T^ 

unity,  and  for  n  and  g  the  values  already  given,  we  shall 
find,  for  the  length  of  a  pendulum  vibrating  seconds  at 
Paris,  the  value  /  =  0.993889  m.  The  lengths  of  pen- 
dulums vibrating  in  2,  8,  and  4  seconds  would  be  by  (88) 
4,  9,  and  16  times  this  length.  In  order  to  use  the 
seconds  pendulum  for  measuring  time,  it  is  o^ly  necessarj''  to  con- 
nect with  it  a  mechanism  by  which  its  beats  may  be  recorded  and 
its  motion  maintained.  Such  a  mechanism  constitutes  a  common 
clock,  the  essential  parts  of  which  are  represented  in  Fig.  80. 


Tlg.2B. 
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The  toothed  wheel  R,  called  the  tcapeieheel,  is  turned  by  a 
▼eight  or  spriag,  either  direct];,  as  in  tlie  figure,  or  through  the 
interrentioQ  of  other  wheels.     The  revolution  of  tiie  scape-wheel 
is  regulated  bj  means  of  a  peculiar  contriTance,  a  b,  called  the 
escapement,  whicli  oscillates  on  an  axis 
o  o'.     The   oscillations   are   communi- 
cated to  the  escapement  by  the  pen- 
dulum P,  through  the  forked  arm  of. 
When  the  pendulum  hangs  verticallj, 
one  of  the  teeth  of  the  scape-wheel, 
cut  obliquely  for  the  purpose,  resld  on 
the  upper  Bide  of  the  hook  (,  and  tlie 
J  clock  remains  at  rest.     If  now  the 

pendulum  ia  set  in  motion,  so  that 
the  hook  b  is  moved  from  the  wheel, 
the  tooth  which  rested  upon  it  ia  set 
free,  and  the  wheel  begins  to  revolve  ; 
but  it  is  soon  arrested  by  the  hook  a, 
which  has  moved  up  to  the  wheel  aa 
b  moved  from  it,  and  catches  on  its 
under  surface  tlie  tooth  immediately 
1  below.     As  the  pendulum   oscillates 

back    the    hook   a   movea    away,   the 
wheel   again    commences   to    revolve, 
y^  ^  but  is  arrested  a  moment  after  on  the 

opposite  side  by  the  book  b,  which 
catches  the  tooth  next  to  the  one  it  held  before ;  and  thus  contin- 
uously, BO  that  each  oscillation  of  the  pendulum  allows  the  scape- 
wheel  to  move  forward  tlirough  a  space  equal  to  one  half  of  one 
of  its  teeth.  If,  tlien,  the  wheel  has  thirty  teeth,  it  will  com- 
plete one  revolution  in  sixty  beats  of  the  pendulum,  moving  for- 
ward one  sixtieth  of  a  revolution  at  each  beat.  This  wheel  is 
the  one  on  whose  axis  the  second-hand  is  placed.  It  ia  connected 
by  cogs  with  another  wheel,  whicli  is  made  to  occupy  sixty  times 
as  long  in  revolving,  and  this  carries  the  minute-hand;  and  this  is 
connected  with  another  wheel,  which  revolves  in  twelve  times  the 
period,  and  carries  the  hour-hand.  Thus  the  second-hand  rej^s- 
ters  the  beats  of  the  pendulum  up  to  sixty,  or  one  minute  ;  the 
minute-hand  registers  tlie  number  of  revolutions  of  the  second- 
hand up  to  sixty,  or  one  hour ;  and  the  hour-hand  re^aters  the 
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number  of  revolutions  of  the  minute-hand  up  to  twelve,  or  half 
a  day. 

If  the  pendulum  and  escapement  were  removed  from  a  clock, 
there  would  be  nothing  to  prevent  the  train  of  wheels  from  being 
turned  round  with  great  rapidity  by  the  weight  or  spring  acting 
on  it,  and  the  clock  would  speedily  run  down.  On  the  other 
hand,  were  there  not  some  means  of  communicating  to  the  pen- 
dulum occasional  impulses,  it  would  soon  be  brought  to  rest  by 
the  resistance  of  the  air  and  the  resistance  due  to  the  mode  of 
suspension.  To  prevent  this,  tlie  escapement  is  so  constructed  as 
to  give  a  very  slight  additional  impulse  to  the  pendulum  at  each 
oscillation.  The  ends  of  the  two  hooks,  a,  &,  are  cut  so  as  to  pre- 
sent to  the  teeth  of  the  scape-wheel  inclined  surfaces.  As  the 
tooth  of  the  wheel  leaves  one  of  these  hooks,  its  extremity 
slides  over  this  inclined  plane  with  a  considerable  force,  commu- 
nicated by  the  weight,  so  as  to  throw  the  escapement  forward 
with  a  slight  impulse  the  moment  the  tooth  is  set  free.  This  im- 
pulse is  communicated,  through  the  axis  o  &  and  the  arm  ofjUi 
the  pendulum.  If  the  weight  is  increased,  the  force  with  which 
the  impulse  is  given  will  be  greater ;  and  the  pendulum,  receiv* 
ing  a  greater  impulse  at  each  oscillation,  will  swing  through  a 
greater  arc.  As  this  will  slightly  increase  the  time  of  each  oscil- 
lation (58),  the  addition  of  weight  will  make  the  clock  go  slower. 
The  change  of  rate  in  a  clock  caused  by  the  expansion  and  con- 
traction of  the  pendulum,  will  be  considered  in  tlie  chapter  on 
Heat. 

(57.)  Use  of  Pendulum  for  Measuring  the  Force  of  Grav- 
ity, —  By  transposing,  we  obtain  from  equation  [80]  tlie  value 
of  g: 

e^iYi\  [36.] 


from  which,  when  we  know  the  length  of  a  pendulum  which  os- 
cillates in  a  given  time,  T,  we  can  easily  calculate  the  value  of  g 
for  the  place  of  experiment.  If,  in  the  last  equation,  we  place 
Tszs  1,  then  /  denotes  the  length  of  the  seconds  pendulum,  and 
we  obtain  for  the  value  of  ^ , 

g^lit".  [36.] 

In  order,  then,  to  measure  the  intensity  of  gravity  at  any  place,  we 
have  only  to  oscillate  a  pendulum  whose  virtual  length  is  known, 
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and  obseire  Uie  time  of  a  single  oscillation.  This  obseiratioa 
is  readily  made  by  counting  a  large  number  of  oscillations,  and 
observing  the  time  occupied  bj  the  whole  number.  This  time, 
divided  bj  the  number  of  oscillations,  gives  the  duration  of  a 
single  oscillation  with  great  accuracy,  because  any  error  we  may 
have  made  in  observing  the  time  is  dius  greatly  divided. 

By  this  method  Borda  and  Cassini,  in  17dO,  measured  with 
•great  accuracy  the  intensity  of  gravity  at  tlie  Observatory  of 
Paris.  The  pendulum  which  they  used  consisted  of  a  sphere  of 
platimun,  suspended  to  a  knife-edge  by  means  of  a  fine  platinum 
wire.  The  knife-edge  rested  on  an  agate  plate,  and  the  whold 
pendulum  was  about  four  metres  long.  Instead  of  counting  di- 
rectly the  number  of  oscillations,  Borda  compared  tlie  motion  of 
his  pendulum  with  tliat  of  a  clock  placed  behind  it.  On  the  ball 
of  the  clock's  pendulum  a  vertical  mark  indicated  the  position  of  its 
axis,  and  a  small  telescope^  placed  a  few  metres  in  front,  enabled 
him  to  observe  when  the  wire  of  his  pendulum  exactly  ccnncided 
with  tlie  vertical  mark.  Starting  from  a  moment  when  the  two 
coincided,  he  observed  the  number  of  seconds  before  such  coin- 
cidence occurred  again ;  and  knowing  this,  he  was  able  at  once  to 
calculate  the  number  of  oscillations  of  the  pendulum  which  oc- 
curred during  an  observed  niunber  of  seconds  by  the  dock.    Let 

V  be  tlie  number  of  oecillations  of  the  seconds  pendulum  between 
the  coincidences,  then  tr  db  2  will  be  the  number  of  oscillations 
of  the  experimental  pendulum  in  the  same  interval,  that  is,  in 

V  seconds,  and will  be  the  number  in  one  second.    Hence, 

if  p  is  the  number  of  oscillations  of  tlie  pendulum,  and  t  the 
number  of  seconds  observed  by  the  clock,  we  shall  have 

,-<i-t-^=,±tf,  [87.] 

an  equation  by  which  we  can  calculate  the  number  of  oscillations 
in  a  given  time,  without  being  obliged  to  count  them.  In  these 
experiments,  tlie  pendulums  were  enclosed  in  glass  cases  to  pro- 
tect them  from  currents  of  air,  and  separated  from  each  other 
by  glass,  so  that  they  should  not  react  on  each  other  tlirough 
this  fluid. 

As  the  amplitude  of  the  oscillations  is  not  infinitely  small,  but 
only  very  small,  in  such  experiments,  it  is  important  to  correct 
the  number  of  oscillations  observed  as  above,  and  substitute  for 
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h  in  the  cakmlation  the  number  which  would  have  occurred  had 
the  amplitude  been  really  iuiinitelj  small.  If  we  call  the  duration 
of  an  oscillation  which  is  infinitely  small  T,  and  that  of  one  which  is 

only  very  small  T',  we  have  from  [30]  and  [81]  T=Tfl  +  ^^ 

where  a  is  equal  to  one  half  the  arc  which  measures  the  am- 
plitude. Now,  as  the  nimiber  of  oscillations  in  a  given  time  is 
inversely  as  their  duration,  we  have  T' :  T  =  »  :  w' ;  and  hence, 


n  =  n'(l+^y  [38.] 


where  n  is  the  required  number  of  oscillations,  and  n*  the  ob- 
served number.  The  amplitude  is  measured  by  means  of  a  hori- 
zontal scale  placed  behind  the  pendulum,  and,  as  it  sensibly 
diminishes  during  the  experiment,  we  take  for  the  value  of  a 
in  [38]  the  mean  amplitude  during  the  time  of  observation. 

The  value  of  g  found  by  the  above  formulse  is  a  little  too 
small,  owing  to  the  fact  that  the  force  of  gravity  acting  on  the 
mass  of  tlie  pendulum  is  balanced  to  a  slight  d'egree  by  the  buoy- 
ancy of  the  air,  and  it  is  necessary  to  correct  the  result  for  this 
cause  of  error.  The  principles  from  which  this  correction  may 
be  calculated  will  be  explained  in  Chapter  III.  It  will  there  be 
shown  that  a  body  is  buoyed  up  in  a  fluid  by  a  weight  equal  to 
the  weight  of  fluid  which  it  displaces.  Hence,  if  W  represents 
&e  weight  of  a  body  in  a  vacuum,  and  ta  the  weight  of  air  it 
displaces  at  a  given  temperature  and  under  a  given  pressure, 
then  W —  tt^  is  the  weiglit  of  the  body  in  the  air  at  this  temper- 

ature  and  pressure.     If  we  put  j  =  -ssr ,  the  small    fraction 

which  represents  the  ratio  of  the  weight  of  the  air  to  the  weight 
of  the  body,  we  shall  easily  obtain 

W—w=W—8  W=  W(l  —  8). 

Representing  tlie  weight  of  the  body  in  air  ( TF  —  to')  by 
W\  we  obtain,  for  the  relation  between  the  weight  of  a  body 
in  air  and  in  a  vacuum,  the  equation  W*  =•  W  (1  —  i).  It 
will  be  shown,  in  one  of  the  following  sections,  that  the  weights 
of  the  same  body  under  different  circumstances  are  proportional 

to  the  intensities  of  gravity,  and  hence  that  r^-  =  -^  ;   substi- 

tuting  thisy  we  have,  for  the  relation  between  the  actual  intensity 
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of  grayitj,  g*,  and  the  apparent  intensity  when  the  experiments 
are  made  in  air,  g*j 

It  appears,  however,  from  the  experiments  of  Bessel,  which  were 
confirmed  by  the  calculations  of  Poisson,  that  the  loss  of  weight 
which  the  pendulum  suffers  in  air  is  much  greater  when  it  is  in 
motion  than  when  at  rest,  so  that  a  still  further  correction  must 
be  made  to  eliminate  this  source  of  error ;  but  for  the  details  of 
this  and  of  the  other  corrections  which  are  required,  we  must 
refer  the  student  to  Bessel's  original  Memoirs. 

(58.)  Value  of  g.  —  By  the  method  described  in  the  last  sec- 
tion, Borda  and  Gassini  found  for  the  intensity  of  gravity  at  the 
Observatory  of  Paris  the  number  g  =  9.8088.  This  value  has 
since  been  redetermined  by  Biot,  Arago,  Mathieu,  and  Bouvard, 
who  used  the  same  process,  except  that  they  employed  a  shorter 
pendulum,  and  obtained  almost  absolutely  the  same  results. 
Bessel,  by  correcting  for  the  loss  of  weight  in  the  air  due  to  the 
motion  of  tlie  pendulum,  found  for  tlie  value  of  the  intensity  of 

gravity  at  Paris, 

g  =  9.8096, 

which  is  probably  the  most  accurate. 

The  value  of  g  has  also  been  determined  at  different  points  on 
the  earth's  surface,  with  more  or  less  accuracy,  by  different  ob- 
servers. Some  of  these  results  are  collected  in  the  following 
table,  which  has  been  taken  from  Daguin's  TraitS  de  Physique. 
The  length  of  the  seconds  pendulum  is  easily  calculated  from  the 
values  of  g  by  means  of  equation  [36]. 


Stations. 


SpitzbeT)2;«n, 

Stockholm, 

Konigsberg, 

Paris, 

lie  Rawak, 

lie  de  France, 

Cape  of  Good  Hope, 

Cape  Horn, 

New  Shetland, 


lAtitadao. 

O         I         H 

79  49  58N. 
59  20  34 
54  42  12 
48  50  14 
0  1  34S. 
20  9  23 
S3  55  15 
20 


55  51 
62  56 


11 


Talm  of  g. 

Seoondi 
Pendalam. 

m. 

9.83141 

0.99613 

9.81946 

0.99492 

9.81443 

0.99441 

9.80979 

0  99394 

9  78206 

099113 

978917 

0.99185 

9.79696 

0.99264 

9.81650 

0  99462 

9.82253 

0.99523 

Sabine. 

Svanberg. 

Bessel 

Biot,  etc. 

Freycinet. 

Dnperrej. 

Frcjcinet 

Foster. 

Foster. 


It  appears  from  this  table,  that  the  intensity  of  the  force  of 
gravity  gradually  increases  with  the  latitude  as  we  go  from  the 
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equator  tovards  either  polo.  In  general,  tlie  ralue  of  g*  for  any 
latitude  can  be  determined  sufficiently  near  for  all  purposes  of 
PhysicB,  by  meOns  of  the  formula, 

g  =  9.80604  (1  -  0.0025935 .  coe2A),  [40.] 

in  -which  ^  is  the  latitude  of  the  place,  and  9.80604  the  value 
of  ^  at  the  latitude  of  45°.  By  subGtituting  for  X,  0°  or  90°, 
ve  obtfuD  at  the  equator  g  =  9.780642,  and  at  the  poles  g  = 
9.83146.  It  does  not  appear,  however,  that  the  intensity  of 
gravity  is  rigorously  the  same  at  all  points  on  the  same  parallel  of 
latitude,  or  at  corresponding  points  in  the  northern  and  southern 
hemispheres.  Irregularities  in  this  respect  were  noticed  in  the 
measurement  of  the  arc  of  the  meridian  in  France,  and  also  by 
Lacaille  at  the  Cape  of  Good  Hope. 

These  variations  in  the  intensity  of  gravity  on  the  earth's  sur- 
&c«  depend  mainly  on  two  causes  ;  first,  on  the  centrifugal 
force  due  to  the  earth's  revcdution  on  ita  axis,  wliich  is  at  its 
maximum  on  the  equator,  and  gradually  diminishes  towards  the 
poles,  where  it  disappears ;  secondly,  on  the  spheroidal  character 
of  the  earth,  in  consequence  of  which  a  body  at  the  poles  is  more 
strongly  attracted  by  the  mass  of  the  earth  than  it  is  at  the 
equator.  We  will  consider  the  effect  of  each  of  these  causes 
in  turn. 

(59.)  Centrifugal  and  Centripetal  Force.  —  It  has  already 
been  stated  (25),  that  a  curvilinear  motion  is  the  resultant  of  two 

motions  which  obey  different  

laws.  Thus,  in  Fig.  81,  the 
parabolic  motion  of  a  ball  shot 
horizontally  from  a  fort  is  the 

resultant  of  a  uniform  motion 

in  the  direction  of  a  m,  and  of 

a  uniformly  accelerated  motion 

in  the  direction  of  a  n.     We 

also  know  that  this  motion  is 

the  result  of  two   forces,  one 

which  has  acted,  and  the  other  I 

which  is  still  acting,  on  the 

ball ;  first,  the  projectile  force 

of  gunpowder,  which  has  given  "■■ "' 

to  the  ball  a  certain  momentum,  JIf  b,  in  virtue  of  which  it  will 
7* 
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coDtiaue  to  moTfl  until  its  motion  is  arrested  hy  an  eqniralent 
force  acting  for  an  equivalent  time  in  ttie  opposite  direction; 
second,  the  furco  of  gravity,  a  constant  force  both  iu  directioD 
and  intensity.     Compare  (27)  and  (29). 

Let  us  now  consider  tlio  conditions  of  Fig.  31  to  be  so  far 
changed,  that  the  constant  force  no  longer  acts  in  directions  par- 
allel to  itself,  but  in  directions  which  all  converge  to  one  point. 
Such  a  force  may  be  regarded  as 
an  attractive   force  emanating 
from  this  point,  and  is  tltere- 
fore   frequently   called  a   cen- 
tral  force.    Let  us  then  suppose 
that  in  Fig.  82  we  have,  as  bo- 
fore,  a  ball  moving  with  a  cer- 
tain momentum  in  the  direction 
a  01,  communicated  to  it  origi- 
nally by  a  force  acting  for  a 
given  time  with  a  given  intensi- 
ng.  S3.  ty,  but  which  has  ceased  to  act. 

Let  us  also  suppose  that  the 
same  ball  is  atti-acted  towards  a  given  point,  C,  by  a  force  con- 
stant in  intensity.  What  will  be  the  resulting  motion  of  &e  ball? 
Let  b  be  the  velocity  in  the  direction  a  m,  and  v  be  tlie  accelera- 
tion of  the  given  force.  In  a  small  fraction  of  a  second,  which 
we  may  take  as  small  as  we  please,  the  ball  will  move  in  the  di- 
rection am  over  a  apace  a  /3,  equal  to  — ,  where  it  is  the  number 
of  intervals  into  which  the  unit  of  time  has  been  divided.  In  the 
same  time  it  will  move  in  the  direction  a  C  over  a  space  a  b,  equal 
to  1  — j-  [5].  The  resultant  of  these  motions,  on  the  principle 
of  (25),  will  be  a  curved  line  passing  through  the  point  P,  which 
can  be  found  by  completing  the  parallelogram  a^  Pb.  Arrived 
at  the  point  P,  the  direction  of  its  original  motion  has  so  far 
ohanged,  that,  if  the  central  attraction  ceased  to  act  at  that  mo- 
ment, the  original  momentum  would  cause  it  to  move  in  the 
direction  P  n,  tangent  to  the  curve  at  the  point  P,  which,  accord- 
ing to  the  principle  of  geometry,  may  be  regarded  as  the  contin- 
uation of  the  direction  in  wliich  it  was  moving  at  the  instant. 
The  central  force,  however,  does  not  cease  to  act,  and  during  the 
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next  small  interval  of  time  the  same  tiling  is  repeated.  In  virtue 
of  the  momentum,  the  ball  will  pass  over  the  distance  Py^  equal 

to  — ,  and  in  virtue  of  the  central  force  will  move  towards  the 

centre  by  an   amount,  Pcy  equal  to  i  -j.      The  resultant  of 

these  motions  will  be  a  second  curved  line,  similar  to  the  first, 
and  a  continuation  of  it,  passing  through  Q.  The  same  tiling 
will  be  again  i*epeated  every  succeeding  interval  of  time,  and 
thus  the  motion  resulting  from  the  two  forces  will  be  a  curved 
line  bending  towards  the  central  point  C,  the  central  force  con- 
stantly changing  the  direction  of  the  original  momentum.  It  is 
easy  to  see,  that,  with  a  certain  relation  between  the  momentum 
and  the  intensity  of  the  central  force,  the  distance  of  the  ball 
fixon  the  -centre  would  keep  always  the  same,  and  the  path  of  thQ 
ball  woTild  be  a  circle.  K  the  central  force  were  greater  rela- 
tively 1^  the  momentum  than  this,  then  the  ball  would  be  drawn 
each  second  nearer  to  the  centre,  and  the  radius  of  the  curvilinear 
path  would  as  regularly  shorten ;  if  the  central  force  were  relative- 
ly less,  the  ball  would  evidently  recede  from  the  centre,  and  the 
radius  of  its  path  would  lengthen.  If,  however,  we  suppose  that 
the  central  force  diminishes  as  the  body  recedes  from  the  centre, 
and  increases  as  it  approaches  it,  so  that  the  intensity  is  always 
inversely  as  the  square  of  the  distance,  tlien  it  can  easily  be 
proved  mathematically  that  the  path  of  the  ball  will  return  into 
itself,  and  will  be  an  ellipse.  We  sliall  have  only  to  deal  with  that 
particular  case  where  the  path  is  a  circle.  In  this  case,  the 
ball  remaining  constantly  at  the  same  distance  from  the  centre, 
the  whole  eentral  force  is  expended  in  changing  the  direction  of 
the  original  motion,  and  is  evidently  just  balanced  every  instant 
by  the  inertia  of  the  mass  of  the  ball. 

The  force  which  arises  from  the  inertia  of  the  ball  is  called 
the  centrifugal  force^  while  the  central  force  by  which  it  is  re- 
strained and  kept  on  the  circumference  is  called  the  ccKtripetal 
force.  The  term  centrifugal  force  is  very  liable  to  be  misunder- 
stood. It  is  frequently  supposed  to  imply  a  force  which,  acting 
alone,  would  cause  the  ball  to  fly  directly  from  the  centre ;  but 
we  must  bear  in  nund  that  the  centrifugal  force  carmot  act  dbne^ 
since  it  has  no  independent  existence.  When  the  centripetal 
force  ceases  to  act,  then  the  centrifugal  force  ceases  to  exist,  and 
the  momentum  of  the  moving  body  tends  to  carry  it  forward  in 
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the  straight  line  tangent  to  the  circle  at  the  point  at  which 
the  centripetal  force  ceases  to  draw  it  from  the  circumference. 
The  body  will,  it  is  true,  then  recede  from  the  centre ;  but  it 
will  only  do  so  by  passing  along  the  tangent,  the  distance  of 
which  from  the  centre  is  continually  increasing,  and  not  by 
flying  in  a  direction  opposite  to  the  centre  of  attraction.  Its 
action,  however,  will  be  to  cause  the  particles  of  a  body  in  rapid 
revolution  to  take  their  places  at  the  greatest  possible  distance 
from  the  centre. 

The  measure  of  the  centrifugal  force  in  Fig.  82  is  obviously 
the  amount  of  restraint  required  to  keep  the  ball  on  the  circum* 
ference  of  the  circle,  and  it  is  measured  by  the  intensity  of  the 
centripetal  force,  which,  on  our  supposition,  just  balances  it. 
Calling,  then,  the  centrifugal  force  QT,  the  acceleration  of  the  cen- 
tripetal force  0,  and  the  mass  of  the  ball  My  we  have,  by  [14] , 

C  =  ilft).  [41.] 

Since,  however,  we  only  know,  as  a  general  rule,  the  velocity  of 
the  motion  of  a  ball  on  the  circle  and  the  radius  of  the  circle,  it 
is  important  to  obtain,  if  possible,  an  expression  of  the  intensity 
of  the  centrifugal  force  in  terms  of  these  two  quantities.  This 
can  easily  be  obtained  by  the  principles  of  geometry. 

Let  a  P,  Fig.  82,  be  the  arc  described  by  the  ball  in  an  interval 
of  time  so  small  that  the  arc  may  be  considered  as  equal  to  the 

chord.     Call  this  interval  —  of  a  second,  where  n  may  be  as  large 

as  you  please.    Represent  by  b  the  velocity  of  the  ball  on  the 

circumference ;  then  —  is  equal  to  the  length  of  the  arc  a  P. 

Represent  next,  by  ti,  the  unknown  acceleration  of  the  cen- 
tripetal force ;  then  the  distance  a  6,  through  which  the  ball 

would  move  under  the  influence  of  this  force  alone  in  —  of  a 

ft  ^ 

second,  will  be,  by  [5],  }  -^.    We  have,  by  geometry,  ab  :  aPsss 


a P:  a D;  from  this  proportion,  by  substituting  the  above  val- 
ues,  we  obtain    }  -j  :  —  =  — :  22i,     or    t)  =  -«-  ;    and  substi- 


tuting  this  value  of  0  in  [41],  we  obtain,  for  the  intensity  of 
the  centrifugal  force, 

C  =  J«f  ^.  [42.] 
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We  can  give  ffais  expression  another  fonn,  which  is  more  con- 

yenient  for  use.    The  expression  {),  which  represents  the  velocitj 

of  the  ball,  denotes  the  number  of  metres  which  it  passes  over  in 

one  second.     If,  then,  we  represent  by  T  the  number  of  seconds 

occupied  by  the  ball  in  going  once  round  the  circle  (its  period  of 

revolution),  and  by  2  A  tt,  as  usual,  the  circumference  of  the 

circle,  we  shall  have  v  =  ^  .  Substituting  Uiis  value  in 
[42],  we  obtain 

«  =  Jiri^,  [48.] 

which  is  an  expression  for  the  intensity  of  the  centrifugal  force 
in  terms  of  the  time  of  revolution,  the  radius  of  the  circle  de- 
scribed, and  the  mass  of  the  body. 

If  a  weight  is  whirled  round  at  the  end  of  a  string,  the  action 
of  the  centrifugal  force  is  shown  in  tlie  tension  of  the  string,  and 
the  only  difference  between  this  and  the  previous  example  is,  that 
the  resistance  of  the  string  takes  the  place  of  the  attractive  force. 
K  the  string  breaks,  the  weight  flies  off  on  a  line  which  is  a  tangent 
to  the  circle  which  the  weight  had  described.  In  like  manner, 
the  particles  of  water  on  the  rim  of  a  revolving  grindstone  tend 
to  fly  ofi*  from  the  surface,  but  are  kept  in  place  by  the  adhesive 
attraction  of  the  stone  ;  when,  however,  the  revolution  becomes 
rapid,  the  centrifugal  force  overcomes  the  adhesion,  and  the 
water  is  thrown  off  in  lines  which  are  tangent  to  the  cylindrical 
surface.  Not  unfrequently,  when  the  revolution  is  very  rapid, 
the  centrifugal  force  overcomes  the  cohesion  between  the  parti- 
cles of  the  stone  itself,  and  serious  accidents  have  resulted  from 
this  cause. 

Since  the  earth  is  revolving  rapidly  on  its  axis,  we  should  ex- 
pect to  find,  especially  at  the  equator,  a  manifestation  of  this 
same  force ;  and  in  fact  we  do.  All  bodies  on  the  globe  not  sit- 
uated exactly  at  the  poles  tend  to  fly  off  from  its  surface  on  lines 
tangent  to  the  parallels  of  latitude  on  which  they  revolve,  and 
are  only  prevented  by  the  force  of  gravity.  Were  the  rapidity  of 
the  earth's  revolution  more  than  seventeen  times  increased,  the 
force  of  gravity  would  not  be  sufficient  to  restrafn  bodies  on 
the  equator  from  obeying  this  tendency.  As  it  is,  however,  the 
centrifugal  force  only  acts  to  diminish  the  intensity  of  the  force 
of  gravity ;  and  this  action,  which  is  greatest  at  the  equator, 
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gradually  dimimsbes  u  ve  go  towards  the  poles,  vhere  it  is 
nothing. 

We  can  easily  find  the  intensity  of  the  centrifugal  force  at  the 
equator,  by  substituting  in  [43] ,  for  Jt,  the  value  of  the  equato- 
rial radius,  6,S7T,398  metres,  and  for  T  the  number  of  seconds 
in  a  day,  86,400.  The  value  of  the  centrifugal  force  then  be- 
comes, for  the  mass  M, 

t  =  Mx  0.033T3, 
and  for  the  units  of  mass, 

t  =  0.03373  (unit»  of  force).  [44.] 

The  apparent  value  of  g  at  the  equator  is  less  than  its  true 
value  by  exactly  the  amount  of  this  force.  Hence  the  full  value 
of  the  earth's  attraction  at  the  equator  is 

9.78062  -f  0.03373  =  9.81485. 

For  any  other  latitude,  the  value  of  the  centrifugal  force  is 
easily  found  by  assuming  that  the  earth  is  a  perfect  sphere.     In 
Fig.  33,  let  m  be  the  position  of  the  body 
on  the  globe  ;  then  mOB  =  AmO^=a 
am/  is  the  latitude  of  the  place,  which 
we  will  indicate  by  jl ;  also  Am==  R  cos  i, 
is  the  radius  of  the  parallel  of  latitude  on 
which  the  body  m  is  revolving.    The  value 
of  the  centrifugal  force,  in  terms  of  the  lat- 
itude, will  be  found  by  substituting  this 
last  value  for  J{  in  [43].  Making  this  8ul> 
stitution,  and  using  for  R  the  mean  radius  of  the  globe,  we  obtain, 
for  the  vdue  of  the  centrifugal  force,  m/  =  0.03367  coa  X.    This, 
however,  is  the  value  of  the  centrifugal  force  acting  in  the  direc- 
tion mf.    The  force  of  gravity  acts  in  the  direction  m  O,  and  in 
order  to  ascertain  to  what  extent  the  force  of  gravity  is  influenced 
by  tiio  centrifugal  force,  we  must  decompose  the  last  into  two  com-  ' 
ponents.     Let  m/represent  the  intensity  of  the  centrifugal  force, 
tlien  m  a  and  m  b  will  represent  the  intensities  of  two  components ; 
the  first  of  which,  being  opposite  in  direction,  will  tend  to  neutral- 
ize the  force  of  gravity,  while  the  second,  being  perpendicular  in 
direction,  will  produce  no  efTect  on  it.     The  value  of  the  compo- 
nent fit  a  is  m  a  ^  mf  cos  ^ ;  and  substituting  for  mf  its  value 
as  above,  and  representing  always  by  C  that  component  of  the 
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centrifugal  force  which  is  opposite  in  direction  to  gravifj,  we 
have 

C  =  0.08867  cos*  X.  [46.] 

We  can  easily  find  how  rapid  the  rotation  of  the  globe  must 
be,  in  order  that  the  centrifugal  force  at  the  equator  should  just 
balance  the  attractive  force  of  gravity.  For  this  purpose  we 
have  only  to  substitute  for  (E,  in  [43],  the  value  of  the  attractive 
force  just  found,  and  calculate  the  corresponding  value  of  T,  which 
will  be  found  to  be  5,065  seconds.  Hence,  if  the  earth  revolved 
once  in  5,065  seconds,  or  in  1^-  24"*  25**, —  that  is,  a  little  more 
than  seventeen  times  faster  than  it  does,  —  the  force  of  gravity 
at  the  equator  would  be  just  balanced  by  the  centrifugal  force. 

(60.)  The  Spheroidal  Figure  of  the  Earth.  —  The  second 
cause,  mentioned  in  (58),  of  the  variation  of  gravity  with  the 
latitude,  is  the  spheroidal  figure  of  the  earth,  in  consequence 
of  which  a  body  at  the  poles  is  more  strongly  attracted  by  gravity 
than  at  the  equator.  The  form  of  the  earth,  as. has  been  before 
intimated,  is  not  a  perfect  sphere.  It  is  flattened  at  the  poles, 
and  its  figure  is  best  described  as  an  oblate  ellipsoid  or  spheroid. 
A  section  of  the  earth  through  a  meridian  circle  is  therefore  not 
a  circle,  but  an  ellipse  of  very  small  eccentricity,  and  the  figure 
of  the  earth  may  be  conceived  as  generated  by  the  revolution  of 
such  an  ellipse  round  its  shorter  diameter  as  an  axis.  The  flat- 
tening at  the  poles  amounts  in  round  numbers  to  about  -^  of 
the  equatorial  radius  ;  in  other  words,  the  polar  radius  is  about 
^  shorter  than  the  equatorial.  This  deviation  from  a  true 
sphere  is  so  small,  that  it  could  not  be  detected  by  the  eye  in 
a  common  globe,  but  in  the  earth  it  nevertheless  amounts  to 
over  thirteen  English  miles.  The  dimensions  of  the  earth  are 
accurately  as  follows :  *  — 

Volume  of  the  earth,     1,082,842,000,000.000  cubic  kilometres. 
*  Surface  of  the  earth,  509,961,000.000  square      '^ 

Length  of  a  quadrant,  10,000.857  kilometres. 

Equatorial  radius,  6,377.898        " 

Mean  radius  (lat.  45^,  6,866.788        " 

Polar  radius,  6,856.079        « 

Difference  between  the  equa* 
torial  and  polar  radius,  21.819        ^' 


*  These  data  are  all  taken  from  the  table  of  constants  in  Kohler's  *'Logwithnuschr 
I^^gonometrischea  Handbucfa." 
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Were  the  earth  perfectly  spherical,  a  plumb-line  at  any  point 
on  its  surface  would  point  exactly  to  its  centre,  and  the  centre  of 
figure  would  then  be  also  the  centre  of  attraction. '  The  earth 
being  spheroidal,  the  phenomena  of  gravity  upon  its  surface  be- 
come less  simple.    The  plumb-line  does  not  point  exactly  to  the 
centre  of  the  earth,  except  at  the  equator  or  at  the  poles,  and, 
moreover,  there  is  no  fixed  centre  of  gravity.     Li  Fig.  34,  the 
line  A  P  IB  supposed  to  represent 
a  quadrant  of  a  meridian,  of  which 
O  P  is  the  polar,  and  OA  the  equa- 
torial  radius.      Starting  from  the 
equator,  let  us  take  stations  only 
one  degree  distant  from  each  other 
on  this  meridian,  and  at  each  sta- 
tion continue  the  direction  of  the 
plumb-line  until   it  intersects  the 
plumb-line    similarly  produced   at 
n,.H.  the  previous  station.     If,  in  the  fig- 

ure B,  C,  and  I>  are  tliree  such 
points,  then  a,  b,  and  c  are  the  three  points  of  intersection,  and 
it  is  easy  to  see,  from  tlie  figure,  that  the  ninety  points  of  inter- 
section, which  would  be  obtained  by  producing  the  plumb-lines 
from  all  tlie  ninety  stations,  would  form  when  united  a  curved 
line,  a  b  c  p.  By  making  the  number  of  stations  infinite,  we 
should  of  course  have  an  infinite  number  of  points  of  intersec- 
tion ;  and  for  every  point  on  the  quadrant  A  P,  there  would  be 
a  corresponding  point  on  the  curve  a  p.  The  points  a,  b,  c,  etc, 
are  termed  in  geometry  centres  of  curvature ;  the  lines  A  a, 
Bb,  C  c,  etc.  are  called  radii  of  curvature ;  and  the  curve  a  p 
is  called  the  evolute  of  the  curve  A  P.  Now  it  can  be  easily  seen 
that  what  we  call  the  centre  of  attraction  of  the  earth  for  any 
point  on  the  quadrant  A  P  \B  the  corresponding  centre  of  curva^ 
ture  on  the  evolute  ap.  At  A,  for  example,  the  attraction  of 
the  earth  acts  as  if  it  originated  at'  the  point  a;  at  £,  as  if  it 
originated  at  the  point  b,  et«.  The  intensity  of  the  force  which 
resides  at  these  different  centres  is  not,  however,  the  same  ;  the 
intensity  at  a,  for  example,  is  less  than  at  b,  at  b  less  than  at  c, 
etc.  It  gradually  increases  at  the  different  points  on  the  evolute 
firom  atop. 
What  is  true  of  the  quadrant  A  P  must  be  true  of  every 
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quadrant;  hence,  if  the  evolute  ap  is  revolved  on  its  axis,  Opj 
the  surface  generated  would  be  the  locus  of  all  the  centres  of 
attractioii  for  points  on  the  upper  hemisphere  of  the  globe ;  and  if 
the  evolute  ap'  ia  revolved,  the  surface  generated  would  be  the 
locus  of  all  the  centres  of  attraction  for  points  on  the  lower  hemi- 
sphere of  the  globe. 

It  is  evident,  from  the  above,  that  a  bodj  placed  at  the  equa- 
tor, and  a  similar  one  placed  at  the  pole  of  the  globe,  stand  in 
different  relations  to  its  mass  as  a  whole,  and  we  sliould  natu- 
rally expect  that  they  would  be  attracted  with  different  degrees 
of  force.  Newton,  Maclaurin,  Clairaut,  and  many  other  eminent 
geometers,  have  calculated  how  great  the  variation  of  gravity, 
owing  to  the  elliptic  form  of  the  earth  alone,  ought  to  be,  in  going 
from  the  equator  to  the  pole,  and  the  results  of  their  calcula- 
tions coincide  almost  precisely  with  those  of  observation  given 
above. 

It  has  also  been  proved  by  the  same  mathematicians,  that  the 
actual  form  of  the  earth  is  almost  precisely  that  which  would  re- 
sult from  the  revolution  of  a  liquid  mass  of  the  ^ame  volume  and 
density  once  in  twenty-four  hours ;  and  since  we  have  every  reason 
to  believe  that  the  globe  was  once  fluid,  and  that  it  is  even  so 
now,  with  the  exception  of  a  comparatively  thin  crust  on  its  sur- 
face, it  follows  that  the  cause  of  the  variation  of  gravity  just 
considered  is  itself  an  indirect  result  of  the  centrifugal  force. 

(61.)  Variation  of  the  Intensity  of  Gravity  as  we  rise  above 
the  Surface  of  the  Earth.  —  The  law  by  which  the  intensity  of 
gravity  varies  with  the  distance  from  the  centre  of  force,  can  be 
discovered  by  studying  the  efiTect  of  the  earth's  attraction  on  the 
moon,  as  compared  with  its  effect  on  bodies  near  its  surface.  The 
mean  distance  of  the  moon  from  the  centre  of  the  earth,  is  about 
sixty  times  the  earth's  equatorial  radius,  and  it  revolves  round  the 
earth,  in  an  orbit  which  is  very  nearly  circular,  in  27.322  days. 
By  (59),  it  follows  that  the  intensity  of  the  earth's  attraction  at 
the  moon  is  just  equal  to  the  centrifugal  force,  and  it  can  therefore 
be  calculated  by  substituting  in  [48]  the  values  of  R  and  T  just 
given.  Making  these  substitutions,  we  obtain,  for  the  value  of  the 
earth's  attraction  on  the  moon,  where  M  equals  the  mass  of  the 
moon,  G=sMX  0.0027.  For  the  unit  of  mass,  then,  the  intensity 
of  the  earth's  attraction  at  the  distance  of  the  moon  is  f=s  0.0027* 
The  intensity  of  the  earth's  attraction  for  bodies  on  the  equator 
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is,  as  ve  haye  seen,  g  ss  9.7806,  which  is  about  3,600  times  greater 
than  0.0027.  For  bodies  as  distant  as  the  moon,  we  may  consider 
the  attraction  of  the  globe  as  concentrated  at  its  centre  of  figure, 
and  hence  we  may  regard  the  moon  as  about  sixty  times  as  distant 
from  the  centre  of  attraction  as  a  body  on  the  equator.  At  sixty 
times  the  distance,  then,  the  force  is  8600  (=  60')  times  less ; 
that  is,  the  intensity  of  the  force  of  grarity  yaries  inye^ly  with 
the  square  of  the  distance  from  the  centre  of  attraction.  Repre- 
senting, then,  by  g  and  g*  the  intensity  of  grayity  at  the  distances 
R  and  R^  we  haye  always  the  proportion, 

gig^^R^i  R\  [46.] 

It  follows  from  the  aboye  discussion,  that  the  intensity  of 
grayity  must  yary  at  different  heights  aboye  the  sea-leyel  on 
the  surface  of  the  earth.  The  amount  of  this  yariation  can 
easily  be  calculated  by  means  of  the  aboye  proportion.  Repre- 
senting by  g  the  intensity  of  grayity  at  the  sea-leyel,  by  g'  the 
intensity  at  an  eleyation.  A,  and  by  R  the  radius  of  the  earth, 
we  haye,  from  [46],  neglecting  the  yariation  in  the  centrifugal 
force  at  the  two  heights, 

g:g'^<^R  +  hyiR\    and    g  =  g'  ^^+/^'.     [47.] 

When  h  =  1000  m.,  we  haye  from  [47],  g  —  g'  1.0003.  Tlie 
amount  of  yariation  is  therefore  perceptible  at  any  considerable 
eleyation  aboye  the  sea-leyel.  Hence,'in  studjring  the  yariation  of 
the  intensity  of  grayity  on  the  surface  of  the  earth,  it  is  impor- 
tant to  reduce  the  results  of  obsenrations  at  different  eleyations 
to  the  sea-leyel  before  comparing  them.  This  can  always  be  done 
by  [47],  when  the  eleyation  is  known. 

(62.)  Law  of  Gravitation.  —  We  proyed,  in  (49),  that  the 
intensity  of  the  force  of  grayitation  is  directly  proportional  to 
the  quantity  of  matter  (the  mass)  on  which  it  acts,  and  in  the 
last  section  we  haye  shown  that  the  intensity  of  the  force  of  gray- 
itation is  inyersely  proportional  to  the  square  of  the  distance  of 
the  masses,  on  which  it  acts,  from  the  centre  of  attraction.  By 
combining  the  two,  we  haye  the  well-known  law  of  grayitation, 
which  is  expressed  in  tlie  following  terms :  —  All  masses  of  mat'- 
ter  attract  one  another  with  forces  directly  proportional  to  the 
quantity  of  matter  contained  in  each^  and  inversely  proportional 
to  the  squares  of  their  distances  from  each  other* 
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This  law  was  discovered  in  1666  by  Sir  Isaac  Newton,  who, 
while  reflecting  on  the  power  which  causes  the  fall  of  bodies  to 
the  earth,  and  considering  that  this  power  is  not  sensibly  dimin- 
ished, even  at  the  top  of  the  highest  mountains,  conceived  tliat  it 
might  extend,  far  beyond  the  limits  of  the  atmosphere,  and  even 
exert  its  influence  through  all  space.  It  may  be,  he  thought,  this 
very  force  by  which  the  moon  is  retained  in  her  orbit  round  the 
earth,  and  the  whole  planetary  system  round  the  sun.  In  order 
to  verify  hi^  conjecture,  he  calculated,  on  the  same  principle  used 
in  the  last  section,  the  attraction  of  the  earth  on  the  moon,  as- 
suming that  the  force  must  diminish  in  the  inverse  ratio  of  the 
square  of  the  distance,  —  an  assumption  to  which  he  was  led  by 
the  relation,  previously  discovered  by  Kepler,  between  the  times 
of  revolution  of  the  planets  and  tlieir  distances  from  the  sun. 
The  result,  at  first,  did  not  answer  his  expectations,  because  he 
had  u.sed  in  the  calculation  a  value  of  the  earth's  radius,  and 
hence  also  of  the  moon's  distance,  which  was  much  too  small, 
and  he  therefore  rejected  the  hypothesis  as  not  substantiated* 
Several  years  later,  Picard  measured,  with  great  accuracy  for  the 
times,  an  arc  of  the  meridian  in  France ;  and  from  his  measure- 
ment it  appeared  that  the  radius  of  the  globe  was  nearly  one  sev- 
enth greater  than  had  previously  been  supposed.  Furnished  with 
these  new  data,  Newton  resumed  his  csJculations  with  complete 
success,  and  in  1687  published  his  great  work,  the  JFWnct/na,  in 
which  the  consequences  of  this  great  law  were  developed  as  far 
as  the  astronomical  and  mathematical  knowledge  of  the  times 
would  permit. 

(68.)  Absolute  Weight.  —  When  a  body  is  not  free  to  fall,  the 
force  which  gravity  exerts  upon  it  is  expended  in  pressure  against 
its  support.  This  pressure  is  called  absolute  weight.  The  abso- 
lute weight  of  a  book,  for  example,  is  the  pressure  which  it  exerts 
against  the  table  on  which  it  rests.  It  is  evident  that  this  pressure 
is  equal  to  the  intensity  of  the  force  with  which  the  book  is  attract- 
ed by  the  earth.  The  intensity  of  the  force  which  gravity  exerts  on 
a  given  mass  of  matter  we  have  represented  by  O  (49).  If,  then, 
we  represent  the  pressure  caused  by  this  force,  or  the  absolute 
weight  of  the  same  mass  of  matter,  by  tD ,  we  have  {3is=G.  HencCi 
we  can  substitute  tD  for  O  in  [26]  and  [27] ,  and  shall  then  have 

to  =  Jlf  .  «•,  [48.] 

and 

to  :  to'  =  JH :  M\  [49.] 
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In  these  formulas,  JD  represents  weight  or  pressure ;  while  in 
[26]  and  [27]  G  represents  the  intensity  of  the  force  which  is 
the  cause  of  the  pressure.  In  this  work,  iX)  always  stands  for  a 
certain  number  of  grammes,  and  O  for  a  certain  number  of  units 
of  force.  For  example,  let  us  suppose  that  the  quantity  of  mat- 
ter in  the  book  just  referred  to  is  equal  to  50  units  of  mass ;  we 
should  then  know,  from  [26],  that  the  intensity  of  the  force  ex- 
erted by  gravity  upon  it  was  equal  to  490  units  of  force,  and, 
from  [48],  that  its  weight  was  equal  to  490  grammes.  In  the 
£m8t  case,  6r  s  50  X  9.8  ss  490  units  of  force.  In  the  second 
case,  Id  s=  50  X  9.8  =  490  grammes.  The  numbers  in  the  two 
cases  are  precisely  the  same,  but  they  signify  different  kinds  of 
units.  The  identity  of  the  numbers  arises  from  the  fact  that  the 
unit  of  force  is  equivalent  to  a  pressure  of  one  gramme,  so  that 
the  difference  between  G  and  JD  is  rather  nominal  than  real. 

It  follows  from  [49],  that  the  weights  of  bodies  are  propor- 
tional to  the  quantities  of  matter  which  they  contain ;  in  other 
words,  that  a  body  which  contains  two,  three,  or  four  times  as 
much  matter  as  a  given  body,  will  also  weigh  two,  three,  or  four 
times  as  much.  This  fact  has  a  most  important  bearing  on 
chemistry,  since  the  chemist  is  enabled,  in  consequence  of  it, 
to  compare  the  various  quantities  of  matter  on  which  he  experi- 
ments, by  comparing  their  weights.  So  close  is  this  relation, 
that  in  common  language  we  confound  the  weight  of  a  substance 
with  its  mass ;  thus,  we  speak  of  ten  grammes  of  iron,  mean- 
ing thereby  a  quantity  of  iron  which  exerts  a  pressure  of  ten 
grammes.  It  must  be  remembered  that,  in  scientific  language, 
weight  always  means  pressure,  and  not  quantity  of  matter.  The 
word  is  most  commonly  used,  however,  to  denote  the  quantity 
of  matter  which  exerts  the  pressure. 

So  long  as  matter  is  neither  taken  from  nor  added  to  a  body, 
its  mass,  fjx>m  the  very  definition  of  the  term,  remains  constant. 
It  is  not  so,  however,  with  the  absolute  weight.  This  varies  with 
the  force  of  gravity,  and,  as  follows  from  [48],  it  is  directly  pro- 
portional to  the  intensity  of  this  force.  Hence,  the  absolute 
weight  of  a  body  increases  as  we  go  from  the  equator  to  the 
poles,  and  diminishes  as  we  rise  above  the  surface  of  the  earth. 
ti  is  very  different  on  the  different  planets  and  on  the  sun.  A 
body  weighing  a  kilogramme  on  the  earth  would  weigh  about  28 
kilogrammes  on  the  sun,  about  2.6  kilogrammes  on  Jupiter,  and 
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only  about  160  grammes  on  the  moon.  On  the  surface  of  the 
globe,  howeyer,  the  possible  variation  of  weight  is  but  small, 
amounting  at  most  to  -^ij  of  the  whole.  Calling  this  in  ro\md 
numbers  7^,  it  will  be  found  that  a  body  weighing  one  kilo- 
gramme at  the  equator  would  weigh  1  kilog.  5  gram,  at  the  poles. 
(64.)  French  System  of  Weights. — Weight  is  estimated  by 
arbitrarily  assuming  a  unit  of  weight,  and  then  comparing  the 
pressure  exerted  by  other  bodies  with  that  exerted  by  the  unit. 
If,  for  example,  this  pressure  in  a  given  case  is  found  to  be  ten 
times  as  great  as  that  of  the  unit,  the  body  is  said  to  weigh  ten 
grammes,  or  ten  pounds,  as  the  unit  may  be  denominated.  The 
French  have  assumed,  as  their  unit  of  weight,  the  pressure  ex- 
erted by  one  cubic  centimetre  of  pure  water  at  4°  G.  (its  point  of 
maximum  density)  in  a  vacuum,  and  at  the  latitude  of  Paris. 
This  unit  they  call  a  gramme.  The  gramme  is  midtiplied  and 
subdivided  decimally,  and  the  names  given  to  these  multiples  and 
subdivisions  are  analogous  to  those  used  in  the  case  of  tlie  metre. 
Thus  Kre  have  the 

French  St/stem  of  Weights. 

Kilogranmie,    1000  gram.  Gramme,  1.000  gram. 

Hectogramme,    100     ^^  Decigramme,    0.100      ^^ 

Decagramme,       10     "  Centigramme,  0.010      " 

Gramme,  1     "  Millegramme,  0.001      " 

It  follows  from  the  last  section,  that  a  mass  of  brass  whose 
weight  is  one  gramme  at  Paris  would  weigh  less  than  a  gramme 
at  a  lower  latitude,  and  more  than  one  gramme  at  a  latitude 
higher  than  that  of  Paris.  Hence,  the  weight  of  one  cubic 
centimetre  of  water  at  4''  C,  and  in  a  vacuum,  is  the  standard 
gramme  only  at  the  latitude  of  Paris. 

The  great  advantage  of  this  system  of  weights  in  all  scientific 
investigations  arises  from  the  very  simple  relation  which  exists 
between  it  and  the  system  of  measures  already  described.  This 
is  so  simple,  that  it  is  almost  always  possible  to  calculate  the 
weight  of  a  substance  from  its  volume,  and  the  reverse,  mentally, 
when  the  specific  gravity  of  the  substance  is  known.  The  French 
system,  boUi  of  weights  and  measures,  is  exclusively  used  in  this 
volume. 

(65.)  System  of  Weights  of  the  United  States  and  of  Eng- 
land. —  In  this  country  and  in  England  two  entirely  distmct 
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units  of  weight  are  in  use,  called  the  Troy  Pound  and  the 
Avoirdupois  Pound,  These  units  are  entirely  arbitrary,  and 
are  represented  by  certain  masses  of  metal,  which  have  been 
declared  by  law  to  be  the  legal  standard  of  weight.  These  units 
bear  to  each  other  the  relation  of  144  to  175,  and  do  not  agree 
in  any  of  their  subdivisions  except  the  grain.  The  Troy  pound 
contains  5,760,  and  the  avoirdupois  pound  7,000  grains,  all  of  the 
same  value.  The  actual  legal  standard  of  weight  in  the  United 
States  is  the  Troy  pound,  copied  by  Captain  Kater,  in  1827,  from 
the  imperial  Troy  pound,  for  the  United  States  Mint,  and  pre- 
served in  that  establishment.  This  pound  is  a  standard  at  30 
inches  of  the  barometer  and  62^  of  the  Fahrenheit  thermometer.* 
The  English  standard  of  weight  is  connected  with  that  of  meas- 
ure, by  the  enactments  that  277.274  cubic  inches  shall  constitute 
the  Imperial  Oallon,  and  that  tlie  weight  of  this  volume  of  pure 
water,  weighed  in  air  of  30  inches'  pressure  at  62^  F.,  shaU  be 
taken  as  10  avoirdupois  pounds,  or  70,000  grains.  Tables  of  the 
subdivisions  of  the  two  units,  showing  their  relations  to  the 
French  system,  will  be  found  at  the  end  of  this  Fart,  in  connec- 
tion with  the  other  tables  of  weights  and  measures. 

(66.)  Specific  Weight.  —  The  specific  weight  of  a  substance 
is  the  weight  of  one  cubic  centimetre  of  the  substance,  and  there- 
fore bears  the  same  relation  to  the  weight  that  the  density  does 
to  the  mass  (15).  If,  then,  we  represent  specific  weight  by 
Sp.  Id,  we  have 

Sp.tiS^y-.  [50.] 

The  specific  weight  of  copper,  for  example,  at  Paris,  is  equal  to 
8.921  grammes.  The  term  specific  weight  must  not  be  con- 
founded with  specific  gravity,  which  will  be  explained  in  (69). 

The  specific  weight  of  a  substance  is  evidently  variable,  and, 
like  the  absolute  weight,  depends  on  the  intensity  of  the  force  of 
gravity. 

(67.)  Unit  of  Mass.  —  In  assuming  a  unit  of  weight,  we  have 
also  established  a  unit  of  mass.  If,  in  [48] ,  we  substitute  for  M 
unity,  and  for  g  the  intensity  of  gravity  at  Paris,  the  value  of 
to  becomes 


*  Report  on  Weight!  and  Measures,  bj  Professor  A.  D.  Bache.    Thirty-fourth  Con- 
gress, Third  Session.    £z.  Doc.  No.  27. 
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to  =  9.8096  grammes ;  [61.] 

that  is,  the  unit  of  mass  weighs  at  Paris  9.8096  gram.  Anj 
quantity  of  matter,  then,  which  weighs  at  Paris  9.8096  gram., 
is  the  unit  of  mass.  The  weight  of  the  unit  of  mass  evidently 
yaries  with  the  intensity  of  gravity ;  thus,  at  the  poles  the  unit 
of  mass  weighs  9.8315  gram.,  at  the  equator  it  weighs  '9.7806 
gram.  The  differences  are  very  much  greater  on  the  surfaces 
of  the  sun,  moon,  and  planets ;  thus,  on  the  sun  the  unit  of 
mass  weighs  about  277.5  gram.,  on  the  moon  about  1.654  gram., 
and  on  the  planet  Jupiter  about  26.243  gram.  In  general,  a 
quantity  of  matter  which  weighs  as  many  grammes  as  the  number 
which  expresses  the  intensity  of  gravity  at  the  place  of  observa- 
tion, is  equal  to  the  unit  of  mass. 

From  equation  [48]  we  have,  by  transposition,  JIf  :=  — .  Hence, 

in  order  to  find  the  number  of  units  of  mass  of  which  a  body 
consists,  we  have  only  to  divide  its  weight  in  grammes  by  the  in- 
tensity of  gravity  at  the  place  of  observation.  For  example,  500 
grammes  of  iron  at  Paris  contain  Jii-fjs  «=  50.98  units  of  mass. 

(68.)  Density.  —  The  density  of  a  substance  has  been  defined 
as  the  mass  of  one  cubic  centimetre  of  the  substance  (15),  and 

from  [1]  we  have  D  :=  «,  or,  substituting  for  M  its  value,  — , 
and  then  for  -p  the  symbol  Sp.  iD,  we  obtaia 

D  =  -^  =  ^^  (unUs  of  massy.         [52.] 

8  921 
The  density  of  copper,  for  example,  is  equal  to  ^-qtr  =  0.909 

unit  of  mass.  Density  has,  therefore,  the  same  relation  to  spe- 
cific weight  tliat  mass  has  to  weight.  It  is  always  equal  to  the 
weight  of  one  cubic  centimetre  of  the  substance  divided  by  the 
intensity  of  gravity.  It  is  evidently  a  constant  quantity,  and 
does  not  vary  with  the  intensity  of  gravity. 

(69.)  Specific  Gravity,  —  The  specific  gravity  of  a  substance 
is  the  ratio  of  its  absolute  weight  to  that  of  an  equal  volume  of 
pure  water  at  4''  C.  and  at  the  same  locality.  If  iX)  represents 
the  absolute  weight  of  tlie  substance  at  any  place,  and  {]}'  the 
weight  of  an  equal  volume  of  water  at  the  same  place,  then 

Sp.Gr.^^,  [68.] 
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Moreover,  since  bj  =  M.  g,  and  tlJ'  =  JIf' .  g*,  we  have,  also. 

Hence  the  specific  gravity  of  a  substance  is  likewise  the  ratio  of 
its  mass  to  the  mass  of  an  equal  volume  of  water.  It  is,  there- 
fore, like  the  density,  a  constant  quantity,  and  does  not  vary  with 
the  intensity  of  gravity. 

In  the  French  system,  one  cubic  centimetre  of  water  at  4*  C. 
weighs  at  Paris  one  gramme,  and  hence  at  Paris  the  weight  in 
grammes  of  a  given  volume  of  water  at  4^  C.  is  always  equal  to 
the  number  of  cubic  centimetres.  We  may  therefore  substitute 
in  [53],  for  ti}\  the  volume  in  cubic  centimetres.  If  we  also 
designate  by  W  the  absolute  weight  of  a  body  at  Paris,  and  by 
Sp.  W.  the  specific  weight  at  Paris,  we  can  obtain  from  [58] 
and  [50], 

^.Gr.=  y=  Sp.  W.  [65.] 

From  this  equation,  it  appears  that  the  numbers  expressing 
the  specific  gravity  of  a  substance  and  its  specific  weight  at 
Paris  are  always  the  same  in  the  French  system.  The  difference, 
however,  between  the  two  is  an  essential  one.  Sp.  W.  always 
stands  for  a  certain  number  of  grammes,  but  Sp.  Gr.  is  a  ratio. 
When  we  say  that  the  specific  weight  of  copper  is  8.921  grammes, 
we  mean  that  one  cubic  centimetre  of  copper  weighs  at  Paris 
this  number  of  grammes ;  but  when  we  say  that  the  specific 
gravity  of  copper  is  8.921,  we  merely  mean  that  a  volume  of 
copper  weighs  8.921  as  much  as  the  same  volume  of  water.  The 
first  number  is  variable,  depending  on  the  unit  of  weight  used ; 
the  last  is  invariable,  and  hence  the  same  with  all  systems  of 
weights.  It  is  only  in  the  French  system  of  weights  that  the  two 
numbers  are  the  same. 

We  can  easily  obtain  from  [55], 

r=^-^,    and     W^r.Sp.Gr.         [56.] 

These  simple  formula  should  be  remembered,  as  they  will  be 
constantly  used  in  the  course  of  this  work. 

It  is  more  usual  to  refer  the  specific  gravity  of  gases  to  air, 
as  a  standard  of  comparison,  than  to  water.  It  will  be  shown 
hereafter  that  the  weight  of  a  given  volume  of  air  varies  very 
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greailj,  both  witli  the  temperature  and  the  atmospheric  pressure 
to  which  it  is  exposed  ;  and  it  is  therefore  essentisJ,  in  using  air 
as  a  standard  of  comparison,  to  adopt  arbitraidly  a  certain  tem- 
perature and  pressure,  at  which  it  shall  be  considered  as  the  stand- 
ard. The  temperature  which  has  been  generally  agreed  upon 
is  0""  C,  and  the  pressure  which  has  been  adopted  is  that  cor- 
responding to  a  height  of  76  c.  m.  of  the  barometer. 

We  maj  then  define  the  specific  gravitj  of  a  gas  as  the  ratio  of 
its  weight  to  that  of  an  equal  volume  of  air  at  0"*  C.  and  under  a 
pressure  of  76  c.  m.  Representing  by  W  the  weight  of  a  given 
volume  of  gas  at  Paris,  and  by  W*  and  W"  the  weights  respec- 
tively of  the  same  volumes  of  water  and  air  at  the  standard  tem- 
peratures and  pressure,  —  also  representing  by  Sp.  Gr.  the  spe- 
cific gravity  of  the  gas  referred  to  water,  and  by  Sp.  Gr.  the 
specific  gravity  referred  to  air,  — we  have 

W  W 

Sp.  Gt.  :=  -|7?7,    and    Sp.  Gr.  =  -^^  [57.] 

When  the  specific  gravity  of  a  given  substance  is  refen-ed  to 
one  standard,  it  is  frequently  required  to  calculate  its  specific 
gravity  with  reference  to  the  otiier,  or,  in  technical  language,  to 
reduce  the  specific  gravity  to  the  other  standard.  For  this  pur- 
pose, we  know  that  the  specific  gravity  of  air  with  reference  to 

water  is  equal  to  0.00129363.     Hence,  -~^  ==  0.00129363,  and 

by  substituting  the  value  of  W\  obtained  from  this  in  [57] ,  we 
can  easily  obtain 

Sp.  Gr.  =  Sp.  Gr.  0.00129363,  [58.] 

a  formula  by  means  of  which  the  reduction  can  easily  be  made. 

A  table  giving  the  specific  gravities  of  some  common  substances 
will  be  found  at  the  end  of  this  Part. 

(70.)  Unit  of  Force.  —  The  unit  of  force  has  been  defined  as 
that  force  which,  acting  on  the  unit  of  mass  during  one  second, 
will  impress  upon  it  a  velocity  of  one  metre  (29).  Since  the 
unit  of  mass  weighs  at  Paris  9.810  grammes,  we  can  also  define 
the  unit  of  force  as  that  force  which,  acting  during  one  second, 
will  impress  on  9.810  grammes  of  matter  a  velocity  of  one  metre. 
Moreover,  it  follows  from  [14]  that  a  force  which  will  impress 
diuring  one  second  a  velocity  of  one  metre  on  9.810  grammes  of 
matter,  is  equal  to  the  force  which  will  impress  a  velocity  of  9.810 
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metres  on  one  grflmme  of  matter.  But  tliis  force  is  the  same  as 
the  force  exerted  by  gravity  on  one  gramme  of  matter.  In  other 
vords,  it  is  equal  to  tlie  weight  of  one  gramme.  We  hare,  thou, 
a  new  measure  for  our  imit  of  force.  The  unit  of  force  is  the 
force  exerted  in  pressure  by  the  unit  of  weight.  When  a  weight 
of  ten  grammes,  for  example,  is  suspended  to  a  fixed  point, 
the  pressure  exerted  by  that  weight  is  equivalent  to  teu  units  of 
force. 

(71.)  Relative  Weiffkt.  — There  are,  in  general,  two  methods 
by  which  tlio  weight  of  a  body  (that  is,  the  pressure  which  it  ex- 
erts) may  be  determined. 

Tlio  first  method  consists  in  balancing  the  pressure  against  a 
spring,  and  determining  the  weight  from  the  amount  by  which  the 
spring  is  bent.     An  instrument  for  this  purpose  is  represented  in 
Fig.  35.     It  consists  of  a  steel  spring,  bent  in  the  form  of  a  Y. 
To  the  end  of  the  lower  arm  is  fastened  an  iron  arc,  which  passes 
fireely  through  an  opening  in  the  upper  arm,  and  ends  in  a  ring. 
To  the  end  of  the  upper  arm  a  similar  iron  ore  is  fastened,  which 
passes  through  an  opening  in  the  lower  arm,  and  terminates 
in  a  hook.    In  using  tlie  instrument,  the  body  to  he  weighed 
is  suspended  by  the   hook,  as  in  Fig.  85,  and 
the    number   of   grammes  by  which  the  spring 
is    bent    is    then    read  off   on    the    graduated 
arc.     Such  an  instrument  is  called  a  spring'  bal- 
ance, and  indicates  at  once  the  absolute  weight 
of  a  body.     Could  it  be  made  sufficiently  deli- 
cate, it  would  show  that  the  absolute  weight  of 
a  body  varied  on  the  earth's  surface,  gradually 
increasing  from  the  equator  towards  tlie  poles. 
Such   an   instrument  would   give   the    absolute 
weiglit  of  a  body, 
"i-K.  The  second  method  consists  in  preparing  a  set 

of  so-called  weights,  which  are  mosses  of  brass  or  platinum  weigh- 
ing exactly  one  gramme,  or  some  multiple  or  fraction  of  a  gramme, 
at  Pans.  The  weight  of  a  body  is  then  estimated  by  balancing  it 
against  these  weights  in  a  well-known  instrument  called  the  bal- 
ancf.  The  balance  is  merely  a  form  of  tiio  lever,  so  constructed 
that,  when  eqiml  pressures  are  exerted  or  its  two  pans,  the  beam 
stands  in  a  horizontal  position.  The  body  to  be  weighed  is 
'  placed  in  one  pan,  and  then  weights  are  added  to  the  other  until 
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tbo  beam  of  the  balance  rests  in  a  horizontal  position.    The  sum 
of  these  weights  then  indicates  the  weight  of  tlie  body.     At  Paris 
the  balance  indicates  at  once  the  absolute  weight  of  a  bodj,  but 
not  necessarilj  so  at  other  places  on  the  earth's  surface.     To  il- 
lustrate this  point,  let  us  suppose  that,  in  weighing  at  Paris,  it 
required  ten  grammes'  weight  in  one  pan  of  the  balance  to  equi- 
poise the  body  in  the  other  pan.     Suppose,  now,  that  we  trans- 
port the  whole  apparatus  to  some  point  on  the  equator.     It  is 
evident  that  our  gramme  weights  no  longer  weigh  one  gramme 
each,  but  something  less,  by  an  amount  easily  calculated  from 
the  diminution  in  the  intensity  of  gravity.     Nevertheless,  since 
the  body  has  lost  weight  in  the  same  propoi*tion,  it  will  still 
be  balanced  by  the  ten  gramme  weights,  and  so  it  would  be  all 
over  the  globe.     This  weight,  which  is  frequently  called  relative 
weig'ht^  will  always  be  designated  in  this  work  by  IT,  in  order  to 
distinguish  it  from  the  absolute  weight  at  other  localities,  which 
we  have  already  designated  by  bj.    Hence  we  have,  from  [48], 

Tr=3f.  9.8096,    and    to  =  -M".g-,         [59.] 

Since  the  force  of  gravity  at  any  given  locality,  and  hence  at 
Paris,  does  not  vary,  it  follows  that  the  relative  weight  of  a  body, 
or  Wj  is  a  constant  quantity  ;  the  same  at  any  point  on  the  sur- 
face of  our  globe,  and  the  same  on  the  sun,  moon,  and  planets 
as  it  is  on  the  earth. 

We  can  easily  find  the  absolute  weight  of  a  body  at  any  local- 
ity, when  its  relative  weight  is  known.  Representing,  as  above, 
by  W  the  relative  weight  of  the  body,  and  by  iX)  the  absolute 
weight  required  at  the  place  in  question,  we  have,  from  [59], 

to  :   Tr=  3I.gr  :  M.  9.8096,  [60.] 

and 

that  is,  the  absolute  weight  of  a  body  at  any  place  is  equal  to  the 
absolute  weight  at  Paris  (or  the  relative  weight  of  the  body  at  the 
place)  multiplied  by  the  ratio  between  the  intensity  of  gravity  at 
the  place  and  that  at  Paris. 

Relative  weight  is  the  direct  measure  of  the  mass  of  a  body. 
Representing  by  m  the .  mass  of  the  unit  of  weight,  we  have 
1  ^.  =  m .  9.8096.     By  comparing  this   equation  with    TTass 

m.  9.8096  we  obtain  Wsss^i  that  is,  the  relative  weight  of  a 

m  ^ 
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body  indicates  the  quantity  of  matter  which  it  contains,  compared 
with  that  contained  in  one  cubic  centimetre  of  water  at  4"*  G.  It 
is  therefore  a  legitimate  measure  of  the  quantity  of  matter  con- 
tained in  a  body,  and  the  word  weight  is  almost  exclusively  used 
in  this  sense  in  chemistry,  as  it  is  in  common  life. 

MECHANICAL  POWERS. 

(71  W«.)  Machme%.  —  By  the  aid  of  wheels,  rods,  bands  or 
cords,  and  inclined  surfaces,  power  may  be  readily  transmitted 
from  one  point  to  another,  and  the  intensity,  direction,  point, 
and  mode  of  application  of  the  acting  force  varied  in  a  multi- 
plicity of  ways.  The  numerous  contrivances  by  which  such 
changes  are  effected  are  termed,  in  general,  matkinM.  All  ma- 
chines, however  complicated  their  structure,  will  be  foimd  on 
examination  to  consist  of  a  limited  number  of  simple  parts,  gen- 
erally called  mechanical  powers,  or  simple  machines.  Among 
these  we  usually  distinguish  six  ;  viz.  the  lever,  the  wheel  and 
axle,  the  pulley,  the  inclined  plane,  the  wedge,  and  the  screw. 
Of  each  of  these,  however,  there  are  many  varieties ;  and  the 
skill  of  the  inventor  is  shown  no  less  in  adapting  these  parts  of 
his  machine  to  their  special  purpose,  than  in  combining  flie  parts 
so  that  they  shall  act  harmoniously  together  to  produce  the  de- 
sired result.  A  description  of  the  various  mechanical  powers, 
or  of  their  important  applications,  is  entirely  beyond  the  scope 
of  this  work.  There  is,  however,  one  important  general  princi- 
ple connected  with  the  subject  which  may  be  noticed  in  passing. 
A  machine  transmits  power  without  increasing  it  in  the  slightest 
degree.  Indeed,  more  or  less  power  is  always  lost  during  the 
transmission,  in  overcoming  friction  and  other  causes  of  resist- 
ance. The  use  of  a  machine  is  to  adapt  power  to  the  work  to 
be  done.  It  may  change  the  direction  or  the  velocity  of  the 
motion  caused  by  the  power  ;  it  may  change  the  mode  of  action 
of  the  power ;  it  may  change  the  intensity  of  the  power,  and 
enable  a  feeble  force,  by  acting  through  a  great  distance,  or 
during  a  long  time,  to  overcome  a  great  resistance.  It  may 
modify  the  action  of  the  power  in  an  infinite  variety  of  ways,  so 
as  to  produce  the  useful  effects  of  which  machinery  is  capable, 
but  it  will  be  found  in  every  case  that  the  work  done  by  the  ma- 
chine is  the  exact  equivalent  of  the  power  it  receives.  One  only 
of  the  mechanical  powers  requires  further  notice  in  this  work. 
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THE  BALANCE. 


(72.)  Lever. —  Before  studying  the  theory  of  the  balance,  it 
18  important  to  consider  the  general  theory  of  the  lever,  of  which 
the  balance  is  only  a  single  example. 

A  lever  is  any  rigid  bar,  A  B  (Pig.  86),  resting  on  a  point,  c, 
round  which  two  forces  tend  to  turn  it  in  opposite  directions. 


11C.'88b 


Tif.  87. 


The  point  c  is  called  the  fulcrum.  The  force  applied  at  A  is  called 
fhepotff^r,  and  the  force  applied  at  B  is  called  the  resistance^  or 
the  weight.  Levers  are  commonly  divided  intcf  three  kinds,  ac- 
cording to  the  position  which  the  fulcrum  has  in  relation  to  the 
power  and  the  weight.  If  the  fulcrum  is  between  the  power  and 
the  weight,  as  in  Figs.  86, 87,  the  lever  is  of  the  first  kind.    Jf 


Ilg.88. 


fig.  89. 


{he  weight  is  between  the  fulcrum  and  the  power,  as  in  Fig.  88, 
the  lever  is  of  the  second  kind.    If  the  power  is  between  the 
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falcnim  aad  the  weight,  as  ia  Fig.  39,  the  lever  is  of  the  third 
kind. 

Li  the  three  kinds  of  lerer,  the  perpendicalar  distances  from 
tlie  fulcrum  to  the  lines  of  directioa  of  tlie  tvo  forces  are  called 
the  arms  of  the  lever.  If  tlie  lever  is  straight,  and  perpendicular 
to  the  directions  of  both  of  the  two  forces,  the  two  portions  of 
the  lever,  A  c  and  B  c,  Fig.  86,  are  themselves  the  arms  of  the 
lever.  If,  however,  the  lever  is  not  straight,  or  is  inclined  to 
the  direction  of  one  or  hoth  of  the  forces,  the  arms  of  the  lever 
are  the  perpendiculars,  a  c  and  b  c.  Fig.  87,  a  O  and  b  O,  Fig.  40, 
let  fall  from  the  fulcrum  on  tliese  directions. 

In  order  that  tlie  two  forces  applied  to  the  lever  should  be  in 
equilibrium,  three  conditions  are  essential :  — 

1st.  The  lines  of  direction  of  tlie  two  forces  must  be  in  the 
same  plane  with  the  fulcrum. 

2d.  The  two  forces  must  tend  to  turn  the  lever  in  opposite  di- 
rections. 

8d.  The  intensity  of  the  two  forces  must  he  to  each  other  in- 
versely as  the  lengtlis  of  the  arms  of  the  lever  to  which  they  may 
he  regarded  as  applied. 

Tliat  these  ttireo  conditions  are  essential  to  equilibrium  can 
easily  be  proved.     In  the  first  place,  it  is  evident  tliat  the  two 
forces  cannot  be  in  equilibrium,  unless  the  direction  of  their 
resultant   passes   through   the    fulcrum.     Now  it  can  easily  be 
proved,  that,  unless  the 
two    forces    are    in    the 
same    plane,    they    can 
have    no    sii^le    result- 
ant;   and  hence   follows 
tlie  necessity  of  the  first 
condition.    In  the  second 
place,  let  us  suppose,  Fig. 
40,  that  AQ  aad  B  P 
are  the  lines  of  direction 
of  two  forces  in  the  same 
piano  with   tlie   fulcnun 
gi^_  4j  O,  and  that  C  is  the  point 

where  ^ese  directions  in- 
tersect ;  then,  in  order  that  the  direction  of  the  resultant  O  B 
should  pass  through  O,  it  is  evident  tliat  the  directions  of  the 
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components  shotUd  be  such  that  they  would  tend  to  turn  the 
lever  in  opposite  directioiiE. 

The  necessitj  of  tiie  third  condition  trill  be  most  readily  seen 
if  studied  under  two  cases.     In  the  first  place,  let  us  take  the 
case  where  the  two  forces  are  parallel,  as  in  Fig.  37.     It  has  been 
proved  (37)  that  ^e  point  of  application  of  the  resultant  of  two 
parallel  forces  divides  the  line  joining  the  points  of  application 
of  the  components  into  two  parte,  which  are  inversel/  propor- 
tional to  the  intensities  of  tlie  forces.     Hence  it  follows,  that, 
in  order  that  the  direction  of  the  resultant  in  Fig.  37  should  pass 
through  the  fulcrum,  the  two  forces  applied  at  A  and  B  must  be 
inversely  proportional  to  Ac 
and  B  e,  and  hence  also  to 
a  c  and  b  c,  which  are  the 
arms  of  the  lever.    In  the 
second  place,  let  ue  suppose 
that  the  directions  of  tlie 
forces  are  not  parallel,  as 
in  Fig.  41.    In  tliis  figure, 
A  Q   and    B  P  represent  _^  „ 

the  directions  of  the  forces, 

which  we  will  represent  by  F  and  F',  and  a  O  and  fr  O  the  arms 
of  the  lover.  By  the  principle  of  (32),  the  effect  of  these  forces  is 
the  same  as  if  they  were  applied  respectively  at  o  and  b,  points 
which  we  may  consider  as  immovably  united  to  the  lever.  From 
0  extend  the  line  b  0  until  it  intersects  the  direction  A  Q  at  h 
point  e.  By  the  same  principle  as  above,  the  effect  of  the  force 
F  is  the  same  as  if  it  were  applied  at  c.  We  can  now  evidently 
consider  this  force  as  made  up  of  two  others  perpendicular  to 
each  other,  one  acting  in  the  direction  0  c,  which  will  be  neu- 
tralized by  the  resistance  of  the  fixed  point  0,  and  the  other  in 
the  direction  e  q  parallel  \a  B  P.  Complete  the  parallelogram, 
and  let  us  suppose  that  F=cQ,  and  hence  that  the  component 
parallel  to  5  J*  is  equal  to  e  q.  It  follows  now,  from  the  proof 
given  above,  that  there  cui  only  be  equilibrium  when 

F'xOh^^eqXOc,    or     cq=^^. 

But  from  the  similarity  of  Uie  triangles  eq  Q  and  eOa,ve  have 
eqi  Oa^ic  Q  :  Oe,  and  by  substituting  for  c  $  and  e q  their 
v^ues  just  given 
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F':  Oa  =  JP:  0  6.  [66.] 

It  is,  then,  also  a  condition  of  equilibrium,  that  the  tw6  forces 
should  be  to  each  other  inversely  as  the  lengths  of  the  arms  of 
the  lever,  the  point  which  was  to  be  proved.  We  have  proved 
the  validity  of  the  three  conditions  of  equilibrium  for  the  first 
kind  of  lever  only ;  but  this  proof  can  easily  be  extended  to  the 
second  and  third  kirids  of  lever. 

It  f6llows  from  what  has  heen  said,  that  the  tendency  of  the 
power  to  turn  the  lever  may  be  augmented  either  by  increasing 
the  amount  of  the  power,  or  by  increasing  the  length  of  the  arm 
of  the  lever  on  which  it  acts ;  that  is,  by  increasing  the  perpen- 
dicular distance  of  the  direction  of  the  force  from  the  fulcrum. 
In  either  case,  the  effect  Will  he  Increased  in  a  corresponding 
proportion.  Thus,  if  we^  remove  the  power  to  double  its  distance 
from  the  fttlcrutti,  "we  shall  double  its  effect ;  and  if  we  remove  it 
to  half  the  distance,  we  shall  diminish  its  effect  by  one  half.  The 
perpeiidicular  distance  of  the  direction  of  a  force  from  the  ful- 
crum is  called  its  leverage ;  and  it  is  evident  that  the  effect  of 
any  force  applied  to  k  lover  will  be  proportional  to  its  leverage. 

From  proportion  [65]  we  obtain,  by  multiplying  together  the 
extremes  and  the  means,  jPx  Oa^=  F*  X  Ob.  The  product 
of  the  intensity  of  a  force  by  the  length  of  the  perpendicular  let 
fall  from  a  fixed  point  to  the  line  of  direction  of  the  force,  is 
called  the  moment  of  the  force  with  respect  to  the  point.  Since 
Oa  and  O  b  are  such  perpendiculars,  it  follows  that,  when  a  lever 
is  in  equilibrium,  the  moments  of  the  power  and  resistance  are 
equal. 

(73.)  I%e  Balance,  — The  instrument  by  means  of  which  thb 
weight  of  a  substance  is  compared  with  the  unit  of  weight.  Is 
called  a  Balance.  It  is  generally  made  of  brass,  and  consists 
essentially  of  an  upright  pillar  supporting  a  beam,  B  -B,  Pig. 
42,  which  turns  upon  a  knife-edge,  placed  exactly  at  the  mid- 
dle of  its  length.  From  the  two  ends  of  the  beam  are  sus- 
pended the  pans,  in  which  the  weights  to  be  compared  are 
placed.  The  knife-edge  is  formed  by  a  triangular  steel  prism 
passing  through  the  beam,  whose  axis  is  exactly  at  right  angles 
with  the  plane  of  the  beam.  The  lower  edge  of  the  prism  is 
sharp,  and  rests  upon  an  agate  plane,  so  as  to  make  the  friction  as 
small  as  possible.  For  the  same  reason,  the  hooks  by  which  the 
pans  are  suspended  rest  also  on  knife-edges.    These  knife-edges 
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ue  sdjusted  perpendicularlj  to  the  plane  of  the  be&i;a,  and  on  the, 
«am9  lerel  as  the  fulcrum.  The  fulcrun^  ia  so  placed  tliat  the 
cen^  of  gravitjr  of  the  beam  Ehall  be  filightlj'  below  it,  bo  that 


Then  in  equUibriuia  the  beam  will  tend  to  com0  to  rest  in  % 
horizontal  posiUon.  The  centre  of  graritj  caa  be  adjusted  b/ 
meaiu  of  the  button  C,  Fig.  42,  which  can  be  mored  up  or  doir^ 
CD  the  screw  to  which  it  is  fastened.  The  long  index-rod  attached 
to  the  beam  below  the  knife-edge  indicates,  by  the  gradiiiited  arc, 
when  the  beam  is  horizoutal.  When  the  balance  is  no^  jn  use, 
the  beam  can  be  lifted  off  from  its  bearing,  and  supported  upoq 
the  brass  arms  E,  E.  These  are  attached  to  the  cross-piece  a  a, 
which  can  be  raised  or  lowered  by  turning  the  thumb-screw  O. 
The  motion  of  the  cross-piece  is  directed  by  the  two  pina  A,  A, 
which  play  loosely  through  holes  at  its  twq  ends. 

A.  balance  is  evidently  a  lever  with  equal  arms,  and,  accprding 
to  the  principle  of  the  lever,  if  equal  ^eights  are  pieced  iu  (he  two 
pans,  they  will  exactly  balance  each  other'  Th?  balaqce,  tliere- 
fbie,  enables  us  to  compare  the  weight  of  a  suhsfance  frith  tlie 
onit  of  weight.  We  have  simply  to  place  t;hQ  substance  in  one 
pan  of  the  balance,  and  then  add  weights,  which  hftve  been  ad- 
justed by  the  standard  unit,  to  the  other,  until  the  beam  assupieq 
&  horizontal  position,  or  until  it  vibrates  to  aa  equal  dist^pce  oi) 
9* 
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both  sides  of  this  position,  —  as  can  be  observed  by  the  motion  of 
the  index  over  the  graduated  arc.  The  sum  of  the  weights  re- 
quired to  balance  the  substance  is,  then,  its  relative  weight  in 
terms  of  the  imit  of  weight  employed. 

The  usefulness  of  a  balance  depends  upon  two  points,  —  1st,  its 
accuracy  y  and,  2dl7,  its  sensibility  to  slight  differences  of  weight. 
An  examination  of  tlte  conditions  on  which  these  depend,  will 
lead  us  to  understand  better  the  principle  of  this  verj  important 
instrument.  From  the  mode  in  which  the  pans  of  a  balance  are 
suspended,  it  is  obvious  that  we  may  regard  their  whole  weight 
as  concentrated  on  the  knife-edges  at  the  ends  of  the  beam.  In 
a  theoretical  consideration  of  the  subject,  we  may  therefore  leave 
the  pans  entirely  out  of  view,  and  consider  any  weight  placed  in 
them  as  directly  applied  to  the  knife-edges,  thus  reducing  tlie 
balance  to  a  straight  lever.  From  another  point  of  view,  the 
whole  weight  of  the  beam  and  pans  may  be  considered  as  con- 
centrated at  the  centre  of  gravity,  when  the  balance  becomes  a 
pendulum,  whose  point  of  suspension  is  the  fulcrum  of  the  beam. 
These  two  mechanical  principles,  combined  in  the  balance,  have 
constantly  to  be  kept  in  view  in  studying  its  theory.  It  will  then 
be  easy  to  understand  the  following  circumstances,  on  which  the 
accuracy  and  sensibility  of  the  instrument  depend. 

1.  It  is  necessary  that  the  distances  of  the  two  knife-edges 
from  the  fulcrum  should  be  exactly  equal;  for  if  the  distance  from 
the  fulcrum  of  the  point  of  suspension  of  one  pan  were  greater 
than  that  of  the  other,  then  a  weight  placed  in  the  first,  acting 
under  a  greater  leverage,  would  balance  a  larger  weight  in  the 
last,  and  the  larger  in  proportion  to  the  inequality  of  the  two 
arms  of  the  beam. 

2.  It  is  necessary  that  the  centre  of  gravity  of  the  beam  and 
pans  should  be  below  the  fulcrum,  and  as  near  to  it  as  possible. 
Were  the  centre  of  gravity  at  the  fulcrum,  the  beam  would  not 
oscillate,  but  remain  in  whatsoever  position  it  were  placed. 
Were  it  above  the  fulcrum,  the  beam  would  be  overset  by  the 
slightest  impulse.  When  it  is  below  the  fulcrum,  the  beam,  as 
already  stated,  may  be  regarded  as  a  pendulum,  whose  axis  co- 
incides with  the  line  joining  the  fulcrum  and  centre  of  gravity. 
As  this  line  forms  right  angles  with  the  axis  of  the  beam  in  what- 
ever position  the  latter  may  be  placed,  and  as  the  pendulum 
tends  always  to  fall  back  to  the  perpendicular  position  whenever 
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remoTed  from  it,  it  follows  that,  if  ve  impart  an  impulse  to  tlia 
beam  of  a  properlj^  adjusted  balance,  it  will,  after  vibrating  for 
Bome  time,  invariably  return  to  a  horizontal  position.  The  centre 
of  gravity  of  tlie  beam  is  exactly  under  the  fulcrum,  and  in  a  line 
at  right  angles  to  the  axis  only  when  tlie  two  pans  are  equally 
loaded.  If  unequally  loaded,  the  centre  of  gravity  is  to  the  right 
or  to  the  left  of  this  liue ;  and  in  tht(t  case  the  beam  tends  to 
come  to  rest  at  an  angle  to  the  horizontal  position,  rapidly  in- 
creasing witlt  the  iuequ&litj  of  the  weight  until  the  beam  is  entirely 
overset.  In  weighing  with  a  delicate  balance,  it  is  not  necessary 
to  wait  until  the  beam  comes  to  rest,  in  order  to  ascertain  whether 
the  pans  have  been  equally  loaded.  This  can  be  ascertained  more 
promptly  by  noticing  the  amplitude  of  the  vibrations  of  the  index 
on  either  side  of  the  perpendicular,  fay  means  of  the  graduated 
arc.  They  will  be  equal  only  when  the  weights  in  tlie  two  pans 
are  equal. 

The  sensibility  of  a  balance  depends  in  great  measure  on  the 
nearness  of  the  centre  of  gravity  to  the  fulcrum.     In  order  tiiat 
a  small  weight,  placed  in  one  pan  of  a  balance,  should  turn  the 
beam,  it  must  evidently  overcome  two  forces  ;  first,  the  friction 
of  the  knife-edges  on  their  bearings,  and,  secondly,  tlie  tendency  . 
of  the  beam  to  remain  in  a  horizontal  position.     This  tendency 
depends,  as  has  already  been  sliowa,  upon  the  position  of  the 
centre  of  gravity  below  the  pouit  of  support.     Let  ua  now  com- 
pare two  cases  in  which  tlie  centres  of  gravity  are  at  different 
distances  from  the  fulcrum, 
and  ascertain  in  which  case 
the  force  required  to  turn 
the  beam  will  be  the  least. 
In  Fig.  43,  suppose  the  line 
a  &  to  be  the  axis  of  the 
beam,  O  the  fulcrum,  and 
g-  or  G  the  centre  of  grav- 
ity.    We  have  now  to  in- 
quire in  what  position  of 
the  centre  of  gravity  it  will 

require  the  least  force  to  bring  the  beam  to  a  new  position,  a'  b'. 
la  order  to  bring  the  axis  of  the  beam  to  this  position,  it  will  be 
necessary  to  bring  tho  centre  of  gravity  from  y  to  g^,  or  from  O 
to  G'.    In  the  first  case,  it  will  be  necessary  to  raise  the  whole 
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weight  of  the  heam  and  pans,  which  we  suppose  concentrated  at 
gy  through  the  perpendicular  distance  g  e ;  and  in  the  second 
case,  to  raise  the  same  weight  through  the  distance  G  E,  Since 
the  distance  ^  ^  is  much  less  than  the  distance  6  JS,  it  is  evi- 
dent that  it  will  require  a  less  force  in  the  first  case  than  in 
the  second.  Hence,  the  sensibilitj  of  the  balance  is  the  greater, 
the  nearer  the  centre  of  graritj  is  to  the  fulcrum. 

S.  It  is  important  that  the  points  of  suspension  of  the  pans 
should  be  on  an  exact  level  with  the  fulcrum.    The  importance 

of  this  condition  maj  be  seen, 
by  remembering  that  an  in- 
crease of  weight  in  the  pans 
is  equiyalent  to  adding  just 
so  much  weight  upon  the 
points  of  suspension,  and 
therefore  tends  to  draw. the 
.  centre  of  gravity  towards 
the  line  (Fig.  44)  connect- 
ing the  two.  If  tliis  line 
passed  above  the  fulcrum,  as 
in  Fig.  45,  then,  by  increas- 
ing the  weight  in  the  pans, 
the  centre  of  gravity  might 
be  brought  to  coincide  with, 
or  even  be  carried  above,  the 
fulcrum,  when  the  balance 
would  become  useless.  K 
this  line,  as  in  Fig.  45,  passed 
below  the  fulcrum,  an  increase  of  weight  in  the  pans  would  tend 
to  draw  down  the  centre  of  gravity  ;  and  thus,  by  increasmg  its 
distance  from  the  fulcrum,  would  diminish  the  sensibility  of  the 
balance.  When,  however,  the  line  passes  tlirough  the  fulcrum, 
as  in  Fig.  46,  the  points  of  suspension  of  the  pans  are  on  an  ex- 
act level  with  the  Mcrum,  and  an  increase  of  load  always  tends 
to  raise  the  centre  of  gravity  towards  the  fulcrum  in  proportion  to 
its  amount ;  so  that  a  well-adjusted  balance  theoretically  should 
turn  with  the  same  weight,  whatever  may  be  the  load  placed  upon 
it,  from  the  smallest  to  the  largest  of  which  its  construction  admits* 
This  last  point  can  be  still  further  illustrated  in  the  following 
manner.    It  has  already  been  shown,  that  the  weight  required  to 
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turn  the  balance,  when  unloaded,  may  be  measured  by  the  force 
required  to  raise  the  centre  of  gravity  of  the  beam  and  pans 
through  a  small  arc,  O  G'  (Fig.  43),  when  applied  at  V.  Let  us 
suppose  that  the  pans  are  loaded  with  a  weight  of  one  kilogramme 
each.  It  is  evident,  from  what  has  been  said,  that  this  is  equiv- 
alent to  condensing  a  mass  of  matter  equal  to  one  kilogramme 
at  each  of  the  points  a  and  b.  The  centre  of  gravity  of  these 
masses  must  evidently  be  at  the  middle  of  the  line  a  b,  that  is, 
at  the  fulcrum  of  the  balance.  Since,  then,  tliis  additional  weight 
is  supported  in  any  position  of  tlie  beam,  it  follows  that  the  weight 
required  to  turn  the  balance  is  still  measured  only  by  the  force 
required  to  raise  the  centre  of  gravity  of  the  beam  and  pans 
through  the  arc  ff,  G',  or,  to  generalize,  the  absolute  weight  re- 
quired to  turn  the  balance  is  the  same,  whatever  may  be  the  load. 
This,  however,  is  only  theoretically  true,  for  in  practice  the 
weight  required  increases  with  the  load,  in  consequence  of  the 
increased  friction  and  the  slight  bending  of  the  beam  which  it 
causes.  While,  however,  the  absolute  weight  required  to  turn  the 
balance  increases  from  these  causes  with  the  load,  the  proportion 
of  this  weight  to  the  whole  load  diminishes.  This  is  what  is 
usually  meant  by  the  sensibility  of  the  balance,  and  in  this  sense, 
evidently,  the  sensibility  increases  with  the  load. 

4.  It  is  important  that  the  friction  of  the  knife-edges  on  their 
bearings  should  be  as  slight  as  possible.  The  importance  of  tliia 
circumstance  is  so  evident,  that  it  does  not  require  illustration. 
It  is  secured  by  a  careful  construction  of  the  knife-edges,  and  by 
making  the  beam  as  light  as  is  consistent  with  rigidity. 

In  endeavoring  to  combine  these  conditions,  the  balanc^maker 
meets  with  many  practical  obstacles.  If  he  endeavors  to  increase 
the  sensibility  of  his  balance  by  diminishing  the  weight  of  the 
beam,  he  soon  finds  that  he  loses  as  much  as  he  gains,  by  the  in- 
creased flexure.  If,  again,  he  attempts  to  increase  tlie  sensibility 
by  lengthening  the  beam,  he  soon  comes  to  a  limit,  beyond  which 
the  increased  leverage  is  more  than  compensated  by  the  increased 
friction  due  to  the  necessarily  increased  weight  of  the  beam. 
Nevertheless,  by  carefully  attending  to  the  necessary  conditions, 
balances  may  be  constructed  with  a  remarkable  degree  of  sensi- 
bility. They  have  been  made  so  delicate,  that,  when  loaded  with 
ten  kilogrammes,  they  will  turn  with  one  milligramme,  that  is, 
with  one  ten-millionth  of  the  load. 
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PROBLEMS. 

Centre  of  Gravity, 

51.  Two  masses  of  matter  are  immovably  united,  ^  — >  14  wiits  of 
mass,  and  ^  — >  10  units  of  mass.  What  is  the  position  of  their  commoa 
centre  of  gravity  ? 

52.  A  mass  of  matter,  ^,  — >  15  units  of  mass,  is  immovably  united  to 
a  second  mass,  B,  It  is  found  by  experiment  that  the  common  centre  of 
gravity  of  the  two  masses  is  nearest  to  A^  and  divides  the  line  connecting 
the  masses  into  two  parts,  which  are  to  each  other  as  2  is  to  3.  What 
is  the  mass  of  B'i 

Intensity  of  the  Earths  Attraction, 

In  these  problems,  the  student  is  expected  to  nse  the  values  of  g  giren  in  the  table 
on  page  76. 

53.  What  is  the  intensity  of  the  earth's  attraction,  at  Paris,  on  a  body 
whose  mass  is  equal  to  25  units  of  mass  ?  What  is  the  intensity  of  the 
force  of  gravity,  at  Paris,  on  bodies  whose  masses  are  respectively  20,  60, 
720,  430,  and  510  units  of  mass? 

54.  What  is  the  intensity  of  the  earth's  attraction,  at  Paris,  on  a  body 
whose  mass  is  equal  to  0.1019  unit? 

Pendtdum, 

55.  What  is  the  time  of  vibration,  at  Paris,  of  a  pendulum  which  is 
0.99394  metre  long  ?  What  are  the  times  of  vibration  of  pendulums 
which  are  respectively  twice,  three  times,  four  times,  five  times,  and  nine 
times  this  length  ?  The  amplitude  in  each  case  is  supposed  to  be  infi- 
nitely small,  and  the  pendulum  to  oscillate  in  a  vacuum. 

56.  If  the  amplitude  of  the  oscillation  of  the  pendulum  of  the  last  ex- 
ample is  9%  how  much  would  the  duration  of  an  oscillation  be  increased  ? 
Solve  the  same  problem  for  amplitudes  of  1°,  2^,  4°,  and  5^. 

57.  If  the  pendulum  of  a  clock,  beating  seconds  at  Paris,  were  length- 
ened by  expansion  one  ten-thousandth  of  its  length,  how  many  seconds 
would  it  lose  each  day  ? 

58.  If  a  clock,  keeping  perfect  time  at  Paris,  were  carried  to  Spitzber- 
gen,  how  much  would  it  gain  each  day,  on  the  supposition  that  all  the 
conditions,  with  the  exception  of  the  intensity  of  gravity,  remained  the 
same  ?     How  much  would  it  lose  if  carried  to  the  equator  ? 

59.  A  pendulum  on  the  equator,  0.990934  metre  long,  was  found  to 
oscillate  in  one  second.     What  is  the  intensity  of  gravity  ? 

60.  A  pendulum  at  Paris  one  metre  long  was  found  to  oscillate  in 
1.00304  seconds.     What  was  the  intensity  of  gravity  ? 

61.  A  pendulum  at  Paris  four  metres  long  was  found  to  oscillate  in 
2.00608  seconds.    What  was  the  intensity  of  gravity  ? 
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62.  What  is  the  iatensitj  of  gravity  at  the  latitude  of  42''  21'  ?  What 
is  the  length  of  the  seconds  pendulum  at  this  latitude  ? 

63.  What  is  the  intensity  of  gravity,  and  what  the  length  of  the  sec- 
onds pendulum,  on  the  following  parallels  of  latitude,  yiz.  15**,  22°,  56°, 
and  74°? 

64.  What  is  the  intensity  of  the  centrifugal  force  on  the  parallels  of 
latitude  of  5°,  20°,  30°,  50°,  and  70°  ?  What  is  the  absolute  intensity  of 
gravity  on  these  parallels  ? 

65.  What  is  the  intensity  of  gravity  at  the  summit  of  Mt.  Washington, 
New  Hampshire?  Latitude  of  Mt.  Washington,  44°  15'.  Height  of 
summit  above  the  sea-level,  2,027  metres. 

66.  What  is  the  intensity  of  gravity  at  the  summit  of  Mt.  Blanc  ?  Lat- 
itude of  Mt  Blanc,  45°  50'.  Height  of  summit  above  the  sea-level, 
4,814  metres. 

Weighi, 

67.  What  is  the  weight  of  a  body  containing  10  units  of  mass  at  Paris? 
What  is  the  weight  of  the  same  body  at  Boston  ?  The  latitude  of  Boston 
is  42°  21'. 

68.  What  is  the  weight  of  a  body  containing  500  iinits  of  mass,  at  the 
equator  and  at  the  poles  ? 

69.  What  is  the  specific  weight  of  iron  at  Paris  ?  What  are  the  spe- 
cific weights  of  lead,  tin,  mercury,  sulphur,  sodium,  and  lithium,  at  Paris  ? 
and  also  at  Boston  ? 

70.  What  is  the  mass  of  100  kilogrammes  of  iron  ?  What  are  the 
masses  of  50  grammes  of  sulphur,  of  40  grammes  of  mercury,  of  90  kilo- 
grammes of  granite,  when  the  value  of  g  is  9.810  ? 

71.  What  is  the  mass  of  75  kilogrammes  of  ice,  of  20  kilogrammes  of 
common  salt,  of  50  grammes  of  air,  when  g  »»  9.810  ? 

72.  What  is  the  mass  of  a  cubic  decimetre  of  lead  ?  What  is  the  mass 
of  a  cubic  decimetre  of  ice  ?     Sp.  Gr.  of  Ice  =  0.930. 

73.  What  is  the  mass  of  1,000  cubic  metres  of  atmospheric  air  ?  What 
that  of  the  same  volume  of  hydrogen  gas  ? 

Densttg, 

74.  What  is  the  density  of  hammered  copper  ?  What  is  the  density 
of  the  following  substances,  —  lead,  tin,  mercury,  sulphur,  sodium,  and 
lithium  ?  Calculate  the  density  from  the  Sp,  W.  as  obtained  by  solving 
the  69th  example,  or  else  from  the  i^.  Gr.  given  in  the  Table  at  the  end 
of  this  volume. 

75.  What  is  the  density  of  air,  of  oxygen,  of  hydrogen,  and  of  nitrogen. 
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at  the  temperature  of  0**  C.  and  under  a  preasare  pf  7Q  o-m.?  The 
relative  weight  of  one  cubic  decimetre  of  these  gases  will  be  found  in 
Table  II.  i^  the  end  of  this  volume. 

Relative  Weight. 

76.  The  absolute  weight  of  a  bodj  at  Paris  is,  5.0Q  gram*  What,  is,  its 
relative  weight  ? 

77.  The  relative  weight  of  a  bodj  at  New  Orleans  is  450  gram.  What 
is  its  absolute  weight  at  the  same  place  ?  The  latitude  of  ]^ew  Orleans 
is  29*  57'. 

78.  The  relative  weight  of  a  bodj  at  l^aiis  is  l,2o0  gram.  What  is  its 
absolute  weight  act  Boston  ? 

79.  The  relative  weight  of  a  bodj  is  12,800  gram.  What  is  its  absolute 
weight  at  Quito?  The  latitude  of  Quito  is  0*  13'.5y  and  its  elevation 
above  the  sea-level  is  2,908  metres. 

80.  The  relative  weight  of  a  bodj  is  5,450  gram.  What  is  its  mass  ? 
Find  also  the  masses  of  the  bodies  whose  weights  are  respeotivelj  5G0 
gram.,  4,945  gram.,  and  500  gram. 

81.  The  relative  weight  of  a  bodj  is  5,255  gram.,  its  volume  is  500  cTmu' 
What  is  its  mass  ?  what  is  its  densitj  ?  and  what  is  its  specific  gravitj  ? 

82.  The  specific  gravitj  of  a  bodj  is  7.248,  and  its  volume  500  cm.^ 
What  is  its  densitj,  mass,  and  weight  ? 

83.  The  mass  of  an  iron  cannon  is  5,^000  onit^  and  its  specific  gravitj 
7.248.     What  is  its  volume  and  densitj  ? 

84.  The  specific  gravitj  of  a  gas  referred  to  water  is  0.00143028,  and  * 
its  volume  500  ml'     What  is  its  densitj,  mass,  and  weight  ? 

85.  What  is  the  specific  weighty  the  mass,  and  the  de^isitj  of  5Q0  ^TP^^ 
ofmercurj? 

Unit  of  Force, 

86.  A  bodj  having  a  densitj  of  2  units  and  a  volume  of  1,000  cTm*.' 
acquires,  under  the  influence  of  a  given  force,  f^n  acceleration  of  8  c  m. 
each  second*     What  is  the  intensitj  of  the  force  ? 

87.  A  bodj  whose  weight  is  100  kilogrammes  acquires  an  aoceileration 
of  8  m.  each  second.     What  is  the  intensitj  of  the  force  ? 

88.  A  bodj  whose  specific  gravitj  is  2  and  whose  volume  is  50  ml'  ac- 
quires an  acceleration  of  10  m.  each  second.  What  is  the  intensitj  of 
the  force  ? 

89.  On  a  bodj  weighing  100  kilogrammes  a  force  of  15  kilogramme^ 
is  constantlj  acting.     What  acceleration  does  it  impart  to  the  bodj  ? 

90.  To  a  bodj  whose  volume  equals  10  m.'  a  force  of  300  kilogrammes 
imparts  a  constant  acceleration  of  10  m.  What  is  the  4^nsitj  of  the 
body? 
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ACCIDENTAL  PBOPEBTIES  OF  HATTEB. 

(74.)  Divisibility.  —  We  have  notr  considered  the  first  four 
of  the  general  properties  of  matter  enumerated  in  (7).  All 
of  these,  with  the  exception  of  weighty  are  essential  properties^ 
and  are  necessanlj  associated  with,  the  very  idea  of  matter. 
The  four  general  properties  whioh  remain  to  be  studied  do  not 
seem  to  be  so  essential-,  for  we  can  conceive  of  a  kind  of  matter 
which  should  not  possess  them.  Tliis  is  true,  for  exieunple,  of 
divisibility.  We  can  easily  conceive  of  a  kind  of  matter  so  hard 
as  to  be  physically  indivisible,  although  no  such  matter  is  known 
to  exist.  In  fact,  all  kinds  of  matter,  even  the  hardest,  can  be 
subdivided,  and,  so  far  as  we  know,  indefinitely  ;  the  only  limit 
to  our  power  of  subdivision  being  that  fixed  by  the  imperfection 
of  our  senses. 

The  extent  lo  which,  in  some  cases,  the  subdivision  may  bo 
carried  is  almost  incredible.  The  goldbeater  can  hammer  out  a 
single  gramme  of  gold  until  it  covers  a  surface  of  4,864  cTnT',  wheh 
the  gold-leaf  is  so  thin,  that  fifteen  hundred  such  leaves  placed 
upon  one  another  would  not  equal  in  thickness  a  single  leaf  of  ordi- 
nary writing-paper.  The  surface  of  gold  on  the  gilt  wire  used  in 
embroidery  is  much  thinner  even  than  this.  It  has  been  calcu- 
lated that  its  thickness  does  not  exceed  one  ten-millionth  of  ^ 
centimetre ;  and  if  so,  with  the  aid  of  the  microscope  magnifying 
five  hundred  diameters,  a  particle  of  gold  can  be  distinguished 
upon  it  not  weighing  more  than  one  forty-two-million-millionth 
of  a  gramme. 

The  organic  kingdom  presents  us  with  examples  of  the  subdi- 
vision of  matter  which  are  still  more  remarkable.  The  micro- 
scope has  proved  the  existence  of  animals  which  are  as  minute  as 
the  particle  of  gold  mentioned  above,  and  yet  each  of  these  crea- 
tures is  composed  of  organs  of  locomotion  and  nutrition,  like 
the  Idrger  animals.  The  finest  human  hair  is  about  one  two- 
hundred-and-fortieth  of  a  centimetre  in  diameter.  Tliis  is  gen- 
erally considered  very  fine ;  but  the  hair  is  a  massive  cable  in 
comparison  with  many  animal  fibres.  The  spider's  thread  is  in 
some  instances  not  more  than  one  twelve-thousandth  of  a  cen- 
timetre in  diameter,  and  yet  each  of  these  threads  is  formed 
by  the  union  of  from  four  to  six  thousand  fibrils.  It  has  been 
calculated  that  one  gramme  of  tliis  thread  would  reach  about 
fifty  miles. 

10 
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Science  has  not  succeeded  in  discovering  a  limit  to  the  divisi- 
bility of  any  one  kind  of  matter.  Nevertheless,  the  opinion  has 
been  maintained,  and  is  still  held  by  many  scientific  men,  that 
matter  is  not  indefinitely  divisible,  and  that  all  bodies  are  made 
up  of  an  exceedingly  large  number  of  absolutely  hard,  and  hence 
indivisible  particles,  called  atoms.  According  to  the  atomic  the- 
orpy  as  this  hypothesis  is  called,  the  ultimate  particles  of  matter 
are  indestructible  and  unchangeable,  and  hence  all  physical  and 
chemical  phenomena  are  caused  by  changes  in  their  relative  posi- 
tion or  grouping. 

As  these  atoms  are  supposed  to  be  far  smaller  than  the  minut- 
est portions  of  matter  which  we  can  distinguish  with  the  micro- 
scope, they  are  beyond  the  limits  of  direct  observation,  and  their 
existence  is  therefore  a  matter  of  inference  from  physical  and 
chemical  phenomena.  It  is  not  necessary,  however,  in  order  to 
explain  these  phenomena,  to  suppose  that  tliese  atoms  have  any 
absolute  size.  We  may,  with  Newton,  regard  them  as  infinitely 
small,  that  is,  as  mere  points,  or,  as  Boscovisch  called  them,  ya- 
riable  centres  of  attractive  and  repulsive  forces  ;  and  all  the  phe- 
nomena can  be  as  fully  explained  on  this  supposition  as  on  the 
other.  According  to  this  view,  matter  is  purely  a  manifestation 
of  force,  and  only  continues  to  exist  through  the  constant  action 
of  that  Infinite  Will  with  whom  all  force  originates.  As  it  will 
be  constantly  necessary  to  refer  to  these  centres  of  attractive 
and  repulsive  forces  in  matter,  we  will,  for  convenience,  term  the 
minute  portions  of  matter  in  which  they  may  be  supposed  to  re* 
side  moUculeSj  and  the  forces  themselves  molecular  forces. 

(76.)  Porosity.  —  The  interstices  between  the  different  parts 
of  bodies  are  called  pores.  The  visible  cavities  of  the  sponge, 
for  example,  are  pores  of  a  lai^e  size  ;  the  meshes,  of  which  its 
tissues  consist,  are  pores  of  a  smaller  size ;  but  in  addition  to 
these,  there  are  pores  between  the  fibres  of  the  sponge  themselves, 
although  they  are  so  minute  that  they  cannot  be  seen.  In  like 
manner,  a  thin  slice  of  the  hardest  wood,  examined  imder  the 
microscope,  is  found  to  be  full  of  pores  (see  Figs.  47,  48)  ;  and 
the  same  is  true,  to  a  greater  or  less  degree,  of  all  organic  struc- 
tures, as  well  as  of  the  tissues  which  are  manufactured  with 
animal  or  vegetable  fibres.  The  porosity  of  such  substances  is 
well  illustrated  by  the  process  of  filtering.  The  filters  which  are 
used  in  the  arts  and  in  chemical  experiments  are  simply  porous 
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bodies,  whose  pores  are  lai^  enough  to  allow  fluids  to  pass 

through  them,  but,  on  the  other  hand,  small  enougli  to  arrest 

the  solid  particles,  which  thej  hold  in 

suspension.     The   simplest   and   most 

useful  form  of  a  Alter  is  a  cone  of 

porous   paper    supported  in  a    glass 

fonnel. 

The  porosity  of  oi^anic  substances 
may  also  be  illustrated  by  the  appa- 
ratus represented  in  Fig.  49.  It  con- 
sists of  a  glass  tube,  A,  closed  from 
above  by  a  plug  of  hard  wood  cut 
transversely  to  its  fibres,  or  by  a  piece 
of  chamois  skin,  as  is  represented  at  o. 
The  whole  is  surmounted  by  a  tunnel- 
shaped  cup,  which  may  be  filled  with 
mercury.  On  exhausting  the  tube  by 
means  of  an  air-pump,  the  pressure  of  - 
air  on  the  surface  of  the  mercury 
forces  it  through  tlie  pores  of  tlia  dia- 
phragm, so  that  it  falls  in  showers 
through  the  tube. 

A.  lump  of  chalk  plunged  under 
water,  end  placed  under  the  receiver 
of  aa  air-pump,  will,  on  withdrawing  '' 

the  air,  expel  a  torrent  of  air-bubbles,  which  had  been  concealed 
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in  the  internal  pores  of  the  stone.  The  same  is  true  of  many 
other  varieties  of  stoae.  There  is  a  kind  of  agate,  called  hydro- 
phane,  which  in  its  ordinarj  state  is  only  semi-transpareut,  but 
after  being  plunged  in  water  takes  up  about  one  sixth  of  its  bulk 
of  that  fluid,  and  becomes  nearly  as  transparent  as  glass.  The 
porosity  of  metals  was  proved  by  the  Academicians  of  Florence 
in  the  year  1661.  They  filled  a  hollow  ball  of  gold  with  water, 
and  submitted  it  to  great  pressure,  by  which  the  liquid  was 
made  to  ooze  through  the  pores  of  the  metal.  The  same  exper- 
iment has  since  been  i^peated  on  difierent  metals,  and  with  like 
success. 

The  porosity  of  gases  and  liquids  is  proved  by  their  power  of 
penetrating  each  other  without  a  corresponding  change  of  vol- 
tune.  This  is  illustrated  by  an  experiment  devised  by  Beau- 
mur.  He  filled  a  long  tube  closed  at  one  end,  half  with  water 
and  the  remainder  with  alcohol.  Having  carefully  closed  the 
mouth  of  the  tube,  he  inverted  it  in  order  to  mix  the  two 
liquids,  when  he  found  that  a  contraction  of  the  liquids  took 
place. 

Another  experiment,  illustrating  the  same  property  in  regard 
to  gases,  is  the  following.  A  globe  containing  air  is  so  arranged 
that  small  quantities  of  liquids  can  be  introduced  into  it  without 
allowing  the  air  to  escape.  If,  now,  a  few  drops  of  alcohol  are 
made  to  enter  the  globe,  this  alcohol  will  evaporate  to  as  great  an 
extent  as  if  the  globe  were  empty,  and  tlie  space,  which  before 
contained  only  air,  will  now  contain  both  air  and  alcohol  vapor. 
If,  next,  some  ether  is  forced  into  the  globe,  this  liquid  will  also 
evaporate,  and  exactly  as  much  ether  vapor  will  be  formed  as  if 
the  globe  had  contained  previously  neither  air  nor  alcohol  vapor, 
and  we  shall  then  have  the  space  occupied  simultaneously  by 
air,  alcohol  vapor,  and  ether  vapor.  In  like  manner,  we  may  in- 
troduce  any' number  of  volatile  liquids  into  the  globe,  and  yet,  so 
far  as  we  know,  each  of  these  will  evaporate  to  the  same  extent 
as  if  the  globe  were  entirely  empty,  provided  only  that  these  sub- 
stances do  not  act  chemically  on  each  other.  We  may  thus  have, 
as  the  result  of  spontaneous  evaporation,  twenty  or  thirty  difier- 
ent vapors,  all  existing  simultaneously  in  the  same  space. 

By  the  experiments  which  have  been  cited,  the  porosity  of  most 
substances  can  be  abundantly  proved.  The  porosity  of  glass, 
however,  and  of  many  other  substances,  does  not  admit  of  such 
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proof ;  yet  in  these  substances  the  porosity  is  rendered  quite  evi*- 
dent  by  the  cluuiges  of  bulk  which  they  undergo  under  the  in- 
fluence of  heat  and  cold. 

We  make  an  obrious  distinction  between  the  large  pores,  which 
exist  especially  in  organized  bodies,  and  the  intermolecular  spa- 
ces. The  first  arise  from  the  want  of  continuity  of  the  matter^ 
and  may  be  regarded  in  a  measure  as  accidental,  varying  with 
the  structure  and  organization  of  the  body.  They  are  frequently 
visible  to  the  naked  eye,  or  at  least  become  evident  with  the  aid 
of  the  microscope.  The  last  are  the  exceedingly  minute  and  in- 
visible spaces  which  exist  between  the  molecules  of  matter.  Those 
philosophers  who  have  admitted  the  existence  of  atoms,  have  gen* 
erally  concurred  in  the  belief  that  the  atoms  even  of  the  densest 
solids  are  very  much  smaller  than  the  spaces  which  separate 
them.  Sir  John  Herschel  asks  why  the  atoms  of  a  solid  may  not 
be  imagined  to  be  as  thinly  distributed  through  the  space  it  oc- 
cupies, as  the  stars  that  compose  a  nebula  ;  and  compares  a  ray 
of  light  penetrating  glass  to  a  bird  threading  the  mazes  of  a 
forest. 

(76.)  Compressibility  and  Expansibility.  —  The  property  of 
porosity  necessarily  implies  that  of  compressibility  and  expansi- 
bility. According  to  the  atomic  theory,  any  body  is  capable  of 
an  indefinite  expansion,  because  we  may  conceive  of  the  dis- 
tance between  the  atoms  as  being  indefinitely  increased.  It 
could  only,  however,  be  compressed  till  the  atoms  come  in  con- 
tact. According  to  the  other  theory  of  the  constitution  of  mat- 
ter, advanced  in  (74),  a  body  is  capable  of  being  both  con- 
tracted and  expanded  indefinitely.  These  changes  of  volume 
are  most  readily  effected  by  the  action  of  heat,  and,  so  far  as  we 
know,  all  bodies  may  be  indefinitely  expanded  by  heat  and  con- 
tracted by  cold.  Those  effects  of  heat  will  be  considered  at 
lengtli  in  Chapter  lY.,  and  we  shall  therefore  only  allude  in  this 
place  to  a  few  examples  of  compression  produced  by  mechanical 
means. 

Pieces  of  oak,  ash,  or  clm^  plunged  into  the  sea  to  the  depth 
of  2,000  metres,  and  drawn  up  after  two  or  three  hours,  have 
been  found  to  contain  four  fifths  of  their  weight  of  water,  and  to 
acquire  such  an  increase  of  density  as  to  indicate  the  contraction 
of  the  wood  into  about  half  its  previous  volume.  Some  of  the 
metals  have  their  bulk  permanently  diminished  by  hanmiering; ; 
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tad  SO  also  io  the  process  of  coining,  the  volume  of  the  metal  is 
sensibly  diminished  by  the  pressure  to  vliich  it  is  submitted  uuder 
the  die.  The  stone  columns  of  buildings,  also,  Then  tlie;  sus- 
tain great  weights,  are  freqaeatlf  very  sensibly  shortened.  This 
•WAS  the  case  vith  the  columns  which  support  the  dome  of  the 
Paiitheon  at  Paris, 

It  was  long  supposed  that  liquids  were  incompressible ;  but 
they  are  now  known  to  be  compressible,  although  only  to  a  slight 
degree.  The  compressibility  of  liquids 
may  be  illustrated  by  the  apparatus  rep- 
resented in  Fig.  50.  It  consists  of  a 
very  thick  cylindrical  vessel  of  glass, 
eiglit  or  nine  centimetres  in  diameter, 
which  is  closed  at  the  bottom  and  sup- 
ported on  a  basement  of  wood.  To  the 
top  is  cemented  a  brass  cap,  into  which 
screws  a  copper  plate,  which,  when  in  its 
place,  completely  closes  the  cylinder ; 
but  which  can  be  unscrewed  at  pleas- 
ure, in  order  to  remove  and  replace  the 
tubes  A  and  B  within  tlie  cylinder.  To 
this  plate  are  adapted  the  tunnel  R,  for 
introducing  water  into  the  cylinder,  and 
a  cylinder  with  a  piston  for  exerting 
pressure,  which  can  bo  moved  by  the 
screw  P.  Within  the  apparatus  is  the 
elongated  glass  bulb  A,  which  is  filled 
with  the  liquid  on  which  the  experiment 
-^  ^  is  to  be  made.     This  bulb  opens  into  a 

bent  capillary  glass  tube,  whose  opeu 
end  is  plunged  in  the  mercury  which  covers  the  bottom  of  the 
vessel.  At  the  side  of  tliis  apparatus  is  a  manometer  tube,  B, 
wliich  indicates,  in  a  way  which  will  be  hereaftfir  described,  the 
amount  of  pressure. 

In  using  the  apparatus,  tho  bulb  A  is  first  filled  with  the  liquid 
to  bo  compressed.  This  is  then  supported,  as  represented  in  the 
figure,  in  the  interior  of  the  cylinder,  with  the  open  end  of  the 
tube  dipping  under  the  mercury.  The  cylinder  is  now  filled 
wiUi  water,  and  the  pressure  applied  by  turning  the  screw  P. 
The  mercury  will  then  be  seen  to  rise  in  the  capillary  tube,  indi- 
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eating  a  compression  of  the  fluid  contained  in  the  bulb.  In 
order  to  measure  the  amount  of  compression,  the  capillary  tube 
is  graduated  into  parts  of  equal  capacity,  each  of  which  bears  a 
known  relation  to  the  capacity  of  the  bulb.  The  total  amount 
of  compression,  however,  which  we  can  thius  produce,  amounts 
only  to  a  few  millionths  of  the  original  rolume. 

The  compressibility  of  gases  is  far  greater  than  that  of  either 
of  the  other  conditions  of  matter.  If  we  take  a  glass  cylinder 
closed  at  one  end,  Fig.  51,  and  insert  into 
it  an  accurately-fitting  piston,  it  will  be 
found  impossible  to  force  the  piston  into 
the  tube,  if  it  be  full  of  water ;  but  if  full 
of  air,  the  force  of  the  arm  is  sufficient  to 
drive  the  piston  down  so  as  to  reduce  the 
volume  of  air  ten  or  twenty  times,  if  the 
piston  is  small.  We  feel  the  resistance 
increase  in  proportion  to  the  compression  ; 
but,  whatever  may  be  the  force  exerted, 
we  cannot  make  the  piston  touch  the  bot- 
tom of  the  tube.  The  compressibility  of 
many  gases  is  also  limited  by  the  fact  that 
they  are  reduced  by  great  pressure  to  a 
liquid  state. 

(77.)  ElasticUp,  -=-  The  property  which 
all  bodies  possess  to  a  certain  extent,  of 
resuming  their  original  form  or  volume 
when  the  force  which  altered  this  form  or 
volume  ceases  to  act,  is  called  elasticity. 
This  property  is  the  manifestation  of  a  ten- 
dency which  the  particles  of  bodies  possess,  to  maintain  a  certain 
distance  or  position  with  regard  to  each  other,  and  to  resume  that 
distance  or  position  when  they  have  been  disturbed.  The  phe- 
nomena of  elasticity  may  be  developed  in  solids  by  compression, 
by  tension,  hj  flexure,  or  by  torsion.  In  fluids,  however,  elasticity 
can  be  developed  only  by  compression,  and  it  is  only  this  form 
of  elasticity,  therefore,  which  can  be  regarded  as  a  general  prop- 
erty of  matter. 

All  fluids,  both  liquid  and  gaseous,  are  perfectly  elastic  ;  and 
this  elasticity  is  unlimited  in  extent,  since  they  resume  exactly 
their  originiJ  volume  as  soon  as  the  pressure  by  which  this  was 
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diminished  is  remoYody  howeYer  long  it  may  liaYe  been  ajh 
plied. 

Gases  tend  to  expand  indefinitely,  and,  other  circumstances 
being  equal,  a  definite  Yolume  always  corresponds  to  a  giYen 
pressure.  If  the  pressure  is  increased,  the  Yolume  diminishes, 
and  if  the  pressure  is  diminished,  the  Yohmie  increases.  Hence, 
gases  are  frequently  called  permanently  elastic  fluids. 

The  elasticity  of  solids  is  not  perfect  and  unlimited,  like  that 
of  £uid8.  In  some  solids,  such  as  glass,  it  appears  to  be  perfect ; 
for  no  force,  howeYer  great  or  long  continued,  will  cause  glass  to 
take  a  sety  as  it  is  called,  that  is,  will  cause  a  permanent  change 
either  in  form  or  bulk.  But  then  this  elasticity  is  confined  within 
Yery  narrow  limits ;  for  if  the  displacement  of  the  particles  ex- 
ceeds a  Yery  small  amount,  the  body  is  crushed.  In  other  solids^ 
as  in  India-iTibber  or  the  metals,  the  elasticity  is  less  limited  ; 
but  in  these,  if  the  compressing  force  exceeds  a  certain  amount, 
or  is  continued  beyond  a  limited  time,  there  remains  a  permanent 
change  of  form  or  bulk.  Within  these  limits,  howeYer,  which 
difier  Yery  greatly  in  different  substances,  all  solids  appear  to 
be  perfectly  elastic.  It  is  in  the  limit  of  elasticity  that  we  find 
the  great  differences  between  bodies.  Thus,  a  ball  of  steel  or  of 
iYory  will  be  as  elastic  up  to  a  certain  point  as  a  ball  of  India- 
rubber,  as  may  be  proYcd  by  dropping  the  three  balls  upon  a 
hard  surface  from  the  same  height,  and  then  marking  the  heights 
to  which  they  rebound ;  but  while  the  elasticity  of  the  India-rubber 
extends  to  almost  any  degree,  that  of  the  others  is  Yery  limited* 
EYen  lead  and  pipe-clay,  wliich  are  generally  considered  as  en- 
tirely dcYoid  of  elasticity,  show  an  elasticity  as  perfect  as  that  of 
the  best-tempered  steel,  but  within  Yery  narrow  limits. 


CHAPTER    III. 
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(78.)  Molecular  Forces.  —  The  forces  which  are  supposed  to 
emanate  from  Uie  molecules  of  matter,  and  which  we  have  termed 
molecular  forces^  are  either  attractive^  tending  to  draw  together 
the  molecules  of  a  body,  or  repulsive^  tending  to  drive  tliem  apart* 
The  three  states  of  matter  seem  to  depend  on  the  relative  inten- 
sity of  tliese  forces.  When  the  attractive  forces  are  in  excess,  the 
molecules  of  a  body  are  held  together  more  or  less  firmly,. and  we 
have  the  solid  state.  When  the  attractive  forces  are  nearly  bal- 
anced by  the  repulsive  forces,  the  molecules  are  in  equilibrium 
and  endued  with  freedom  of  motion  among  themselves,  and  we 
have  the  liquid  state.  Finally,  when  the  repulsive  forces  are  in 
excess,  the  molecules  tend  to  recede  from  each  other,  and  we 
have  a  state  of  permanent  tension,  which  we  call  a  gas. 

In  regard  to  the  mode  of  action  of  these  molecular  forces,  we 
have  little  or  no  accurate  knowledge,  and  all  our  theories  in  re- 
gard to  them  are  inferences  from  the  phenomena  which  the 
aggre^tions  of  these  molecules,  the  masses  of  matter,  exhibit. 

The  attractive  forces  act  only  through  extremely  small  distances. 
Several  facts  may  be  cited  in  illustration  of  this.  If,  when  the 
flat  surfaces  of  two  hemispheres  of  lead  are  tarnished,  they  are 
pressed  together,  they  will  not  adhere.  If,  however,  the  super- 
ficial coating  of  oxide  is  removed  with  a  sharp  knife,  and  the 
two  dean  surfaces  are  then  pressed  together,  they  adhere  with 
great  force.  The  process  of  welding  iron  affords  an  illustration 
of  the  same  fact.  In  Order  to  unite  two  bars  of  iron,  the  ends 
to  be  joined  are  first  softened,  by  heating  them  to  a  white  heat  in 
a  forge,  and  then  hammered  together  on  an  anvil.  The  com«- 
plete  union  of  the  bars  cannot  be  attained  in  this  process  unless 
the  coating  of  oxide,  which  forms  in  the  forge  on  the  heated 
surfaces,  is  dissolved  by  sprinkling  on  the  ends  of  the  bars  pow- 
dered borax,  or  some  similar  substance.  So  also  pieces  of  wax, 
dough,  India-rubber,  and  otlier  soft  substances,  cannot  be  made 
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to  adhere  when  their  surfaces  are  covered  with  dust,  but  can  be 
united  firmly  together  when  the  surfaces  are  clean.  Finally, 
plates  of  polished  glass  have  been  known,  simply  from  resting  on 
each  other  in  the  warehouse,  to  adhere  so  firmly  as  to  resist  all 
efforts  to  separate  them,  breaking  as  readily  in  any  other  direc- 
tion as  at  the  plane  of  junction.  The  thinnest  film  of  tissue- 
paper  interposed  between  them  is  sufficient  to  prevent  any  such 
adhesion. 

The  repulsive  forces  do  not  appear  to  be  so  inherent  in  the  par- 
ticles of  matter  as  the  attractive  force.  They  seem  to  be  due  to 
the  action  of  an  external  agent,  called  heat.  This  opinion  is  sup- 
ported by  many  facts^  The  first  effect  of  heat  on  a  solid  is  to 
expand  it,  that  is,  to  separate  the  molecules  from  each  other;  but 
as  it  accumulates  in  the  body,  it  changes  its  condition,  first  into  the 
liquid,  and  subsequently  into  the  gaseous  state.  So  also,  when 
two  plates  of  glass  are  pressed  firmly  together,  the  minute  interval 
which  still  separates  them  is  increased  by  heating.  The  particles 
of  finely  divided  and  infusible  powders  repel  each  other  when 
intensely  heated,  and  the  powders  roll  round  in  the  crucible  as  if 
they  were  liquid ;  and  lastly,  when  water  is  dropped  into  a  heated 
metallic  dish,  it  does  not  moisten  the  sides  of  the  dish,  but  is 
repelled  by  it  and  assumes  a  globular  form.  The  repulsion  is 
so  great,  that,  if  the  dish  is  pierced  with  holes,  like  a  sieve,  the 
water  will  not  run  out.  Since,  then,  heat  evidently  increases  the 
repulsive  forces  between  the  molecules  of  matter,  it  is  natural  to 
conclude  that  it  is  the  cause  of  these  forces,  and  this  hypothesis 
is  generally  admitted. 

In  studying  the  phenomena  of  matter  due  to  these  molecular 
forces,  it  will  be  convenient  to  class  them  under  two  heads: 
first,  those  phenomena  caused  by  the  action  of  these  forces  be- 
tween homogeneous  molecules,  such  as  the  molecules  of  the  same 
substance ;  secondly,  those  phenomena  caused  by  the  action  of 
the  forces  between  heterogeneous  molecules,  such  as  those  of  dif- 
ferent substances.  To  the  first  class  belong  those  phenomena 
which  characterize  the  solid,  liquid,  and  gaseous  conditions  of 
matter ;  to  the  second,  the  phenomena  of  capiUarity  (or  adhe- 
sion) and  diffusion. 
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HOLECTTLAR  FORCES  BETWEEN  HOMOGENEOUS  MOLECULES. 

I.  Charactebibtig  Properties  of  Solids. 

Among  the  characteristic  properties  of  solids,  we  shall  consider 
the  following: — Crystalline  Form,  Elasticity,  Resistance  to  Rup- 
ture, and  Hardness. 

Crystallography. 

(79.)  Crystalline  Form.  —  The  force  which  holds  together 
the  molecules  of  solids  is  called  cohesion;  and  the  most  ob- 
vious effect  of  this  force  is  to  retain  the  molecules  in  a  fixed 
position  with  reference  to  each  other,  and  hence  to  give  to  the 
solid  a  more  or  less  permanent  form.  Almost  all  solids,  when 
they  are  formed  slowly,  under  circumstances  such  that  the 
molecules  are  free  to  arrange  themselves  in  accordance  witli 
the  tendencies  of  the  molecular  forces,  assume  definite  external 
forms.  These  forms,  with  certain  limitations,  are  always  the 
same  for  the  same  substance,  but  may  differ  in  different  sub* 
stances.  They  are,  therefore,  essential  forms,  depending  upon 
the  nature  of  the  substance.  Such  forms  are  called  crystals  j  and 
the  processes  by  which  they  are  obtained  are  called  processes  of 
crystallizaiion. 

The  larger  number  of  inorganic  solids  which  we  meet  with  in 
every-day  life,  do  not  appear  to  have  any  regularity  of  outward 
form.  Their  form  is  generally  accidentalj  one  which  has  been 
given  by  art,  or  which  is  due  to  the  accidental  circumstances 
under  which  the  solid  has  been  placed.  In  some  cases,  how- 
ever, if  we  break  the  solid  and  examine  the  fracture,  it  will  be 
seen  that  the  solid  is  an  aggregation  of  minute  crystals  closely 
packed  together.  This  is  the  case  with  granite  and  many  other 
rocks.  Other  solids  split  readily  along  certain  planes,  called 
planes  of  ckavage.  Both  these  classes  of  bodies  are  said  to 
have  a  crystalline  structure.  In  many  cases,  however,  no  indi- 
cations of  a  crystalline  structure  can  be  seen ;  but  in  almost  all, 
the  solid  can  be  made  to  assume  a  regular  crystalline  form  by 
one  of  the  processes  described  in  the  next  section. 

(80.)  Processes  of  Crystallization.  —  The  conditions  of  ciryft- 
tallization  are  freedom  of  motion  in  the  molecules  from  which 
the  solid  is  forming,  and  sufficient  time  for  the  molecules  to  ar* 
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range  themselves  in  obedience  to  the  molecular  forces.  These 
conditions  are'  generally  obtained  in  one  of  four  ways. 

The  first  consists  in  dissolving  the  solid  in  water  or  some  other 
solvent,  and  allowing  the  liquid  to  evaporate  slowly.  As  the  solid 
is  slowly  deposited,  it  assumes  the  crystalline  form.  This  method 
is  the  most  universally  applicable,  and  the  one  by  which  crystals 
are  usually  formed  in  nature.  The  best  method  of  applying  it 
consists  in  making  a  concentrated  solution  of  the  substance  in 
water,  placing  the  solution  in  a  shallow  dish,  covering  the  dish 
with  porous  paper  fastened  tightly  round  the  edges  to  prevent 
dust  from  settling  upon  the  liquid,  and  leaving  it  in  a  moderately 
warm  place  until  tlie  crystallization  is  completed.  When  the 
substance  is  not  soluble  in  water,  it  can  generally  be  dissolved  in 
alcohol,  etlier,  sulphide  of  carbon,  or  melted  boracic  acid,  instead 
of  water.  Sulphur,  for  example,  may  be  crystallized  from  a  so- 
lution in  sulphide  of  carbon ;  and  alumina  may  be  crystallized 
by  dissolving  it  in  melted  boracic  acid,  and  exposing  the  solution 
to  the  intense  heat  of  a  porcelain  furnace.  At  this  very  high 
temperature  the  boracic  acid  slowly  evaporates.  Most  substances 
are  more  soluble  in  hot  water  than  in  cold,  and  these  can  also  be 
crystallized  by  making  a  concentrated  hot  solution,  and  allowing 
it  to  cool ;  the  excess  of  the  solid  in  solution  over  that  which  cold 
water  will  dissolve,  is  deposited  in  crystals.  Unless,  however, 
tlie  quantity  of  the  solution  is  very  considerable,  large  and  per- 
fect crystals  are  not  so  frequently  formed  in  this  way  as  by  slow 
evaporation.  A  small  quantity  of  solution  cools  so  rapidly,  that 
sufficient  time  is  not  afforded  for  perfect  crystallization. 

The  second  method  consists  in  melting  the  solid  in  a  crucible, 
and  allowing  the  liquid  to  cool  very  slowly.  When  a  solid  crust 
forms  on  the  surface,  this  is  broken,  and  the  remaining  liquid 
turned  out,  when  the  inside  of  the  crucible  is  found  lined  with 
crystals.  Sulphur  and  many  of  the  metals  may  be  crystallized 
in  this  way. 

The  third  method  consists  in  converting  the  solid  into  vapor, 
and  subsequently  condensing  the  vapor  in  a  cool  receiver,  —  a 
process  which  is  called  sublimation.  Iodine,  arsenic,  arsenious 
acid,  and  many  other  substances,  can  be  crystallized  by  this 
method. 

Tho  fourth  method  consists  in  very  slowly  decomposing  some 
ehemical  compound  containing  the  substance,  either  by  electricity 
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or  by  the  action  of  some  chemical  agent.  Tlie  cryetala  of  metals 
foniied  in  the  processes  of  electro-metallurgy  are  the  best  exam- 
ples of  this  method. 

(81.)  DefinUioru.  —  A.  crystal  is  alvays  bounded  by  plane 
&ces,  and  is  therefore  a  polyhedron.  The  faces  of  the  diamond 
and  of  some  other  crystals  are  at  times  cttrred ;  but  in  such 
cases  the  apparently  curved  surface  can  generally  be  seen  to  be 
made  up  of  a  lai^  number  of  very  small  planes.  The  terms 
of  solid  geometry  are  used,  without  change  of  meaning,  in  crys- 
tallography. Thus  we  speak  of  faces,  edges,  plane  angles,  Intor- 
&cial  angles,  and  solid  angles.  The  axis  of  a  crystal  is  a  line 
passing  througli  its  centre,  round  which  two  or  more  faces  aro 
symmetrically  arranged.  In  every  crystal,  at  least  tliree  such 
lines  can  be  distinguished.  In  Figs.  52, 63,  and  54,  the  axes  are 
indicated  by  dotted  lines. 


(82.)  ^sterns  of  Crystals.  —  A  crystal  is  a  solid  bounded  by 
pianes  arranged  symmetrically  round  one  or  another  of  six  sys- 
tems of  axes. 

1.  The  first  system  (Fig.  55)  ia 
called  the  Monometric  System,  and 
consists  of  three  axes,  of  equal 
length  and  at  right  angles  to  each 
other.  The  length  of  each  semi- 
axis  vo  shall  represent  in  this  work 
by  a,  and  the  system  of  axes  by  the 
symbol  a:  a:  a.  It  i3  hardly  ne- 
cessary to  observe,  that,  as  crystals 
may  vary  very  greatly  in  size,  the 
absolute  lengths  of  the  axes  must  "■■ "" 

vary  to  the  same  extent,  and  that  jt  is  the  relative  lengtlis  only 
which  are  constant. 

11 
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2.  The  second  system  (Fig.  56)  is  called  the  Dimetric  System, 
and  consists,  like  the  last,  of  three  axes  at  right  angles  to  each 
other.  The  two  axes  in  the  horizontal 
plane  of  the  figure  are  called  tlie  lateral 
axes,  and  are  equal  to  each  other.  We 
shall  represent  the  length  of  each  half  of 
these  axes  by  a.  The  third  is  called  the 
vertical  axis,  and  is  either  longer  or  short- 
er than  the  otlier  two.  We  shall  represent 
tlie  length  of  each  half  of  this  axis  by  b. 
The  symbol  representing  this  system  of 
axes  is  a  :  a  :  b.  The  ratio  between  o 
and  b  is  irrational.  Thus,  in  crystals  of 
tin,  the  ratio  between  the  axes  is  a  :  b  = 
1 :  0.3857.  In  the  monometric  system  there  can  be  but  one  set  of 
axes  ;  but  in  this  system  there  can  be  as  many  sets  of  axes  as 
tlie  number  of  possible  irrational  ratios  between  a  and  b,  which 
is  of  course  infinite.  The  ratio  for  crys- 
tals of  tlie  same  substance  is  always  the 
same;  butit  differs  for  crystals  of  different 
substances,  no  two  substances  having  the 
same  ratio. 

3.  The  third  system  (Fig  57)  is  called 
the  Hexagonal   System,  and  consists  of 
four  axes.     Three  of  these  are   in    the 
same  plane,  the  horizontal  plane  of  the 
figure,  and  are  called  lateral  axes.    They 
are  equal  in  length,  and  have  the  same 
relative  position  as  the  diagonals  of  a  reg- 
ular hexagon  (Fig.  58).     The  common  length  of  the  six  halves 
of  these  lateral  axes  we  shall  represent  by  a.     The  fourth  axis, 
called  the  vertical  axis,  is  at  right  angles  to  the  other  three,  and 
is  either  shorter  or  longer  than  tlieir  common 

J  length.  The  length  of  one  half  of  this  axis  we 
shall  represent  by  b,  and  the  symbol  of  the  sys- 
tem of  axes  is  a  :  a  :  a  :  b.  The  relation  be- 
tween a  and  b  is,  as  in  the  last  system,  irrational. 
^^  ^  Thus,  in  crystals  of  antimony,  a:b  =  \:\  .3068, 

and  in  crystals  of  carbonate  of  lime  (calcite), 
aib  =  \:  0.8543.    Here,  as  in  the  last  system,  tlie  ratio  is  con- 
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stant  in  crystals  of  the  same  substaDce,  but  differs  iu  crystals  of 
different  substances. 

4.  The  fourth  system  (Pig.  59)  is  called  the  Trimetric  St/siem, 
and  consists  of  three  axes,  all  at  right  angles  to  each  other,  but 
all  of  unequal  lengtli.      One   of  these 

axes  is  selected  as  tlie  Tertical  axis,  and 
the  length  of  oue  half  of  this  axis  will 
be  represented  in  this  work  by  b.  The 
shorter  of  the  two  lateral  axes  is 
called  the  brachydiagonal,  and  its  half- 
length  will  be  represented  by  a.  The 
longer  is  called  the  makrodtagonal,  and 
its  half-length  will  be  represented  by  c. 
The  symbol  of  this  system  of  axes  is  ^  j, 

a:b:c.     The    relation   between    a,  b, 

and  c  is  irrationah  In  crystals  of  sulphur,  a  :  6  :  c  =:  1  : 
2.340  :  1.238. 

5.  The  fifth  system  (Fig.  60)  is  called  the  Monoclinic  System, 
and  consists  of  three  unequal  axes.  The  two  lateral  axes  are  at 
right  angles  to  each  other.    Tlie  third 

axis,  called  the  vertical  axis,  is  at  right 
angles  to  one  of  the  lateral  axes,  but  is 
inclined  to  the  other.  The  length  of  one 
half  of  the  vertical  axis  we  sliall  repre- 
sent by  b.  Tlie  one  of  the  lateral  axes 
which  is  at  right  angles  to  the  vertical 
axis  is  called  the  orthodiagonal,  and  its 
half-length  will  be  represented  by  a. 
The  lateral  axis  which  is  inclined  to  the 
vertical  axis  is  called  the  klinodiagonal,  "*' 

and  its  half-length  will  be  represented  by  c.  The  value  of  the 
acute  angle  which  the  vertical  axis  b  makes  with  the  klinodioffo- 
nal  c  will  be  represented  by  a.  The  symbol  of  this  system  is  the 
ratio  a  :  b  :  c,  with  the  angle  a-  For  the  crystals  of  the  same 
substance,  the  ratio  between  a,  b,  and  c,  and  the  value  of  a,  are 
constant ;  but  they  differ  in  crystals  of  diGTerent  substances.  In 
crystals  of  sulphate  of  iron,  for  example,  a:b:c  s=l :  1.495 : 1.179, 
and  a  =  75°  40',  while  in  crystals  of  gypsum  a:b:c^l:  0.41S : 
0.691,  and  a  =  SI"  26'. 

6.  The  sixth  system  (Fig.  61)  is  called  the  TricUnic  ^stem^ 


Tic.  a. 
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and  consists  of  three  unequal  axes,  trliich  are  all  mclined  to  each 
other.  One  of  these  axes  is  selected  as  the  vertical  axis,  and  the 
half-length  of  this  axis  will  be  represent- 
ed by  b.  The  half-lengths  of  the  two 
lateral  axes  will  be  represented  hy  a  and 
c.  The  angles  of  inclination  betveen  the 
axes  will  be  represented  as  follows ;  — 

o  on  6  by  y, 
a  on  c  by  g, 
6  on  c  by  a. 

The  symbol  of  tliie  system  is  the  ratio 
a  :  b  :  c,  with  the  angles  a,  j3,  j'.  In 
crystals  of  sulphate  of  copper,  a  :  b  :  c^ 
1  :  0.9738  :  1.7683,  and  a  =  82*'  21'.5,  (3  =*  77*  37'.5,  y  = 
73°  lO'.S.  Ill  crystals  of  bichromate  of  potash,  a  :  b  :  e^ 
1  :  0.9886  :  1.794,  and  a  =  82%  ^  =  83'  47',  7-  =  89°  8'.5. 

All  crystals  which  hare  the  same  system  of  axes  are  stud  to 
belong  to  the  same  crpstalline  system ;  and  hence  all  crystals 
may  be  classified  under  six  crystalline  systems,  corresponding  to 
the  systems  of  axes  just  described.  The  systems  of  crystals  have 
the  same  names  as  the  systems  of  axes. 

(83.)  Centre  of  Crystal,  and  Parameters.  —  Tlie  point  at 
which  the  axes  of  a  crystal  intersect  is  called  the  centre  of  the 
crystal. 

If  we  suppose  the  axes  of  a  crystal  indefinitely  produced,  it  is 

evident  that  each  of  its  planes,  if  also  produced,  must  intersect 

each  of  the  axes,  either  at  a  finite  or  at  an  infinite  distance  from 

its  centre.    The  distances  of  the  points  of  intersection  from  tlie 

centre  are  called   tlie  parameters  of  the 

planes.    Each  of  the  planes  of  tlie  crystal 

represented  in  Fig.  62,  for  example,  would, 

if  produced,  intersect  the  three  axes  of  the 

monometric  system  at  distances  from  tlie 

centre  equal  to  a  ;  3  a  :  3  a  respectively, 

a  representing,  as  stated  above,  the  length 

J.  jj^  of  any  semi-axis.    These  lengtlis  are  the 

parameters  of  each  plane  of  the  crystal. 

When  a  plane  is  parallel  to  a  given  axis,  it  may  be  regarded  as 

intersecting  it  at  an  infinite  distance  from  the  centre,  and  hence 
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its  parameter  measured  on  this  axis  is  infiDitf.     The  faces  of  a 

cabe,  for  example,  intersect  one  axis  of  the  mouometric  879- 

tem  at  the  distance  a  from  the  centre  (Fig. 

63),  and  are  parallel  to  the  other  two. 

The  parameters  of  each  face  are  therefore 

a :  OD  d  :  00  a.     So,  also,  each  of  the  faces 

of  the  dodecahedron  (Fig.  64)  intersects 

two  of  the  axes  of  the  monometric  system 

at  the  distance  a  from  the  centre,  and  is 

parallel  to  the  third  axis.    Hence  the  par 

rameters  of  each  face  are  a  i  a  :  oa  a. 

It  has  already  been  stated  that  the  crys- 
tals of  a  given  substancb  have  always  axes 
of  the  same  relative  lengths,  and  with  the 
same  relative  inclination.  It  is  also  true 
that  the  parameters  of  the  planes  of  any 

crystal  of  a  given  substance  are  always  

equal,  either  to  the  lengths  of  the  semi- 
axes  on  which  ihej  are  measured,  or  else  to  some  simple  multi- 
ples or  submultipIeB  of  these  lengths.    Hence  it  follows,  that  the 
parameters  of  any  plane  of  a  crystal  may  always  be  expressed 
very  simply  in  terms  of  its  axes,  as  above.  , 

(84.)  Similar  Axes.  —  £»  any  system  of  axes,  one  axis  or  one 
semi-axis  is  said  to  be  similar  to  another  axis  or  to  another  semi- 
axiSf  when  the  two  have  the  same  length  and  the  same  inclinor- 
tions  to  the  other  axes  or  semi-axes.  It  is  important  to  apply  this 
definition  to  tlie  different  systems,  and  distinguish  the  similar 
axes  in  each. 

1.  In  the  monometric  system,  all  the  axes  and  all  the  semi-axes 
are  similar. 

2.  In  the  dimetric  system,  the  two  lateral  axes  are  similar,  and 
also  the  four  halves  of  these  axes  are  similar.  The  two  halves  of 
the  vertical  axis  are  also  similar  to  each  other,  hut  they  are  not 
similar  to  the  halves  of  the  lateral  axes. 

8.  In  the  hexagonal  system,  the  three  lateral  axes  are  similar, 
and  their  six  halves  are  also  similar.  The  two  halves  of  the  ver- 
tical axis  are  also  similar  to  each  other,  hut  not  similar  to  the 
halves  of  the  lateral  axes. 

4.  In  the  trimetric  system,  all  three  ax^  are  dissimilar,  but  the 
two  halves  of  each  axis  are  similar  to  each  other.    By  referring 
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to  the  notation  given  in  the  previous  sections,  it  will  be  seen  tliat 
in  the  first  four  systems  similar  semi-axes  have  in  every  case  been 
designated  by  the  same  letter,  and  that  the  dissimilar  semi-axes 
have  been  distinguislied  by  different  letters. 

5.  In  the  moiiocliiiic  system,  not  only  the  three  axes  are  all 
dissimilar,  but  moreover  tlie  two  halves  of  the  same  axis  are  not 
in  all  cases  similar  to  each  other.  Tlie  two  halves  of  the  ortho- 
diagonal  are  similar,  but  tlie  two  halves  of  the  klinodiagonal,  al- 
though they  liavo  the  same  length,  have  not  the  same  inclination 
to  any  one  half,  say  the  upper  half,  of  tlie  vertical  axis,  and  are 
therefore  dissimilar.  The  same  is  true  reciprocally  of  the  two 
halves  of  the  vertical  axis.  In  order  to  distinguish  the  dissimilar 
halves  of  these  axes,  we  will  accent  the  b  wlien  it  refers  to  the 
lower  half  of  the  vertical  axis,  and  also  accent  the  c  when  it 
refers  to  tlie  half  of  the  klinodiagonal,  wliich  is  inclined  to  6  at 
an  obtuse  angle.  The  notation  of  the  monocltnic  system  of  axes 
is,  tliea,  as  follows :  — 

a  =  either  half  of  the  orthodiagonal. 

b  ^  the  upper  half  of  the  vertical  axis. 

b'  s:  the  lower  half  of  the  vertical  axis. 

c  i=a  the  halfofthe  klinodiagonal  which 
is  inclined  to  ft  at  an  acute  angle. 

&  ^  the  halfofthe  klinodiagonal  which 
is  inclined  to  6  at  an  obtuse 


Kt». 


a  =  angle  of  b  on  c. 

It  is  evident  that  the  angle  of  6  on  c 
is  equal  to  the  angle  of  b'  on  c',  being 
vertical  angles ;  and  hence,  that  b  and  c  together  are  similar  in 
position  to  b'  and  c'  together. 

6.  In  the  triclinic  system,  all  the  semi-axes  are  dissimilar,  and 
the  two  halves  of  each  axis  may  be  distinguished  by  accentuation, 
as  in  the  monocUnic  system. 

(85.)  Similar  Planes. —  Similar  planes  are  those  toAose  param- 
eters,  measured  on  similar  semi-axes,  are  equnl.  Tliere  is  no  diffi- 
culty in  distinguishing  similar  planes,  by  means  of  tliis  definition, 
in  any  except  the  last  two  systems  of  axes,  since  in  all  the  other 
systems  those  planes  are  similar  which  in  the  notation  here 
adopted  have  equal  parameters,  and  none  otliers. 

In  the  moiioclinio  and  triclinic  systems,  however,  two  planes 
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are  similar,  not  only  whea  they  have  equal  parameters,  but 
also  Then  the  parameters,  measured  on  tlie  dissimilar  halves  of 
the  same  axes,  are  in  both  cases  oppositely  accented.  For  ex- 
ample, in  the  monoclinic  pystem,  two  planes  are  similar  whose 
parameters  are  a  :  2  6  :  c,  and  a  :  21/  :  c'.  In  the  two  symbols, 
the  two  halves  of  the  dissimilar  axes  are  oppositely  accented. 
On  the  other  hand,  two  planes  whose  parameters  are  a  i  2  b  :  c, 
and  a:  2  b  :  c',  are  not  similar. 

In  the  triclinic  system,  since  the  six  semi-axes  are  all  dissimi* 
lar,  no  two  planes  are  similar,  unless  the  three  parameters  of  the 
one  are  all  accented  oppositely  to  the  three  parameters  of  the 
other.  Thus,  two  planes  are  similar  whose  parameters  are 
a:  b  :  2  c,  and  a'  :  b' :  2  c',  respectively. 

(86.)    Holohedrat  Crystalline  Form.—  '*■<«■ 

A  holohedral  crystalline  form  is  the  vnion 
of  all  the  possible  similar  planes  which  can 
be  arranged  around  a  g*tven  system  of  axes. 
Thus,  the  form  of  Fig.  66  is  the  union  of  all 
the  possible  planes  having  tlie  parameters 
a  :  a  :  2  a,  which  can  be  arranged  round 
the  monometric  system  of  axes.  So  also 
the  form  of  Fig.  67  is  the  union  of  all 
the  possible  planes  having  the  parameters  "'"" 

a  ;  a  :  oo  a  :  b,  which  can  be  arranged  round 
the  hexagonal  system  of  axes.  Both  of 
tliese  are  therefore  holohedral  forms. 

It  must  not,  however,  be  inferred  from 
these  examples  that  a  crystalline  form  is  al- 
ways a  crystal,  and  that  it  always  encloses 
space.  The  word  form  is  used  in  crystal- 
lography in  the  technical  sense,  03  defined 
above.  A  form  may  consist  of  only  two  planes.  Thus,  the  two 
basal  planes  of  the  hexagonal  prism  (Fig.  68) 
are  a  crystalline  form,  because  they  are  all  the 
possible  planes,  having  the  parameters  oo  a ; 
<o  a:  aaa:  b,  which  can  be  arranged  round  the 
hexagonal  system  of  axes.  In  like  manner,  the 
six  planes  on  the  convex  sur&ce  of  the  prism, 
being  all  the  planes  having  the  parameters 
a:  a:  oo  a  :  (xb,  which  cau  be  arranged  round     ViaToia: 
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the  same  Efstem  of  axes,  fonn  another  holohedral  ciystalline 
form.  In  neither  case  does  the  form  encloBe  space.  It  requires 
the  combination  of  the  two  forms  to  complete  the  crystal.  In  the 
triclinic  system  no  crystalline  form  can  consist  of  more  than  two 
planes ;  and  hence  the  combination  of  at  least  three  crystalline 
forms  is  required  in  this  system  to  complete  a  crystal. 

The  parameters  of  one  of  the  planes  are  used  as  the  symbol  of 
tlio  holohedral  crystalline  form.  Thus,  the  parameters  printed 
below  the  Figs.  66  and  37  not  only  denote  the  position  of  each 
plane  of  the  form  with  reference  to  the  axes,  but  they  are  also 
used  as  the  symbol  of  tlie  form  itself.  When  a  crystal  consists 
of  two  or  more  crystalline  forms,  like  tlie  one  represented  iu 
Fig.  68,  wa  use  as  the  symbol  of  the  crystal  the  several  symbols 
of  tlie  crystalline  forms  of  which  it  consiEts,  wiitten  oue  after 
the  other,  or  one  beneath  the  other,  as  convenience  may  dictate. 
Examples  of  these  symbols  may  bo  seen  beneath  the  figures  of 
crystals  on  this  and  the  few  following  pages. 

(87.)  Hemihedral  Cryslailine  Form.  —  A  hemihedral  crystal' 
tine  form  is  the  union  of  one  half  of  the  possible  similar  planes, 
which  can  be  arranged  round  a  gioen  si/stem  of  axes.  The  form 
represented  in  Fig.  69  is  the  union  of  all  the  possible  planes  hav- 
ing the  parameters  a  :  a  :  a,  which  can  be  arranged  rouud  the 


monometric  system  of  axes,  and  is  therefore  a  holohedral  form. 
The  form  of  Fig.  70  is  the  union  of  one  half  of  the  planes  hav- 
ing the  same  parameters,  and  arranged  round  the  same  system 
of  axes.  It  is,  therefore,  a  hemihedral  form.  This  form  is  called 
the  tetrahedron,  and  it  may  be  regarded  as  derived  from  the  oc- 
tahedron, by  suppressing  every  other  plane  of  this  &rm  and  pro- 
ducing the  rest.  Hence,  it  is  frequently  called  the  hemihedral 
form  of  the  octahedron.    The  form  of  Fig.  70  is  obtained  by  pro- 
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dacing  one  set  of  the  alternate  planes  of  the  octahedron  of  Fig.  69. 
li,  now,  we  suppress  this  set  of  planes,  and  produce  tlie  otlier  set 
of  the  alternate  planes  of  the  octaliedron,  we  shall  obtain  a  second 
tetrahedron ;  difTering,  however,  from  the  first  only  in  relative 
position.  This  form  is  said  to  be  the  neg'otive  of  the  first.  We 
use,  as  the  symbol  of  a  hemihedral  form,  the  symbol  of  the  coi^ 
responding  holohedral  form,  preceded  by  the  fraction  i,  and  we 
distinguish  between  tlie  two  hemiliedral  forms  of  which  the 
holohedral  form'  may  be  supposed  to  consist,  by  means  of  the 
signs  plus  and  minus,  as  shown  by  the  symbols  beneath  Figs. 
TO  and  71. 

(88).  Tetartokedral  Oryatallme  Forms. — A  tetartohedrat  cryt- 
iallineform  is  the  imton  of  one  quarter  of  the  possible  similar 
planes  which  can  be  arranged  round  a  ^ven  system  of  axes. 
Such  forms  are  met  with  among  crystals,  but  they  are  of  compar- 
atively  rare  occurrence.  They  are  designated  by  writing  the 
iraction  ^  before  the  symbol  of  the  corresponding  holohedral 
form. 

(89.)  Simple  and  Compound  Crystals.  —  A  crystal  is  said  to 
be  simple,  when  it  is  bounded  by  the  planes  of  one  crystalline 
form  only  ;  and  to  be  compound,  when  it  is  bounded  by  the  planes 
of  several  crystalline  forms.    Thus,  the  crystals  represented  by 


Figs.  72,  73,  and  74  are  simple,  because  in  each  case  all  the 
planes  which  bound  the  crystal  hare  the  same  parameters.  Ou 
the  other  hand,  tlie  crystals  represented  by  Figs.  75,  76,  and  77 
are  compound  crystals,  because  there  are  two  or  more  sets  of 
planes  on  each  crystal,  of  which  the  planes  bare  different  param- 
eters. The  faces  of  the  crystals  are  lettered,  and  below  each 
crystal  the  parameters  of  each  set  of  planes  are  given  opposite  to 
the  corresponding  lettering. 
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Most  of  the  crjrstals  wliich  we  meet  irith  are  compound  crys- 
tals. Indeed,  in  the  monocliiiio  and  triclinic  Bysteme,  we  cauiiot 
have  a  simple  crystal,  because  in  these  systems  no  single  crys- 
talline form  will  enclose  space,  and  simple  crystals  are  seldom 
found  in  any  of  the  systems,  irith  the  exception  of  tlie  mono- 
metric  and  hexagonal. 

(90.)  Dominant  and  Secondary  Forms.  —  It  is  seldom  that 
the  faces  of  the  various  forms  of  vhicli  a  compound  crystal 
consists  are  equally  developed  and  conspicuous.  As  a  general 
rule,  the  faces  of  one  form  are  more  prominent  than  tliose  of  the 
others,  and  give  to  the  crystal  its  general  aspect.  This  form  is 
then  called  the  dominant  form,  and  the  others  are  called  sec- 
ondary forms.  Figs.  78,  79,  and  80  represent  three  compound 
crytals,  each  of  wluch  consists  of  faces  of  a  cube  combined  with 
n*  78.  Hj-J*. 


those  of  an  octahedron.  In  Fig.  78,  the  faces  of  tlie  cube  ore  dom- 
inant, and  those  of  the  octahedron  are  secondary.  In  Fig.  79, 
the  two  sets  are  equally  developed,  and  in  Fig.  80  tlie  faces  of 
the  octahedron  are  dominant.  In  irriting  the  symbols  of  com- 
pound crystals,  we  always  write  the  symbols  of  the  dominant 
form  first,  and  the  symbolB  of  the  secondary  forms  in  the  order 
of  their  prominence. 
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"When  the  faces  of  the  dominant  fonn  are  so  much  developed 
as  to  give  their  general  aspect  to  the  crystal,  it  is  usual  to  de- 
scribe the  crystal  as  having  the  dominant  form  modified  by  the 
faces  of  the  secondary  forms.  For  example,  tlie  crystal  repre- 
sented in  Fig.  78  troiild  be  described  as  a  cube  modified  by  an 
octahedron,  and  the  crystal  of  Fig.  80  as  an  octahedron  modified 
by  a  cube.  In  Fig.  78,  the  solid  angles  of  the  cube  have  been 
replaced  by  planes  of  an  octahedron,  and  in  Fig.  80  the  solid  an- 
gles of  the  octahedron  have  been  replaced  by  planes  of  a  cube. 

(91.)  Dejinitwnt.  —  A  crystalline  form  may  modify  another 
in  different  vays,  and  several  technical  terms  are  used  in  de- 
scribing these  modifications,  which  it  is  important  fo  understand. 
Truncation.  —  When  the  edge  of  a  crystal  is  replaced  by  a  plane 
equally  inclined  to  the  adjacent  faces,  and  forming  with  tliem 
parallel  edges,  the  edge  is  said  to  be  truncated.  In  like  manner, 
a  solid  angle  is  stud  to  be  truncated  when  it  is  replaced  by  a 
plane  equally  inclined  to  tlie  similar  adjacent  faces.    Figs.  81, 


82,  83  are  ezami^eB  of  truncation  of  edges,  and  Figs.  78,  79,  80 
are  examples  of  truncation  of  solid  angles. 

Bevelling. — If  an  edge  is  replaced  by  two  "■■  **■ 

planes,  as  in  Fig.  84,  each  of  which  is  in- 
chned  to  the  adjacent  face  at  the  same  angle, 
and  wl)ich  form  with  these  faces  parallel  in- 
tersections, the  edge  is  said  to  be  bevelled. 

Similar  edges  are  those  formed  by  the  in- 
tersection of  two  planes  wliich  are  similar 
each  to   each.      Similar  solid  angles   are  .;<.„:<>>^ 

those  formed  by  the  union  of  three  or  more  •:So:».. 

planes  which  are  similar  each  to  each. 
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The  modifications  on  crTstals  follow  one  of  two  simple  laws : — 

1.  All  the  similar  parts  of  a  crystal  are  simultaneously  and 
similarly  modified,  ■ 

2.  Half  the  similar  parts  of  a  crystal  are  simultaneously  and 
similarly  modified  independently  of  the  other  half. 

It  sometimes,  although  more  rarelj,  happens,  that  onlj  one 
quarter  of  the  similar  parts  of  a  crystal  are  simultaneouslj  and 
similarly  modified. 

The  modifying  planes  which  are  distributed  on  the  edges  and 
solid  angles  of  the  dominant  form  in  accordance  with  the  first 
law,  are  the  planes  of  holohedral  forms ;  those  which  are  distrib- 
uted in  accordance  with  the  second  law,  are  the  planes  of  hemi- 
hedral  forms. 

(92.)  Forms  of  Crystals  belonging  to  the  various  Systems.  — 
We  shall  only  be  able,  in  this  place,  to  give  figures  of  the  most 
important  forms  in  each  system,  and  must  refer  the  student  to 
the  special  works  upon  Mathematical  Crystallography,  for  a 
full  deyelopment  of  the  subject.  As  it  is  difficult  for  unpractised 
persons  to  obtain  a  perfect  conception  of  solids  from  projections, 
the  student  is  advised  to  prepare  models  of  the  more. important 
forms.  These  can  be  readily  made  with  the  outlines  of  crystal 
forms  which  are  given  in  several  German  works  on  Crystallograr 
phy,  and  which  have  in  several  cases  been  published  separately.* 
Crystal  models  of  wood  or  of  porcelain  can  be  obtained  from 
dealers  in  philosophical  instruments ;  but  by  far  the  most  in- 
structive models  are  made  with  glass  faces  fastened  together  with 
strips  of  colored  paper  pasted  on  the  edges.  Each  set  of  similar 
edges  is  distinguished  by  its  special  color,  and  the  axes  are  indi- 
cated by  colored  strings  within  the  model.  The  mode  of  com- 
position of  compound  forms  may  be  beautifully  illustrated  by 
making  the  dominant  form  of  card,  and  then,  outside  of  this 
and  enclosing  it,  the  secondary  form  of  glass. 

MoNOMETRic  System. 

The  simple  holohedral  forms  of  the  monometric  system  are 
seven  in  number,  and  are  named  as  follows,  the  numbers  above 
the  figures  corresponding  to  the  numbers  before  the  names. 


*  Kryst&Ufbrmennetze  sum  Anfertigen  Ton  KiTstallmodellen,  von  Dr.  Adolf  Kenn- 
gotU    VTien,  1856.    To  be  procured  from  B.  Weitemuum  &  Co.  of  New  ToiIl. 


THE  THRKB  STATES  OF  HATTZB. 
Simple  Bohhedral  Fonai. 


Octahedron.  Solid  b(HUid«db]'ScqnlUuen1trUDs)e«, 

s.     Trigonal  trid[i»ocialudn>n.  «  "  3  x  S  uoMeIn  " 

M  (L  Tetragonal  triBkl*4>elahedron.  "  "  3X8  qondrilateral*. 

Fi  a.  HexBki»«ctabedton.  "  "  6x8  acaleiui  triangle*, 

a.      RItomhic  dodecalicdron.  "  "  IS  rhomb*. 

so.  Tetrakii-hexBhedron.  "  "  4x  6 iiOKelN triangle*. 

BO.  Hexahedron  (mbe).  "  "  S  ■qouea. 

12 
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Three  of  these  forms  —  the  octahedron,  aiaia^  the  dodecahe- 
dron, a:a  :  oo  a,  and  the  hexahedron,  a  :  oo  a  :  oca  —  have  inva- 
riable parameters,  and  therefore  do  not  admit  of  any  variation 
in  the  relative  position  of  their  planes.  Thej  are  frequently 
called  the  fundamental  forms  of  the  system.  The  parameters 
of  the  remaining  four  forms  are  variable,  and  the  exact  position 
of  their  planes  depends  on  the  values  given  to  m  and  n,  which 
are  always  very  simple  rational  numbers.  The  relation  between 
the  forms  can  easily  be  seen  from  the  disposition  of  the  crystals 
in  the  above  figures.  For  example,  in  the  trigonal  triakis-octahe- 
dron,  when  the  value  of  tn  is  unity,  the  solid  angle  o  disappears, 
and  the  form  becomes  an  octahedron.  As  we  give  to  m  larger  and 
larger  values,  tlie  angle  o  becomes  more  and  more  prominent ; 
and,  finally,  when  m  ss  oo,  the  two  planes,  meeting  at  the  edge 
dt,  coincide,  and  the  form  becomes  the  dodecahedron.  There 
may,  therefore,  be  an  infinite  number  of  trigonal  triakis-octalie- 
drons,  vaiying  between  the  two  limits  of  the  octahedron  on  the 
one  side,  and  the  dodecahedron  on  the  other.  By  drawing  a 
series  of  these  forms  with  gradually  increasing  values  of  m,  the 
relation  can  easily  be  made  evident  to  the  eye.  In  like  manner, 
the  tetragonal  triakis-octaliedron  is  an  intermediate  form  between 
the  octahedron  and  the  cube,  and  within  these  two  limits  there 
may  be  an  infinite  number  of  forms  with  difierent  values  of  m. 
In  fact,  however,  only  a  very  few  of  tlie  possible  varieties  of 
either  of  tliese  forms  have  been  found  in  nature,  the  most  fre- 
quent occurring  values  of  m  being  f,  2,  f ,  and  8. 

Again,  the  tetrakis-hexahedron  is  a  variable  form,  intermediate 
between  the  dodecaliedron  and  the  cube.  When  ms=  1,  the  pair 
of  faces  meeting  at  m  coincide,  and  we  have  the  dodecahedron. 
As  the  value  of  m  increases,  the  solid  angle  at  A  becomes  more 
and  more  obtuse,  until,  when  m  s=s  oo,  the  four  planes  meeting  at 
A  coincide,  and  we  have  a  cube.  Finally,  the  hexakis-octahedron 
is  the  central  form  of  tlie  triangular  group.  It  can  easily  be  seen 
tliat  it  is  intermediate  between  the  octahedron  and  the  tetrakis- 
hexahedron,  between  the  cube  and  the  trigonal  triakis-octahedron, 
and,  lastly,  between  the  dodecaliedron  and  the  tetragonal  triakis- 
octahedron.  To  trace  out  these  relations,  both  in  the  symbols 
and  the  forms,  is  left  for  an  exercise  to  the  student. 
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Simple  SemiJiedral  Forma. 
L  OW^tM  Htmiktdral  Forms. 


There  are  two  groups  of  simple  hemihedrol  forma  in  tlie  reg^ 
ul&r  system.  The  opposite  plaiiea  of  the  chancteiistic  forms 
of  the  first  of  theso  groups  are  inclined  to  each  other,  wliile 
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those  of  the  second  are  parallel.  Hence  the  fonns  of  the  first 
group  have  been  called  oblige  hemihedral  forms ;  tliose  of  the 
second,  parailel  hemihedral  forms.  The  symbols  of  the  oblique 
hemihedral  forms  are  formed  bj  writing  i  before  the  symbol  of 
the  correBponding  holohedral  form  enclosed  in  parentheses,  thus: 
1  (a  :  ffi  d  ;  m  a).  The  symbols  of  the  parallel  hemihedral  forms 
are  formed  by  writing  i  before  the  symbol  of  the  corresponding 
holohedral  form  enclosed  in  brackets,  thus :  \  [a:  ma  :  ma]. 

The  oblique  hemihedral  forms  of  tlie  monometric  system, 
which  are  seren  in  number,  are  represented  in  Fig.  86.  Each 
of  these  forms  has  a  holohedral  form  corresponding  to  it  in  posi- 
tion in  Fig.  85.    They  are  named  as  follows :  — 


BoUd  boMded  br 

+  »(- 

+  *(" 

+*(» 

3X4  iioicaln  triuigtcL 

+  *(» 

e  X4ic*!bo« 

+  *(- 

>:»<>).         Dodeah«dn>a. 

II  rfaombi. 

+  *(" 

4xe«ri>i>slH. 

+*{- 

o  o  :  >i  a).     Bex>hG4ron  (cube). 

6.qu«<.. 

Tlie  mode  by  which  the  tetrahedron  is  derived  from  the  oc- 
tahedron has  already  boon   explained.     In  Fig.  87,  the  planes 
of  the  octahedron  wliich  are  suppressed  are 
'jit"'  shaded,  and  those  which  are  extended  are  left 

^  \.  light.     By  comparing  tliis  figure  with  the  fig- 

^^V       ^\        ure  of  the  hexakis-octahedron  (Fig.  88),  ia 
^^^^^^^       which  the  parts  corresponding  in  position  to  the 
^y  ^^^^         shaded  parts  of  the  octahedron  have  also  been 
\^^  shaded,  and  the  reverse,  it  will  be  seen  that  a 

B :  a :  o.  gToup  of  six  pUues  correspouds  in  poeitjon, 

on  this  form,  to  a  single  plane  on  ttie  octahe- 
dron. If,  now,  we  extend  the  parts  on  this 
form  correspoiidiug  to  the  parts  vhicli  wero 
extended  ou  the  octahedron,  that  is,  every 
otlier  set  of  six  planes,  those  left  light  in  the 
figure,  we  shall  obtain  the  liexakis-tetrahedron, 
a  form  which  bears  the  same  relation  to  the 
tetrahedron  that  the  hexakis-octahedron  does 
to  the  octaliedron. 
In  like  manner,  if  we  apply  tlie  same  principle  to  the  trigonal 
triakis-octaliedron  and  to  the  tetragonal  triakis-octahedron,  extend- 
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ing  in  these  cases  ereiy  otlier  set  of  three  plaoes,  and  Bappresring 
the  alternate  sets,  ve  shall  obtain  the  tetragonal  triakts-tetralie- 
dron  and  the  trigonal  triakis-tetrahedron.  It  wUI  be  noticed, 
however,  that  the  trigonal  triakis-octaliedron  gives  the  tetragonal 
triakis-tetrahedron,  and  the  reverse. 

On  Fig.  89,  the  portions  of  the  cube  corresponding  in  position 
to  the  planes  of  the  octahedron  which  were  suppressed  are  shaded, 
and  it  can  be  easily  seen,  Utat,  if  those  portions 
of  the  cube  faces  which  are  not  shaded  are  ex-  ' 

tended,  they  will  form  again  a  cube.  The  same 
is  true  of  the  tetrakis-hezabedron,  as  may  be 
seen  by  Fig.  90,  and  also  of  the  dodecaliedron. 
In  other  words,  the  same  process  by  which  the 
tetrahedron  is  derived  from  the  octahedron,  ap-  a:<»:a>a. 
plied  to  these  three  forms,  reproduces  these 
forms  again.    These  forms  are  at  once  both  '"i-'*- 

holohedral  and  oblique  hemihedral  forms,  and 
have  therefore  a  place  in  both  groups. 

The  seven  oblique  hemihedral  forms  bear 
similar  relations  to  each  other  to  those  sus- 
tfuned  by  the  holohedral  forms,  which  have 
been  already  fully  explained.     The  tetrahedron,         a  ■•>«■•  ■. 
the  dodecahedron,  and  the  cube  are  invariable 
forms.    The  rest  admit  of  limited  variation  in  the  position  of 
their  faces,  depending  on  the  values  of  tlieir  parameters.    Thus, 
the  tetragonal  triakis-tetrahedron  is  an  intermediate  form  between 
the  tetrahedron  and  the  dodecahedron,  admitting  of  every  possible 
variation  between  those  two  limits.     So  also  the  trigonal  triakis- 
tetrahedron  is  an  intermediate  form  between  the  tetrahedron  and 
the  cube,  and  the  hexakis-tetrahedron  an  intermediate  between  all 
the  forms  of  the  groups.    These  relations  can  easily  be  studied 
out  by  the  student,  both  by  means  of  the  symbols  and  also  by 
means  of  the  figures  of  the  forms. 

Corresponding  to  each  of  the  hemihedral  forms  of  Fig.  86, 
there  is  an  inverse  form,  which  would  be  generated  by  extending 
tlie  alternate  planes,  or  sets  of  planes,  which  were  suppressed 
before.  The  negative  forms  differ  from  the  corresponding  posi- 
tive forms  only  in  their  position.  In  any  case,  if  the  negative 
form  is  turned  round  on  its  vertical  axis  one  quarter  of  a  revolu- 
tion, it  will  coincide  with  the  positive  form. 
12  • 
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S.  ParoBel  i&mihedral  Foritu. 


The  parallel  hemihedral  forma  of  the  monometric  Bjstem  may 
be  generated  hj  extending  alternate  pairs  of  planes  of  tlie  hexokis- 
oota]iedron,orthe  portions  of  planes  which  correspond  to  tliese  pairs 
on  the  other  fonns.    In  Fig.  92,  the  planes  of  the  hexakis-octalie- 
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a:  ma  :»a. 


dron,  which  are  suppressed  in  this  process,  are         '^  ^ 
shaded,  and  tliosc  to  be  extended  left  light.    The 
extension  of  the  latter  sot  of  planes  leads  to  the 
central  form  of  Fig.  91,  which  is  called  the  diakis- 
dodecahedron.    If,  now,  we  extend  the  portions  of 
planes  on  the  other  forms  which  correspond  to  the 
alternate   pairs  on   the  hexakis-octahedron  in  po- 
sition, we  shall  obtain  in  the  case  of  the  tetrakis-hexahedron  the 
pentagonal  dodecahedron;  but  in  all  the  remaining  five  forms 
this  extension  will  reproduce  the  original  form.     In  Figs.  93, 94, 

X1g.8a  Us.  94.  Fig.  96.  Vlf.96. 


i^'^ 


•  :  a  :  a. 


aiatma. 


at  at  00  a. 


a:  o»a:  ooo. 


95,  96,  the  portions  which  correspond  in  position  to  the  alter- 
nate pairs  of  the  hexakis-octahedron,  on  the  octahedron,  the  two 
triakis-octahedrons,  the  dodecahedron,  and  the  cube,  are  left  light, 
and  it  can  easily  be  seen  that  the  extension  of  these  portions 
will  reproduce  the  original  form.  It  appears,  therefore,  that  the 
same  process  by  which  the  diakis-dodecaliedron  is  derived  from  the 
hexakis-octahedron,  and  the  pentagonal  dodecahedron  from  the 
tetrakis-hexahedron,  applied  to  the  other  five  simple  holohedral 
forms,  reproduces  these  forms  again.  These  forms  are,  therefore, 
at  once  holohedral  and  parallel  hemihedral  forms,  and  have  a 
place  in  both  groups.  It  will  also  be  noticed  that  the  rhombic 
dodecahedron  and  the  cube  belong  to  all  three  groups. 

It  is  not  necessary  to  enumerate  the  names  of  the  seven 
simple  forms  of  this  group,  since  they  are  tlie  same  as  those 
of  the  holohedral  group,  with  the  exception  of  the  two  whose 
names  have  just  been  given.  The  symbols  of  the  parallel  hcini* 
hedrons  are  the  same  as  those  of  the  corresponding  oblique  hemi- 
hedrons,  with  the  exception  that  the  bracket  is  used  in  place  of 
the  parenthesis.  The  forms  of  Fig.  91  are  all  positive,  but  a  cor- 
responding group  of  negative  forms  can  easily  be  constructed,  by 
extending  the  alternate  planes  or  portions  of  planes  which  were 
suppressed  before,  that  is,  those  which  are  shaded  in  Figs.  92, 
98,  94,  95,  96. 
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The  relations  between  the  seven  parallel  hemihedral  forms  are 
similar,  in  all  respects,  to  those  which  exist  between  the  forms  in 
the  other  two  groups.  Tlie  octahedron,  the  rhombic  dodecahe* 
drou,  and  the  cube  are,  as  before,  invariable  forms.  The  remain- 
ing four  are  variable  forms,  the  exact  position  of  the  planes  de- 
pending on  the  values  of  the  parameters.  Since,  after  the  details 
already  given,  the  relations  of  these  forms  can  easily  be  traced  by 
the  student,  we  need  not  dwell  upon  the  subject* 

Compound  Forms. 

It  is  only  the  forms  of  the  same  group  which  are  found  united 
on  the  same  crystal.  For  example,  we  find  the  cube  and  the 
rhombic  dodecahedron,  which  are  common  to  the  three  groups, 
combined  with  any  one  of  the  otlier  simple  forms  of  the  system,  but 
we  never  iind  the  octaliedron  combined  witli  the  hexakis-tetrahe- 
dron,  nor  the  pentagonal  dodecahedron  combined  with  the  tetra- 
hedron. In  order  to  become  familiar  with  the  compound  forms  of 
this  system,  the  best  method  is  to  study  each  form  in  succession, 
and  consider  how  it  will  be  modified  by  each  of  the  other  forms 
of  the  system,  when  it  is  the  dominant  form  in  the  combination. 
After  the  description  which  has  been  given  of  the  simple  forms  of 
the  system,  tiie  student  will  be  able,  with  a  little  study,  to  dis- 
cover the  nature  of  the  modifications  in  each  case,  and  he  can 
confirm  his  results  by  referring  to  the  figures  of  the  compound 
forms  given  in  the  larger  works  on  Crystallography.*  We  will 
take  the  case  of  the  octahedron  as  an  illustration. 

The  cube  modifies  the  octaliedron  by  truncating  its  solid  angles. 
The  rhombic  dodecahedron  modifies  it  by  truncating  its  edges ; 
the  tetragonal  triakis-octaliedron  by  replacing  its  solid  angles 
by  four  planes,  which  are  variously  inclined  on  the  faces  of  the 
octahedron,  the  inclination  depending  on  the  value  of  m  in  the 
symbol  of  the  modifying  form,  a;  ma:  ma.  The  trigonal  triakis- 
octaliedron  bevels  the  edges  of  the  octahedron,  the  interfacial 
angle  between  the  bevelling  planes  and  the  faces  of  the  octahe- 
dron depending  on  the  value  of  m  in  the  symbol  of  the  modifying 
form,  a:  a  :  ma.  The  hcxakis-octahedron  replaces  the  solid  an« 
gles  of  the  octahedron  by  eight  planes,  whose  inclination  on  the 

faces  of  the  dominant  form  depends  on  the  values  of  m  and  n  in 

-.1        ■■ 

*  See  the  plates  of  Nannuuin's  "  Lehrbuch  dcr  Kiyitallograpl^e."    Leipzig.  1890. 
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the  symbol  of  the  modifjriiig  form,  a: mama.  Fiuallj,  the 
tetrakis-hexaliedrou  replaces  the  solid  angles  of  the  octahe- 
dron by  four  planes  inclined  on  the  edges  of  the  dominant 
form  at  angles  which  depend  on  the  value  of  nt  in  the  symbol 
a  :  n  a  :  <x  a. 

We  give  belov  sereral  figures  of  compound  crystals.  Tlie 
symbols,  which  are  also  added,  mil  furnish  a  Bofficient  descrip- 
tion of  the  forms. 


CHEMICAL  PHTBIC3. 

DniETRic  Stbteh. 
Simple  Hohhedral  Forms. 


The  most  important  simple  forms  of  the  dimetric  Bjstem  are 
represented  in  Fig.  98,  and  tlie  forms  have  been  grouped  so  that 
the  relation  betveea  them  can  be  easily^  seen.    We  can  study  this 
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relation  to  the  best  advantage,  by  commeneing  with  No.  2,  which 
is  called  the  square  octahedron^  and  whose  symbol  is  a  i  a\  b. 
When  the  length  of  the  semi-axis  b  is  greater  tlian  that  of  a,  as 
is  the  case  in  crystals  of  sulphate  of  nickel,  where  a  :  6  =s 
1 :  1.906,  then  the  octahedron  is  acute,  like  No.  8.  When, 
however,  the  length  of  the  semi-axis  b  is  less  than  that  of  a,  as 
is  the  case  in  crystals  of  acid  phosphate  of  potassa,  where 
a  :  6  =B  1  :  0.664,  then  the  octahedron  is  obtuse,  like  No.  2. 

In  the  monometric  system,  we  can  have  only  one  octahedron  ; 
but  in  the  dimetric  system  the  same  substance  frequently  pre- 
sents several  octahedrons.  In  all  cases,  however,  if  we  reduce 
the  octahedrons  to  the  same  base,  the  lengths  of  their  vertical 
axes  will  bear  to  each  other  very  simple  and  rational  ratios. 
Thus,  for  example,  on  crystals  of  sulphate  of  nickel  we  find  octa* 
hedrons,  where  the  ratio  of  the  two  semi-axes  is  not  only  1 : 1.906, 
but  also  1 :  0.958  and  1  :  0.685.  The  first  of  these  octahedrons 
has  been  selected  as  the  principal  form  of  this  substance,  because 
it  is  the  one  which  is  the  most  frequently  seen,  and  which,  in  com- 
pound crystals,  is  generally  the  dominant  form.  To  the  planes 
of  this  form  we  give  the  symbol  a  :  a  :  &,  and  then  the  symbols 
of  the  other  octahedrons  are  a  :  a  :  i  b^  and  a  :  a  :  i  b. 

When  a  substance  presents  several  octahedrons,  we  are  guided 
in  the  selection  of  one  of  these  for  the  principal  form  by  many 
circumstances.  Among  these  may  be  mentioned  the  frequency 
of  occurrence,  the  predominance  of  the  planes  of  the  different 
octahedrons  on  compound  crystals,  the  position  of  the  planes  of 
cleaTage,  and  the  crystalline  form  of  other  substances  which  are 
analogous  in  composition  and  homoeomorphous*  with  it.  The 
selection  is  in  all  cases,  however,  more  or  less  arbitrary,  and  wo 
must  be  careful  in  comparing  the  crystalline  forms  of  different 
substances  to  keep  this  fact  in  view,  since  otherwise  we  might  be 
led  to  erroneous  conclusions,  f 

Having,  then,  in  the  case  of  a  given  substance  crystallizing  in 
the  dimetric  system,  selected  one  octahedron  as  the  principal 
form,  and  given  to  it  the  symbol  a  :  a  :  &,  we  may  have  on  crys- 
tals of  this  same  substance  an  infinite  number  of  other  octahe- 
drons, having  the  general  symbol  a  :  a  :  mb^  where  m  is  always 

*  Two  snbfttiuices  are  said  to  bo  honuEomorphons,  when  they  crystallize  in  fonna 
which  are  closely  allied, 
t  See  Dana's  System  of  Mineralogy,  Vol.  I.  p.  193  and  following. 
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a  very  §imple  ratioual  integer  or  fraction.     Thus  ire  may  hare 
octahedrons  whose  Gymbolii  are 


4  6, 


As  the  Talue  of  m  increases,  the  octaliedrons  become  more  and 
more  acute  j  and  finally,  Then  nt  ea  oo,  the  octahedral  planea 
become  parallel  to  the  vertical  axis,  and  we  have  the  square 
prism  whose  symbol  is  a:ai  <x>b  (No.  4,  Fig.  98).  This  we 
may  regard  aa  one  limit  of  the  Beries  of  octahedrons.  On  the 
other  hand,  as  the  value  of  m  diminishes,  the  octahedrons  bo- 
come  more  and  more  obtuse  ;  and  finally,  when  m  ^  o,  the  octo^ 
hedral  planes  coincide  with  the  baaal  plane,  No.  1,  which  we  may 
regard  as  the  other  limit  of  the  series.  The  symbol  of  the  basal 
plane  may  be  written  either  a:  a:Ob,  or,  as  is  more  usual, 
oo  a :  oo  a :  fr,  which  is  obtained  from  the  first  by  multiplying  each 
parameter  by  oo,  remembering  tliat  0  X  oo  cs  1. 

It  will  be  noticed  that  neither  the  square  prism  nor  the  basal 
plane  encloses  space,  and  therefore  neither  can  alone  constitute 
a  crystal.  The  two  combined  form  a  square  prism  witli  its  basal 
plane,  which  is  therefore  a  compound  crystal. 

In  the  monometric  system,  the  axes  of  the  octahedron  always 
unite  the  vertices  of  the  opposite  solid  angles.  In  the  dimetrio 
^stem,  also,  the  vertical  axis  always  unites  tlie  vertices  of  the 
two  solid  angles  forming  the  summits  of  the  octahedron,  but  the 
lateral  axes  may  have  two  positions.  They  may  either  unite  the 
solid  angles  or  the  centres  of  opposite  basal  edges.  The  two  posi- 
tions which  these  axes  may  assume  are  represented  in  Figs.  99, 
100,  which  represent  sections  through  the  base  of  the  octahedron. 

I  We  may  thus  have  two  octa- 

I  bedrons,  such  as  Nos.  S  and 

I  11,  of  different  dimensions, 

I  but  yet  having  axes  which 

I  are  perfectiy  equal.    The  fa- 

I  CCS  of  the  octahedron  whose 

"<■*•■  Kt-ioi).  base  is  represented  by  Fig. 

100  have  the  same  position  as  the  edges  of  the  octahedron  whose 
base  is  represented  by  Fig.  99,  Wo  distinguish  the  two  octahe- 
drons by  calling  the  one  represented  in  No.  8  the  direct  octahe- 
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dron,  and  the  one  represented  in  No.  11  the  inverse  octahedron. 
Since  the  external  appearance  of  the  two  octahedrons  is  precisely 
the  same,  it  is  not  always  possible  to  determine  to  which  form  a 
given  crystal  belongs ;  and  this  fact  introduces  a  still  further 
difficulty  in  determining  the  principal  form  of  a  substance. 

The  general  symbol  of  the  inverse  octahedron  is  a  ;  co  a  :  mb^ 
where  m  represents  any  simple  rational  integer  or  fraction.  Thus 
we  may  have  inverse  octahedrons  on  crystals  of  tlie  same  sub- 
stance, whose  symbols  are 


a  :  00  a  :  6, 

or 

a  :  ooa  :  i  6. 

a  :  00  a  :  2  6, 

a 

a  :  oo  a  :  i  b. 

a  :  coa  :  Sbj 

« 

a  :  oo  a  :  {  b. 

The  limit  of  this  series  of  octahedrons  on  one  side  is  a  square 
prism,  No.  12,  whose  symbol  is  a  :  oo  a  :  cx>  b  ;  and  on  the  other 
side  the  basal  plane,  whose  symbol  is  a :  oo  a :  o  6,  or  oo  a:  coaib. 
Between  the  direct  octahedron,  No.  3,  and  its  corresponding 
inverse  octaliedron.  No.  11,  there  is  an  intermediate  form,  No.  7, 
which  may  be  called  the  dioctahedron.  The  parameters  of  the 
faces  of  this  form  are  a  :  m  a  :  n  6.  When  97»  ss  1  this  form 
becomes  the  direct  octahedron,  and  when  97»  &=  oo  it  passes  into 
the  inverse  octahedron.  Again,  for  any  constant  value  of  m,  for 
example,  m  =  2,  as  in  the  figure,  we  may  have  an  infinite  series 
of  dioctahcdrons  with  different  values  of  n.  As  the  value  of  n 
increases,  these  dioctahcdrons  become  more  and  more  acute ;  and 
when  n  B=  00,  they  pass  into  tlie  octagonal  prism.  No.  8.  As  the 
value  of  n  diminishes,  they  become  more  and  more  obtuse  ;  and 
when  n  s=  0,  they  pass  into  the  basal  plane.  No.  5.  For  any 
other  value  of  m,  for  example,  m  ss  8,  we  may  have  a  similar 
series ;  and  hence  there  may  be  an  infinite  number  of  series  of 
dioctahcdrons  and  an  infinite  number  of  forms  in  each  series. 

Hemihedral  Simple  Forms. 

By  extending  the  alternate  planes  of  the  square  octahedron, 
two  tetrahedrons  may  be  obtained  similar  to  the  two  tetrahedrons 
of  the  monometric  system,  but  differing  from  them  in  the  rela- 
tive length  of  their  vertical  axis.  We  may  evidently  have  a 
series  of  either  positive  or  negative  tetrahedrons,  corresponding 
with  the  system  of  octahedrons,  and  varying  between  a  square 
prism  on  one  side  and  the  basal  plane  on  the  other.    In  like 

18 
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manner,  by  extending  tlie  alternate  planes  or  the  alternate  sets 
of  planes  of  the  dioctahedron,  we  may  obtain  seTerol  hemihedral 
forms.  The  hemihedral  forms  of  this  system,  however,  rarely 
occur  except  as  modifying  holohedral  forms, 

Compovnd  Forms. 


When  the  two  principal  octahedrons  combine,  the  inverse  octar 
hedron  truncates  the  edges  of  tlie  direct  octahedron,  as  in  Fig.  101, 
wliich  also  presents  the  two  basal  planes.  Fig.  102  represents  a 
combination  of  tlio  principal  octalicdron,  o,  with  an  octahedron 
of  the  same  class,  g,  and  with  an  octahedron  of  the  second  class^ 
2  d.  Fig.  103  represents  a  combination  of  the  square  prism  of  the 
first  class,^,  with  the  principal  octahedron,  o.  Fig.  104  represents 
a  combination  of  the  square  prism  of  tlie  second  class,  a,  with 
tlie  principal  octalicdron,  o,  in  which  tlte  prism  is  tlie  donunant 
form.  Fig.  105  represents  tlie  same  combination,  in  which  the 
octahedron  is  the  dominant  form,  witli  the  addition  of  the  basal 
planes.  Tlie  composition  of  tlie  two  remaining  crystals  can  easily 
bo  made  out  fi-om  tho  symbols  below  the  figures. 


Tnc  THREE  BTATtS  OF  MATTEB. 

HCXAQONIL    StSTEH. 
Simple  Holohedral  Forms. 


The  simple  forms  of  tlie  liexagooal  Bjrstcm  ore  doeel;  allied  to 
those  of  the  dimetric  system.  Tbef  are  represented  in  Fig.  108, 
and  the  relation  between  them  is  indicated  hy  the  arrangement  of 
the  forms  in  the  figure.  The  fundamental  form  of  this  system  is 
called  the  hexagonal  pyramid,*  No.  8.  The  ciystals  of  tlie  same 
substance  may  present  a  number  of  these  hexagonal  pyramids,  hut 
we  alirajB  find  Uiat,  vhen  they  have  tlie  same  base,  the  lengths  of 
their  vertical  axes  stand  to  each  other  in  very  simple  ratios.    As 


'  TliateniifjiroiMifbiiotnMdbenintltegMitMtrie*!  M 
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manner,  hj  extending  the  alternate  planes  or  the  alternate  sets 
of  planes  of  the  dioctahedron,  wo  may  obtain  several  hemihedral 
forms.  The  hemihedral  forms  of  this  system,  however,  rarely 
occur  except  as  modifying  holobedral  forms. 

Compovnd  Formt. 

»■  na. 
r^  Id 


When  the  two  principal  octahedrons  combine,  the  inverse  octa- 
liedroQ  truncates  the  edges  of  the  direct  octahedron,  as  in  Fig.  101, 
which  also  presents  the  two  basal  planes.  Fig.  102  represents  a 
combination  of  the  principal  octahedron,  o,  with  an  octahedron 
of  tlio  same  class,  S,  and  with  an  octaliodron  of  the  second  class, 
2  d.  Fig.  103  represents  a  combination  of  the  square  prism  of  the 
first  class,^,  with  the  principal  octahedron,  o.  Fig.  104  represents 
a  combination  of  the  square  prism  of  the  second  class,  a,  with 
tlie  principal  octalicdroii,  o,  in  which  the  prism  is  the  dominant 
form.  Fig.  105  represents  the  same  combination,  in  which  the 
octahedron  is  the  dominant  form,  with  the  addition  of  the  basal 
planes.  Tlie  composition  of  tlie  two  remaining  crystals  can  eacily 
be  made  out  from  the  symbols  below  the  figures. 


tlie  three  states  of  matter. 

Hexagonal  Ststeu. 

Simple  Solohedral  Forms. 


Sa:a:tai»t.     Is: 


la:a:a'F:b.      3>l 


The  simple  forms  of  tlie  hexagonal  Bystem  are  cloeelj  allied  to 
those  of  the  dimetric  Sfstein.  The;  are  repreeented  in  Fig.  108, 
and  the  relation  between  them  is  indicated  bjr  the  arrangement  of 
the  forms  in  the  figitre.  The  fundamental  form  of  this  sj^stem  is 
called  the  hexagonal  pyramid*  No.  8.  The  crystals  of  the  same 
substance  may  present  a  number  of  these  hexs^nal  pyramids,  but 
■we  alvays  find  that,  vhen  they  have  the  same  base,  tlie  lengths  of 
their  vertical  axes  stand  to  each  other  in  very  simple  ratios.     As 


'  Tbstenn^iynMurfiiikMnfedlieraintlMgeoiiictrictlK 
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in  the  dimetric  system,  ve  select  one  of  these  for  the  piincipal 
form,  and  give  to  it  the  symbol  a  :  a  :  ct>  a  :  b.  The  general 
8ymbc4  of  the  other  hexagonal  pyramids  of  the  same  substance 
is  tlien  a:  a:  oo  aimbfin  which  m  is  always  some  very  simple 
integer  or  fraction.  As  the  value  of  m  increases,  the  pyramid 
becomes  more  and  more  acute ;  and  when  m  ^  oo,  it  passes  into 
the  hexagonal  prism,  No.  5.  On  the  other  hand,  as  the  value  of 
ffi  diminishes,  the  pyramid  becomes  more  and  more  obtuse,  and 
finally  passes  into  the  basal  plane,  Ko.  1  This  series  of  pyramids 
are  called  hexagonal  pyramids  of  the  Jirtt  order,  to  distinguiab 
them  from  the  liexagonal  pyramids  represented  in  the  lower 
row  of  forms  in  Fig.  108,  which  are  called  hexagonal  pyramids 
of  the  second  order. 

In  the  hexagonal  pyramids  of  the  second  order,  the  lateral 
axes  unite  the  centres  of  edges,  as  in  Fig.  110,  while  in  those  of 
the  first  order  they  unite 
opposite  solid  angles,  as 
in  Fig.  109.  The  lengths 
of  the  axes  in  the  two  fig* 
ures  are  the  same.  The 
intersection  of  one  of  the 
faces  of  the  pyramid  of 
the  second  order  with  the 
FiH»  n,.™.  b^^  pi^g^  ia  the    line 

E  E,  Fig.  110,  and  it  can  easily  he  seen  that  this  plane,  if  ex- 
tended, would  intersect  the  three  lateral  axes  at  distances  from 
the  centre  of  2  a,  a,  and  2  a  respectively.  The  symbol  of  the 
principal  pyramid  of  this  class  (No.  13  of  Fig.  108)  is  therefore 
2ai  a:  2  a:  b,  and  the  general  symbol  of  other  pyramids  of  the 
second  class  2a:  a  :  2a:  mb,  where  m  is  always  some  simple 
rational  integer  or  fraction.  As  the  value  of  m  increases  or 
diminishes,  this  series  of  pyramids  passes  through  the  same  van 
nations  of  form  as  those  of  the  first  class.  The  two  limits  are 
the  hexagonal  prism,  where  m  =  oo,  and  the  basal  plane,  where 

ffts=0. 

It  will  be  noticed  that  the  planes  of  the  hexagonal  pyramid  and 
prism  of  the  second  order  have  the  same  position  as  the  edges  of 
the  corresponding  forms  of  the  first  order,  and  will  therefore 
truncate  these  edges  when  the  two  forms  enter  into  combination. 

Intermediate  between  the  two  classes  of  hexagonal  pyramids 
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«re  the  dihexagonal  pynunidB  (Fig.  111).  "'•  '"■ 

This  form  is  bounded  by  twenty-four  sca- 
lene triangles,  and  the  symbol  of  the  prin- 
dp&l  form  of  the  cIoeb  is  mn :  a :pa:  b,  m 
irhich  m  and  ;>  are  so  related  that  p  — ;~. 
When  m  ^  1  then  p=L  oo,  and  this  form 
passes  into  the  hexagonal  pyramid  of  the 
first  order,  and  irhen  nt^2  then  p  =  2, 
and  it  passes  into  the  hexagonal  pyramid  of 
the  second  order.  The  general  symbol  of 
other  dihexagonal pyramids  iema:  a:  pa: 
n  b,  Trhere  «  is  any  rational  fraction  or  in- 
teger. When  n  ^  00,  the  form  passes  into  tho  dihexagonal  prism. 
No.  10  of  Fig.  108,  and  when  m  =  o,  it  passes  into  the  basal  plane, 
No.  6  of  Fig.  108. 

Simple  Hemihedral  Forms. 

The  hemihedral  forms  of  this  system  occur  more  frequently  in 
nature  than  the  holohedral  forms,  and  therefore  demand  special 
attention.  The  most  important  of  them  are  represented  in  Fig, 
115  (see  next  page),  iu  which  the  forms  hare  been  grouped 
so  as  to  show  the  relations  between  them.  In  studying  these 
forms,  we  will  commence  with  the  rhombohedron,  Nos.  2,  S,  4  of 
Fig.  115. 

Rhombohedroa.  — The  rhombohedron  is  bounded  by  six  equal 
and  similar  rhombs.    Its  edges  are  of  two  hinds ;  —  first,  six  sim- 


ilar terminal  edg'Ci,  marked  X  in  Fig.  112  ;  secondly,  six  similar 
lateral  edffet,  which  are  lettered  Z,  The  solid  angles  are  also  of 
two  kinds ;  —  first,  two  similar  vertical  solid  angles,  lettered  C, 
consisting  of  three  equal  plane  angles ;  secondly,  six  lateral  solid 
13* 
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anfflei,  lettered  E,  vhich  are  stmilar  to  each  other,  but  do  not 
consist  of  equal  angles.    The  vertical  axis  of  the  ihombohedron 


connects  the  vertical  solid  angles.  Tlie  lateral  axes  connect  tlie 
centres  of  opposite  edges. 

The  interfacial  angles  formed  at  the  terminal  edges  X  are  all 
equal  to  each  oilier.  Thia  angle  is  one  of  the  most  important 
characters  of  the  rhombohedron,  and  we  shall  call  it  the  rhombo- 
hedral  anffle,  and  distinguish  it  by  the  same  letter  which  we  liavo 
used  to  denote  the  edge.  When  this  angle  is  acute,  the  rhombo- 
liedron  is  said  to  be  acute,  and  when  it  is  obtuse,  tlie  rhombohe- 
dron  is  said  to  be  obtuse. 

The  sections  of  the  rhombohodron  posging  tlirough  two  opposite 
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terminal  edges  are  rhombs  which  arc  perpendicular  to  two  of  the 
&ces  of  the  form.  There  are  three  such  sections  in  every  rhom- 
bohedron,  and  they  are  called  principal  sections.  One  of  tliose, 
CEC  E',  is  represented  in  Fig.  112. 

The  crystals  of  a  given  substance  frequently  present  a  number 
of  rhombohedrons,  both  obtuse  and  acute  ;  but  when  these  rhom- 
bohedrons  liave  the  same  lateral  axes,  their  vertical  axes  always 
bear  to  each  other  a  very  simple  proportion.  One  of  these  rhom- 
bohedrons,  which  is  selected  on  the  same  grounds  as  those  already 
stated  in  connection  with  the  dimetric  system,  is  termed  the 
principal  rhombohedron. 

The  principal  rhombohedron  may  be  regarded  as  formed  from 
the  principal  hexagonal  pyramid,  by  extending  the  alternate  planes 
until  they  cover  the  rest  As  there  are  two  sets  of  alternate 
planes,  it  is  evident  that  we  can  obtaui  by  this  method  two  rhom- 
bohedrous  which  are  perfectly  equal,  and  which  differ  from  eacli 
other  only  in  position.  Wo  shall  call  them  the  positive  and  ncga- 
live  rhombohedrons,  and  distinguish  them  by  writing  the  signs 
plus  and  minus  before  the  symbols.  These  symbols  are  given 
below  Figs.  112, 114,  and  it  will  be  seen  that  they  are  formed 
after  the  analogy  of  the  symbols  of  the  hemihedral  forms  in  the 
monometric  system. 

Since  every  hexagonal  pyramid  will  give  by  this  method  two 
rhombohedrons,  it  is  evident  that,  corresponding  to  the  series  of 
hexagonal  pyramids.  Fig.  108,  we  have  two  series  of  rhombohe- 
drons. The  general  symbols  of  these  two  classes  of  rhombolio- 
drons  are 

-f-  i  (a  :  a  :  oo a  :  m 6),    and    —  ^  (^a  :  a  :  cx>a  \  mb). 

As  the  value  of  m  increases,  the  rhombohedrons  become  more  and 
more  acute,  and  finally,  when  m  =  oo,  they  pass  into  the  hex- 
agonal prism.  No.  5,  Fig.  115.  On  the  other  hand,  as  the  value 
of  m  diminishes,  the  rhombohedrons  become  more  and  more 
obtuse,  and  when  m  =  o  they  pass  into  the  basal  plane.  No.  1, 
Fig.  115. 

Of  the  series  of  possible  rhombohedrons  with  any  given  values 
of  the  axes,  tliere  are  several  which  stand  to  each  other  in  an  im- 
portant relation.  Commencing  with  the  principal  positive  rhom- 
bohedron, -|-  J  (a :  a  :  oo  a  :  i),  No.  8,  Fig.  115,  we  find  that  the 
planes  of  the  negative  rhomboliedron  —  ]^  (a :  a  :  oo  a  :  J  &),  No.  2, 
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have  the  same  position  as  its  terminal  edges,  and  therefore 
truncate  them  This  rhombohedron  is  called  the  first  obtuse 
rlumhohedron.  Again,  the  faces  of  tlie  positive  rhombohedron 
-{•  \(a  I  a  :  Qc  a:  \b)  truncate  the  edges  of  the  first  obtuse 
rhombohedron,  and  it  is  called  the  second  obtuse  rhorfibohe- 
drofij  and  so  on.  On  the  other  hai\d,  the  faces  of  the  principal 
rhombohedron  truncate  the  edges  of  the  negative  rhombohedron 
—  ^  (a  :  a  :  Qoa  :  2  &),  No.  4,  which  is  called  the  first  a^cute 
rhombohedron.  The  faces  of  the  first  acute  rhombohedron  trun- 
cate the  edges  of  the  positive  rhombohedron  '^i(^a:a:  <x>a:i  6), 
which  is  called  the  second  acute  rhombohedron^  and  so  on. 

The  rhombohedrons  which  form  this  series  are,  then,  as  fol- 
lows :  — 

Third  obtuse  rhombohedron,  —  \(a  :  a  x  oo  a  :  |  ft)  =  —  \  R. 

Second   "  "  +  J  (a  :  a  :  oo  a  :  J  ft)  =  +  J  It. 

First       "  "  —  J  (a  :  a  :  00  a  :  i  ft)  =  —  J  It. 

Principal  rhombohedron,  +  J  (a  :  a  :  oo  a  :  ft)     =  -f-  -R. 

First  acute  rhombohedron,  —  \  (a  \  a  i  ooa:2ft)=  —  2  It. 

Second  «  "  +  J  (a  :  a  :  oo  a  :  4  ft)  =  -f  4  It. 

Third    "  "  —  i  (a  :  a  :  oo  a  :  8  fr^  =  —  8  it. 

And  in  this  series  each  rhombohedron  truncates  the  terminal 
edges  of  the  one  which  follows  it.  In  crystals  of  the  mineral 
calcite,  almost  all  the  above  rhombohedrons  have  been  observed, 
and  a  large  number  of  others,  not  belonging  to  the  series,  but  in- 
termediate between  the  members  of  it.  The  general  appearance 
of  these  crystals  varies  from  almost  flat  plates,  where  the  ter- 
minal angle  X  =  160*"  42',  to  sharp  needles,  where  the  angle 
X  =  60"  20'. 

As  the  regular  symbol  of  the  rhombohedron  is  inconveniently 
long,  we  frequently  abbreviate  it  in  practice,  and  write,  as  the 
symbol  of  the  principal  rhombohedrons  of  a  given  substance, 
dz  R.  For  other  rhombohedrons  we  use  the  general  symbol 
db  m  it,  in  which  m  is  the  same  quantity  as  the  m  in  the  reg- 
ular symbol.  The  abbreviated  symbols  of  the  series  of  acute  and 
obtuse  rhombohedrons  have  been  given  after  the  corresponding 
regular  symbols  in  the  above  table,  and  by  comparing  the  two  the 
use  of  the  abbreviation  can  be  easily  understood. 

Intermediate  between  the  obtuse  and  acute  rhombohedrons 
there  is  a  possible  form,  where  X  s=  90*^.    This  is  the  case  when 
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a:  mb  ^1:  V|~-  "^^  rliombohedron  then  becomes  the  cube, 
vhich  may  therefore  be  regarded  as  a  form  of  the  hez^onat 
Bf  stem.  In  like  manner,  all  tlie  other  simple  forms  of  the  mono- 
metric  BTstem  may  be  regarded  as  forms  of  the-  hexa^nal  Eastern, 
but  in  this  Sf  stem  thej  are  compound  forms.  In  consequence  of 
this  analogy,  the  crystals  of  the  two  systems  frequently  resemble 
each  otlier  very  closely,  especially  when  they  have  been  Irregu- 
larly formed. 

Scalenohedron.  —  By  comparing  tc^ther  Figs.  11€  and  117, 
on  which  the  similar  parts  have  been  similarly  lettered,  it  will  be 
seen  that  in  the  posi- 
tion occupied  by  one  iti.ii«. 
plane  on  the  hexagonal 

pyramid  there  are  two  „ 

planes  on  the  dihex- 
agonal  pyramid ;  and 
hence,  tliat  we  must 
extend  the  alternate 
pairs  of  planes  on  the 
dl  hexagonal  pyramid, 
ia  order  to  apply  to  it 

tlie  same  method   by  ■•■toipoifc  «:B:»«;k 

which  we  obtained  the 

rhombohedron  from  the  hex^onal  pyramid.    If,  then,  we  extend 
the  alternate  pairs  of  planes  on  the  dihexagonal  pyramid,  commen- 
cing with  the  two  front  upper  planes  of  Fig.  116, 
we  shall  obtain  the  form  represented  in  Fig.  118,  iiw»- 

and  called  a  scalenohedron;  or,  by  extending  the 
planes  suppressed  in  the  last  case,  a  second  scale- 
nohedron, differing  from  the  first  only  in  position. 
The  two  are  distinguished,  like  the  rhombohe- 
drons,  as  positive  and  negative  scolenohedrons. 
The  scalenohedron,  which  is  derived  from  the 
principal  dihexagonal  piframid,  will  be  called 
the  principal  scalenohedron,  and  its  symbol  is 
±  J  (flt  ffl  :  o  :  ;>  o  :  ft).  The  general  symbol  of 
otlier  scalenohedrons  is  ±  ^(ma:a:pa:nb').  -^-ii^ma-.a-.fa-.ty 
As  the  value  of  n  diminishes,  the  scalenohedron 
becomes  more  and  more  obtuse,  and  finally,  when  n^o,  mei^^ea 
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ill  the  baaal  plane.  Ou  tlie  other  hand,  vith  increasing  Talaea 
of  n,  the  Bcalenohedron  becomes  more  and  more  acute,  and  when 
n  =  CO  mei^es  into  the   hexagonal  prism. 

By  biiiiging  together  the  rhombohedron  and  the  ecalenohedron, 
as  has  been  done  in  Fig.  119,  it  will  be  noticed  that  the  lateral 
edges  of  the  two  forms  have  a  similar  podtion 
towards  the  axes,  so  that  for  ever^  ecalenohe- 
dron there  must  be  a  rhombohedron  whose  lat- 
eral edges  coincide  with  the  lateral  edges  of  the 
other  form.    This  rhombohedron  is  called  the 
inscribed  rhombokedron  of  the  scalenohedron. 
The  Bcaienohedron  may  endently  be  formed 
from  the  iiiscribed  rhombohedron  by  prolong- 
ing the  Tertical  axis,  and  then  drawing  lines 
from  tlie  ends  of  the  vertical  axis  thus  pro- 
duced to  tlie  lateral  solid  angles  of  the  rhom- 
bohedron.   It  is  evident  that  we  may  tlius 
make  from  every  rhombohedron  au  infiQite 
number  of  scaleuohedrons,  whose  fonn  will 
depend  upon  the  extent  to  which  the  vertical 
axis  has  been  elongated.    We  find,  however, 
that  the  semi-vertical  axis  of  the  scalenohe- 
dron is  always  some  simple  multiple  of  that 
of  the  inscribed  rhombohedron.     Hence  we 
may  use,  as  the  abbreviated  symbol  of  the  scalenohedron,  the  ab- 
breviated symbol  of  the  corresponding  inscribed  rhombohedron, 
with  an  exponent  indicating  how  many  times  its  semi-vertical 
axis  is  greater  than  that  of  the  rhombohedron.     If,  as  in  Fig.  119, 
the  inscribed  rhombohedron  is  the  principal  rhombohedron,  •\-  R, 
and  the  semi-vertical  axis  of  the  scalenohedron  is  three  times 
that  of  the  rhombohedron,  the  abbreviated  symbol  of  the  rhombo- 
hedron is  ■\-  R*.     The  general  symbol  for  any  scalenohedron  is 
ifc  m  Ji",  in  which  ±.mR  \t  the  symbol  of  the  inscribed  rhom- 
bohedron.   It  has  already  been  stated,  that  the  number  of  tiie 
possible  rhombohedrons  on  the  crystals  of  a  given  substance  is 
infinite,  and  it  now  appears  tliat  for  every  rhombohedron  there 
may  be  an  infinite  number  of  scaleuohedrons ;  so  that  the  num- 
ber of  possible  scalcnohedrons  on  the  crystals  of  a  given  sub- 
stance is  infinitely  greater  than  the  infinite  number  of  possible 
rhombohedrons.    The  mineral  calcite  has  a  great  tendency  to 
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ciystallize  in  scalenoliedrons  (dc^tooth  crystals),  and  no  less 
than  tliirty-eight  rliombofaedrons  aud  seventy-six  scalenoliedrons 
liave  been  observed  among  tlie  crystals  of  this  substance.* 

Besides  the  two  faemihedral  forms  vhicU  hare  been  described, 
there  are  two  other  hemiliedral  forma  in  tlio  hexagonal  system, 
which  may  be  derived  from  tlio  dihexagonal  pyramid. 

TbejEr*f  of  these  is  obtained  by  extending  tlie  alternate  pain 
of  planes,  united  at  a  lateral  edge,  A  E,  Fig.  120,  where  the  al- 
ternate planes  are  distinguislied  by  the  shad- 
ing. As  we  extend  the  shaded  or  tlie  uii- 
shaded  planes  of  Fig.  120,  wo  obtain  one 
or  tlie  other  of  two  hexagonal  pyramids, 
which  differ  from  each  other  and  from  the 
hexagonal  pyramids  already  described  only 
in  the  position  of  the  axes.  Tlio  lateral 
axes  of  the  pyramids  thus  derived  do  not 
unite  the  opposite  solid  angles,  as  is  the  case 
with  pyramids  of  the  first  order  (Fig.  100) ; 
nor  yet  the  centres  of  opposite  edges,  as  is  rt|.  ud. 

tlie  case  with  pyramids  of  the  second  order 
(Fig.  110)  ;  but  points  on  the  lateral  edges  intermediate  between 
the  centre  and  the  ends. 

The  second  of  these  hcmihodral  forms  is  obtained  by  extend- 
ing tlie  alternate  pairs  of  planes  united  at  a  lateral  solid  angle, 


as  shown  by  the  shading  in  Fig.  121.  According  as  the  un- 
shaded or  the  shaded  planes  arc  extended,  we  obtain  the  two 
forms  repreeented  in  Figs.  122,  123.     They  are  called  the  hex- 

*  See  Dana'a  Sjilem  of  Hinemlog^,  VoL  IL  p.  437,  lor  Iho  »}>iiib»U  of  tbeM  form*. 
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agonal  trapesohedrom.  The  two  forms  derived  firom  the  same 
dihezagoiial  pyramid  difTer  from  each  other,  not  oolj  in  the  abso- 
lute position  of  the  form,  but  also  in  the  relative  positiou  of  their 
planes.  They  are  distinguished  as  the  right  and  left  trapezohe- 
drons,  and  their  sTmbols  are  respectively 

r    ^  (m  a  :  a  ;  p a  :  nb'),     and      I    \  (m  a  :  a  i p  a  :  nb'). 

Tetartokedral  Forms. 

By  extending  tlie  alternate  planes  of  the  right  hexagonal  tra- 
pezohedron  (Fig.  121),  we  can  obtain  two  forms,  differing  from 
each  other  only  in  position,  whose  symbols  are 
±  r  i  (m a  :  a  : p a  mb')  ; 
and,  in  like  manner,  from  tlie  left  hexagonal  trapmobedron  two 
other  forms  may  be  obtained,  whose  symbols  are 

±  I  l(m  a  :  a  :  p  a  :  n  b"). 
I<acli  of  these  four  forms  is  bounded  by  six  isosceles  trapeziums, 
and   tliey  are   therefore  called  trigonal  trapezohedrons.     They 
are  evidently  tetartohedral  forms  of  the  dihexagoual  pyramid. 

These  tetartoliedral  forms  are  never  found  isolated  in  nature ; 
but  they  appear  very  frequently  on  crystals  of  quartz  in  combina- 
tion witli  other  forms.  The  crystals  of  tliis  mineral  are  usually  a 
combination  of  a  hexagonal  prism  with  a  hexagonal  pyramid  of 
the  same  order  (Fig.  125},  and  the  trigonal  trapezohedrons  ap- 
pear as  modifying  planes  on  the  solid  angles.    In  Fig.  124,  the 


lateral  solid  angles  are  modified  by  the  planes  of  the  positive 
right-trigonal  trapezohedrons,  and  in  Fig.  126,  by  the  planes  of 
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the  positive  left-trigonal  trapezohedron.  The  two  negative  forms 
would  modify  in  a  similar  way  tbo  set  of  Bolid  angles,  wliich  are 
not  modified  in  the  figures. 

The  difference  of  form  between  the  right  and  left  trapezoho- 
dron  is  found  to  be  accompanied  witli  remarkable  differences  of 
optical  properties,  wliich  will  be  explained  in  the  section  on  the 
circular  polarization  of  light. 

Compound  Forms. 

The  crystal  represented  by  Fig.  127  is  a  combination  of  tlie 

hex^onal  prism  with  the  basal  plane,  the  symbols  of  which  are 

given  in  this  order  below  the  figure.    On  the  crystal  represented  by 

»«,  isa 


•  :a:«at-»,  — 1  (d  :  ■>  i<i>  a  !  t»).  +K    -fit    -l-Sll. 

■  aianiBii:!.  +l(o;«:«ia!»). 

Pig.  128  there  are  evident-         "« '«>  "t '« 

ly  the  faces  of  two  rhom- 
bohedrons,  the  one  positive 
and  the  other  n^ative.  If 
Te  assume  that  tlie  faces  let- 
tered r  are  tliose  of  the  prin- 
cipal rhombohedron,  R,  tlien 
it  ia  evident  that  tlie  faces 
lettered  '/,  are  those  of  the 

first  obtuse  rhombohedron,  +l((»«:o.«:e.B!H 

}  R,  because  they  truncate  the  vertical  edges  of  the  rliombohe- 
dron  iZ.  As  the  planes  of  the  first  obtuse  rhombohedron  are 
much  larger  than  those  of  tlie  principal  rhombohedron,  it  is  not 
at  once  evident  from  the  figure  tliat  the  first  are  truncating 
planes ;  but  on  a  model  this  fact  could  easily  be  discovered,  by 
noticing  that  the  edges  formed  by  any  plane,  '/i,  with  the  two 
adjacent  planes,  r,  are  in  every  case  parallel  (91).  If,  in  Fig. 
129,  we  assume  tliat  the  faces  r  are  those  of  the  principal  rhom- 
bohedron, then  the  faces  y,,  which  truncate  the  edges  of  the  prin- 
14 
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cipal  rhomboUedron,  belong  to  the  first  obtuse  rhombobedron, 
—  i  R,  and  the  faces  2  r  to  the  first  acute  rliombohedron  —  2R; 
becauso  the  edges  of  this  form  are  truncated  by  the  faces  r  of  tlie 
priucipal  rhombohedron.  Fig.  130  represents  a  combination  of  tlie 
principal  rhombohedron  iritli  its  second  acute  rhombobedron,  4  R. 
Fig.  131  represents  the  combination  of  the  principal  rhombohedron 
with  the  basal  plane.  It  vill  be  noticed  bow  closely  this  form  ro- 
sembles  tlie  octahedron  of  the  mnnometric  system,  aud  it,  i:i  fact, 
mei^s  into  the  octahedron  when  tlie  angle  of  a  on  r  is  equal 
^  ,„  ^  ,„  to  109"  28'  16",  which  is  the 

case  when  the  axes  of  the 
rhombobedron  are  to  each  oth- 
er as  1  :  2.4495.  It  will  be 
remembered  that  tlie  cube 
may  be  regarded  as  a  rhom- 
boliedron,  iu  which  a  :  b  = 
1  :1.2247.  Hence  tlie  octor 
hedron  may  be  regarded  as 
+ 1  («:■:■!■»),  +at  +X.         the  first  acute  rhombohedron 

of  the  cube  combined  with  the 
basal  piano.  The  compound  form  of  Fig.  132  consists  of  a 
hexagonal  prism  of  the  first  order  combined  with  the  rhombo- 
hedron —  iR.  Finally,  Pig.  133  represents  a  combination  of 
a  Ecalenohedron,  R',  witli  the  rhombohedron  R. 

Trimeteic  System. 

Simple  Forms. 
Fic.  us.  rif.  us. 


Tlio  fundamental  form  of  this  system  is  the  rhombic  octahedfon^ 
80  called  because  the  tlui»  prirtcipat  lecliont  mado  by  planes 
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passing  through  the  axis  are  all  rhombs.*  This  fact  is  illustrated 
hj  Figs.  185, 136, 137,  which  represent  these  sections,  and  which 
have  been  lettered  to  correspond  with  Fig.  134.  The  same  sub- 
stance frequentlj  crystallizes  in  several  octahedrons.  In  such 
cases  we  select  one  of  these  as  the  principal  octahedron,  giving  to 
it  the  symbol  a  :  b  :  c,  and  we  then  find  that  the  parameters  of 
the  planes  of  the  other  octahedrons  always  stand  in  some  simple 
relation  to  those  of  the  one  thus  selected.  Besides  the  octidie- 
drons,  the  only  other  simple  forms  of  this  system  are  rhombic 
prisms  and  terminal  or  basal  planes.-f  The  relation  of  these 
forms  can  be  best  understood  by  studying  their  symbols. 

Having  given  to  the  principal  form  the  notation  a  :  b  :  c,  then 
the  other  octahedrons  which  the  same  substance  can  present 
will  be  expressed  by  the  following  symbols :  — 

1.  a  :  m  b  :  Cj  8.     m  a  :  b  :  c^ 

2.  a  :  b  :  m  Cy  4.    m  a:  b  :  nc^ 

in  which  m  and  n  are  always  very  simple  rational  numbers.  The 
first  three  of  these  symbols  may  evidently  be  regarded  as  partic- 
ular cases  of  the  third. 

The  number  of  possible  octahedrons  in  which  a  given  sub* 
stance  may  crystallize  in  the  trimetric  system  is  evidently  infinite ; 
but  the  number  which  have  in  any  case  been  observed  is  ex- 
tremely limited,  including  only  a  few  of  the  possible  values  of 
m  and  n,  together  with  the  rhombic  prisms  and  terminal  planes 
which  result  when  m  and  n  are  made  equal  either  to  infinity  or 
zero. 

If  in  No.  1  we  put  m  =  oo,  the  symbol  becomes  a:  co  b  :  Cj 
which  represents  a  rhombic  prism  whose  axis  is  the  axis  of  b.  If 
f9i  s=  0,  the  symbol  becomes  a  :  ob  :  c  j=b  qo  a:  b  :  ooc,  which  is 
the  symbol  of  the  basal  planes  of  the  same  prism.  If  in  No.  2 
"we  put  m  =3  00,  we  obtain  the  symbols  of  a  rhombic  prism  whose 
axis  is  the  axis  of  c ;  and  if  we  put  m  s=s  o,  we  obtain  the  symbol 
of  the  basal  planes  of  the  same  prism.  So  also,  if  in  No.  3  we 
put  m  equal  to  infinity  and  zero,  we  obtain  the  symbols  of  a 
rhombio  piism  parallel  to  the  axis  of  a  and  of  its  basal  planes. 

*  A  flection  of  a  cryital  U  called  a  principal  section  when  it  contains  two  of  the  axes. 

t  Flanes  placed  at  the  ends  of  any  axis,  and  parallel  to  the  plane  of  the  other  two, 
are  called  terminal  planet,  Buch  planes,  when  the j  form  the  base  of  a  crystal,  are 
oalMbatalpkmef, 
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The  general  symbol  No.  4  may  be  put  in  the  three  following  forms: 

1.  aznb-.me,  2.  na:  mb  :  e,  S.  ma:i:nc. 
If  in  No.  1  ve  put  »  =  cc,  ve  obtain  a  rhombic  prism  parallel 
to  the  axis  of  b,  whose  symbol  is  a:  oo  ft  :  m  c ;  if  «  =  o,  we  ob- 
tain the  basal  plane  of  this  prism.  If  in  No.  2  we  put  h  ^  oo, 
we  obtain  a  rhombic  prism  parallel  to  the  axis  of  a,  whose  sym- 
bol is  oo  a  :  m  fr  :  c  ;  if  » =  0,  wa  obt^n  the  basal  planes  of 
tliis  prism.  If  in  No.  S  we  put  n  =3  oo,  we  obtain  a  rhombic 
prism  parallel  to  the  axis  of  c,  whose  symljol  is  m  a  :  6  :  oo  c ;  if 
»  =:  0,  we  obtain  the  basal  planes  of  this  prism. 

Compound  Forms. 

We  give  below  several  figures  of  the  compound  forms  of  thia 

Bystem,  and  beneath  each  the  symbols  of  the  simple  foims  of 

n(,  1S3.  ng.  IS?.  Ti(.  i«.  ii«.ui. 
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Thich  it  consists,  opposite  to  the  letters  on  tlie  faces  of  the  crys- 
tal. With  the  aid  of  these  symbols,  the  student  will  easily  be 
able  to  see  the  relations  of  the  forms  vitbout  any  farther  de- 
scription. 

HemUtedral  Forms. 

nf.  MK  rt|.  UT.  Pl(  148. 


The  most  important  hemihcdral  form  of  this  system  is  the 
rtiombic  sphenoid,  Figs.  147, 148.  It  may  be  developed  by  ex- 
tending the  alternate  planes  of  the  rhombic  octahedron,  Fig.  146. 
If  vo  extend  the  shaded  planes,  we  obtain  the  positive  sphenoid. 
Fig.  147  ;  and  if  we  extend  the  planes  which  aro  not  shaded,  the 
negative  splienoid,  Fig.  148.  The  rhombic  sphenoid  is  a  tetra- 
faedral  form,  and  is  bounded  by  four  scalene  triangles.  It  will 
be  remembered  that  the  two  tetrahedrons,  derived  from  the  octa- 
hedron of  the  monometric  system,  differed  from  each  other  only 
in  position,  and  that,  by  turning  one  round  tlie  vertical  axis 
through  a  quarter  of  a  revolution,  the  two  would  coincide.  It  is 
different  with  the  two  sphenoids.  They  differ  from  each  other 
in  the  relative  position  of  their  planes,  and  by  turning  one  on  its 
axis  it  cannot  be  brought  into  a  position  in  which  it  will  coincide 
with  tho  other.  The  two  forms  are  related  to  each  other  as  the 
k/l  hand  is  to  tlie  riffkt  hand,  or  as  an  object  is  to  its  image  in  a 
mirror.  Bence,  we  call  the  positive  a  right  form,  and  the  nega- 
tive a  lejlform. 

The  two  sphenoids  never  occur  in  nature  except  in  combination 
with  other  forms,  and  the  presence  of  one  or  the  other  of  these 
14* 


162 


CHEMICAL  PHYSICS. 


forms  on  a  crystal  is  associated  with  certain  remarkable  optical 
properties.  By  neutralizing  a  solution  of  racemic  acid,  half  with 
soda  and  half  with  ammonia,  a  bibasic  salt  is  formed,  called  the 
racemate  of  soda  and  anunonia,  which  can  be  readily  crystallized 
by  evaporating  the  solution.  The  crystals  thus  formed  are  of  two 
kinds,  part  resembling  Fig.  149,  and  part  Fig.  150.     Tlie  two 


kinds  of  crystals  resemble  each  other  in  their  general  appear^ 
ance.  They  both  liave  the  planes  of  the  vertical  rhombic  prisms 
(i  and  i  i),  the  terminal  planes  (i  I  and  t  i),  the  basal  planes 
(o),  tlie  pianos  of  two  prisms  parallel  to  the  bracbydiagonal 
({  and  2  {}  ;  but  in  addition  to  these,  there  appear  on  the  first 
kind  of  crystals  (Fig.  149)  the  planes  of  the  positive  sphenoid, 
-}-  },  and  on  the  second  kind  of  crystals  (Fig.  1 JO)  those  of  tho 
negative  spltenoid,  —  J.  If,  now,  we  arrange  a  crystal  of  each 
sort,  as  in  the  figures,  witli  tlie  terminal  planes  t  i  in  front,  it 
will  be  seen  tliat  the  upper  sphenoid  plane  is  iu  the  first  figure  on 
tlie  right,  and  in  tlie  second  on  tlie  left,  of  the  observer ;  so  that, 
if  we  place  one  form  before  a  mirror,  tlie  image  will  have  ex- 
actly the  second  form.  In  these  two  forma  there  are  present  two 
vaneties  of  tartaric  acid,  into  which  the  racmic  acid  di- 
vides iu  the  process  of  crystallization.  In  the  crystals  of  Fig. 
149,  the  two  bases  are  united  with  a  variety  of  tartaric  acid, 
which  has  the  power  of  rotating  the  plane  of  polarization  of  a 
ray  of  light  to  the  right ;  and  in  Fig.  150,  with  a  variety  of  tar- 
taric acid  resembling  the  other  in  all  its  chemical  relations,  but 
differing  in  its  crystalline  form,  and  rotating  the  plane  of  polari- 
zation to  the  left. 

The  sphenoid  is  the  only  hemihedral  form  in  tliis  system  whicli 
encloses  space,  and  which  therefore  could  alone  form  a  crystal. 
Otlier  hemihedral  forms  have  been  obseired,  bnt  they  never  ap- 
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pear  except  in  combinations  modifying  one  half  of  tlie  similar 
edges  or  solid  angles  of  the  dominant  form,  and  they  can  there- 
fore be  easily  rect^ized. 

UoN'OCUNic  Stbteu. 
Simple  Forms. 

In  the  ntoiioclinic  system,  as  has  been  already  stated,  no  singla 
crjstalliue  form  can  enclose  space;  and  hence  we  liave  no  simple 
crjEtala.     Fig.  151  reprosciits  an  octahedron  belonging  to  tliis 
Eystem;  but  this  is  not  a  siniplo  crystal, 
because  it  is  bounded  by  faces  of  two  kinds. 
Tho    triangular     faces    B  A  C,    B  A'  C, 
B' AC,  and  B'  A' C  arc   not   limilar  to 
tiie  faces   BAG',   B  A'  C',   E'  A  C,   and 
B'  A'  C,  and  therefore  belong  to  a  different 
form.     The  first  set  of  faces,  if  c-ttendcd, 
vould   evidently  form  a   rhombic   prism ; 
and  the  second  set  of  faces,  if  extended, 
would  also  form  a  rliombic  prism  differing 
from  the    first.     These    two   prisms    may  n,  m 

be  appropriately  termed  hemi-octaiiedrons ; 
and  in  order  to  distinguish  tliem,  we  shall  name  the  one  whose 
planes  are  over  the  acute  angle  a.  Fig.  151,  the  positive  hemi- 
octahedron^  and  tho  otiier  the  n^^ative  kemi-octakedron.     This 
distinction  is  necessary,  because  it  frequently  happens  that  one  of 
these  hemi-octahedrons  is  present  on  a 
crystal  without  the  other,  or  at  least  that 
^e  faces  of  one  are  far  more  dominant 
than  those  of  the  other. 

Adopting  the  notation  of  Fig.  152,  al- 
ready described  (85),  the  symbol  of  tho  i 
positive  hemi-octaliedron  ia  a  :  b  :  c,  or  j 
a  :  ^  :  G'.     The  first  symbol  consists  of 
the  parameters  of  the  two  upper  righU 

hand  planes  of  the  form.  Fig.  ICl,  and  tho  ' 

second  of  those  of  the  two  lower  left-hand  "*'  ""^ 

planes ;  either  symbol  may  bo  used  at  pleasure.  Tlie  symbol  of  the 
negative  hemi-octahedron  ia  a :  b :  &,  or  a  :  b'  :  c  ;  the  first  being 
the  parameters  of  the  two  upper  left-hand  planes,  and  the  second 


164  CHEMICAL  PHTBICS. 

those  of  tlio  two  lower  right-hand  plaiies.  Either  symbol,  as  be- 
fore, may  be  used  as  the  symbol  of  the  form,  but  for  the  sake  of 
uniformity  we  shall  use  in  both  cases  the  first  of  the  two  symbols. 
The  symbols  of  the  two  hemi-octahedrons,  of  which  the  octa- 
hedron of  this  system  consists,  are,  then, 

a  :  b  :  Cf  and  a  :  b  :  c* ; 

but  it  must  be  remembered  that  these  symbols  include  not  only 
the  planes  whose  parameters  they  actually  express,  but  also  the 
planes  which  have  the  same  parameters  oppositely  accented. 

In  this  system,  as  has  been  already  stated  (82-85),  not  only 
the  relative  length  of  the  axes  may  vary,  but,  moreover,  the  angle 
of  inclination  of  the  vertical  axis  b  to  the  klinodiagonal  c  varies 
also.  When,  however,  the  crystals  of  the  same  substance  pre- 
sent planes  of  several  pairs  of  hemi-octaliedrons,  we  always  find 
that,  although  the  relative  lengths  of  the  axes  of  these  forms 
may  differ,  yet  the  angle  of  inclination,  a,  is  the  same  in  all. 
We  select  in  this  system,  as  in  the  last  three,  one  pair  of  these 
hemi-octahedrons  as  the  principal  form,  and  give  to  it  the  sym- 
bols a  :  b  :  c  and  a  :  b  :  c'.  The  general  symbol  of  other  hemi- 
octahedrons  of  the  same  substance  is,  then, 

m  a\  nb  ipCj        or        ma  :  nb  ipc'j 

the  quantities  m^  n,  and  p  being  always  simple  rational  integers 
or  fractions,  and  one  of  them  being  always  unity. 

The  forms  which  are  most  frequently  met  with  in  this  system 
are  those  which  result  when  either  m  =  oo,  n  s=s  oo,  or  j?  =  oo, 
or  when  w  ==  o,  n  =  o,  or  /?  =  o,  in  the  general  symbols. 

In  making  n  =:  oo,  and/?  s=a  i,  the  general  symbols  become 
m a  :  00  &  :  c,  and  ma\cob'  i  c'*  Since  the  dissimilar  semi-axes 
are  oppositely  accented  in  the  two  symbols,  they  are  both  equiva- 
lent symbols  of  the  same  oblique  rhombic  prisms  parallel  to  the 
axis  b.  When,  also,  w  =  i,  we  obtain  the  symbol  of  the  principal 
of  these  oblique  prisms,  a  :  co  b  :  c. 

In  making  w  =  oo  and  p  =i,  in  the  general  symbols,  we 
obtain  the  two  symbols  cc  a  :  n  b  :  Cj  and  cc  amb  :  c*.  These 
symbols  are  not  equivalent,  and  each  represents  two  opposite  and 
parallel  planes,  which  are  also  parallel  to  the  orthodiagoual. 
The  two  planes  represented  by  the  first  symbol  are  over  the  acute 


*  Since  6  and  5'  are  halyes  of  the  same  straight  line,  the  parameten  oo  b  and  oo  (^ 
are  in  all  inspects  equiralent,  and  maj  therefore  be  snbetitated  for  each  other. 
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aaglo  a,  aud  are  therefore  narrower  than  the  two  planes  roprc- 
seoted  by  the  second  symbol,  which  are  over  tlio  obtuse  angle 
180°  —  a.  The  two  sets  of  planes  evidently  bear  the  same  rela- 
tion to  each  other  as  the  two  hemi-octahedroiis,  and  may  thereforo 
be  called  the  positive  and  negative  ortliodioffonal  hemi-jirisms, 
T7hen  n  =  i,  the  two  rymbols  become  oco :  b:  c,  and  <xa:b;c'. 

Finally,  if  we  put  p=  as,  and  m  =s  i,  i:i  the  general  Eym'xilr., 
wc  obtain  a  :  nb  :  oo  c  in  both  cases,  which  is  the  symlwl  of 
horizontal  rhombic  prisms  parallel  to  the  klinodiogonal,  called 
the  klinodioffonal  prisms.  When  n  =  i,  the  symbol  becomes 
a:  b  :  CD  c. 

Substituting  m  ^  0,  and  multiplyhig  all  the  parameters  by  oo, 
the  general  symbols  become  in  both  cases  a  :  cpb  :  ooc,  which  is 
the  symbol  of  a  form  condsting  of  two  terminal  planes  parallel 
to  the  planes  of  the  axes  b  aud  c.  In  like  manner,  if  wo  put 
n  =  0,  OT  p  =  0,  wo  obtain  the  symbols  of  terminal  planes  pai*- 
allcl  to  the  planes  of  the  axes  a,  c  or  a,  b  rcspectivcly. 

Compound  Forr.is. 
sic-  Id  nr  iM.  tie.  I5L 


Fig.  lo3  represents  the  combination  of  tho  principal  obliquo 
rhombic  prism,  with  its  basal  planes.     Fig.  154  represents  tho 

fit  ua.  He  UT.  nc  u& 
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Bama  combination,  witli  the  addition  of  two  terminal  planes  at  the 
end  of  the  orthodiagonal.     Fig.  155  represents  tlie  same  combina- 


tion, vith  tiie  addition  of  two  planes  at  the  end  of  the  klino- 

diagonal.     Fig.  156  represents  still  tlie  same  combination,  with 

^  jn  the  addition  of  the  two  planes  of 

the  negativo  orthodiagonal  hemi- 

priEm.      Fig.  157  represents   the 

same  combination   as    Fig.  154, 

with  the  addition    of  tlio    two 

planes  of  the  positive  ortliodiago- 

nal  hemi-prism.    Pig.  158  is  the 

'^,^  same  combination    as    Fig.  153, 

'-  with  the  addition  of  the  positive 

principal  Imni-octaliedton.     Fig.  159  is  also  tlie  same  combiusr 
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tion,  with  the  addition  of  the  negative  hemi-octahedron.  Fig. 
160  is  the  same  combination  aa  Fig.  154,  with  the  negative 
hemi-octahedron.  Fig.  161  is  tlie  same  with  both  hemi-octahe- 
drons.  Fig.  162  represents  tlie  same  combination  as  Fig.  153, 
with  the  addition  of  the  four  planes  of  the  prism  parallel  to  the 
Uinodiagonal.  Fig.  163  is  the  same  combination  as  Fig.  160,  ex- 
cept that  the  planes  of  the  negative  hemi-octahedrou  are  more 
dominant,  and  the  basal  planes  do  not  appear.  Lostlj^,  Fig.  164 
represents  a  combination  of  all  the  forms  which  have  appeared 
on  the  previous  figures  of  this  system. 

Hemikedral  Forms. 

The  hemihedral  fprms  of  this  system  only  appear  as  modifying 
planes  on  the  edges  or  solid  angles  of  the  holohedral  forms,  and 


1%.  ink  rg.  16a.  ng.  itr. 

can  easily  be  distinguished,  because  they  modify  only  one  half  of 
the  similar  edges  or  solid  angles  of  the  form.  Fig.  165  represents 
a  compound  form,  in  which  ordinary  tartaric  acid  frequently  crys- 
tallizes. It  is  a  combination  of  an  oblique  rhombic  prism  i  with 
the  terminal  pianos  H  and  the  two  hemi-prisms  -j-i  &nd  — t. 
On  these  crystals  there  are  four  solid  angles,  e,  which  are  evi- 
dently similar,  and  we  should  therefore  expect  that  they  would 
in  any  case  be  similarly  moditied.  £nt  on  the  crystal  of  the 
variety  of  tartaric  acid  which  rotates  the  plane  of  polarization 
of  ligiit  to  the  right,  we  find  only  the  two  front  planes,  as  on 
Fig.  166 ;  and  on  the  crystals  of  the  variety  of  tartaric  acid  which 
rotate  the  plane  of  polarization  of  light  to  the  left,  only  two 
baclc  planes,  as  on  Fig.  167.  These  two  forms  are  evidently  re- 
lated to  each  other  in  the  same  way  as  tlie  two  forms  of  Figs. 
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149,  150,  aud  ctuinot  be  mado  to  coincide  hy  any  change  of 
position. 

Such  hemihcdral  modifications  occur  chiefly  od  crystals  of  sub- 
stances vliich  hare  tlie  pover  of  rotating' tlie  plaiio  of  polarizor- 
tion  of  liglit.  Common  caoe-sugar  lias  this  property,  and  on  its 
crystals  we  And  tlie  two  back  planes  of  the  klinodiagonal  prism, 
without  tlie  corresponding  front  planes.  Fig.  168  represents  the 
common  form  of  the  crystals  of  this  substance.     They  have  all 


nt-its.  vii.i« 

the  planes  of  Fig.  169,  with  the  addition  of  the  planes  of  the  pos- 
itive hemi-prism  +  (oo  o  :  6  ;  c),  aud  the  two  back  planes  of 
tlie  klinodiagonal  prism  a:  b  :  a^c. 


Tbicunic  Stbtim. 

In   tbo   triclinic  system,  a  simple  form  consists  of  only  two 
opposite  parallel  planes.     These  planes  may  have  any  position 
towards   the   three   axes,  and  these  axes  may  have   any  incli- 
nation towards  each  other,  aud  any  relative 
lengths.     In  all  crystals  of  the  same  sub- 
stance, however,  the  axes  have  always  tho 
same  relative  length,  and   are  inclined  to 
each  other  at  the  same  angles.    Moreover,  of 
the  possible  positions  in  wliich  the  two  paral- 
lel planes  of  a  simple  form  may  be  placed 
towards  the  axes,  only  a  very  few  are  over 
observed ;  the  most  frequently  seen  are  tliose 
in  which  the  planes  are  parallel  eitlier  to  one 
"f  110  or  to  two  of  the  axes. 

Pig.  170  represents  an  octahedron  belonging  to  tliis  system, 
and  formed  by  uniting  tlie  ends  of  tlie  axes  by  planes.     It  is  com- 
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posed  of  four  simple  forms :  first,  the  fonn  consisting  of  tlie  plane 
ABC  and  its  opposite,  wliich  has  the  symbol  a:  b:  c,or  a':b':c'; 
secondly,  the  form  consisting  of  the  plane  ABC  and  its  oppo- 
site, vhich  has  the  symbol  a  :  b  :  c',  or  a'  :  b'  ',  c;  thirdly,  the 
form  consisting  of  tho  plane  A  B'  C  and  its  opposite,  which  has 
the  symbol  a  i  b' :  c,  or  a'  :  b  :  &  ;  fourthly,  the  form  consisting 
of  tho  plane  A  B'  C  and  its  opposite, 
vhich   has  the   symbol  a  :  b'  :  c\  or 
a' :  b  :  c.     Fig.  171  represents   an  ob- 
lique prism  belonging  to  this  system,  in 
which  the  axes  have  the  same  position 
as  in   Fig.  170.     It    is   composed    of 
throe  forms :  first,  tlio  form  consisting 
of  the  plane  ABC  D  and  its  opposite,  _  ^„ 

which  has  the   symbol   a  :  oo  fr  :  c,  or 

o' :  CO  6'  :  c" ;  secondly,  the  form  consisting  of  the  plane  AA'  BB' 
and  its  opposite,  which  has  the  symbol  a:a>b:c',  or  o' :  oo  6' :  c ; 
thirdly,  the  form  consisting  of  tlie  piano 
BB'  CC  and  its  opposite,  which  has  the  '*™ 

symbol  oo  o  :  6 :  oo  c,  or  oo  a' ;  i' :  cac'. 
Since,  however,  the  relative  lengths  and 
inclinations  of  the  axes  in  this  system 
may  haTo  any  possible  rallies,  it  is  evi- 
dent that  wo  may  suppose  the  axes  of 
this  oblique  prism  to  unite  tlie  centres 
of  opposite  pianos,  as  in  Fig.  172,  or  in 
fact  to  have  any  other  position  wtiatso-  ,1^  i^ 

ever.  Indeed,  tlie  poBition  of  the  axes 
in  the  crystals  of  any  given  substance 
is  in  a  great  measure  arbitrary,  and  we 
assign  such  a  position  in  every  case  as 
will  render  the  symbols  of  the  observed 
forms  of  the  Etibstance  as  simple  as 
possible.  Fig.  173  represents  a  crystal 
of  sulphate  of  copper,  and  the  symbols  1 1  -  a :  a>  * :  a  >. 

below  the  figure  indicate  the  position  il"ni»*.!'* 

of  each  pair  of  parallel  faces  towards  0  -  Vo*-'* '■  *.  e. 

the  three  lines  which  have  been  assumed 

as   the  axes  of  the  crystals   of   this   substance.     The  relative 
lengtlis  of  these  axes  are  a  :  6  :  <:  =>  1 :  0.974  : 1.768   and  the 
16 
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angles  of  inclination  are    a  =  82°  21',  ^3  =  T7°  S7',  y  =s 
73°  lO-. 

(93.)  Irregulariliei  of  Crystals.  —  Tlie  crystalline  forms, 
which  we  have  studied  in  the  last  section,  have  been  perfect  and 
regular.  Not  only  the  similar  angles  have  been  equal,  but  also 
the  similar  faces  and  the  other  similar  dimensions  of  the  crystals 
have  been  in  like  manner  equal.  Such,  however,  is  very  seldom 
the  case  witli  tlie  crystals  whicli  we  find  in  nature  or  form  in  our 
laboratories  ;  indeed,  this  perfection  and  equality  are  so  uncom- 
mon, that  the  figures  whicli  we  have  studied  can  hardly  be  con- 
sidered other  than  as  ideal.  Crystals  are  very  generally  distorted, 
and  often  their  forms  are  so  much  disguised,  that  an  intimate  fa^ 
miliarity  with  the  possible  irregularities  is  required  in  order  to 
unravel  their  complexities. 

Crystals  are  rarely  terminated  on  all  sides,  one  or  more  of  tlie 
faces  being  obliterated  where  the  crystal  is  implanted  on  the 
rock,  or  where  it  is  mei^d  in  other  crystals.  Fi'equently,  also, 
some  of  the  faces  have  been  disproportionately  developed,  and  so 
much  so  OS  to  change  entirely  the  general  aspect  of  the  crystal ; 
but  in  all  such  cases  the  relative  directions  of  the  faces  remain 
constant,  and  we  can  always  easily  construct  the  ideal  form  which 
corresponds  to  the  imperfect  crystal,  by  projecting  it  on  paper, 
and  placing  all  the  similar  faces  at  equal  distances  from  the 
centre  of  the  crystal,  taking  care  to  preserve  their  relative  di- 
rection. 

A.  few  examples  will  (pve  an  idea  of  the  nature  and  extent  of 
tlieee  irregularities. 

The  common  form  of  alum  is  the  octahedron  of  the  mono- 
metric  system,  and  we  sometimes  find  perfect  octahedrons  among 
the  minute  crystals  which  have  been  formed 
freely  in  the  midst  of  a  solution  of  the  salt ; 
as,  for  example,  at  the  end  of  a  thread  sus- 
pended in  the  liquid.  The  crystals  which 
form  against  the  sides  of  a  vessel  are  always 
more  or  less  united  with  each  otiier,  so  tliat 
only  a  few  of  their  faces,  and  sometimes  only 
Kf  lit.  portions  of  these  faces,  are  free.     Fig.  175 

represents  a  group  of  alum  crystals,  such  as  is  found  in  the 
large  vats  in  which  the  salt  is  crystallized,  and  will  give  an 
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idea  of  t'.io  mode  m  vliicli  the  iudiridual  crystals  are  grouped 
together. 

If  a  small  and  perfect  crj-stal  of  alum  is  placed  od  tlie  bottom 
of  a  veEsel  filled  with  a  saturated  solution  of  this  substance,  the 
crystal  will  gradually  oulat^c,  and  in  a 
rcgpilar  maimer,  on  all  sides  except  on  that 
on  "which  it  rests.  Fig,  17G  represents  a 
crystal  wliich  has  been  tlius  formed ;  tlie 
sliadcd  face,  mnp  q  r  s,  being  the  one 
Arhicli  rested  on  the  bottom  of  the  vessel. 
And  it  will  be  noticed  that  the  form  is  pre- 
cisely the  same  as  would  be  obtained  by 
removing  from  the  regular  octaliedroii  a  pit  it. 

slice  parallel  to  one  of  its  faces. 

Frequently  the  growth  of  the  crystal, 
iiader  such  circumstances.  Is  much  greater 
in  a  horizontal  direction  than  it  is  in  the 
direction  perpendicular  to  the  face  ou 
which  it  rests ;  and  the  crystal  then  pre- 
sents an  appearance  similar  to  Fig.  177, 
in  which  tlio  two  faces  which  were  hori-  ng-m. 

zontal  in  the  solution  have  the  same  form. 

"We  sometimes  meet  with  octahedrons  belonging  to  the  mono- 
metric  system,  which  have  the  form  of  Fig.  178.    Four  of  the 


172  CBEMtCAL  PHTSICS. 

faces  of  this  octahedron  have 
been  abnormally  developed ,  and 
so  much  so  that  ve  might  even 
mistake  the  system  to  which 
tho  crystal  belongs  ;  but  on 
measuring  tho  interfacial  an- 
gles, we  ehcrnld  find  that  they 
were  all  equal  to  109"  28', 
^  ]^  which  is  the  angle  of  the  octor 

hedron. 
Fig.  179  represents  a  compound  form,  already  described,  con- 
sisting of  an  octahedron  and  a  cube,  a  form  in  which  the  snl- 
pliide  of  lead,  galena,  frequently  crystallizes.     We  sometimes, 
also,  find  crystals  of  this  min- 
eral, having  the  form  repre- 
sented hi  Fig.  180,  whicli  wo 
might  mistake   for  a  form   of 
the   dimetric   system.      It    is, 
however,   the    same    form    as 
tliat  of  Fig.  170,  only  abnor- 
mally developed  in  the  direc- 
tion of  one  of  tlie  axes,  as 
Fig.  iTB.  Kg.  ISO.  could    easily    bo    proved    by 

measuring  the  interfacial  angle 
between  any  two  faces,  o,  which  would  be  found  in  every  case 
to  be  lOr  28'. 

The  common  form  of  quartz  is  a  hexagonal  prism,  terminated 
by  a  hexagonal  pyramid.  The  interfacial  angle  between  any  two 
consecutive  prismatic  faces  is  120°;  that  between  any  two  con- 
secutive pyramidal  faces,  133*  40'.    Fig.  181  represents  a  perfect 
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CTTstal  of  this  form  ;  but  it  is  Tcry  rarely  that  we  find  ciystala 
so  perfect,  unless  thej  ore  very  minute.  One  or  more  of  the 
faces  are  usually  abnormally  developed,  and  forms  like  those 
represented  by  Figs.  182, 183, 184  are  the  results.  Here,  as  in 
the  other  case,  it  vould  be  found,  on  measuring  the  interfacial 
angles,  that  they  are  the  same  as  those  between  the  faces  of  the 
regular  form. 

In  the  oblique  system,  tlie  irregular  development  of  faces  pro- 
duces eren  greater  changes  in  the  general  aspect  of  the  crystal 
than  those  which  have  been 
noticed.  Figx.  185  and  186 
represent  two  crystals  of  fel- 
spar belonging  to  the  mono- 
clinic  system,  which  have  ex- 
actly the  same  faces,  but  very 
differently  developed. 

Host  of  the  difficulties  in  the 
study  of  crystals  arise  from 
similar  distortions  to  those 
which  have  been  described, 
and  it  requires  practice  to  be 
able  to  unravel  the  complex- 
ities which  they  present.  This  practice  is  best  acquired  by 
studying  actual  specimens  whose  form  is  known,  and  comparing 
them  with  the  perfect  models  of  tlie  same  forms. 

(94.)  Groups  of  Crystals.  —  We  frequently  find  two  or  more 
crystals  united  in  such  a  way  as  to  produce  a  symmetrical  com- 
bination.  These  collections  of  crystals,  when  consisting  of  only 
two  individuals,  are  called  iwin  crpstah.  They  have  regular 
faces,  and  the  same  perfection  of  outline  and  angles  as  simple 
crystals,  for  which  they  might  sometimes  be  mistaken  by  uo- 
pracUsed  observers.  There  is,  however,  a  simple  criterion  by 
which  they  can  be  generally  distinguished.  Simple  crystals 
never  have  re-entering  angles ;  so  that,  whenever  such  angles 
occur,  there  must  be  present  on  tlie  specimen  two  or  more  indi- 
▼idnal  crystals. 

Fig.  187  represents  a  twin  crystal,  consisting  of  portions  of 
two  octahedrons  united  at  the  plane  mnptj,  which  is  parallel 
to  an  octahedral  face.    It  may  be  formed  from  the  regular  octa- 
hedron (Fig.  188),  by  cutting  it  into  two  equal  parts  by  the 
16* 
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pl&nfl  mtipqrt,  and 
tlien  revolving  ono  half 
on  the  axis  iiniting  the 
centres  of  the  two  oc- 
taliedral  faces  tlirough 
an  angle  of  60'  or  180% 
and  then  uniting  the 
two  halves  again  b; 
•k-iw.  Hi.  188.  the  surfaces  at  which 

they  were  separated. 
Fig.  189  represents  a  common  form  of  the  crystals  of  gypsum 
(sulphate  of  lime).     It  consists,  aa  the  reentering  angle  shows, 
of  parts  of  two  crystals,  and  may  bo 
formed  by  cutting  a  complete  crystal 
(Fig.  190)  into  two  equal  parts  by  the 
plane  p  qr  mno,  and  revolving  ono 
iialf  of  the  crystal  through  an  angle 
of  185°,  on  an  axis  at  right  angles  to 
tlio  plane  of  section,  and  then  again 
imitiiig  the  two  halves.      Twin   crys- 
tals like  these   are  called  hemitropes. 

We   may  suppose   that  such   crystals  n*.  is9  ita.  iso.  ~ 

were  formed  from  two  nuclei,  which 

became  originally  united,  one  being  in  au  inverted  position  u 
regards  tlie  other,  and  tiiat  one  grew  only  in  ono  direction,  and 
the  other  in  the  opposite  direction. 

In  the  trimet- 
ric  system,  cruci- 
form crystals,  like 
those  represented 
in  Figs.  191, 192, 
are  very  common. 
The  crystals  rep- 
resented in  the 
i\,.m.  n,  198.  figures  consist,  in 

each  case,  of  four 
simple  crystals.  For  a  fuller  development  of  this  subject,  vo 
refer  the  student  to  Dana's  "  System  of  Mineralogy,"  Vol.  I. 
p.  127. 

(95.)  Determination  of  Crystals.  —  In  order  to  determine  a 
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crjstaly  it  is  essential  to  ascertain  two  points :  Arst,  the  crystal- 
line system  to  which  it  belongs,  and,  if  not  of  the  monometric 
system,  the  relative  lengths  and  incluiations  of  the  axes ;  sec- 
ondly, the  simple  forms  of  which  it  consists. 

When  the  crystal  has  been  regularly  formed,  a  simple  in- 
spection is  generally  sufficient  to  determine  the  crystalline  sys- 
tem to  which  it  belongs  ;  but  when,  as  is  most  generally  the 
case,  tlie  crystal  is  more  or  less  distorted  by  the  enlargement 
of  a  portion  of  the  planes  at  the  expense  of  others,  the  deter- 
mination of  the  crystalline  system  is  frequently  very  difficult. 
In  studying  out  the  crystalline  system  in  such  cases,  it  is,  first 
of  all,  important  to  distinguish  the  different  sets  of  similar  planes, 
each  of  which  constitutes  a  simple  form.  The  following  indica- 
tions give  important  aid  in  this  respect. 

1.  Similar  planes  are  alike  in  lustre,  hardness,  striae,  what- 
ever may  be  the  variations  in  size.  For  example,  if  a  cubical 
crystal  has  like  striae  on  all  its  six  faces,  these  faces  are  all  simi- 
lar, and  the  form  belongs  to  the  monometric  system. 

2.  Most  crystals  may  be  split  (^cleaved)  with  more  or  less  read- 
iness parallel  to  certain  of  their  faces.  This  property,  which  will 
be  considered  in  a  future  section,  frequently  enables  us  to  distin- 
guish similar  planes  when  the  crystallization  is  very  imperfect ; 
for  we  find  that  cleavage  is  obtained  with  equal  ease  or  difficulty 
parallel  to  similar  faces,  and  with  unequal  ease  or  difficulty  par- 
allel to  dissimilar  faces ;  and  again,  that  cleavage  parallel  to 
similar  planes  affords  planes  of  similar  lustre  and  appearance, 
and  the  converse. 

8.  Planes  equally  inclined  to  the  same  plane  are  similar,  and 
planes  equally  inclined  to  similar  planes  are  similar. 

Having,  by  means  of  these  indications,  studied  out  the  simi- 
lar planes  of  the  crystal,  the  student  will  very  probably  be  able 
to  recognize  the  crystalline  system  at  once ;  but  if  not,  he  will 
generally  find  an  unerring  guide  to  the  system  of  crystallization 
in  tlie  modifications  of  the  crystal.  The  law  which  governs  these 
modifications  has  already  been  stated  (91),  and  the  mode  of  ap- 
plying it  is  evident.  If,  for  example,  we  find  a  cubical  crystal 
whose  basal  edges  are  differently  modified  from  the  lateral  edges, 
we  know  that  these  edges  are  not  similar,  and  hence  that  the 
crystal  does  not  belong  to  the  monometric  system.  If  the  ba^^al 
edges  are  all  modified  alike,  the  crystal  belongs  to  the  dimetric 
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system ;  but  if  only  the  opposite  basal  edges  are  modified  alike, 
it  belongs  to  the  trimetric  system.  The  following  table,  for  which 
I  am  indebted  to  Professor  Dana,*  will  aid  the  student  in  the 
examination  of  crystals. 

1.  All  edges  modified  alike.        )  TLr«^*vw.»-.-« 

2.  Angles**  trancaled  or  wpl*ced  J^Xtm 
bjr  3  or  6  similar  planes.  )       System. 

Number  of  similar  planes  at  extremities  )  IlEXAOoyAL 
of  crystal  3  or  some  multiple  of  3.  \      System. 

The  superior 
baMl  moditica- 
tioRS  in  front 
not  similar  to 
the  correspond- 
ing inferior  in 
front  or  ti^ps- 
riot  behind. 


1.  All  edsres 
ndt  modiflod 
alike. 

2.  Two\  or 
noRs  of  the  < 
angles  trunc. 
or  repl.  by  3 
or  6  similar 
planes. 


Namber  of 
similar  planes 
at  extremities 
of  crystal  nei« 
ther  8  nor  a 
multiple  of  8. 


Two  adjacent  or 
two  approximate 
sim.  pi.  impossible. 

Two  adjacent  or 
two  approximate 
sim.  pL  possible. 


Tbiclivio 
System. 


MoNocLiir- 

10 

System. 


N.  B.  The  ri^ht  rhomboidat  prism  on  its  rhom* 
boidal  base  may  be  distinguished  from  the  other 
right  prism  bv  the  dissimilar  modifications  of  its  lat- 
eral and  basal  edges  and  angles. 


The  iuperior 
basal  moaiflca- 
tions  in  front 
similar  to  the 
corresponding 
inferior  in  front 
or  superior  be- 
hind. 


1.  Similar  planes 
at  .each  bas^  either 
4  or  8  in  namber. 

2.  AU  lat.  edges 
(if  modified)  simil. 
trunc.  or  berelled-t 

1.  Similar  planes  ' 
at  each  base  either 
2  or  4  in  namber. 

2.  All  lat  edges 
(if  modified)  not 
simil.  truncated  or 
bevelled.  X 


DimTRio 

System. 


TBimBTSIO 

System. 


The  study  of  the  modifications  of  crystals  may  sometimes 
correct  deductions  from  measurements.  The  interfacial  angles 
of  crystals  are  liable  to  slight  variations,  not  generally  exceed- 
ing a  few  minutes,*^but  in  extraordinary  cases  amounting  to  one 
or  two  degrees.  For  example,  cubes  of  common  salt  have  been 
observed  with  angles  of  92"*  or  93"*,  and  might  be  mistaken  for 
rhombohedrons,  were  it  not  that  the  distribution  of  modifying 
planes  indicated  the  perfect  similarity  of  the  edges  and  angles.    ' 

Having  determined  the  system  of  crystallization,  it  is  next  im- 
portant, if  the  system  is  not  the  monometric,  to  determine  the 


*  Dana's  System  of  Mineralogy,  Vol.  I.  p.  123. 

t  The  rhombohedron  is  the  only  solid  included  in  this  division,  any  of  whose  angles 
admit  of  a  truncation  or  replacement  by  three  or  six  planes. 

I  The  terminal  edges  of  the  octahedrons  are  here  termed  lateral,  in  order  that  theto 
statements  may  be  generally  applicable  both  to  prisms  and  octahedroni* 
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relative  lengths  and  inclinations  of  the  axes.  There  is  obvioualjr 
a  direct  relation  between  these  values  and  the  interfacial  angles,, 
and  this  relation  can  be  expressed  mathematically^  so  that  the 
one  can  be  calculated  from  the  other.  It  is  the  especial  object 
of  works  on  the  subject  of  Mathematical  Crystallography  to  ex- 
plain these  relations,  and  to  develop  the  formula  by  which  the 
calculations  can  be  made. 

The  last  point  in  the  determination  of  a  crystal  is  to  ascertain 
the  simple  forms  of  which  it  is  composed,  so  as  to  give  tlie  symr 
bol,  that  is,  the  parameters  of  each  set  of  similar  planes.  la 
many  cases,  the  forms  may  ba  discovered  by  inspection  ;  but  ia 
other  cases  the  exact  parameters  of  any  one  form  can  only  ba 
ascertained  by  calculation  from  the  value  of  the  interfacial  an- 
^es,  or  from  the  parameters  of  other  forms  already  known.  Tha 
method  of  making  these  calculations  is  also  explained  in  the 
works  on  Mathematical  Crystallography. 

(96.)  Use  of  Ooniometers.  —  It  is  evident,  from  the  last  sec- 
tion, that  the  iuter&cial  angles  are  the  most  important  elements 
in  the  delerminoHon  of  crystals ,  These  angles  are  measured  by 
means  of  instruments  called  Goniometers.  The  simplest  of  these 
instruments,  called  the  Common  or  Application  Goniometer^  is 
represented  by  Fig.  193.  It 
consists  of  a  semicircular 
arc,  graduated  to  half-de- 
grees, and  of  two  arms,  ar- 
ranged as  represented  in  the 
figure.  The  first  of  these 
arms,  a  6,  is  fixed  at  the  ze- 
ro division ;  but  the  second, 
d/,  turns  on  c,  the  centre  "^^^      Fig.i88. 

of  the  arc,  as  an  axis,  and 

indicates  on  the  limb  the  angle  of  the  crystal.  In  using  the  in- 
strument, the  faces  whose  inclination  is  to  be  measured  are 
applied  between  the  arms,  which  are  opened  until  they  just  admit 
the  angle,  taking  care  that  the  edge  made  by  the  two  faces  is 
perpendicular  to  the  plane  of  the  instrument.  It  is  easy  to  de- 
termine when  the  arms  are  closely  applied  to  the  faces  of  the 
crystal,  by  holding  the  instrument  between  the  eye  and  the  light, 
ftnd  observing  ihat  no  light  passes  between  the  arms  and  the  faces 
of  the  crystaL    The  two  arms,  ab  and  dfj  slide  ia  the  slits  %  k^ 
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ghylm^  and  can  be  ehortened  at  pleasure,  a  provision  which  is 
frequently  important  in  the  case  of  small  crystals.  Moreover, 
for  measuring  crystals  partially  imbedded,  the  arc  is  jointed  at  /, 
so  that  the  part  a  t  may  be  folded  back  on  the  other  quadrant. 
Sometimes  the  arms  admit  of  being  separated  from  the  arc,  an 
arrangement  which  is  more  convenient  than  the  one  represented 
in  the  figure. 

When  a  regular  goniometer  is  not  at  hand,  approximate  results 
may  be  obtained  by  means  of  an  extemporaneous  pair  of  arms 
made  of  tliin  sheet-metal,  mica,  or  even  of  card.  The  arms  are 
first  applied  to  the  faces  of  the  crystal,  as  already  described  ; 
then,  carefully  retained  in  their  relative  position,  they  are  placed 
on  a  sheet  of  paper,  and  the  angle  is  laid  off  by  drawing  lines 
with  a  pencil  and  ruler  parallel  with,  or  in  the  direction  of,  each 
of  the  arms.  This  angle  may  then  be  measured  by  means  of  a 
common  protractor,  or  a  scale  of  cords. 

The  common  goniometer  is  at  best  a  rough  instrument ;  for, 
even  when  delicately  used,  it  seldom  furnishes  results  within  a 
quarter  of  a  degree  of  the  truth.*  For  polished  crystals  we  have 
a  much  superior  instrument,  called  the  Reflective  Goniometer. 
There  are  several  varieties  of  this  instrument,  but  we  shall  only 
describe  the  one  which  is  most  generally  used.  This  was  origi- 
nally devised  by  WoUaston,  and  is  called  by  his  name. 

The  principle  of  all  reflective  goniometers  is  illustrated  b7 
Fig.  194.    Let  a  6  c  be  the  section  of  a  crystal  made  by  a  plane 

perpendicular  to  the  edge 

9 


formed  by  the  intersection 
of  the  two  faces  whose 
angle  we  wish  to  meas- 
ure, and  a  bj  a  Cy  the  sec- 
tions of  the  two  faces. 
The  angle  required  is  ev- 
idently the  same  as  the 
plane  angle  b  a  c.  Let 
S  S  and  MM  be  two  ob- 
jects at  some  distance  from  the  crystal,  which  may  be  used  as 
signals.    The  eye  of  an  observer  at  O,  looking  at  the  face  of  the 


*  A  more  accurate  form  of  the  Application  Goniometer,  devised  by  Adelmann,  is 
described  in  "DnMnoj's  **  Traits  de  Minenlog;ie,"  YoL  L  This  instmment  may  also 
be  used  as  a  Beflectiye  Goniometer. 
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erTstal,  sees  a  reflected  image  of  tiie  upper  signal  in  the  direction 
O  M,  and  coinciding  with  tlie  lower  signal,  seen  hj  direct  vision. 
If,  now,  the  crystal  is  revolved  on  the  edge  whose  projection  is 
tbe  point  a,  until  it  assumes  the  position  a'  ^  c*,  it  is  evident 
that  tlie  reflected  image  of  tlie  upper  signal  will  i^in  be  seen 
in  coincidence  with  the  lower  signal.  But  in  order  to  bring  the 
crystal  to  the  second  position,  it  is  obviously  necessary  to  revolve 
the  face  a  e  through  ^e  arc  mnp,  which  is  the  supplement  of 
the  required  angle.  If,  then,  we  can  measnre  the  angle  through 
which  the  crystal  must  be  turned  in  order  to  reproduce  the  coin- 
cidence, wfl  can  easily  calculate  the  angle  of  the  crystal.  This 
object  is  readily  accomplished  by  the  goniometer  of  Wollaston. 

The  instrument  consifits  of  a  vertical  brass  circle,  L  U,  Fig. 
195,  about  twelve  centimetres  in  diameter,  whose  axis  is  mounted 


on  a  firm  support,  p  qr.  The  circle  is  graduated  on  its  rim  to 
half-degrees,  and  may  be  revolved  by  means  of  the  milled  head 
r,  which  is  fastened  to  one  end  of  the  axis.  A  vernier,*  «,  per> 
manenUy  attached  to  the  support  at  ut,  indicates  the  angle  through 
which  the  circle  is  revolved,  and  also  subdivides  the  half-degrees 
into  minutes.    The  axis  on  which  the  circle  revolves  is  hollow, 

*  The  Tsnutr  will  be  dcccribed  in  the  chapter  on  Weigfaing  and  Meunriag. 
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and  through  it  passes,  with  slight  friction,  an  interior  axis,  a  c* 
At  one  end  of  this  interior  axis  is  fastened  the  milled  head  «,  bj 
means  of  which  it  may  be  revolved,  and  at  the  other  end  tlie 
contrivances  for  supporting  and  adjusting  the  crystal,  z^  which  is 
fastened  with  wax  to  a  thin  metallic  plate,  d  c.  From  this  con- 
struction it  is  evident  that,  if  we  turn  the  milled  head  v,  the 
circle  and  crystal  will  both  revolve ;  but  if  we  turn  the  milled 
head  5,  the  crystal  may  be  revolved  independently  of  the  circle. 
Any  distinct  horizontal  line,  such  as  the  bar  of  a  window,  may  be 
used  for  the  upper  signal ;  and  ibr  the  lower  signal,  a  black  Hne 
drawn  on  white  paper,  placed  several  feet  below,  and  a^usted 
parallel  to  the  first. 

In  use,  the  instrument  is  placed  on  a  table  about  ten  or  twelve 
feet  in  front  of  the  signals,  and  adjusted  by  means  of  the  levd.* 
ling-screws,  until  its  axis  is  perfectly  horizontal  and  parallel  with 
the  lines  forming  the  signals.  The  crystal,  which  has  been  pre- 
viously attached  to  the  movable  plate  d  c,  is  next  adjusted,  so 
that  the  edge  of  the  interfacial  angle  to  be  measured  shall  exactly 
coincide  with  the  axis  of  the  instrument  produced.  This  is  the 
most  difficult  adjustment,  and  requires  some  skill.  The  crystal 
should  first  be  brought  into  place  as  nearly  as  possible  by  the 
eye,  either  by  shifting  its  position  on  the  plate  dc,  or  by  changing 
the  position  of  the  plate  by  means  of  the  axis  b  d  and  the  joint  g. 
When  apparently  adjusted,  the  eye  should  be  brought  as  near  the 
crystal  as  possible,  and  directed  towards  the  lower  signal.  The 
milled  head  5  should  next  be  turned  until  the  image-of  the  upper 
signal  is  seen  reflected  from  one  of  the  faces,  which  includes  the 
angle  to  be  measured.  If  the  crystal  is  perfectly  adjusted,  the 
image  will  appear  horizontal,  and  may  be  brought  into  perfect 
coincidence  with  the  lower  signal,  seen  by  direct  vision.  If  there 
is  not  a  perfect  coincidence,  the  adjustment  must  be  altered  until 
it  is  obtained.  The  milled  head  is  next  revolved  until  the  reflec- 
tion of  the  upper  signal  is  seen  in  the  second  face,  and  if  thia 
image  also  coincides  with  the  lower  signal,  seen  in  direct  view, 
the  adjustment  is  complete ;  if  not,  the  adjustment  must  be 
made  perfect,  by  altering  the  position  of  the  plate  d  c,  and  the 
first  face  again  tried.  A  few  successive  trials  of  the  two  faces 
will  enable  the  observer  to  obtain  a  perfect  adjustment.  When 
the  two  images  are  perfectly  horizontal,  the  edge  formed  by  the 
intersection  of  the  two  faces  must  be  parallel  to  the  axis  of  the 
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i^rcle,  biit  It  will  not  necessarily  coincide  mOi  it.  A  slight  yari- 
atioa  from  exact  centring  in  the  position  of  tlie  edge  is  not, 
however,  of  importance,  when  the  goniometer  is  placed  ten  or 
twelve  feet  distant  from  tlie  signals,  so  that  tliis  adjuslsient  may 
he  made  sufficiently  near  by  the  eye.  The  method  of  adjustment 
whiok  has  been  described  depends  on  the  laws  of  reflection,  which 
will  be  explained  in  the  chapter  on  Idgfat.* 

Tho  crystal  thos  adjusted,  the  angle  is  very  easily  measured. 
The  zero  division  of  the  limb  is  first  made  to  coincide  with  the 
zero  division  of  the  vernier.  The  eye  is  then  brought  as  near 
to  the  crystal  as  possible,  and  directed  towards  the  lower  sig- 
nal. The  crystal  is  then  revolved  by  tlie  milled  head  s  until 
the  image  of  the  upper  signal,  reflected  from  one  of  the  faces 
endosing  the  required  an^e,  coincides  with  the  lower  signal  seen 
hj  direct  vision.  This  coincidence  obtained,  the  circle  and 
crystal  aro  ttairned  together  by  means  of  the  milled  head  v, 
taldng  care  to  keep  the  eye  in  exactly  the  same  position  until 
the  same  coincidence  is  observed  with  the  second  face.  The  angle 
through  which  the  circle  has  been  turned  may  now  be  read  off 
by  means  of  the  vernier ;  and  this,  as  we  liave  seen,  is  the  sup- 
plement of  the  angle  of  the  crystal.  When  the  &ces  of  a  crystal 
are  highly  polished,  we  can  determine  its  angles  by  means  of  the 
WoUaston  goniometer  within  a  few  minutes,  f  Unfortunately, 
however,  the  faces  of  mod;,  crystals  are  not  suffieientiy  polished 
to  give,  under  ordinary  circumstances,  a  distinct  image  of  the 
signal.  In  many  such  cases,  good  results  can  be  obtained  by 
making  the  measurements  in  a  partially  darkened  room,  and 
using  as  the  upper  sigual  a  narrow  sUt  in  the  screen  covering  one 
of  the  windows,  and  ss  the  lower  signal,  a  horizontal  black  line 
drawn  on  the  casement  below.  Tiie  dit  is  best  made  by  covering 
a  rectangular  aperture  in  the  screen  witii  a  parallri  ruler,  which 

*  Another  method  of  adjnffing  the  goniometer  and  the  crrstal  Is  described  by  Pio- 
fenor  W.  H.  lltHer,  of  Cambridge,  Engfland,  in  his  work  oa  CiTstftllognph j,  and  aho 
in  the  last  edition  of  Phillips's  MmeraloflT',  London,  1S62.  This  method  is  preferable 
to  the  one  described  in  the  text  in  most  cases,  and  especially  when  the  crystals  are  mi- 
ante  or  file  hntre  of  ihe  hce*  dim. 

t  For  the  methods  of  rectifying  the  instmment  and  cff  determining  the  probable 
errors  of  measurement,  the  stndest  may  consult  Nanmann,  Lehrtmch  der  reinen  vnd 
angewandten  Krystallographie.  Leipzig,  1S80,  Band  TI. ;  Neumann,  Das  Krystallsyi- 
tern  des  Attntss  ( Abhaadlnngea  der  Jidnigliffhfn  Akademie  der  WassenschaAen  in 
Berlin,  rom  Jahre  1S30). 
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may  be  opened  more  or  less,  as  circumstances  require.  When 
the  faces  are  yerj  dull,  the  slit  may  be  illuminated  by  means  of 
a  heliostat.  In  such  cases,  when  we  can  see  no  image,  we  can 
sometimes  get  an  impression  of  light  imperfectly  reflected  from 
tlie  faces  of  tlie  crystal,  and  this  enables  us  to  measure  the  angle 
within  ten  or  twelve  minutes.  We  can  sometimes  render  the 
faces  of  crystals  reflecting,  by  fastening  on  them  Ycry  thin  pieces 
of  mica  by  means  of  some  interposed  liquid,  such  as  water  or  oil 
of  turpentine. 

The  Wollaston  goniometer  has  been  modified  by  Budberg* 
and  Mitscherlich,  f  and  the  instrument,  as  thus  improved,  is  con- 
structed by  Oertling,  of  Berlin.  The  modifications  consist 
chiefly,  —  First,  in  an  improved  apparatus  for  centring  and 
adjusting  the  crystal.  Secondly,  in  substituting  for  the  distant 
signals  cross-wires  at  the  focus  of  the  eye-piece  of  a  telescope 
which  is  firmly  attached  to  the  stand  of  the  instrument.  The 
objectrglass,  which  is  directed  towards  the  crystal,  is  so  adjusted 
that  the  rays  of  light  emanating  from  a  lamp  placed  before  the 
eye-piece  and  illuminating  the  cross-wires  are  rendered  parallel 
before  they  strike  upon  the  face  of  the  crystal,  and  thus  produce 
the  same  effect  as  if  they  emanated  from  a  signal  ten  or  twelve 
feet  distant.  Thirdly,  in  directing  the  eye  by  means  of  a  second 
telescope,  furnished  with  cross-wires,  whose  optical  axis  is  in  the 
same  plane  as  that  of  the  first  telescope,  and  is  parallel  to  the 
plane  of  the  graduated  circle.  In  using  this  instrument,  the 
crystal  is  first  carefully  adjusted,  and  then  turned  imtil  the  re- 
flected image  of  the  cross-wires  of  the  first  telescope  is  seen  to 
coincide  with  those  of  the  second,  seen  by  direct  vision.  The 
whole  circle  is  then  turned  until  the  same  coincidence  is  obtained 
with  the  image  reflected  from  the  second  face.  The  angle  is  tlien 
read  off  on  the  graduated  limb,  which,  in  the  large  goniometer 
constructed  by  Oertling,  is  divided  into  sixths  of  a  degree,  and 
each  of  these  divisions  subdivided  by  a  vernier  into  sixths  of  a 
minute.  This  goniometer  gives  very  accurate  measurements; 
but  on  account  of  the  loss  of  light  produced  by  the  lenses,  it  can 
only  be  used  with  crystals  whose  faces  are  highly  polished.    In- 

•  VonchUm^  in  einon  Terbenerlen  BeflexioDBgoniometer  (Annalen  der  Phys.  und 
Chem.  Ton  Poggendorf,  IX.  b.  517). 

t  Abh.  der  kon.  Akad.  der  Wiis.,  Beiiin,  1825, 1839.  Also  Dofr^noy,  Tcail€  da 
Minenlogie,  Vol.  I. 
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deed,  it  is  seldom  that  such  nicety  is  required,  since  the  angles 
of  crystals  are  liable  to  accidental  variations  amounting  to  several 
minutes,  and  the  ordinary  WoUaston  goniometer  will  in  most  cases 
measure  tlie  angles  as  accurately  as  they  are  formed  by  nature. 

For  descriptions  of  the  various  forms  of  reflective  and  other 
goniometers,  which  have  been  proposed  by  Babinet,*  Haidinger,! 
and  others,  |  the  student  is  referred  to  the  original  memoirs. 

(97.)  Identity  of  Crystalline  Form.  —  It  was  stated  in  (79), 
that,  toith  certain  limitations  j  the  crystalline  form  is  always  the 
same  for  the  same  substance^  and  we  are  now  prepared  to  under- 
stand what  the  limitations  are.  It  is  not  true,  in  the  ordinary 
acceptation  of  the  word,  that  the  same  substance  always  crystal- 
lizes in  the  same  form;  but  the  same  substance,  with  the  excep- 
tions hereafter  to  be  noticed,  always  crystallizes  in  the  same 
system.  Common  salt,  for  example,  usually  crystallizes  in  cubes ; 
but  when  it  is  crystallized  from  a  solution  containing  urea,  it 
takes  the  form  of  the  regular  octahedron,  or  else  a  compound 
form,  on  which  the  cube  and  octahedron  are  united.  Both  of 
tliese  forms  belong  to  the  Monometric  System.  So  also,  M.  le 
Gomte  de  Boumon,  in  a  monograph  of  two  volumes,  has  de- 
scribed eight  hundred  different  forms  of  the  mineral  calcite  ;  but 
all  of  these  belong  to  the  Hexagonal  System.  When  a  substance 
crystallizes  in  the  Monometric  System,  the  relative  lengths  of  the 
axes  of  the  different  forms  must  necessarily  be  the  same  ;  but  in 
the  other  systems,  the  relative  lengths  of  the  axes  of  the  different 
forms  of  the  same  substance  may  be  different.  We  have  seen, 
however,  that  these  lengths  always  bear  to  each  other  a  very  sim- 
ple numerical  ratio  (compare  pages  143, 147, 159,  and  164),  and 
that  in  the  oblique  systems  the  axes  of  the  different  forms  of  the 
same  substance  have  always  the  same  relative  inclinations  (com- 
pare pages  164  and  168).  It  follows,  therefore,  that  when  we  say 
that  a  substance  always  crystallizes  in  the  same  form,  we  only 
mean  that  it  crystallizes  in  forms  belonging  to  the  same  system. 
The  number  of  possible  forms  in  which  a  given  substance  may 
crystallize  (although  it  is  restricted  to  forms  of  one  system)  is, 

*  Dofi^noj,  Traittf  de  Mineralogie,  Vol.  I. 

t  Silznngsberichte  der  mathero.-fiatarw.  Cluse  der  kalB.  Akftdemie  der  Wisaen- 
achaften  zn  Wien.    Koyemberhefte  des  Jahrgang^  1855. 

X  Sackow,  Vonchlag  ra  einem  Goniometer  (Journal  f&r  praktische  Cbemie  roa 
Erdmann,  Band  11.).  Gilbert's  Annalen  der  Physik,  Jahigang  1820.  Also  Kolinati, 
£leiiienle  der  Kiystallographie,  Bmnn,  1855. 
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of  ooune,  infinite ;  but  the  number  of  ucttutl  {osms  in  ydkick  it 
is  observed  to  crystallize  is  geaerally  very  limited,  —  seldom  ex- 
ceeding two  or  three.  Under  similar  circumsiancesj  a  given 
substance  idmost  invariably  takes  the  same  form;  so  that  this 
form  is  one  of  the  most  characteristic  properties  by  wliich  a 
substance  may  be  recognized.  Moreover,  we  also  find  that  in 
any  given  system  the  possible  forms  of  a  substance  are  lunited 
to  either  holohedral  or  hemihedral  forms.  For  example,  we 
always  find  iron  pyrites  crystallized  in  the  parallel  hemihedral 
forms  of  the  Monometric  System,  and  gray  copper  in  the  oblique 
hemihedral  forms  of  the  same  system. 

(98.)  Dimorphism  and  Polymorphism.  —  There  are  several 
substances,  which,  under  widely  different  conditions,  may  be 
made  to  crystallize  in  the  forms  of  two  systems,  and  a  few 
which  may  be  made  to  crystallize  ia  tlM>se  of  iliree  systems. 
Such  substances  are  said  to  be  dimorphous  or  polymorphous. 
Sulphur,  for  example,  at  the  ordinary  temperature  of  tlie  air, 
crystallizes  in  the  forms  of  the  Trimetric  System ;  but  at  the  tem- 
perature of  113*"  G.  it  crystallizes  in  the  forms  of  the  Monoclinic 
System.  Carbon,  also,  is  found  in  nature  as  diamond,  whose 
crystals  belong  to  the  Monometric  System,  and  as  graphite,  whose 
crystals  belong  to  the  Hexagonal  System.  Again,  carbonate  of 
lime  occurs  in  forms  of  the  Hexagonal  System,  when  it  is  called 
calcite  ;  and  in  forms  of  tlie  Trimetric  System,  when  it  is  called 
arragvmte.  Lastly,  titanic  acid  crystallizes  in  the  forms  of  the 
Dimetric  System,  in  which  a  :  i  ss  1 :  0.6442  (ruiile)  ;  in  forms 
of  the  same  system,  in  which  a  :  fr  ««  1 :  1.7728  (antase)  ;  and 
also  in  forms  of  the  Trimetric  System  (brookite). 

When,  however,  a  substance  crystallizes  in  the  forms  of  differ- 
ent systems,  we  find  that  in  the  several  states  its  other  properties 
difier  as  widely  as  the  forms ;  and  so  much  so,  that  it  may  be 
questioned  whether  they  can  properly  be  i^egarded  as  the  same 
substances.  No  two  substances  could  differ  more  widely  than 
the  two  states  of  carbon  (diamond  and  graphite)  ;  and  similar 
differences,  although  not  quite  so  striking,  exist  between  the 
dififorent  states  of  other  substances.  It  becomes,  then,  a  question 
of  considerable  interest,  whether  these  states  can  properly  be  re- 
garded as  the  same  substance.  But  this  discussion  must  be  re- 
served for  another  portion  of  this  work* 
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Elasiicitif. 

(99.)  EtoMticUy  of  Solid*.  —  H&Ttng  considered  the  effect  of 
cohesion  in  retaiuing  the  molecules  of  Bolids  in  a  determinate  po- 
rition  with  reference  to  each  otber(7d),  we  come  next  to  consider 
the  eSect  of  this  molecular  force  in  determining  phenomena  of 
elasticity.  It  has  been  stated  (77),  that  the  piienomeua  of  elas- 
ticity could  be  devdoped  in  all  matter  by  compretiion,  and  tiiat  ia 
solid  matter  they  could  also  be  developed  by  tension,  by  flexure, 
and  by  torsum.  The  lava  of  elasticity  in  mHA  bodies  may,  for  the 
most  part,  be  developed  both  by  maUieiDatical  analysis  and  by 
experiment;  but  we  shall  be  obliged  to  confine  oursdves,  in  this 
work,  to  a  simile  enanciation  of  tbem,  refening  the  Mudent  to 
the  works  on  Physics  whidi  have  been  previously  cited,  for  a 
full  development  of  the  subject. 

(100.)  ElasticUy  of  Tension.  —  la  experimenting  on  the  elas- 
ticity developed  in  solids  by  teosioB,  we  subtend  the  rod  or  wire 
i)j  its  upper  extremity  to  a 
firm  support,  aitd  attach  to  its 
lower  extremity  a  pan  to  re- 
ceive weight  (Fig.  196).  The 
elongation  caused  by  the  addi- 
tion of  wei^t  to  the  pan  can 
then  be  measured  by  means  of 
a  cathetometer.*  If  the  elon- 
gation does  not  exceed  a  cer- 
tain  amount  for  any  given 
rod,  and  the  experiment  is  not 
continued  too  long,  the  rod 
will  resume  its  original  length 
when  the  weight  is  removed. 
If,  however,  the  elongation 
exceeds  the  limit  of  eUutici- 
ty,  or  if  tiie  str^n  is  contin- 
ued beyond  a  limited  time,  a 
permanent  change  of  length 
and  bulk  will  eneue.  When 
the  limits  of  elasticity  are  ^  ^^ 

*  TUi  iiMtawiMnt  will  be  described  In  the  chapter  on  WeigUng  Mid  Measoring. 
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not  exceeded,  it  will  be  found  that  the  following  laws  will  hold 
true  in  all  experiments  of  this  kind. 

1.  The  elongation  caused  by  an  increase  of  tension  is  the  same 
for  the  same  subtance^  whatever  may  have  been  the  original  tetir 
sion.  For  example,  if  we  are  experimenting  on  a  rod  of  iron, 
we  shall  find  that  the  elongation  caused  bj  the  addition  of  one 
kilogramme  to  the  pan  is  the  same,  whether  the  pan  was  before 
empty,  or  was  loaded  with  fifty  kilogrammes  or  any  other  amount 
of  weight. 

2.  The  elongation  is  proportional  to  the  increase  of  tension. 
If  the  rod  is  elongated  one  millimetre  by  one  kilogramme,  it  will 
be  elongated  ten  millimetres  by  ten  kilogrammes,  and  so  on. 

8.  The  elongation  is  proportional  to  the  length  of  the  rod, 
A  rod  of  the  same  substance,  of  the  same  size,  but  twice  as  long 
as  another,  will  be  elongated  twice  as  much  by  tlie  same  increase 
of  weight. 

4.  The  elongation  is  inversely  proportional  to  the  area  of  the 
^  section  m>ade  at  right  angles  to  the  length  of  the  rod.  If,  for 
example,  two  rods  of  the  same  substance  have  the  same  length, 
and  if  the  area  of  the  section  of  the  first  is  twice  as  great  as  that 
of  the  second,  it  will  only  be  elongated  one  half  as  much  by  the 
same  strain. 

(101.)  Coefficient  of  Elasticity.  —  It  follows  from  these  laws, 
that  the  elongation  of  a  given  rod,  which  we  will  represent  by  /, 
is  proportional,  first,  to  a  constant  quantity,  C,  depending  on  the 
nature  of  its  substance ;  secondly,  to  the  weight,  ID,  by  which  it 
is  stretched  ;  thirdly,  to  its  lengUi,  L  ;  and,  fourthly,  is  inversely 
proportional  to  the  area  of  the  section,  S.  This,  expressed  in 
mathematical  language,  is 

hence, 

l=C^.       or       C^^^ 


s  '     ^*  z  to- 

If  in  these  equations  we  put  JT  a  ^,  they  will  become, 

1    toi  TT—^^  raai 

/=-^-j-,         or         K=-^-g.  [66.] 

Tliis  quantity,  JT,  is  called  the  coefficient  of  elasticity.    If  in  the 
last  equation  we  put  /  =3  X,  that  is,  if  we  suppose  the  elongation 
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7,140 

7,274 

6,374 
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to  be  equal  to  the  original  lengtli^  and  also  make  £f  =:  1  m.  m.', 
the  equation  becomes  JT  s=s  |D ;  which  shows  that  the  coefficient 
of  elasticity  of  any  homogeneous  substance  is  equal  to  the  abso- 
lute weight  required  to  double  tlie  length  of  a  bar  of  that  sub- 
stance, whose  section  is  equal  to  one  square  millimetre,  supposing 
such  an  increase  of  lengUi  were  possible,  which  is  not  tlie  case 
except  with  threads  of  India-rubber.  The  following  table  gives 
the  coefficients  of  elasticity  of  a  nimiber  of  metals,  as  deter- 
mined by  M.  Wertheim. 

CoeffiexenU  of  Elasticity  of  Annealed  Metals  at  different  Temperatures. 

Lead,     • 

Gk>ld,  •        •        • 

Silver,    • 

Copper, 

Platinum, 

Iron,  .        •        • 

Cast-Steel,      . 

English  Steel,     • 

It  appears  from  this  table,  that,  as  a  general  rule,  the  coeffi- 
cients diminish  as  the  temperature  rises  from  15°  to  200°. 

M.  Wertheim  has  also  made  experiments  on  metals  which  have 
been  submitted  to  various  mechanical  agencies,  and  has  found 
that  all  circumstances  which  increase  the  density  increase  also 
the  coefficient  of  ektsticity,  and  the  reverse. 

The  coefficient  of  an  alloy  is  sensibly  the  mean  of  the  coeffi- 
cients of  the  metals  which  enter  into  its  composition,  even  when 
a  change  of  volume  accompanies  the  formation  of  tlie  alloy.  A 
current  of  electricity  diminishes  momentarily  the  elasticity,  inde- 
pendently of  the  diminution  caused  by  the  elevation  of  temper- 
ature which  it  produces. 

(102.)  Elasticity  of  Compression.  —  If  a  bar  is  compressed 
m  the  direction  of  its  length  by  a  force  acting  at  the  extremities, 
it  is  found  that  the  amount  by  which  it  is  shortened  is  exactly 
equal  to  the  amount  by  which  it  would  be  lengthened,  were  the 
force  applied  so  as  to  stretch  it.  It  follows,  from  this  equality  in 
the  effects  produced,  that  the  laws  of  elasticity  developed  by  com- 
pression are  the  same  as  the  laws  of  the  elasticity  of  tension. 

(108.)  Elasticity  of  Flexure.  —  The  simplest  case  of  elas- 
ticity developed  by  flexure  is  illustrated  by  Fig.  197.    It  repre- 
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BentB  a  reet&ngnlar  bar,  A  B, 

£uteued  at  oae  of  its  extremi- 

ties  in  a  horizontal  poaition. 

If,  now,  we  preea  upon  the  free 

extremity  of  the  bar  at  B,  bo 

rf.]gj.  <^  to  curve  it  a  iitde,  the  bar 

will  tend  to  returo  to  its  first 

pontion,  in  cotiaeqiifliice  of  the  elasticitj  developed  hj  the  flex- 

ure  ;  and  if  left  to  itself,  will  resume  tha  horizoatal  portion  after 

a  few  oscilUtioDs. 

Tlie  elasticity  of  flexure  is,  in  great  measure,  a  mixed  eSect  of 
the  elasticity  of  compression  and  tension.  Since,  by  the  bending 
of  the  bar,  the  particles  of  the  convex  surface  AB'  are  drawn 
apart,  while  those  of  the  concave  surface  CD'  are  forced  to- 
getlier,  and  it  is  in  consequence  of  the  elasticity  thus  developed 
that  the  bar  tends  to  return  to  its  origins!  position.  But,  more- 
over, the  particles  of  the  bar  have  changed  their  pontiou,  inde- 
pendently of  the  change  of  their  relative  distances  apart,  since 
the  particles,  which  were  previously  situated  on  a  straight  tine, 
are  now  on  a  curved  Une  ;  and  we  know  that  such  a  change 
of  position  must  be  accompanied  with  a  development  of  elas- 
ticity. 

Starting  from  these  data,  the  laws  of  eIasti<Hty  of  flexure  can 
be  deduced  by  mathematical  analysis.  They  are  cwnprised  in 
the  formula, 

'  =  m'       -       b,  =  ^^^:      [67.] 

in  which  L  is  the  length  of  the  bar ;  tO,  the  weight  acting  per- 
pendicularly, and  tending  to  bend  it ;  &,  the  breadth  of  the  bar 
measured  perpendicularly  to  the  direction  of  this  force ;  e,  the 
thickness  of  the  bar ;  a,  the  arc  described  B  B' ;  and  K,  a  con- 
stant quantity  depending  on  its  substance.  If  in  [67]  we  put 
L^\  m.,  i  :=  1  c.  m.,  e  ^Xo.  m.,  a  =  1  c.  m.,  it  becomes 
Id  s=  £^,  The  number  K  is  called  the  coefhcieut  of  tlie  elas- 
ticity of  flexure,  and  it  is  evidently  equal  to  the  weight  vliich 
will  bend  a  bar  of  a  given  substance  one  metre  long  and  one 
centimetre  square  tlirough  an  arc  of  one  centimetre.  When  the 
values  of  a,  b,  e,  and  L  have  been  determined  by  expemoent  in 
the  case  of  any  substance,  the  value  of  K  for  this  substance  can 
easily  be  calculated. 


THE  THBBE  StATBS  OF  HATTEB.  189 

Equation  [67}  shows  that  the  flexure  of  the  bar,  or  a,  is  pro- 
portional to  the  force  tXI.  It  follows  from  this,  that,  as  the  rod  is 
beat,  it  tends  to  restm^  itsdf  to  the  position  of  equilibrium  viUi 
a  force  which  increases  with  the  distauce  of  each  of  its  points 
from  their  position  of  equilibrium.  Now  it  can  be  proved  that, 
when  this  condition  exists,  the  oBcillations  which  the  bar  makes 
in  returning  to  the  position  of  equilibrium  will  be  isochronous, 
whatever  maj  be  their  amplitude.  Hence  reciprocally  it  will 
follow,  that,  if  the  oscillations  of  such  a  bar  are  isochronous,  the 
condition  under  consideration  must  exist.  It  is  easy  to  verify  the 
isochronism  of  the  oscillations  experimentally,  because,  being  very 
rapid,  tlray  pnsduce  a  sound  whose  pitch  depends  on  the  number 
ot  oscillations  in  a  second,  and  hence  in  any  cose  would  var;,  if 
the  isochroninn  were  not  preserved.  Now  it  is  well  known  tliat 
this  pitch  is  constant  for  a  given  bar,  whatever  may  be  the  ampli- 
tude of  the  oscillations  ;  and  thus  tliis  is  at  once  a  consequence 
and  a  proirf  of  the  law,  that  t^e  flexure  is  proportional  to  the 
force. 

It  has  been  assumed  in  this  discussion,  that  the  section  of  the 
bar  is  a  rectan^e,  and  that  the  force  is  applied  in  a  direction  per- 
pendicular to  one  of  its  sides.  When  these  conditions  are  not 
fulfilled,  the  formuln  [67]  no  longer  bold  true.  It  has  been  also 
sssumed  that  the  bar  returns  exactly  to  its  first  po^ticm  when  it 
is  freed,  or,  in  other  words,  that  the  flexure  does  not  exceed  the 
limit  of  elasticity. 

(104.)  Applications.  ~~  Almost  all  springs  —  for  example, 
watch-springs  and  carriage^priugs  —  are  ap[4i- 
cations  of  the  elasticity  of  flexure.  The  bow 
is  another  example.  The  elasticity  of  a  hair 
cushion  is  due  to  the  elasticity  of  flexure  devel- 
oped in  the  single  hairs.  The  spring  balance. 
Fig.  198,  which  has  been  already  described  (71), 
is  an  application  of  the  law  tliat  the  flexure  is 
proportional  to  the  weight. 

The  elasticity  of  flexure  has  been  applied  by 
Bourdon  in  the  construction  of  a  metallic  ma- 
nometer and  barometer,  which  bear  his  name. 
It  is  a  familiar  fact,  that,  if  we  force  air  into  rt-tn- 

a  flexible  tube,  closed  at  one  end,  which  is 
flattened  and  coiled  op  on  its  flat  side,  the  pressure  teoda  to 
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uncoil  it ;  and,  on  the  oUier  hand,  that,  if  we  exhaust  the 
air,  the  exterior  presBure  tends  to  coil  it  still  further.  If  the 
tube  is  also  elastic,  it  is  evident  that,  trhen  tlie  pressure  is  re- 
moved or  restored,  it  will 
return  to  its  former  condi- 
tion, provided  that  the  lim- 
its of  elasticity  are  not 
passed.  These  facts  are 
the  basis  of  the  two  instru- 
ments represented  in  Figs. 
199  and  200. 

The  chief  object  of  the 
manometer  (Fig.  199)  is  to 
measure  the  pressure  exert- 
ed by  confined  steam,  al- 
though it  might  be  used  for 
any  similar  purpose.  It 
consists  of  an  elastic  tube, 
n,  igg  a  b,  made   of   brass,    and 

coiled  as  represented  in  the 
figure.    A  section  of  this  tube  is  represented  at  S.    The  end  of 
the  tube,  a,  is  firmly  fastened  to  the  stopcock,  m,  by  which  it 
connects  with  the  steam-boiler.     To  the  closed  end  of  the  tube, 
b,  is  attached  a  hand,  e,  which 
moves  over  an   index.     As  the 
pressure  of  the  steam  on  the  inte- 
rior surface  of  the  tube  increases, 
it  gradually  uncoils,  and  the  hand 
points  to  tlie  number  of  atmos- 
pheres of  pressure.     When  the 
pressure  is  removed,  the  tube, 
in  virtue  of  its  elasticity,  resumes 
its  original  position,  and  the  band 
points  to  the  first  division  of  the 
scale. 

The  barometer  (Fig.  200)  is  a 
more  delicate  instrument,  con- 
stnicted  on  the  same  principle. 

The  tube  is  here  closed  at  both  ends,  and  when  the  pressure  of 
the  atmcephere  is  just  equal  to  the  tension  of  the  confined  air,  it 
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is  in  the  condition  of  equilibrium.  When,  however,  the  pressure 
of  the  atmosphere  diminishes,  there  is  an  excess  of  pressure  on  the 
interior  surface  of  tlie  tube,  and  it  tends  to  uncoil ;  on  the  other 
hand,  when  the  atmospheric  pressure  increases,  there  is  an  ex- 
cess of  pressure  on  the  exterior  suriace,  and  the  tuhe  tends  to 
coil  still  more.  As  constructed,  the  air  is  partially  exlwusted 
from  the  tube,  and  hence  the  pressure  of  the  atmosphere  always 
tends  to  coil  it  more  or  less,  as  compared  with  the  condition  of 
equilibrium.  The  tube  is  fastened,  at  the  middle  of  its  length,  to 
the  upper  part  of  the  instrument,  and  its  free  ends  are  connected, 
hj  the  metallic  threads  a,  b,  with  the  hand,  which  serves  to  mul- 
tiply the  motion,  while  a  small  spiral  spring,  c,  causes  the  needle 
to  follow  with  accuracy  any  change  of  position  in  the  ends  of  the 
tube.  The  arc  is  graduated  to  correspond  with  a  mercurial  ba- 
rometer, and  denotes  the  number  of  centimetres  of  mercury  to 
which  the  atmospheric  pressure  corresponds. 

(105.)  Elasticity  of  Torsion.  —  It  is  a  fact  of  frequent  obser- 
Tation,  that,  when  a  metallic  wire,  a  b  (Fig.  201),  fastened  at  one 
end,  is  twisted  by  a  force  applied  at  the 
other,  it  strives  to  return  to  its  original 
position,  and  when  free  returns  to  this  po- 
sition, after  having  made  a  number  of  os- 
cillations. This  of  course  supposes  that 
the  strain  has  not  exceeded  ^e  limit  of 
elasticity. 

■It  is  easy  to  see  how  elasticity  is  devel- 
oped in  a  wire  by  torsion.    Suppose  m  n, 
Fig,  201,  to  be  a  line  of  particles  parallel 
to  tlie  axis  of  the  wire  when  in  a  state  of 
equilibrium.    It  is  evident  that,  when  the 
wire  is  twisted,  these  particles  will  be  dis- 
tributed on  the  helix  m  »' ;  but  in  order  to 
assume  tliis  position,  the  distances  between 
the  successive  molecules  must  be  increased, 
which  will  develop  the  elasticity  of  tension.    Besides,  this  elas- 
ticity is  also  developed  by  the  fact  that  the  particles  resist  any 
change  of  position,  even  when  the  relative  distances  are  pre- 
served. 

The  angle  o,  through  which  a  radius  of  the  lower  base  of  the 
wire  is  turned,  is  termed  Ute  angle  of  torsion.    The  force  which, 
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applied  at  the  extremitj  of  a  lever  equal  to  the  unit  of  length 
and  perpendicular  to  the  wire,  will  maintain  it  in  a  position 
which  corresponds  to  a  certain  angle  of  torsicm,  is  called  the 
force  of  torsion.  And  when  the  angle  of  torsion  is  such  that  the 
arc  described  hj  the  extremity  of  the  lever  is  also  equal  to  xuxity, 
Khe  force  of  torsion  is  called  the  coefficient  of  torsion. 

The  laws  of  the  elasticity  of  torsion  were  investigated  by  Cou- 
lomb, and  are  exjM^ssed  in  the  following  formuln.:  — 


1-^ ,  [68.] 


t'Bsnr 

or 

F^\j^i  [69.] 

which  apply  to  the  case  represented  in.  Fig.  201,  of  a  cylindrical 
weight  suspended  by  a  cylindrical  wire  to  a  fixed  support,  a,  so 
that  the  axis  of  the  cylinder  and  the  wire  corre^nd.  In  this 
case,  W  represents  the  weight  of  tlie  cylinder ;  r,  its  radius ;  g^ 
the  force  of  gravity ;  F^  the  coefficient  of  torsion  of  the  wire ; 
and  ty  the  tine  of  the  oscillations  which  the  cylinder  makes  on 
its  axis,  in  retaming  to  the  state  of  rest  after  tiie  wire  has  been 
twkted.  The.  laws  of  torsion  discovered  by  Coulomb  are  aa 
follows^ 

1.  The  force  ef  torsion  is  proportional  to  the  angle  of  torsion* 
Jn  order  to  estaUidb  this  law.  Coulomb  made  experiments  on  the 
oeciBationB  of  the  weight  W  on  its  axis  caused  by  the  torsion  of 
the  wire,  using  wires  of  different  substances,  and  loading  them 
with  diflferoAt  wdgfats.  He  found  that  in  each  case  the  times  of 
the  oscillationa  were  independent  of  the  amplitudes,  or,  in  other 
words,  that  they  were  isochronous ;  and  it  can  readily  be  shown, 
by  the  same  course  of  reasoning  used  in  (103),  in  regard  to  the 
dasticity  of  ftexioii,  that  the  law  is  a  necessary  consequence  of 
this  fiMst. 

The  isochronism  of  the  oscillations  caused  by  torsion  is  ex- 
pressed by  [68],  since  the  value  of  the  second  member  of  the 
equation  is  independent  of  the  amplitude. 

2.  The  force  of  torsion  is  independent  of  the  tension  of  the 

wire.    It  has  been  proved  by  experiment,  that  the  square  of  the 

time  of  oscillation  is  proportional  to  the  weight,  TT,  or,  in  other 

W 
words,  that  7  is  a  constant  quantity ;  and  hence  it  foUowa,  that 
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die  value  of  F  [69]  is  not  changed  )aj  any  rariation  of  the 
weight. 

The  coefficient  of  torsion  depends  upon  the  substance  of  the 
Tire,  and  also  upon  its  diameter  and  its  length,  it  being  inyereel/ 
proportional  to  the  length  and  directly  proportional  to  the  fourUi 
power  of  the  diameter  of  the  wire. 

(106.)  Applicatiotu  of  the  Elasticity  of  Torsion.  —  One  of 
the  most  beautiful  applications  of  the  laws  of  torsion  is  the  toi^ 
sion-balanco,  contrired  for  measuring 
the  inteusity  of  feeble  attractive  and 
repulsive  forces.  One  form  of  this 
balance,  which  is  used  for  measuring 
the  intensity  of  the  attractive  or  repul- 
sive force  between  electrified  bodies,  is 
represented  in  Fig.  202.  The  general 
Btructore  of  the  apparatus  is  evident 
from  the  figure,  and  does  not  require 
description.  The  most  essential  part 
of  it  is  a  fine  silver  wire,  attached, 
at  its  upper  end,  to  the  brass  circle 
e,  and  from  the  lower  end  of  which 
is  suspended  a  shellac  needle.  The 
drcle  e  is  movable,  and  turns  oa  the 
cap,  which  is  cemented  to  the  glass  ^  ^^ 

tube  d.    This  circle  is  graduated  on 

the  exterior  rim  into  degrees,  and  the  index-mark  at  a,  which  is 
fiutened  to  the  cap,  indicates  the  angle  through  which  the  circle  e 
has  been  turned.  The  glass  tube  also  turns  in  a  brass  socket, 
which  is  cemented  to  the  glass  cover  of  the  apparatus.  The  re- 
pulsive or  attractive  force  between  the  two  electrified  balls  m  and 
«,  is  measured  by  the  an^e  through  which  it  is  necessary  to  twist 
the  wire  (by  turning  the  circle  e  ),  in  order  to  balance  it,  the  force 
exerted  being  always  proportional  to  the  angle  of  torsion.  A 
modification  of  the  torsion-balance  waa  employed  by  Cavendish, 
and  eubscquently  by  Bayly,  in  the  determination  of  the  density 
of  the  earth. 

(107.)  Limit  of  EttuHcilp.  —  It  has  been  several  times  stated 

in  the  previous  sections,  that  the  laws  of  elasticity  only  hold  true 

eo  long  as  the  strain  does  not  exceed  the  limit  of  elasticity,  and 

it  was  stated  in  section  (77),  that,  within  more  or  less  narrow 

17 


194  CHEMICAL  PHYSICS. 

limits,  all  solids  were  perfectly  elastic.  The  phenomena  of  elas- 
ticity may  be  developed  by  torsion  in  those  substances  which  seem 
the  most  destitute  of  this  property.  Thus,  if  we  take  a  leaden 
wire  two  millimetres  in  diameter  and  three  metres  long,  fix  one 
end  of  it  firmly  to  the  ceiling,  and  fasten  an  index  to  the  other, 
it  will  be  found  that,  if  we  twist  the  wire  twice  round  and  let 
it  go,  it  will,  after  a  number  of  oscillations,  come  to  rest  in  its 
original  position  ;  showing  that  the  elasticity  in  this  leaden  wire 
is  perfect  up  to  the  point  mentioned.  But  if  we  twist  the  wire 
four  times  instead  of  two,  it  will  not  return  to  its  first  position, 
but  to  a  position  short  of  that  by  nearly  two  roTolutions.  The 
particles  of  a  leaden  wire  of  this  length  and  thickness  will  bear 
a  displacement  measured  by  two  rcTolutions  of  the  index ;  but 
the  displacement  occasioned  by  four  turns  is  more  than  its 
particles  can  bear,  and  they  remain  permanently  displaced, — 
the  wire  having  taken  what  is  technically  called  a  set.  So 
also,  a  thin  cylinder  of  pipe-clay  (which  is  generally  consid- 
ered as  destitute  of  elasticity  as  almost  any  substance  can  be) 
shows  the  existence  of  elasticity  as  perfect  as  can  be  found  in  the 
best-tempered  steel ;  but  here  again  the  limit  of  elasticity  is  soon 
reached.  A  steel  wire,  similar  to  the  lead  one  just  mentioned, 
might  be  twisted  a  great  many  times  before  its  particles  would 
receive  such  a  set  as  to  prevent  it  from  completely  untwisting 
again ;  but  after  it  had  been  twisted  a  certain  number  of  times, 
the  limit  of  its  elasticity  would  be  passed,  and  it  would  not  come 
to  rest  again  at  its  first  position. 

The  same  phenomena  appear  in  all  the  cases  we  have  studied. 
A  wire,  which,  when  stretched  by  a  light  weight,  will  resume  its 
original  length  when  the  weight  is  removed,  will  be  permanently 
lengthened  if  the  weight  exceeds  a  limited  amount.  So  also  a 
steel  spring,  if  bent  beyond  a  certain  point,  is  forced^  and  re- 
mains permanently  bent  to  a  greater  or  less  extent. 

It  is  a  remarkable  fact,  that  even  when  the  limit  of  elasticity 
has  been  exceeded,  so  that  the  particles  have  taken  a  permanent 
set,  the  elasticity  of  the  whole  mass  remains  the  same  as  before. 
Thus,  when  a  wire  has  been  permanently  lengthened  by  a  great 
strain,  it  is  as  perfectly  elastic  in  its  new  condition  as  before, 
readily  recovering  from  the  efiects  of  smaller  degrees  of  exten- 
sion. So  also  it  was  found  by  Coulomb,  that,  after  he  had  givea 
a  set  to  the  lead  wire  already  referred  to,  by  twisting  it  four 
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times  round,  the  wire  was  as  elastic  in  its  new  condition  as  be- 
fore, requiring  the  same  force  to  give  it  a  further  twist,  and 
recovering  itself  as  completely  when  that  force  was  withdrawn. 

The  limits  of  elasticity  have  been  determined  only  in  the  case 
of  the  elasticity  of  tension.  The  method  of  experimenting  was 
to  take  wires  of  any  length,  but  whose  section  was  equal  to 
one  square  millimetre,  and  to  determine  the  amount  of  weight 
required  to  extend  them  permanently  0.05  m.  m.  for  each 
metre  of  length.  This  investigation  was  more  difficult  than 
would  appear,  on  account  of  the  fact  that  the  duration  of  the 
strain  has  an  important  influence  on  the  permanent  elongation 
which  results  ;  for,  when  once  commenced,  this  elongation  slowly 
increases,  and  although  it  may  not  be  sensible  at  the  end  of  a  few 
minutes,  yet  after  several  hours  it  may  become  very  evident. 
This  principle  is  illustrated  by  the  well-known  facts,  that  the  best 
springs  are  worn  out  with  long  use,  that  the  beams  of  floors  bend 
little  by  little,  and  that  buildings  settle  with  time.  The  limit  of 
elasticity  is  not,  therefore,  a  value  which  can  be  rigorously  de- 
termined, and  hence  the  numbers  in  the  following  table  must  be 
r^arded  as  only  approximate. 


Hetelt. 

LlinltorilMtieltj. 

Tmaeitj. 

k. 

k. 

Lead,.    .     . 

Drawn, 
( Annealed, 

0.26 

2.60 

0.20 

1.80 

Tin,    .    .     , 

Drawn,     . 
( Annealed, 

0.40 

2.46 

0.20 

1.70 

Gold, .    .     . 

Drawn, 
( Annealed, 

18.00 

27.00 

8.00 

10.08 

Silver,     .     . 

( Drawn, 
*      \  Annealed, 

11.00 

29.00 

2.60 

16.02 

Copper,  •     . 

Drawn,     . 
( Annealed, 

12.00 
8.00 

40.80 
80.64 

Fladnnm,     . 

Drawn,     . 
*      ( Annealed,     . 

26.00 
14.00 

84.10 
28.60 

Iron,  •    • 

Drawn,     ... 
*      1  Annealed,     • 

82.60 
6.00 

61.10 

46.88 

CSast-Steel,   . 

(Drawn,     . 
*      1  Annealed, 

66.60 
6.00 

80.00 
66.70 

(108.)  Elasticity  of  Orystals.  —  In  most  crystalline  solids 
the  elasticity  is  not  the  same  in  all  directions,  as  is  shown  by  the 
phenomena  of  cleavage  (110).    By  a  beautiful  application  of  the 
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principles  of  acoustics,  Sarart*  has  determined  in  a  fev  in- 
■tances  the  differeuces  of  elasticity  which  the  same  crTstals 
present,  when  examined  on  different  lines  of  direction  with 
reference  to  their  crystalline  axes.  As  neither  the  methods  nor 
the  results  of  his  inrestigations  could  be  made  intelligible  in 
tliis  connection,  we  must  refer  the  student  to  the  memoirs  cited 
below.  These  differences  of  elasticity  in  crystals  give  rise  to 
some  of  the  most  beautiful  phenomena  of  optics,  and  we  shall 
have  occasion  to  refer  to  the  subject  again  in  that  connection. 

(109.)  Coilision  of  Elastic  Bodies.  —  Tlie  effects  of  collision, 
described  in  (41),  are  greatly  modified  when  the  bodies  are  elas- 
tic, and  in  a  way  which  it  is  int- 
portant  to  study.  Let  us  then 
suppose,  in  order  to  make  the 
case  simple,  that  the  bodies  are 
two  elastic  spheres,  a  and  b. 
Fig.  203,  with  different  masses, 
ii,.Bi.  Jlf  and  M',  which  are  movingin 

the  same  direction,  from  left  to 
right,  with  the  velocities  b  and  b'  re- 
spectiTely,  t)  being  greater  than  \y. 
When  the  balls  come  together,  they  will 
flatten  each  other  (Fig.  204),  until  the 
Telocities  of  the  two  become  equal.  If 
the  Itodies  are  sofb,  this  flattening  will 
be  permanent,  and  the  balls  will  move 
on  tc^ther  with  a  velocity  which,  as  we  have  found,  [23,]  is 
.     _  jfb  +  jif'b' 

If  the  bodies,  on  the  contrary,  are  elastic,  and  the  limjt  of  elas- 
ticity  is  not  exceeded  during  the  impact,  we  have  the  same  result 
as  before  up  to  the  moment  of  greatest  flattening,  and  at  that 
moment  the  velocity  is  Q",  as  given  above.  But  after  this  moment 
a  new  set  of  phenomena  appears.  The  two  bolls  thus  flattened 
act  as  springs,  and  in  resuming  their  original  form  impart  recip- 
rocally to  each  other  as  much  momentum  as  was  expended  in 
producing  the  compression.    At  the  moment  of  greatest  com- 

•  Anaalei  de  Ciiiinie  et  de  Phyaiqae,  V  8£iie,  Tnn.  XL.    Also  DoMnoj,  Tniltf 
de  Hio^nlogie,  Tom.  1.  p.  SB9. 
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pression,  it  is  evident  that  the  ball  a  has  lost  ia  velocity  an 
amount  equal  to  t)  —  t)'' ;  and,  on  the  other  hand,  the  ball  b 
has  gained  in  velocity  an  amount  equal  to  t)''  —  b'.  In  recover^ 
ing  its  form,  the  ball  b  tends  to  drive  a  to  the  left,  and  therefore 
to  retard  its  motion  ;  and,  on  the  other  hand,  the  ball  a  tends  to 
throw  b  forward,  and  therefore  to  accelerate  its  motion.  More- 
over, by  the  principle  just  stated,  this  retardation  and  accelera- 
tion will  be  just  the  same  as  that  caused  between  the  first  contact 
of  the  balls  and  the  moment  of  greatest  compression.  Hence, 
after  the  impact,  the  velocity  of  a  will  be  diminished  by  an 
amount  equal  to  2(b  —  b'O^  ^^^  that  of  b  increased  by  au 
amount  equal  to  2  (t)''  —  t)').  Representing,  then,  the  veloci- 
ties after  the  impact  by  Vo  and  bi,  we  have 

ba=b— 2(t)— bo,  and  bi^b'  +  scb"— bo.  [7o.] 

Subtracting  the  second  of  these  equations  from  the  first,  we  ob* 
tain 

bo  —  bi  =  b'  —  b.  [71.] 

This  equation  shows  that  the  difierence  of  velocity  is  the  same 
after  the  impact  that  it  was  before ;  but  the  relation  has  been  re^ 
versed,  the  velocity  of  a  being  now  less  than  that  of  b*  Hence 
it  follows,  that,  after  the  impact,  the  two  balls  will  recede  from 
each  other  as  rapidly  as  they  approached  each  other  before ;  and 
this  is  true  in  every  case  of  the  impact  of  two  spheres,  when 
both  are  perfectly  elastic.  In  order  to  find  the  actual  velocities 
after  impact,  we  have  only  to  substitute  in  [70]  the  value  of  b" 
given  by  [23],  when  we  obtain 

and  [72.] 

In  obtaining  these  values,  we  have  supposed  that  both  balls  were 
moving  from  left  to  right,  the  mass  M^  whose  velocity  is  the 
greatest,  being  at  the  left  of  the  other.  The  same  formulsd,  how- 
ever, hold  true  for  all  cases  of  direct  impact ;  except  that,  when 
one  of  the  balls  is  moving  from  right  to  left,  the  sign  of  its  velocity 
must  be  changed.  A  few  examples  will  illustrate  the  application 
of  the  formula. 

17* 
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Let  us  suppose,  then,  for  the  first  case,  that  the  masses  of  the 
two  balls  are  equal,  aud  that  the  ball  b  is  at  rest  We  sliall 
then  have  M'  &=:  M^  and  t)'  as  0.  Substituting  these  yalues  in 
[72],  we  have 

bo^O,  and  bi  =  b.  [73.] 

Hence,  after  the  impact,  the  ball  a  remains  at  rest,  and  the  ball 
b  moves  on  with  the  velocity  which  a  had  before  the  impact. 

Let  us  suppose,  as  the  second  case,  that  the  masses  are  equal, 
and  that  the  motions  are  in  opposite  directions,  that  of  a  posi- 
tive, and  that  of  b  negative.  We  shall  tlien  have  M'  =  My  and 
b'  =  —  b'.     Substituting,  we  obtain 

b,^  —  b'y  and  bi  =  b.  [74.] 

Here,  after  tlie  impact,  the  ball  a  will  move  from  right  to  left 
with  the  previous  velocity  of  6,  and  b  will  move  from  left  to  right 
with  the  previous  velocity  of  a;  and  in  general,  when  the  masses 
are  equals  the  two  spheres  will  interchange  velocities. 

Let  us  suppose,  as  a  third  case,  that  the  velocities  are  equal,  and 
the  motions  in  opposite  directions,  as  befoi^e ;  and  further,  that 
the  mass  of  b  is  greater  than  that  of  a.  We  then  have  b' = —  b, 
and  M'  >  M,    Substituting,  we  obtain 

In  this  case,  after  the  impact,  the  ball  a  must  always  move  from 
right  to  left,  when,  as  supposed,  M*  >  JIf .  If  ilf'  <  8  M^  tho 
ball  by  after  the  impact,  will  move  from  left  to  right.  If,  how- 
ever, JIf'  >  8  JIf ,  it  will  move  from  right  to  left.  Whea 
Jlf'  =  8  JIf,  we  have 

b»=2b,  and  b,^0;  [76.] 

that  is,  the  ball  a  will  move  from  right  to  left  with  twice  its  pre- 
vious velocity,  and  the  ball  b  will  remain  at  rest. 

We  can  also  apply  the  formul®  to  the  case  where  an  elastic 
ball  strikes  vertically  on  a  fixed  obstacle,  as  when  an  India- 
rubber  ball  is  let  fall  on  the  ground.  In  this  case,  JIf'  s=z  qo, 
and  b'  B  0.  Substituting  these  values,  [72]  becomes  bb  =  —  b  ; 
that  is,  the  body  moves,  after  impact,  with  the  same  velocity  as 
before,  but  in  an  opposite  direction.  Hence  the  Indiarrubber  ball 
should,  by  (22),  rebound  to  the  same  height  from  which  it  fell. 
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This  is  not  practically  true,  because  tlie  surface  on  which  it  falls 
is  never  perfectly  elastic,  and,  moreover,  because  the  ball  does 
not  recover  promptly  from  the  compression- 

Let  us  next  suppose  that  the  sphere  strikes  the  obstacle  in  an 
oblique  direction  (Fig.  205),  and  that  its  velocity  at  the  moment 
of  coilisioD  is  represented  by  the 
line  t  a',  which  represents  also 
tiie  direction  of  tlie  motion.  This 
motion  is,  by  (24),  equivalent  to 
two  others,  one  in  a  direction 
which  is  tangent  to  the  surface, 
and  whose  velocity  at  the  mo- 
ment of  collision  is  represents 
ed  by  the  line  i  c,  and  another, 
which  is  normal  to  the  surface, 
and  whose  velocity  at  the  mo- 
ment of  collision  is  represented 
by  the  line  t  n'.     The  lines  i  e  n(.  aw. 

and  t  n'  are  sides  of  a  parallelo- 
gram, of  which  i  a'  is  the  diagonal.  The  first  motion  will  con- 
tinue, after  the  impact,  with  the  same  velocity,  without  changing 
its  direction.  The  second  motion,  as  we  have  just  seen,  will  be 
changed  by  the  impact  into  a  motion  in  the  opposite  direction, 
but  with  the  same  velocity.  In  order  to  find  the  resulting  path 
and  velocity  of  the  ball  after  the  impact,  we  need  only  to  combine 
these  two  motions.  For  this  purpose,  we  liave  already  drawn 
the  line  i  c,  which  represents  the  velocity  and  the  direction  of  the 
first  component.  The  line  in,  drawn  equal  to  the  line  t  »',  and 
in  an  opposite  direction,  will  represent  the  velocity  and  direction 
of  the  second  component.  Completing  the  parallelogram  and 
drawing  its  diagonal,  we  find  that  the  body  moves,  after  the  im- 
pact, in  the  direction  i  b,  with  a  velocity  represented  by  the  length 
of  this  line.  Moreover,  since  tlie  parallelograms  c  n  and  c  n'  are 
equal,  their  diagonals  are  aUo  equal,  —  proving  that  the  velocity 
ajler  the  impact  is  the  same  that  it  teas  before.  Furtlier,  since 
i  n  is  in  the  same  plane  as  t  n',  it  follows  that  the  diagonals 
must  be  in  the  same  plane,  which  shows  tliat  after  the  impact  the 
ball  moves  in  the  same  plane  wi  which  it  moved  be/ore.  Lastly, 
it  follows,  from  the  equality  of  the  parallelograms,  that  the  an- 
gles bin  and  a'  i  n'  are  equal,  and  consequently  the  angles  bin 
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and  at  ft  ara  equal.  The  angle  a  in,  irhich  tlie  original  direc- 
tion of  the  motion  makes  irith  tho  uormal  to  the  surface  of  the 
fixed  obstacle,  is  called  tlie  angle  of  incidence;  and  the  angle 
b  i  n,  formed  by  the  direction  of  the  motion  afler  impact  with 
this  normal,  is  called  the  angle  of  reflection.  Hence,  the  angle 
of  incidence  is  equal  to  the  angle  of  reflection. 

The  absolute  equality  of  the  angles  of  incidence  and  reflection 
is  only  realized  when  both  the  body  and  the  obstacle  are  perfectly 
elastic.  When  this  is  not  Uie  case,  ttie  component  i  n  is  less  than 
i n',  and  hence  the  angle  bin  greater  than  a i n,  t)ie  angle  of  re- 
flection becoming  greater  in  proportion  to  the  deficiency  of  elas- 
ticity ;  and  when  the  bodies  are  unelastio,  it  becomes  equal  to 
90°,  and  the  ball  moves,  after  the  impact,  in  the  direction  i  c. 
Compare  (41). 

Finally,  let  ue  suppose  that  two  elastic  spheres,  A  and^,  Fig. 
206, —  moving  iu  the  same  plane  with  the  different  velocities  b 
and  t)',  —  meet  each  other  obliquely. 
In  order  to  find  the  directions  and  ve- 
locities of  their  motions  after  impact, 
we  may  extend  the  method  adopted  in 
the  case  just  discussed.  We  first  de- 
compose the  velocity  of  A,  repre- 
sented by  the  line  n  v,  into  two  com- 
ponents at  right  angles  to  each  other, 
»  U^Oy  and«  V^b.  In  like  man- 
ner, we  decompose  the  velocity  of  S 
"■■  into  two  components,  nU't=  a',  and 

n  V=mh'.  It  is  now  evident  that  the  effect  of  collision  will  not 
be  felt  in  the  directions  n  U  and  n  U',  since  the  balls  will  slide 
over  each  other  in  the  direction  of  these  components,  and  heucd 
ve  shall  obtain  for  the  two  velocities  after  contact  in  the  direc- 
tion nUor  nlP  two  quantities,  a^  and  a,,  equal  to  a  and  a'  re- 
spectively. It  is,  however,  entirely  diflerent  with  the  other  two 
components.  The  velocities  in  the  directions  Vn  and  Vn  are 
reversed  and  changed  by  the  collision,  and  we  therefore  seek  by 
(72)  what  will  be  the  velocities  after  the  collisioD  in  the  direc- 
tions n  V  for  A,  and  n  Ffor  B,  and  obtain  two  quantities,  b,  and 
bi.  Lastly,  by  combining  togetiier  on  the  principle  of  the  com- 
position of  velocities  the  components  Og  and  bt,  we  shall  obtain 
the  final  direction  and  velocity  of  A ;  and  by  combining  a,  and 


THE  THBGE  STATES  OF  MArTEEt.  201 

Si,  the  final  direction  and  velocity  of  B.  This  calculation  can 
easily  be  made  in  any  special  case,  and  does  not,  therefore,  re- 
quire further  illustration.  When  the  masses  of  the  two  spheres 
are  equal,  as  follows  from  [74],  they  exchange  velocities  in  the 
directions  n  V  and  n  P,  and,  the  velocities  in  the  directions 
n  U  and  n  U'  being  the  same  as  before,  the  calculation  then 
becomes  quite  simple. 

The  laws  of  the  collision  of  elastic  bodies  may  be  illustrated 
in  a  great  variety  of  ways  ;  but  tlie  best  of  all  illustrations  is 
found  in  the  game  of  billiards,  which  is  based  almost  entirely 
upon  them.  This  game  is  played  with  balls  of  ivory,  whicli  are 
in  themselves  elastic,  and  on  a  table  whose  raised  edges  are  cov- 
ered with  elastic  cushions.  The  object  of  the  game  is  to  hit 
one  ball  with  another,  set  in  motion  with  a  stick  moved  by  the 
hand,  so  that  one  or  both  shall  afterwards  move  toward  a  certain 
point  or  points.  To  effect  this,  in  the  various  positions  of  the 
balls,  requires  an  empirical  knowledge  of  the  laws  of  the  col- 
Usion  of  elastic  bodies,  and  great  skill  in  their  application.  The 
results  obtained  in  this  game  do  not  conform  exactly  to  the 
theory,  on  account  of  the  imperfect  elasticity  of  the  balls  and 
cushions.  Thus  we  have  seen  [78]  tliat,  when  an  elastic  body 
encounters  another  of  the  same  mass  at  rest,  the  last  is  set  in 
motion,  and  the  former  remains  stationary.  This  is  not  generally 
the  case  with  billiard-balls,  for  usually  both  balls  move  after 
the  impact ;  but  nevertheless,  when  the  stroke  is  very  sharp,  this 
result  does  at  times  occur.  This  is  probably  owing  to  the  fact, 
tliat  the  friction  of  the  ball  on  the  cloth  covering  of  the  table, 
the  imperfect  elasticity  of  ivory,  and  other  causes  of  disturbance, 
have  the  least  influence  when  the  ball  is  moving  with  a  powerful 
force.  So  also,  when  tlie  ball  rebounds  from  the  elastic  cushion, 
the  angles  of  incidence  and  reflection  are  not  exactly  equal, 
but  they  are  very  nearly  so  when  the  ball  is  driven  with  a 
powerful  stroke. 

Resistance  to  Rupture. 

(110.)  When  a  rod  is  stretched  in  the  direction  of  its  length, 
with  a  gradually  increasing  force,  it  finally  breaks,  the  force  re- 
quired to  break  it  depending  on  the  substance  of  the  rod,  and  its 
size.     The  smallest  weight  required  to  part  it  is  the  measure  of 
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the  resistance  of  the  rod,  and  the  weight  required  to  part  a  rod 
of  any  substance,  whose  section  is  equal  to  one  square  millimetre, 
is  the  measure  of  the  tenacitp  of  tliat  substance. 

The  resistance  to  rupture  can  be  conrenienUj  determined  \>j 
means  of  the  dynamometer,  represented  in  Fig.  207.    It  conusts 
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of  an  iron  frame,  P,  on  which  slide  two  carriages,  a  and  ft.  The 
first  of  these  is  connected  with  a  powerful  spring,  contained  in 
the  box  S.  When  the  carriage  a  is  drawn  forward,  the  spring 
is  bent,  and  communicates  motion  to  the  index,  C,  which  moves 
on  a  graduated  arc,  and  indicates  in  kilogrammes  the  inten- 
sity of  tlie  force.  The  second  carriage,  b,  is  united  with  the 
-'frame  at  A  by  means  of  the  screw  o,  and  may  be  mored  for- 
wards or  backwards  by  turning  the  handle  JIf.  The  rest  of  the 
apparatus  consists  of  a  train  of  wheels  and  pinions,  which  con- 
nect the  spring  with  the  fly-wheel  F,  and  prevent  it  from  flying 
back  too  suddenly  when  the  tension  is  removed. 

In  order  to  determine  the  resistance  to  rupture  of  a  given  wire 
by  means  of  this  apparatus,  the  two  ends  of  it  are  fastened  to  the 
carriages  by  means  of  the  vices  which  they  carry.  The  handle, 
Jtf",  is  then  slowly  turned  until  the  wire  breaks,  when  the  needle, 
C,  indicates  in  kilogrammes  the  amount  of  force  which  has  pro- 
duced the  rupture. 

By  means  of  this  apparatus,  we  can  easily  establish  the  truth 
of  the  following  laws:  —  1.  Tie  force  required  to  produce 
rupture  u  proportional  to  the  section  of  the  bar.  2.  It  is  inde- 
pendent of  the  ler^th  of  the  bar. 
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In  determining  the  resistance  of  bars  to  rupture,  we  meet 
with  the  same  difficulty  already  referred  to  in  connection  with 
the  determination  of  the  limit  of  elasticity.  Tlie  rupture  is  not 
caused  by  the  action  of  a  constant  force.  As  .soon  as  the  strain 
exceeds  the  limit  of  elasticity,  the  rod  elongates  little  by  little, 
the  particles  are  at  first  slowly  displaced,  but  finally  they  sud- 
denly separate  and  the  rod  breaks ;  so  that  a  moderate  force 
applied  for  a  long  time  will  frequently  cause  the  rupture  of  a  rod 
which  would  resist  a  much  greater  force  applied  for  a  short  time. 
This  slow  diminution  of  tenacity  is  a  fact  to  wliich  it  is  essential 
to  pay  regard  in  the  construction  of  buildings. 

(111.)  Tenacity.  —  The  tenacity  of  a  substance  is  the  resist- 
ance to  rupture,  measured  in  kilogrammes,  which  a  rod  will  ex- 
ert, whose  section  is  just  one  square  millimetre.  In  determining 
the  tenacity  of  solids,  we  may  obviously  experiment  on  rods  or 
wire  of  any  convenient  size,  the  area  of  whose  section  is  known, 
and  then  calculate  the  tenacity  by  the  principles  of  the  last  sec- 
tion. The  tenacity  of  the  difierent  metals  differs  very  greatly, 
between  that  of  lead,  in  which  it  is  very  feeble,  and  that  of  steel, 
which  has  the  greatest  tenacity  of  all,  as  will  be  seen  by  referring 
to  the  table  on'  page  195,  in  which  the  tenacity  of  the  useful 
metals  is  given  at  the  side  of  the  numbers  expressing  the  limit 
of  elasticity.  It  will  also  be  noticed,  that  there  is  a  very  great 
difference  between  the  tenacity  of  the  same  substance  when 
drawn  into  wire  and  when  annealed,  it  being  greatest  in  the 
first  condition.  The  process  of  drawing  wire  will  be  described 
in  (113).  The  change  of  form  which  it  produces  is  accompa- 
nied by  another  very  curious  result.  Although  the  particles  of 
the  wire  are  really  less  close  together  after  the  operation  of 
drawing  than  they  were  before,  yet  they  hold  together  more 
firmly,  so  that  the  tenacity  of  tlie  wire  is  greatly  increased. 
The  cohesion  of  iron  is  increased,  in  drawing,  to  a  very  remark- 
able degree,  so  that  fine  iron  wire  is  the  most  tenacious  of  all 
materials.  '*  Thus  a  bar  one  inch  square  of  the  best  cast-iron 
may  be  extended  by  a  weight  of  nine  tons  and  three  quarters ; 
a  bar  of  the  same  size  of  the  best  wrought-iron  will  sustain  a 
weight  of  thirty  tons  ;  a  bundle  of  wires  one  tenth  of  an  inch  in 
diameter,  of  such  size  as  to  have  the  same  quantity  of  material, 
will  sustain  a  weight  of  from  thirty-six  to  forty  tons ;  and  if  the 
wire  be  drawn  more  finely,  so  as  to  have  a  diameter  of  only  one 
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twentieth  or  one  thirtieth  of  an  inch,  a  bundle  containing  the 
same  quantity  of  material  will  sustain  a  weight  of  from  sixty  to 
ninety  tons."  *  Hence  cables  made  of  fine  iron  wire  twisted  to* 
gether  will  sustain,  a  far  greater  weight  than  chains  containing 
the  same  quantity  of  iron.  The  cables  of  suspension  bridges  are 
usually  made  in  tliis  way. 

(112.)  Cleavage.  —  In  crystalline  bodies,  the  resistance  to 
rupture  is  not  equally  great  in  all  directions.  Most  crystallized 
bodies  are  found  to  break  most  readily  in  certain  planes  affording 
a  more  or  less  smooth  fracture  or  cleavage,  while,  if  they  are 
broken  in  any  other  direction,  the  fracture  is  rough  and  jagged* 
These  planes  are  called  planes  of  cleavage.  They  are  always 
parallel  either  to  actual  faces  on  the  crystal,  or  to  possible  faces. 
Cleavage  can  generally  be  repr6duced  on  the  same  crystal  to  an 
indefinite  extent,  in  planes  pai*allel  to  each  other,  thus  dividing 
the  crystal  into  a  series  of  thin  lamin».  Generally  the  same 
crystal  may  be  cleaved  in  several  directions,  and  the  union  of  the 
several  planes  of  cleavage  forms  what  is  called  a  solid  of  cleav* 
age  J  which  is  constant  for  the  same  substance,  and  is  always  one 
of  the  simple  forms  of  tlie  system  to  which  the  crystal  belongs. 
Compare  (93). 

Crystals  differ  very  greatly  from  each  other  in  the  facility  with 
which  they  may  be  cleaved.  In  some  cases,  the  lamin®  can  be 
separated  by  the  fingers.  Tliis  is  the  case  with  mica  and  several 
other  minerals.  At  other  times,  a  slight  blow  of  the  hammer  is 
required,  as,  for  example,  with  galena  and  calc-spar ;  while  not 
unfrequently  cleavage  can  be  obtained  only  by  using  some  sharp 
cutting-tool  and  a  hammer.  When  other  means  fail,  it  can  some- 
times  be  effected  by  heating  the  crystal  and  immersing  it  while 
hot  in  cold  water.  When  cleavage  is  easily  obtained,  it  is  said  to 
be  eminent. 

In  crystals  of  the  Monometric  System,  cleavage  is  obtained 
with  equal  ease  in  the  direction  of  any  one  of  the  planes  of  cleav* 
age ;  but  in  crystals  of  the  other  systems,  cleavage  is  obtained 
with  equal  ease  only  in  planes  which  are  parallel  to  the  similar 
planes  of  the  crystal.  The  cubic  crystals  of  galena,  for  example, 
which  belong  to  the  Monometric  System,  may  be  cleaved  with  equal 
readiness  in  either  of  the  three  directions  which  are  parallel  to 

*  Carpentor's  Meduuiical  Philosophjr. 
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the  faces  of  the  cube.  On  the  other  hand,  the  crystals  of  gypsum, 
which  belong  to  the  Monoclinic  System,  may  be  cleaved  with 
great  facility  in  one  direction,  less  readily  m  a  second,  and  only 
with  some  difficulty  in  a  third ;  in  thick  crystals,  the  last  two 
cleavages  are  scarcely  attainable. 

The  general  laws  with  respect  to  cleavage  are  stated  by  Pro- 
fessor Dana*  as  follows:  — 

1.  Cleavage  in  crystals  of  the  same  species  yields  the  same 
form  and  angles. 

2.  Cleavage  is  obtained  with  equal  ease  or  difficulty  parallel 
to  similar  fa^es  J  and  with  unequal  ease  or  difficulty  parallel  to 
dissimilar  faces. 

8.  Cleavage  parallel  to  similar  planes  affords  planes  of  similar 
lustre  and  appearance^  and  the  converse. 

(113.)  DtLctility  and  Malleability.  —  Some  substances  will 
not  allow  a  permanent  displacement  of  their  molecules,  and 
break  whenever  the  strain  exceeds  the  limit  of  elasticity.  Such 
substances  are  called  brittle  bodies^  and  to  this  class  belong 
glass,  tempered  steel,  marble,  sulphur,  and  many  others.  There 
are  other  substances,  on  the  contrary,  which,  when  submitted  to 
various  meclianical  processes,  allow  a  permanent  displacement, 
more  or  less  considerable,  of  their  molecules,  which  then  assume 
new  positions  of  equilibrium.  Tliis  property  is  possessed  in  a 
high  degree  by  the  metals,  and  is  called  ductility  or  malleability y 
according  as  it  is  applied  in  drawing  out  wire,  or  in  reducing 
the  metal  to  sheets  and  leaves  in  a  rolling-mill  or  under  the 
hammer. 

The  machine  for  drawing  wire  consists  essentially  of  a  plate 
of  hardened  steel  pierced  with  a  number  of  conical  holes  of  dif- 
ferent sizes.  Through  one  of  these  holes  is  passed  the  end  of  a 
metallic  rod,  which  has  been  reduced  in  size  for  the  purpose. 
This  end  is  then  seized  with  a  pair  of  pliers  and  pulled  with  con- 
siderable force.  In  being  thus  forced  through  the  l^ole,  the  rod 
becomes  lengthened,  and  diminished  in  size.  It  is  then  passed 
in  like  manner  through  a  smaller  hole,  and  thus  successively, 
until  the*  wire  is  reduced  to  the  requisite  fineness.  Pig.  208 
is  a  representation  of  a  mill  used  for  drawing  iron  wire.  The 
coarser  wire  is  unwound  from  the  reel  J*,  and,  after  having 

^— — ^— ^— — ^^^■^— — ^^■^■—  ■  ■11.11  I  -1^-^— — — ^— M^— ^— ^* 

*  Syilem  of  ICocnloQr,  Tol.  L  p.  108. 
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passed  the  dramnff-plaie  A  B,  ia  received  on  the  dnun  C,  to 
vhich  the  force  is  applied  through  the  cog-wheels  r  py  »q  (see 
Fig.  209). 

In  order  that  a  substance  should  read- 
i\y  yield  to  this  mechanical  action,  it  is 
eridentl;  essential,  not  only  that  its  par- 
ticles should  have  the  power  of  readily 
changing  tlieir  position,  but  also  that  it 
should  be  endowed  with  great  tenacity. 
Hence  those  metals  whose  particles  ad- 
mit most  readily  of  change  of  position 
are  not  necessaiily  the  most  ductile. 

A  rolling-mill  consists   of   two  steel 
rollers,  arranged  as  represented  in  Fig. 
210,  BO  that  their  distance  apart  ean  be 
varied  at  pleasure,  and  so  that  they  may 
y^  be  turned  together  in  unison,  but  in  op- 

posite, directions.  The  plate  of  metel  is 
applied  between  the  two  rollers,  and  is  forced  to  accommodate  its 
tliickness  to  the  distance  between  them,  which  is  a^usted  so  as 
to  be  a  little  less  than  the  thickness  of  the  plate.  This  distance 
may  then  be  diminished,  and  the  process  repeated  until  the  thick- 
ness of  the  plate  is  reduced  to  the  desired  amount. 

Many  of  the  metals  can  be  reduced  to  leaves  of  exceeding  te- 
nuity under  the  hammer.  It  is  in  this  way  that  the  goldleaf 
used  in  gilding  is  prepared.  The  gold  plate  is  first  reduced  in 
a  rolling-mill  to  the  tiuckness  of  about  one  millimetre.     Several 
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of  these  plates  are  now  piled  on  each  other,  and  spread  out  by 
beating  the  pile  with  a  heavy  mallet  until  they  are  reduced  to 
the  thickness  of  a  sheet  of  paper.  The  leaves  are  next  separated 
from  each  other  by  sheets  of  paper,  and  the  pile  beaten  again. 
Finally,  the  sheets  of  paper  are  replaced  by  otliers  made  of  gold- 
beaters' skin.  In  this,  as  in  all  similar  processes,  the  metal  be- 
comes brittle,  and  would  infallibly  break  or  tear  were  it  not 
frequently  reannealed.  The  process  of  annealing  consists  in 
heating  the  substance  to  a  high  temperature,  and  then  allow- 
ing it  to  cool  very  slowly. 

The  relative  malleability  of  the  metals  is  not  the  same  when 
hammered  as  when  rolled,  and  the  difference  appears  to  arise 
from  the  sudden  shocks  which  accompany  the  blows  of  the  ham- 
mer. In  the  following  table,  the  relative  malleability  of  the 
useful  metals  by  both  methods  is  given  side  by  side,  together 
with  the  relative  tenacity  and  ductility.  A  comparison  of  the 
columns  will  illustrate  what  has  been  stated  above. 


ItaKdftj. 

DoetlUty. 

MallMblll^ 
Qoderthe 
Hamm«r. 

nndtrtlM 
RoUlBB-UUl. 

Iron 

natinnm 

Lead 

Gold 

Copper 

Silver 

Tin 

Silver 

Platinam 

Iron 

Gold 

Copper 

Silver 

Copper 

Zinc 

Tin 

Zinc 

Gold 

Silver 

Lead 

Gold 

Zinc 

Copper 

Zinc 

Lead 

TRn 

Platinum 

Platinum 

Tin 

Lead 

Iron 

Iron 

The  action  of  heat  modifies,  in  a  most  marked  manner,  both  the 
ductility  and  malleability  of  many  bodies.    Iron,  for  example,  is 
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very  malleable  at  a  red  heat,  and  in  this  condition  it  can  be  read- 
ily forged  or  rolled  into  sheets.  Glass,  again,  vhich  is  brittle  at 
the  ordinary  temperature,  is  both  malleable  and  ductile  to  the 
highest  degree  at  a  red  heat.  Copper,  on  the  other  hand,  is  most 
malleable  when  cold,  and  zinc  cannot  be  rolled  out  with  success 
except  between  the  temperatures  of  130^  and  ISO"*  G.  Above 
this  last  temperature,  it  becomes  very  brittle. 

The  malleable  metals  are  capable  of  receiving  impressions  from 
blows ;  a  property  which  is  continually  made  use  of  in  various 
processes  of  the  arts.  The  processes  of  stamping  coins  and  em- 
bossing figures  on  surfaces  of  various  kinds  are  an  illustration  of 
the  fact.  The  impression  is  made  by  means  of  a  die,  in  which  the 
design  is  sunk,  just  as  the  raised  impression  which  the  wax  is  to 
present  is  simk  in  the  seal.  The  die,  which  is  made  of  the  hardest 
steel,  is  forced  down  upon  the  blank  coin  by  means  of  a  powerful 
screw  or  lever,  and  the  metal  of  the  coin,  being  comparatively 
soft,  is  driven  with  great  force  into  the  cavities  of  the  die,  and 
retains  the  impression. 

Hardness. 

(114.)  Scale  of  Hardness.  —  Hardness  is  the  resistance  which 
bodies  oppose  to  being  scratched  or  worn  by  other  bodies.  Of 
two  substances,  that  one  is  said  to  be  the  hardest  which  will 
scratch  the  other.  The  hardness  of  a  body  is  closely  related 
to  its  ductility  and  tenacity,  all  circumstances  which  increase 
the  ductility  or  diminish  the  tenacity  rendering  the  body  softer, 
and  the  reverse.  In  order  to  distinguish  a  harder  body  from  a 
softer,  we  either  attempt  to  scratch  the  one  with  the  other,  or  we 
try  each  with  a  file.  The  last  method  is  generally  to  be  pre- 
ferred ;  but  both  should  be  employed  when  practicable,  since 
some  bodies  "  give  a  low  hardness  under  the  file j  owing  either  to 
impurities  or  imperfect  aggregation  of  the  particles,  while  they 
scratch  a  harder  species,  —  showing  that  the  particles  are  hard, 
although  loosely  aggregated."  * 

Hardness  is  an  important  character  of  a  substance,  and  is 
much  used  by  mineralogists  as  a  means  of  distinguishing  between 
mineral  species.  In  order  to  fix  a  common  standard  of  compari- 
son, the  distinguished  German  mineralogist,  Mohs,  introduced  a 


*  DaoA'i  Sjitem  of  Mineralogy,  Vol.  I.  p.  ISO. 
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scale  of  hardness.  This  scale  consisted  of  ten  minerals,  which 
gradually  increase  in  hardness,  marked  from  1  to  10.  It  has 
been  since  modified  bj  Breithanpt,  who  has  introduced  two  ad- 
ditional degrees  of  hardness,  one  between  2  and  3,  the  other 
between  5  and  6,  as  these  intervals  were  larger  than  the  rest. 
The  numbers  of  Mohs,  however,  have  been  retained.  The  scale 
is  as  follows  :  — 

1.  Talc ;  common  laminated,  lightrgreen  variety. 

2.  Gypsum  ;  a  crystallized  variety. 
2.5.  Mica;  variety  from  Zinnwald. 

3.  CalcUe ;  transparent  variety. 

4.  Fluor- Spar ;  crystalline  variety. 

5.  Apatite ;  transparent  variety. 
5.5.  Scapolite ;  crystalline  variety. 

6.  Felspar  (orthoclase)  ;  white,  cleavable  variety. 

7.  Quartz;  transparent. 

8.  Topaz;  transparent. 

9.  Sapphire ;  cleavable  varieties. 
10.     Diamond. 

In  determining  the  hardness  of  a  mineral,  we  draw  a  file  over 
it  with  considerable  pressure.  If  the  file  abrades  the  mineral 
with  the  same  ease  as  No.  4,  and  produces  an  equal  depth  of 
abrasion  with  the  same  force,  the  hardness  is  said  to  be  4 ;  if  less 
readily  than  4,  but  more  readily  than  5,  it  is  said  to  be  between 
4  and  5  (written  4-  5)  ;  or  we  may  determine  it  with  more  accu- 
racy as  4.25  or  4.50.  Several  successive  trials  should  be  made, 
in  order  to  insure  accuracy,  and  the  student  should  practise  him- 
self in  the  use  of  the  file  with  specimens  of  known  hardness, 
until  he  can  obtain  constant  results.* 

(115.)  Sclerometer. — In  testing  the  hardness  of  the  dissim- 
ilar faces  of  the  crystal,  very  marked  difierences  are  frequently 
observed.  Difierences  may  also  be  perceived  on  the  same  face 
when  examined  in  difierent  directions.  For  the  purpose  of 
measuring  with  great  accuracy  the  difierences  in  hardness  which 
the  faces  of  a  crystal  present,  an  apparatus  has  been  contrived 
by  Grailichf  and  Pekarek,  called  a  sclerometer.     It  consists 

*  Boxes  containing  the  twelve  minerals  of  the  Mohs  scale  can  be  procnred  finom 
tte  dealers  in  philosophical  apparatus. 

t  Sitsangsherichte  der  niathem.-natorw.  Classe  der  kaif.  Akad.  der  WiuML,  ( Wieo, 
1854.)  Band  XIII.  s.  410. 
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CEsentially  of  a  hard  steel  point  attached  to  the  under  side,  at 
one  eud,  of  a  balance  beam,  which  is  cai-efullj  poised  on  its 
knife-edge.  Above  the  point,  and  on  the  upper  side  uf  the  beam, 
there  is  a  pan  to  receive  weights,  by  whicli  the  steel  point  ma; 
be  pressed  down  upon  tlie  face  of  a  crystal  wiUi  a  regulated 
force.  At  the  other  end  of  the  beam  tliere  is  fastened  a  sinrit- 
level,  and  the  whole  is  so  adjusted  that  the  beam  —  with  tlie 
point  and  pan  at  one  end,  and  with  the  spirit-level  at  the  otlier 
—  is  just  in  equilibrium. 

By  means  of  the  sclerometer,  it  appears,  for  example,  that  tlie 
rhombohedral  faces  of  crystals  of  colcite,  r  (Fig.  211),  are  softer 


fir  ni.  m.  au. 

thau  the  end  faces,  a.  It  has  also  been  found  that  the  hardness 
is  not  the  same  in  all  directions  on  the  rhombohedral  face.  From 
a  series  of  determinations  made  by  Grailich  and  Pekarek  with 
their  sclerometer,  it  appears  tliat  the  greatest  hardness  is  in  the 
direction  of  the  shorter  diagonal  of  the  face,  from  C  to  £  (Fig. 
212),  and  the  least  hardness  in  the  opposite  direcUon,  from  E  to 
C  on  the  same  diagonal.  The  weights  required  in  the  pan  above 
the  hard  point,  in  order  to  scratch  the  face  in  yarious  directions, 
were  as  followg  :  — 

n"  Shorter  diagonal  from  C  to  E, 

S9'  Perpendicular  to  edge  x, 

61*  Parallel  to  edge  *, 

90'  Longer  di^^al  from  E  to  C, 

129°  Parallel  to  edge  x, 

141'  Perpendicular  to  edge  *, 

180'  Shorter  diagonal  from  E  to  0,  96  " 

These  numbers  are  in  each  cose  the  mean  of  several  observa- 
tions.    Similar  differences  have  been  observed  on  a  large  number 

*  Tbeae  tnglei  art  thoK  mkde  by  the  gino  dinction  with  the  (horter  ■<i«gnn»| 
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of  other  crystals,  and  they  lead  to  the  following  general  con- 
clusions :  — 

1.  That  the  hardest  planes  of  a  crystal  are  those  which  are 
perpendicular  to  the  plane  of  most  perfect  cleavage.* 

2.  Tliat  on  a  given  plane  the  direction  of  greatest  hardness  is 
that  which  is  most  inclined  to  the  direction  of  most  perfect 
cleavage. 

(116.)  Annealing'  and  Temperinff.  —  The  hardness  of  many 
substances  may  be  greatly  modified  by  the  action  of  heat,  and  by 
various  mechanical  processes.  The  effects  of  change  of  tempera- 
ture in  varying  the  degree  of  hardness  are  most  important  in  re- 
gard to  steel,  since  it  is  on  this  influence  that  the  application  of 
steel  to  so  great  a  variety  of  useful  purposes  depends.  If  steel 
is  heatecl  to  a  red  heat,  and  then  very  slowly  cooled,  it  becomes 
ductile,  flexible,  soft,  and  comparatively  unelastic*  This  pro- 
cess is  called  annealings  and,  when  thus  annealed,  steel  can  read- 
ily be  drawn  into  wire,  rolled  into  sheets,  or  manufactured  into 
its  numerous  useful  forms.  If,  however,  the  articles  thus  manu- 
factured are  heated  to  a  white  heat,  and  then  suddenly  cooled  by 
plunging  them  into  water  or  mercury,  the  steel  becomes  very 
hard,  brittle,  highly  elastic,  and  less  dense. 

In  its  state  of  greatest  hardness,  steel  is  scarcely  fit  for  any 
purposes  in  the  arts,  since  it  is  so  brittle  that  its  points  or  edges 
are  broken  by  a  very  slight  resistance.  But  by  reheating  it  to  a 
lower  temperature,  and  then  slowly  cooling  it,  this  extreme 
hardness  may  be  reduced,  and  the  flexibility  of  the  steel  propor- 
tionally increased.  The  amount  of  the  reduction  is  greater,  the 
higher  the  temperature  to  which  the  articles  are  heated,  and  if 
heated  to  a  red  heat,  they  again  become  soft. 

This  process  of  reheating  is  termed  letting  down  or  tempering^ 
and  tlie  workman  is  guided  to  the  effects  he  wishes  to  produce  by 
the  changes  of  color  which  the  surface  of  poUshed  steel  exhibits 
at  different  temperatures.  The  tints  which  correspond  approxi- 
matively  to  the  different  temperatures  are  as  follows :  — 

Light  straw,       220*        Violet-yellow,  265**        Blue,  293^ 

Golden-yellow,  230*         Purple-violet,  277*         Deep  Blue,  817** 
Orange-yellow,  240**        Feeble  blue,    288*^        Sea-green,    830* 

*  Lehibnch  der  KiTstallographie  Ton  IfiUer  tlbenetxt  und  erweitert  dnrch  Dr.  J. 
Gnilieh,  (Wien,  1856,)  Seite  S29. 
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The  hardest  steel  is  used  for  little  else  than  the  making  of  dies 
for  coining.  The  steel  of  the  hardest  files  is  but  little  let  down. 
The  first  shade  of  yellow  indicates  that  the  reheating  has  been 
carried  sufficiently  far  for  lancet  and  other  small  surgeons'  instru- 
ments, on  which  the  keenest  edge  is  required.  Razor  and  pen- 
knife blades  are  heated  until  they  exhibit  a  light  straw-color. 
Scissors,  shears,  and  chisels,  in  which  a  greater  tenacity  is  required, 
are  tempered  at  the  first  shade  of  orange.  Table  cutlery,  in  which 
flexibility  is  more  desirable  than  the  hardness,  which  would  give  a 
fine  but  brittle  edge,  are  heated  to  the  violet  Watch-springs  are 
heated  to  a  full  blue,  and  coach-springs  to  a  deep  blue.  In  many 
manufactories  the  temper  is  given  by  immersing  tlie  hardened 
steel  articles  in  a  bath  of  mercury  or  oil,  the  heat  of  which  can 
be  exactly  regulated  by  a  tliermometer.  The  batli  is  heated  up 
to  the  required  temperature,  and  then  allowed  to  cool  slowly. 
In  this  way,  any  number  of  articles  which  are  to  receive  the 
same  temper  may  be  equably  heated  and  gradually  cooled. 

Most  other  metals  are  acted  upon  by  heat  and  cold  in  some* 
what  the  same  manner,  although  to  a  much  less  degree.  Copper, 
however,  is  a  remarkable  exception  to  the  rule,  its  properties 
being  exactly  the  reverse  of  tliose  of  steel ;  for  when  cooled 
slowly  it  becomes  hard  and  brittle,  but  when  cooled  rapidly,  soft 
and  malleable.  This  same  property  is  possessed  to  a  still  liigher 
degree  by  bronze^  which  is  an  alloy  of  copper  and  tin. 

Glass  undergoes,  from  the  action  of  heat  and  cold,  the  same 
changes  as  steel.  When  heated  to  a  red  heat,  and  suddenly 
cooled,  it  becomes  more  brittle,  harder,  and  less  dense  than  in  its 
annealed  condition.  When  a  glass  vessel  is  first  blown,  it  cools 
rapidly  and  irregularly,  and  the  varying  hardness  of  its  difierent 
parts  gives  to  it  such  a  degree  of  brittleness,  that  the  slightest 
shock  or  a  small  change  of  temperature  would  break  it.  In 
order  to  prevent  this,  it  is  annealed,  by  passing  it  through  a  long 
furnace,  of  which  the  heat  is  very  great  at  one  end  and  slowly 
diminishes  towards  the  otlier,  and  it  is  thus  cooled  gradually  and 
equably. 

^  The  properties  of  unannealed  glass  are  illustrated 

y^^       by  Prince  Rupert's  drops.    These  are  made  by  drop- 

/[  ping  melted  glass  into  water,  which  of  course  cools 

il  them  suddenly,  and  gives  to  the  glass  a  high  degree  of 

fig  218.       hardness  and  a  proportionate  brittleness.    They  have  a 
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long  oval  form,  tapering  to  a  point  at  one  end  (Fig.  218).  The 
body  of  the  drop  is  so  hard  that  it  will  bear  a  smart  stroke ;  but 
if  a  portion  be  broken  off  from  the  small  end,  the  whole  imme- 
diately flies  into  minute  particles  with  a  loud  snap. 

The  cause  of  the  changes  in  hardness  produced  by  the  action 
of  heat  has  not  been  as  yet  satisfactorily  explained.  The  explar 
nation  usually  given  is  this.  When  a  bar  of  steel  highly  heated, 
and  hence  greatly  expanded,  is  immersed  in  cold  water,  the  ex- 
terior layers  suddenly  contract,  and  are  compelled  to  adapt  them- 
selves, by  a  permanent  displacement  of  their  molecules,  to  the 
core,  which  is  still  in  an  expanded  state  within.  Subsequently, 
when  the  interior  of  the  mass  cools,  its  particles  cannot  approach 
each  other  freely,  because  they  are  more  or  less  united  to  the  ex- 
ternal crust,  which  has  been  already  fixed  in  position.  Hence, 
these  particles  remain  in  a  state  of  tension,  and  this  is  supposed 
to  give  rise  to  the  peculiar  change  of  properties. 

Were  this  explanation  correct,  the  effects  of  a  sudden  change 
of  temperature  ought  to  be  greatest  on  thick  bars  of  steel,  but  in 
fact  the  reverse  is  the  case.  The  change  is  most  probably  con- 
nected with  the  phenomena  of  dimorphism  (98),  but  in  what  way 
is  not  yet  understood. 

Most  metals  are  hardened,  not  only  by  sudden  cooling,  but  also 
by  such  mechanical  processes  as  tend  to  condense  them  permsr 
nently,  and  thus  increase  their  density.  The  processes  of  stamp- 
ing coin,  of  wire-drawing,  of  rolling  out  metallic  plates,  and  of 
hammering,  are  all  evidently  of  this  nature.  '  This  change  is 
usually  called  hammer-hardening ^  and  its  effects  are  the  same  on 
almost  all  ductile  bodies.  They  become  denser,  more  tenaciouSi 
harder,  more  brittle,  and  more  elastic.  All  these  effects  can  be 
removed  by  annealing ;  and  hence  the  necessity  of  continually 
reannealing  the  metals,  during  the  processes  just  mentioned. 

PBOBLEBCS. 
EltmUeity  of  Teniian* 

91.  A  rectangular  iron  bar  2  m.  in  length,  and  whose  section  is  equal 
to  2  cTml*,  IS  suspended  by  its  upper  extremity  to  a  firm  support,  and  to 
its  lower  extremity  is  attached  a  weight  of  1,000  kilog.  How  much  is  it 
temporarily  elongated  by  the  strain,  when  the  temperature  is  15*  ? 

92.  An  annealed  iron  wire  2  m.  m.  in  diameter  and  2.25  m.  in  length  is 
suspended  as  in  the  last  example.  How  much  weight  is  required  to  elon- 
gate it  0.25  m.  m.,  when  the  temperature  is  15*  ? 
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98.  A  silver  wire  0.75  m.  m.  in  diameter  and  5  m.  long  is  elongated  bj 

a  weight  0.25  m.  m.     How  great  is  this  weight  when  the  temperature  is 

15^? 

Tmactty. 

94.  With  how  much  weight  in  kilogrammes  must  a  copper  wire  be 
loaded,  in  order  to  part  it,  when  the  diameter  of  the  wire  is  equal  to 
1  m.  m.  ?     Calculate  both  for  annealed  and  unannealed  wire. 

95.  In  a  pendulum  experiment,  it  is  required  to  suspend  a  weight  of 
50  kilog.  bj  a  c<^per  wire.  What  must  be  the  diameter  of  the  wire, 
allowing  -^  for  security  beyond  the  diameter  absolutely  essential  ?  Cal- 
culate both  for  annealed  and  unannealed  wire. 

CotUnon  of  Perfectly  EUxttie  Bodies, 

In  thAfiUfnamg  prdbiems  marked  with  a(*),the  masses  and  velocities  of  the  two  baBs  are 
indicated  as  deacribed  in  (109).  The  motion  is  from  left  to  right,  unless  the  reverse  is  indi" 
eated  by  a  negative  sign.  In  eodi  problem  it  is  required  to  find  the  velocities  of  the  two  betBs 
after  the  impact,  and  edso  the  dkreetion  of  the  motion. 


♦96. 

if -6. 

t>  —  dm. 

M'  —  17. 

b'  —  1  m. 

♦97. 

M^  10. 

b  —  5  m. 

W  —  20. 

{y  —  2.5  m. 

•98. 

JIf  —  10. 

i)  —  10  m. 

W  —  100. 

b'  —  0  m. 

♦99. 

JIf  —  20. 

b  —  10  m. 

M<  —  10. 

i)/  —  _5m. 

100. 

M^  15. 

b  —  16  m. 

JIf'  ~  10. 

t)/.— d2m. 

101.  A  ball  whose  mass  is  M,  with  a  Telocity  V,  meets  a  second  ball 
moving  in  the  same  direction,  whose  mass  is  M*,  ¥rhat  must  be  the 
velocity  of  the  second  ball,  when  the  first  ball  remains  at  rest  after  the 
collision  ? 

102.  A  ball  strikes  on  a  plane  making  an  angle  of  incidence  equal  to 
60^.  What  will  be  the  angle  of  reflection  when,  in  consequence  of  the 
imperfection  of  the  elasticity  both  of  the  plane  and  the  body,  one  third  of 
the  vertical  velocity  is  lost  by  the  impact  ?  Solve  the  same  problem,  sup- 
posing that  one  fourth  of  the  velocity  is  lost. 

103.  An  elastic  ball  falls  from  the  height  of  2  m.  How  high  will  it  re- 
bound, supposing  that  one  fifth  of  the  final  velocity  is  lost  at  the  impact,  in 
consequence  of  imperfect  elasticity  ? 

104.  Two  perfectly  elastic  balls,  moving  in  the  same  plane,  meet  each 
other  obliquely.  The  angles  made  by  the  two  directions  of  their  motions 
with  the  line  n  17 (Fig.  206),  lying  in  the  same  plane  and  tangent  to  both 
balls  at  the  point  of  contact,  are  a  ^  60^  and  fi  »■  80^.  The  masses 
are  JIf  ^  10  and  JIf' •■  5 ;  the  velocities  are  t)  **  2.5  and  ])'  »  5.  It 
is  required  to  find  the  velocities  of  the  two  balls  after  collision,  and  the 
angles  which  the  directions  of  their  motions  make  with  the  given  line* 

105.  Solve  the  same  problem  for  the  following  values :  — 

a  »  40^     p  —  ^0^     M^^S.     JT  —  lO.     b  —  4  m.     b'  —  6  m. 
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II .  Characteristic  Properties  op  Liquids. 

(117.)  Mechanical  Condition  of  Liquids.  Fluidity.  —  Tho 
liquid  has  not,  like  the  solid  (79),  a  definite  form;  but  it  takes 
the  form  of  the  yessel  in  which  it  is  placed.  Its  particles  are  in 
a  condition  of  equilibrium  between  the  attractive  and  repulsive 
forces  (78),  and  instead  of  being  bound  together,  as  in  a  solid, 
they  possess  a  perfect  freedom  of  motion ;  and  under  the  influ- 
ence of  the  slightest  force,  they  move  among  each  other  without 
friction  and  without  disturbing  the  general  equilibrium.  This 
mechanical  condition  of  matter  is  termed  fluidity j  and  belongs 
both  to  liquids  and  gases.  Liquids  are  not,  howeyer,  perfect 
fluidSy  for  there  always  exists  between  their  particles  a  certain 
amount  of  adhesion,  owing  to  an  excess  of  attractive  force  which 
renders  them  more  or  less  viscous.  Between  an  almost  perfect 
fluid,  like  water,  and  a  condition  like  dough,  we  have  every  grade 
of  fluidity.  Tliis  is  illustrated  by  the  well-known  series  of  or- 
ganic acids,  commencing  with  formic  acid  and  ending  with  me- 
lissic  acid.  The  series  consists  of  over  twenty  members,  and  pre- 
sents every  grade  of  condition.  Formic  acid  is  as  fluid  as  water ; 
but  as  we  descend  in  the  series,  the  numbers  are  found  to  be 
more  and  more  viscous,  becoming  first  oily,  then  soft  fats,  next 
hard  fats,  and  finally  solids,  like  wax. 

(118.)  Elasticity  of  Liquids.  —  It  has  already  been  stated 
(76),  that  liquids  are  compressible,  and,  moreover,  that  they  re- 
sume exactly  their  original  volume  as  soon  as  the  pressui'e  by 
which  this  was  diminished  is  removed.  It  follows  from  these 
facts,  that  liquids  are  perfectly  elastic,  and  that  this  elasticity  is 
unlimited  in  extent. 

In  the  early  experiments  on  compressibility  made  by  Oersted, 
it  was  assumed  that  the  capacity  of  the  bulb  Ay  of  the  appara- 
tus already  described  (Pig.  214),  remained  invariable.  This  as- 
sumption was  based  on  the  fact,  that  the  walls  of  this  reservoir 
were  equally  pressed  by  the  fluid  on  both  sides.  It  is  easy, 
however,  to  see  that  this  assumption  is  incorrect ;  for  if  we 
suppose  the  interior  of  the  bulb  to  be  filled  with  solid  glass,  it  is 
evident  that  the  volume  of  the  interior  core,  and  hence  that  of 
the  bulb,  would  be  diminished  by  the  exact  amount  that  this 
glass  core  would  be  compressed  by  the  given  pressure.  In  such 
a  case,  the  pressure  on  the  exterior  surface  of  the  bulb  would  be 


216 


CHEMICAL  FHTSICS. 


exactly  balanced  hy  the  reactioD  ot  the  glass  core.  If,  now,  the 
place  of  the  glass  core  is  supplied  by  vater,  the  pressure  on  the 
exterior  surface  remaining  the  same,  it  is  evident  that  the  reac- 
tion of  the  water  core  must  be  exactly  the  same  as  that  exerted 
by  the  glass  core  ;  for  otherwise  the  law  of  action  and  reaction 
(41)  would  not  be  obeyed.  The  conditions,  then,  with  respect  to 
the  bulb,  are  not  clianged,  and  jt  is  evident  that  its  volume  will 
be  just  as  much  reduced  when  filled  witli  wat«r  as  when  filled 
with  glass ;  that  is,  hy  the  amount  to  which  a  glass  core  just  fill- 
ing it  would  be  compressed  by  the  given  force. 

It  follows  from  this,  that  the  apparent  condensation  of  any  fluid 
under  a  given  pressure,  when  determined  by  the  apparatus  repre- 
sented in  Fig.  214,  is  not  so  great  as  the 
real  condensation,  and  that  It  is  neces- 
sary to  correct  the  determinations  thus 
made  by  adding  to  the  observed  compres- 
sion an  amount  equal  to  the  compres- 
sion, under  a  given  pressure,  of  a  glass 
core  which  would  just  fill  the  interior 
of  the  bulb.  This  amount  can  in  any 
c^e  be  calculated  from  data  furnished 
by  experiments  on  the  elongation  of 
glass  rods  by  tension,  since,  according 
to  M.  Wertheim,  the  diminution,  under 
a  given  pressure,  of  one  cubic  cen- 
timetre of  glass,  in  fractions  of  a  cubic 
centimetre,  is  just  equal  to  the  elonga- 
tion of  a  glass  rod  one  centimetre  long, 
in  fractions  of  a  centimetre,  under  an 
equivalent  tension.  M.  Grassi  has 
carefully  redetermined  the  compressi- 
bility of  several  liquids,  making  use  of 
ii,.iu.  Au   improved   apparatus   contrived  by 

Regnault,  and  correcting  his  observa- 
tions for  the  compressibility  of  the  reservoir  used  according  to  tlie 
formula)  of  Wertheim.  He  has  also  studied  the  influence  of  a 
variation  of  temperature  on  the  compressibility,  as  well  as  the 
influence  of  different  pressures.  The  most  important  results  ob- 
tained by  M.  Grassi  are  given  in  the  following  table.  In  every 
case,  the  numbers  expressing  the  compressibility  of  a  liquid 
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indicate  the  fraction  of  its  Tolume  bj  which  it  is  condensed  when 
submitted  to  a  pressure  of  one  atmosphere. 


TaJtiUofHu 

•  CoefficienU  of  Compreuibiitty** 

Tnuan  In  Atmot- 

Liquid. 

XlBiDp0mtare. 

ComprtMlbiUty. 

pherai,  from  which 

the  CoraprHslbllity 

WM  detennincd. 

o 
0.0 

0.00000295 

•    . 

WfttOTy      •           •          •          • 

0.0 

0.0000608 

•    • 

M 

1.6 

0.0000616 

•    • 

tt 

•              •             • 

4.1 

0.0000499 

•    . 

U 

10.8 

0.0000480 

.    . 

.              ■             • 

13.4 

0.0000477 

•    • 

M 

18.0 

.   0.0000468 

.    • 

«C 

•               •              • 

M 

0.0000460 

.    • 

« 

25.0 

0.0000466 

•    • 

a                  •                  •                  1 

84.5 

0.0000453 

•    . 

M 

48.0 

0.0000442 

•    . 

•                               •                               •                               4 

63.0 

0.0000441 

•    • 

Ether, 

0.0 

0.000111 

8.408 

M 

•             •             •             < 

0.0 

0.000181 

7.820 

<« 

14.0 

0.000140 

1.680 

•             •             •             < 

18.8 

0.000168 

8.362 

Ethylic  Alcohol, . 

7.8 

0.0000828 

2.802 

U                      M 

7.8 

0.0000868 

9.450 

«                      *'               .              . 

13.1 

0.0000904 

1.670 

K                      M 

13.1 

0.0000991 

8.97 

Hethjlic  Alcohol, 

13.5 

0.0000918 

•   • 

Chlorofonn,     • 

8.6 

0.0000626 

•    • 

•               •               • 

12.0 

0.0000648 

1.809 

"    1 

12.5 

0.0000768 

9.2 

In  the  case  of  water,  it  was  found  that  the  amount  of  condensar 
tion  was  proportional  to  the  pressure,  and  that  it  diminished 
when  the  temperature  was  increased.  On  the  other  hand,  it 
appeared  that  the  compressibility  of  alcohol,  ether,  and  chloro* 
form  increased  with  the  temperature,  and,  moreover,  that  the 
compressibility  of  these  fluids,  as  well  as  that  of  metliylic  ether, 
increased  with  the  pressure. 

M.  Orassi  also  made  experiments  on  the  compressibility  of  sa- 
line solution,  and  found  that,  for  the  same  solution,  it  was  as 
constant  as  that  of  pure  water,  and  tliat  it  diminished  when  the 
amount  of  salt  in  solution  was  increased. 


^  Annales  de  Chimie  et  de  Fh78iq[ne,  8*  Scrie,  Tom.  XXXI.  p.  437. 
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Consequences  of  the  Mechanical  Condition  of  Liquids. 

(119.)  We  have  seen,  in  the  last  two  sections,  that  the  mole- 
cules of  a  liquid  are  in  a  condition  of  equilibrium,  and  also  that 
all  liquids  arc  but  slightly  compressible  and  perfectly  elastic.  Of 
the  characteristic  properties  of  liquids,  we  shall  only  consider 
those  which  are  a  necessary  consequence  of  these  conditions. 
These  naturally  divide  themselves  into  two  classed :  first,  those 
which  are  independent  of  the  action  of  gravity ;  and,  secondly, 
those  which  depend  upon  it. 

(120.)  Liquids  transmit  Pressure  in  all  IHreclions.  —  This 
most  important  quality  of  liquids  was  first  clearly  stated  by  Blaise 
Pascal,  in  the  following  terms :  Liquids  transmit  equally  in  ail 
directions  a  pressure  exerted  at  any  point  of  their  mass. 

We  may  illustrate  what  is  meant  by  this  statement  of  Pascal, 
by  means  of  Fig.  215,  which  represents  the  section  of  a  vessel 
— which  may  be  of  any  shape — filled  with 
water,  on  the  sides  of  which  are  several  ^^ 

apertures  closed  by  movable  pistons.    Let      ^^^v^^^^^^^ 
us  suppose  that  the  two  pistons  d  and  c      ^^  ^^ 

present  tlie  same  surfiwe ;  and,  further,         l^l^^^^^^^^^  } 

that  the  piston  a  presents  twice,  and  the         V  / 

piston  b  five  times,  the  area  of  c.    If,  now,       ivf^^^^^^^S^ 
we  press  in  the  piston  c  with  the  force  of  ng.  su, 

one  kilogramme,  this  force  will  be  trans- 
mitted in  every  direction  to  tlie  sides  of  the  vessel,  and  every 
portion  of  the  interior  surface  whose  area  equals  that  of  the 
piston  will  be  pressed  upon  with  a  force  of  one  kilogramme ; 
the  piston  d  will  be  pressed  out  with  a  force  of  one  kilogramme ; 
the  piston  a,  with  a  force  of  two  kilogrammes ;  the  piston  6, 
with  a  force  of  five  kilogrammes.  And  so  will  it  be  with  any 
other  portion  of  surface,  either  on  the  side  of  the  vessel  or  im- 
mersed in  the  fluid ;  it  will  be  pressed  upon  with  a  force  as  many 
times  greater  than  one  kilogramme,  as  it  is  itself  greater  than 
the  surface  of  the  piston  c. 

It  is  easy  to  see  that  this  is  a  necessary  consequence  of  the 
constitution  of  liquids.  Since  fluids  are  compressible  and  elastic, 
it  follows  that,  on  pressing  in  the  piston  rf,  the  liquid  is  very 
slightly  condensed,  and  the  elasticity  of  compression  developed  in 
its  particles.    Each  particle  at  once  becomes  like  a  bent  spring, 


THE  THBEE  8TATES  OF  MATTER.  219 

and  presses  in  all  directions*  If  the  particle  is  in  the  midst  of 
the  fluid  mass,  it  presses  against  tlie  neighboring  particles ;  if 
it  is  on  the  side  of  the  vessel,  it  presses  in  one  direction  against 
the  vessel,  but  in  all  others  against  similar  particles.  Since 
the  same  is  true  of  every  particle,  it  follows  that  the  pressure  ex- 
erted by  the  condensed  liquid  against  any  two  surfaces  will  be 
proportional  to  the  number  of  particles  in  contact  with  these  sur- 
faces ;  and  as  the  particles  have  the  same  size,  it  will  also  be 
proportional  to  the  area  of  the  surface.  Hence  the  pistons  d  and 
c  will  be  pressed  out  each  by  the  same  force,  the  piston  a  by  a 
force  twice  as  great,  and  the  piston  6  by  a  force  five  times  as 
great,  as  this.  From  the  pruiciple  of  equality  between  action  apd 
reaction,  it  follows  tliat  the  outward  pressure  on  the  piston  c  is 
exactly  equal  to  the  force  applied  to  press  it  in ;  so  that,  if  this 
piston  is  pressed  in  with  a  force  of  one  kilogramme,  the  piston 
d  is  pressed  out  with  the  same  force,  the  piston  a  with  a  force  of 
two  kilogrammes,  etc. ;  which  was  the  proposition  to  be  proved. 

Representing  the  area  of  any  portion  of  the  interior  surface  of 
a  vessel  by  £»,  and  that  of  any  other  portion  by  S' ;  representing 
also  by  S  and  S'  the  pressure  exerted  against  these  surfaces  by  a 
confined  liquid,  in  consequence  of  any  compression  ;  we  have 

S:S'=  S:  S'.  [77.] 

Moreover,  it  is  evident  from  the  principle  involved,  that  this 
equation  is  true,  not  only  for  the  surface  of  the  vessel  itself,  but 
also  for  that  of  any  solid  immersed  in  the  compressed  liquid,  or 
for  any  section  of  liquid  particles  whatsoever  in  the  vessel. 

(121.)  The  line  indicating'  the  direction  of  the  pressure  ex^ 
erted  by  any  liquid  particle  against  the  surface  with  which  it  is 
in  contacty  is  always  a  perpendicular  to  this  surface  at  the  point 
of  contact.  If  the  surface  is  a  plane^  the  line  is  a  perpendicular 
to  this  plane ;  if  the  surface  is  curved^  the  line  is  a  normal  to  this 
curve.  The  truth  of  this  principle  will  be  seen,  if  we  consider 
what  must  be  the  result  if  the  direction  of  the  pressure  were 
oblique.  It  is  evident  that  such  oblique  pressure  would  be  re- 
solved into  two  forces  (35),  one  perpendicular  to  the  surface,  and 
the  other  tangent  to  it.  The  second  component  could  of  course 
exert  no  pressure  against  the  surface ;  so  that  the  whole  pressure 
exerted  by  the  liquid  particle  would  be  that  of  the  first  compo- 
nent, which  is,  as  the  proposition  requires,  perpendicular  to  the 
surface  at  the  point  of  contact. 
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Wlien  the  surface  is  plane,  the  directions  of  the  pressures  ex- 
erted by  the  particles  are  all  parallel.  It  is  then  always  possible* 
by  (39),  to  find  a  common  resultant  of  all  these  parallel  forces. 
The  point  of  application  of  this  resultant  is  called  the  centre  of 
pressure.  When  the  pressures  exerted  by  tlie  separate  particles 
are  all  equal,  the  centre  of  pressure  is  always  the  centre  of  figure 
of  tlie  surface.  In  tlie  cose  of  the  pistons  (Fig.  215),  the  centre 
of  pressure  is  in  each  one  the  centre  of  the  circular  base,  and  in 
studying  its  mechanical  effects  ve  may  regard  all  the  pressure  as 
concentrated  at  that  point.  Were  the  base  of  the  piston  con- 
cave, then  the  directions  of  the  pressures  exerted  by  the  separate 
particles  would  no  longer  be  parallel ;  since  the  lines  indicating 
these  directions  would  diverge  from  the  centres  of  curvature. 
Compare  (60).  Moreover,  as  the  area  of  tlie  curved  surface  would 
be  greater  than  that  of  the  plane  surface,  it  is  evident  that  the 
total  amount  of  pressure  which  it  would  sustain  under  tlie  same 
circumstances  would  be  greater ;  but  it  can  be  proved  that  the 
pressure  available  in  moving  the  piston  would  be  the  same  as 
before.  For  this  purpose,  it  is  only  necessary  to  decompose  the 
pressure  exerted  by  each  particle  into  two  forces,  one  acting  in  a 
direction  which  is  parallel  to  the  axis  of  the  cylinder,  and  the 
other  at  right  angles  to  this  direction.  The  forces  acting  parallel 
to  the  axis  of  the  piston  are  obviously  the  only  ones  which  are 
available  In  moving  it ;  and  the  sum  of  these  forces  will  be  found 
to  be  the  same  as  the  total  pressure  which  would  be  exerted  if 
the  base  of  the  cylinder  were  a  plane. 

(122.)  Hydrostatic  Press.  — -  This  most  beautiful  application 
of  tlie  equality  of  pressure  was  conceived  by  Pascal ;  but  the 
difficulty  of  avoiding  the  escape  of  water 
from  the  joints  of  pistons  prevented  him 
from  realizing  his  conception,  and  the 
press  was  first  constructed  by  Bramah,  in 
1796,  at  London. 

It  is  perfectly  evident  that  tlie  principle 

of  equality  of  pressures  deduced  in  the 

last  section  is  entirely  independent  of  the 

r^ns.  form  of  the  vessel,  and  we  may  therefore 

give  to  the  vessel  the  form  of  Fig.  216,  ia 

which  the  area  of  the  piston  6  c  is  twenty  times  as  large  as  that 

of  the  piston  a.    Hence  it  follows,  that,  if  we  press  in  the  pis- 
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ton  a  vith  a  force  of  fire  kilogrammes,  the  piston  b  will  be 
forced  out  with  twentj  times  ss  much  force,  or  one  hundred  kilo- 
grammes ;  and,  on  the  other  hand,  if  we  press  in  the  piston  b  e 
with  a  force  of  one  hundred  kilognunmes,  the  piston  a  will  be 
forced  out  with  a  force  of  only  five  kilogrammes.  It  is  evidently 
imimportant  that  the  connection  between  the  piston  should  be  so 
direct  as  iu  Fig.  216.  If  it  is  effected  by  a  long  and  narrow  tube, 
the  principle  will  still  hold  true,  provided  only  that  the  joints  are 
tight  and  the  material  of  the  vessel  unyielding. 

The  hydrostatic  press,  which  is  used  in  the  arts  for  producing 
great  pressure,  is  only  a  modification  of  the  apparatus  represented 
by  the  diagram,  Fig.  216.  One  of  tlie  most  usual  forms  of  this 
machine  is  represented  iu  perspective  by  Fig.  21T,  and  iu  sectioa 


by  Fig.  218.  The  same  parts  are  lettered  alike  on  the  two  figures. 
It  consists  of  two  cylinders,  A  and  B,  connected  together  by  a  tube, 
K.  In  the  larger  cylinder  moves  the  large  piston  P,  which  is 
made  in  the  form  of  a  plunger,  touching  the  walls  of  the  cylinder 
only  at  the  top,  where  it  passes  through  a  water-tight  packing. 
On  the  top  of  this  piston  is  a  platfonu,  which  rises  and  falls  with 
19* 
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it,  and  the  articles  to  be  submitted  to  pressure  are  placed  between 
this  and  a  second  platform,  Q,  which  is  firmly  fastened  to  the 
floor  by  means  of  four  iron  columns,  which  also  serve  to  guide 
tiie  motion  of  the  lower  platform.    The  small  piston  p  is  cqu- 


structed  exactly  like  the  lai^r,  and  is  moved  up  6nd  down  in 
the  cylinder  by  the  pump-handle  Jlf.  The  small  cylinder  acta 
as  a  force-pump.  It  connects  with  a  reservoir  of  water  below 
by  means  of  a  tube  terminating  with  a  rose,  a.  This  tube  is 
guarded  by  a  valve,  c,  which  allows  the  water  to  flow  up  into  the 
pump,  but  not  in  the  reverse  direction.  It  is  evident  from  this  de- 
scription, that,  on  working  the  handle  Jf,  water  will  be  alternately 
sucked  up  from  the  reservoir  and  forced  into  the  large  cylinder 
B,  through  the  pipe  K,  from  which  it  is  prevented  from  returning 
by  a  valve  at  o.  The  large  piston  will  thus  be  forced  up  by  a  pres- 
sure which  will  be  as  much  greater  than  that  exerted  on  the  small 
piston  as  the  area  of  its  section  is  greater.  If,  for  example,  it  is 
a  hundred  times  as  lai^,  it  will  be  pressed  up  with  a  force  one 
hundred  times  greater  than  that  exerted  on  p.  TIiJs  force  can 
be  so  much  increased  by  the  lever  Jf,  that  a  man  can  easily  exert 
a  downward  pressm-e  of  150  kilogrammes  on  p,  and  the  piston  P 
will  then  be  pressed  up  with  a  force  equal  to  15,000  kilogrammes. 
It  must  be  noticed,  however,  that  the  piston  P  will  rise  very 
slowly,  and  as  much  more  slowly  than  the  motion  of  ;>  as  the  area 
of  its  section  is  greater.  This  is  in  accordance  with  a  well-known 
principle  of  mechanics,  which  is  true  of  all  machines,  that  what  is 
gained  in  force  is  lost  in  velocity  (or  extent  of  motion).  In  the 
present  case,  in  order  to  raise  the  piston  P  one  metre  under  a  force 


THE  THREE  STATES  OF  MATTER.  223 

of  15,000  kilogrammes,  it  is  necessary  to  push  down  the  piston  p 
through  one  hundred  metres  with  a  force  of  150  kilogrammes. 
This  is  accomplished  by  repeated  motions  of  the  handle  M. 

The  tube  K  is  furnisl^d  with  a  safety-valve,  f  (Fig.  218),  kept 
in  place  by  a  weight  acting  on  it  through  a  lever  (Fig.  217). 
Tliere  is  also  a  valve-cock  at  r,  by  which  the^water  in  the  cylinder 
B  may  be  vented  into  the  reservoir  IT,  in  order  to  lower  the  pis- 
ton ;  and,  lastly,  a  third  valve-cock,  by  which  the  communication 
between  the  cylinders  may  be  closed  when  it  is  desirable  to  keep 
the  articles  under  pressure  for  some  time.  The  peculiar  form  of 
the  packing  at  n  is  also  deserving  of  notice.  It  is  made  of  thick 
leather  saturated  with  oil,  in  the  form  of  an  inverted  U,  and 
the  more  the  water  is  compressed,  the  more  firmly  the  leather  is 
pressed  against  the  sides  of  the  cylinder  and  piston. 

The  hydraulic  press  is  applied  in  the  arts  for  a  great  variety  of 
purposes,  such  as  packing  dry  goods  in  bales,  pressing  out  printed 
sheets,  extracting  oil  from  grains,  and  testing  steam-boilers.  It 
was  also  used  for  raising  the  iron  tubes  of  the  Britannia  Bridge 
over  the  Menai  Strait. 

(123.)  Pressure  exerted  by  Liquids  in  Consequence  of  their 
Weight.  —  In  the  first  place,  let  us  consider  what  will  be  the 
pressure  exerted  by  a  liquid  on  the  bottom 
of  the  containing  vessel.  Let  ar  m^  Fig.  219, 
be  a  conical  vessel,  which  we  will  suppose  filled 
with  water  to  the  point  o.  Let  us  suppose 
the  liquid  to  be  divided  into  a  number  of 
strata  by  the  planes  frc,  e  dj  igy  p  n,  which 
we  may  take  as  thin  as  we  wish,  and  only 
consider  in  each  stratum  the  cylindrical  mass 
enclosed  in  dotted  lines.  It  is  now  evi- 
dent that  the  pressure  exerted  by  each  cylindrical  mass  on  its 
own  base  will  be  equal  to  its  own  weight.  Then,  from  the  prin- 
ciple of  Pascal,  the  pressure  exerted  by  the  weight  of  the  first 
mass  will  be  transmitted  to  the  whole  section  b  c,  so  that  this  will 
have  to  support  a  pressure  as  much  greater  than  the  weight  of  the 
first  mass  as  the  area  of  this  section  is  greater  than  the  area  of  the 
base  of  the  first  cylinder.  Hence  it  follows,  that  it  will  support 
a  pressure  equal  to  the  weight  of  a  column  of  water  whose  base 
equals  b  c,  and  whose  height  is  that  of  the  first  cylinder.  This 
pressure  will  then  be  added  to  the  weight  of  the  second  cylinder, 


224  CHEMICAL  PHYSICS.    ' 

which,  on  the  same  principle,  will  be  transmitted  to  the  whole 
section  e  d ;  and  hence  the  resulting  pressure  exerted  on  the  sec- 
tion e  d  is  equal  to  the  weight  of  a  column  of  water  whose  base 
equals  this  section,  and  whose  height  equals  the  sum  of  the 
heights  of  the  first  and  second  cylinders.  The  same  course  of 
reasoning  may  be  extended  to  the  sections  igj  pn^  and  also  to 
the  base,  r  m.  Hence  the  pressure  on  the  base,  r  m,  is  equal  to 
the  weight  of  a  column  of  water  whose  base  equals  this  base, 
and  whose  height  equals  the  sum  of  the  heights  of  all  tlie  cylin- 
ders, or  o  m. 

This  demonstration  is  evidently  independent  of  the  number  of 
strata,  and  must  therefore  hold  when  this  number  is  infinite  and 
the  vessel  conical.  It  is  also  evident  that  it  is  independent  of  the 
form  of  the  vessel.  It  would  hold  if  the  vessel,  remaining  conical, 
were  placed  in  an  inverted  position,  or  for  a  vessel  of  any  shape 
whatsoever.  We  may  therefore  conclude,  as  the  general  result 
of  this  discussion,  that  the  pressure  exerted  by  a  liquid  an  the 
horizontal  base  of  the  containing  vessel  is  equal  to  the  weight  of 
a  column  of  this  liquid  whose  base  equals  the  base  of  the  vessel^ 
and  whose  height  equals  the  depth  of  the  liquid  in  the  vessel. 

The  fact,  that  the  pressure  exerted  by  a  liquid  on  the  bottom  of 
the  vessel  containing  it  is  independent  of  the  form  of  the  vessel, 
may  be  demonstrated  experimentally  by  means  of  the  apparatus 
represented  in  Fig.  220,  which  was  invented  by  Haldat,  and  is 
known  by  his  name.  It  consists  of  a  bent  glass  tube,  il  £  C,  at 
one  end  of  which.  Ay  is  a  brass  cap,  to  which  may  be  screwed  either 
of  the  glass  vessels  ilf  and  P.  There  is  also  a  cock  by  which  the 
liquid  in  the  vessel  may  be  drawn  off.  In  order  to  make  the  ex- 
periment, we  fill  the  bent  tube  with  mercury,  and  then  screw  into 
its  place  the  larger  of  the  two  vessels,  which  we  fill  with  water. 
This  presses  up  the  mercury  in  the  branch  C,  and  we  mark  the 
level  to  which  it  rises  by  means  of  the  ring  a.  We  also  mark  the 
level  of  the  water  in  the  vessel  by  means  of  the  index-rod  c,  which 
we  push  down  until  it  just  touches  the  surface.  We  then  draw  off 
the  water,  and,  having  replaced  the  vessel  M  by  the  smaller  ves- 
sel P,  we  fill  this  with  water  to  the  same  height  as  marked  by  the 
index,  when  we  find  that  the  mercury  rises  in  the  branch  C  to 
precisely  the  same  level  as  before.  As  the  effect  produced  by  the 
pressure  of  the  water  in  the  two  cases  is  the  same,  we  have  a 
right  to  conclude  that  the  two  pressures  are  equal.    This  pres- 
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rore,  then,  is  independent  of  the  form  of  the  vessel  or  of  the 
quantity  of  water ;  and,  siace  the  base  of  the  vessel  is  tlie  same  in 
both  cases,  (that  is,  the  surface  of  the  mercury  in  the  tube  A,') 
and  the  height  of  the  liquid  also  the  same,  it  is  evident  that  the 
equality  of  pressure  is  a  necessary  result  of  the  principle  before 
proved. 

(124.)  Upteard  Pressure.  —  Ifwe 
consider  any  given  section  of  liquid, 
zapn.  Fig.  219,  it  is  evident  that  the 
particles  on  this  section  are  com- 
pressed by  the  weight  of  the  liquid 
above  them,  and  hence  must  be  ex- 
erting pressure  in  every  direction, 
and  just  as  much  upward  pressure 
as  downward  pressure.  If,  then,  we 
immerse  in  the  liquid  a  cylindrical 
body,  such  as  cd,  Fig.  221,  it  is  plain 
that  the  particles  of  water  in  contact 
with  the  base,  dy  of  the  cylinder,  be- 
ing in  a  compressed  condition,  must 
exert  an  upward  pressure  on  the  base 
of  the  cylinder  equal  to  the  pressure  »••*". 

fliey  exert  on  the  section  of  liquid  next  below  them.     This 
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pressare,  by  tlie  lost  section,  is  equal  to  the  veiglit  of  a  column 
of  liquid  having  the  same  base  as  the  cylinder,  and  having  a 
height  equal  to  the  depth  of  the  section  below  the  surface  of  tlie 
liquid. 

(125.)  Pressure  on  the  Sides  of  a  Vessel.  — This  same  course 
of  reasoning  may  also  be  extended  to  the  pressure  exerted  by  a 
liquid  against  the  sides  of  tlio  containing  vessel.    It  is  evident,  for 
example,  that  the   particles  of  the  liquid  in  contact  with  tlio 
piston  b.  Fig.  221,  are  in   a  state  of 
tension  caused   by   the    pressure    of 
the  veigbt  of   liquid  above    them. 
They  are  therefore  exerting  pressure 
in  all  directions,  and  hence  also  against 
the  surface  of  the  piston  in  directions 
which  are  perpendicular  to  tliat  sur- 
face.   Now  the  pressure  of  any  one 
particle  is,  by  the  principle  of  (123), 
equal  to  the  weight  of  a    column 
of  similar  particles  whose  height  is 
equal  to  the  depth  of  this  particle  be- 
low the  surface.    Atid  since  the  total 
pressure  against  the  piston  is  equal  to 
the  sum  of  the  pressures  of  the  sep- 
arate  particles,  it  follows  that  the  total 
pressure  is  equal  to  the  weight  of  a 
column  of  liquid,  the  area  of  whose  base  is  equal  to  the  area  of  the 
surface  of  the  piston,  and  whose  height  is  equal  to  the  mean  depth 
of  the  various  particles  below  the  surface.     This  mean  depth,  in 
the  example  under  conBideration,  is  evidently  the  depth  of  the 
centre  of  the  piston,  and  hence  e  £*  is  a  column  of  liquid  whose 
weight  is  equal  to  the  pressure.    In  the  same  way,  the  pressure 
against  the  piston  a  is  equal  to  the  column  represented  by  A  i. 
It  is  easy  to  extend  this  demonstration  to  any  portion  of  the 
sides  of  a  vessel,  whether  plane  or  curved.     It  can  also  easily  be 
proved  that  the  mean  depth  of  the  various  particles  of  liquid  in 
contact  with  any  surface  is  in  every  case  equal  to  the  depth  of  the 
centre  of  gravity  of  these  particles. 

Were  the  pressure  exerted  by  each  of  the  particles  of  water  in 
contact  with  the  piston  (Pig.  221)  the  same,  the  centre  of  pres- 
sure (121)  woiild,  as  in  Fig.  215,  coincide  with  the  centre  <x 
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figure.  This,  however,  is  not  the  case  ;  the  particles  below 
the  level  of  the  centre  of  the  piston,  being  at  a  greater  depth, 
exert  a  greater  pressure  than  those  above  this  level.  Hence 
the  point  of  application  of  the  parallel  forces  which  they  ex- 
ert, (being  nearest  to  the  greater  forces  [20],)  must  be  below 
the  centre  of  figure.  In  any  similar  case,  the  position  of  the 
centre  of  pressure  is  below  the  centre  of  gravity  of  the  particles 
composing  the  section  against  which  the  pressure  is  exerted,  and 
it  can  always  be  found  by  calculation  when  the  form  of  the  sur- 
face is  known. 

(126.)  Generalization,  —  The  separate  results  at  which  we 
have  arrived  in  the  last  three  sections  may  be  generalized  as  fol- 
lows :  The  pressure  exerted  by  a  liquid  on  any  section  whatso- 
ever  is  equal  to  the  weight  of  a  column  of  the  liquid^  the  area  of 
whose  base  is  equal  to  the  area  of  the  section^  and  whose  height 
is  equal  to  the  depth  of  the  centre  of  gravity  of  the  section  below 
the  surface  of  the  liquid, 

(127.)  The  pressures  exerted  by  two  liquids  on  equal  sections 
ai  equal  depths  are  proportional  to  the  specific  gravities  of  these 
liquids.  It  follows,  from  the  last  section,  that  the  two  pressures 
are  equal  to  the  weights  of  equal  columns  —  and  hence  of  equal 
volumes  —  of  the  two  liquids.  But  it  follows  from  (69),  that 
the  weights  of  equal  volumes  of  two  liquids  are  to  each  other  as 
their  specific  gravities,  and  hence  the  pressures  exerted  by 
them  on  equal  sections  at  equal  depths  must  be  in  the  same  pro- 
poi'tion. 

If  we  represent  by  S  the  area  of  any  section  in  square  cen- 
timetres, by  HthQ  depth  of  the  centre  of  gravity  in  centimetres, 
we  have,  by  geometry,  for  the  volume  of  tlie  column  of  liquid 
whose  weight  represents  the  pressure,  Vsr^H .  S,  in  which  V 
stands  for  a  certain  number  of  cubic  centimetres.  But  we  know 
by  [66],  that  W^s  F.  Sp.Gr,^  and  hence,  if  we  represent  the 
pressure  exerted  on  any  section  by  iT,  we  have 

£=W=H.  S.(^Sp.Qr:)  [78.] 

For  any  other  section,  having  the  same  area  and  at  the  same 

depth,  we  have 

£'=n,S.iSp.Gr.y)  [79.] 

and,  comparing, 

i- :  i-'  =  (  ^.  Gr.)  :  ( i^.  Or .)'.  [80.] 
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(128.)  Hydrostatic  Paradox. — It  is  evident  from  (123),  that 
the  pressure  of  a  liquid  on  the  bottom  of  the  containing  vessel 

may  be  very  much  greater  than  the  weight 
of  liquid  it  contains.  For  example,  the 
pressure  of  the  liquid  on  the  bottom  of  the 
vessel  D  C,  Fig.  222,  is  the  same  as  if  its 
diameter  were  equal  throughout  to  that  of 
the  lower  part ;  and  fi-om  this  it  would  seem 
to  follow,  that,  if  the  vessel  %ere  placed  in 
the  pan  of  a  balance,  M  JV,  it  ought  to 
produce  the  same  effect  as  a  cylindrical 
vessel  of  the  same  weight,  containing  the 
same  height  of  water,  and  having  through- 
out the  diameter  of  the  part  D.  But  it  has 
been  shown,  that  the  liquid  presses  on  the  walls  n  o  as  well  as  on 
the  bottom,  and,  since  this  pressure  is  in  an  upward  direction,  it 
will  tend  to  make  the  vessel  rise,  while  the  pressure  on  the  bot- 
tom tends  to  make  it  fall.  The  difference  of  these  two  pressures 
is  all  that  is  exerted  on  the  pan  of  the  balance,  and  this  in  every 
case  is  just  equal  to  the  weight  of  the  vessel  and  that  of  the 
liquid  which  it  contains. 

This  fact  is  usually  called  the  Hydrostatic  Paradox.  It  is, 
however,  evidently  no  paradox,  but  only  a  necessary  consequence 
of  the  mechanical  condition  of  liquid  matter. 

Equilibrium  of  Liquids, 

(129.)  In  order  that  there  should  be  a  condition  of  equi- 
librium in  a  liquid  mass,  it  is  essential  that  each  particle  of  the 
liquid  should  be  pressed  on  all  sides  equally.  This  principle  — 
the  first  statement  of  which  is  attributed  to  Archimedes  —  is  a 
necessary  consequence  of  the  mobility  of  liquid  particles.  For, 
suppose  that  any  one  particle  were  not  pressed  on  all  sides  equal- 
ly, it  is  evident  that,  being  free  to  move,  it  must  move  in  the 
direction  of  the  greatest  pressure,  and  there  would  not  be  an 
equilibrium  (28). 

When  a  liquid  mass  under  the  influence  of  gravity  is  sup- 
ported in  a  vessel,  it  is  essential,  in  order  that  each  particle  may 
be  pressed  on  all  sides  equally  (in  other  words,  in  order  that 
there  may  be  a  condition  of  equilibrium),  that  two  conditions 
should  be  fulfilled,  which  we  will  now  consider. 
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1.  The  surface  of  the  liquid  must  be  perpendicular  at  each 
point  to  the  direction  of  gravity ;  that  is  to  sayj  it  must  be  horir 
zontaL 

To  prove  this,  let  us  suppose  that  the  surface  of  the  liquid 
has  any  other  form,  as  in  Fig.  228.  It  is  then  evident,  that 
the  force  of  gravity  acting  on  any  particle, 
m,  and  represented  by  the  line  m/i  (81), 
will  be  decomposed  into  two  others  (35). 
One  of  these,  represented  by  m  q^  is  nor- 
mal to  the  surface  at  the  point  m,  and, 
being  balanced  by  the  resistance  of  the  ng.228. 

fluid  particles,  would  not  cause  motion.  The  second  compo- 
nent is  tangent  to  the  surface,  and,  not  being  balanced,  tends  to 
move  the  particles  in  the  direction  mf  Hence,  under  these 
circumstances,  there  could  not  be  an  equilibrium.  If,  however, 
the  surface  is  horizontal,  the  tendency  of  the  force  of  gravity  is 
solely  to  sink  the  particles  under  the  surface,  and  since  all  the 
particles  at  the  surface  are  solicited  equally  by  this  force,  the 
equilibrium  is  maintained. 

It  follows  from  this,  that  the  surface  of  still  water  is  horizontal 
when  its  extent  is  so  limited  that  we  can  regard  the  directions  of 
the  forces  of  gravity  as  all  parallel  (44).  Such  is  not,  however, 
the  case  with  the  surface  of  the  ocean  when  at  rest,  or  of  a  large 
sea.  For  since  this  surface  must  be  perpendicular  at  every  point 
to  the  plumb-line^  and  since  all  plumb-lines,  if  extended,  pass  ap- 
proximatively  through  the  centre  of  the  earth,  it  follows  that  the 
surface  must  be  sensibly  spherical  (60). 

The  principle  just  illustrated  is  only  a  particular  case  of  a 
more  extended  principle,  which  may  be  thus  stated  :  — 

When  a  liquid  mass  is  in  equilibrium^  the  resultant  of  all  the 
forces  actinff  at  any  point  of  its  surface  is  normal  to  the  surface 
at  that  point. 

2.  The  pressure  must  be  equal  over  the  whole  surface  of 
any  horizontal  section.  The  necessity  of  this  condition  is  easily 
shown.  For  suppose  this  not  to  be  the  case,  then  there  must  be 
somewhere  on  the  same  horizontal  section  —  for  example,  p  n, 
Fig.  219  —  two  adjacent  particles  which  are  not  equally  pressed 
by  the  superincumbent  liquid.  But  two  such  particles  must  ex- 
ert, in  consequence  of  their  elasticity,  an  unequal  pressure  on 
each  other,  a  condition  wliich  is  evidently  not  consistent  with  a 
state  of  equilibrium. 

£0 
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At  the  surfSace  of  a  liquid  the  pressure  must  be  eyerywhere 
zero,  and  hence,  in  a  state  of  equilibrium,  the  surface  must  be 
horizontal ;  so  tliat  the  first  condition  maj  be  regarded  as  a 
special  case  of  the  last. 

Tills  condition  is  also  a  particular  case  of  a  general  principle, 
which  may  be  thus  stated :  — 

•  Any  liquid  mass  in  equilibrium  may  be  regarded  as  consisting 
of  an  infinite  number  of  lamiiue,  normal  at  each  point  of  their 
surface  to  the  resultant  of  adl  the  forces  which  act  a4  this  pointy 
and  sustaining  at^  every  point  exactly  the  same  pressure. 

It  is  a  consequence  of  tliis  principle,  that  any  liquid  mass,  which 
is  not  acted  upon  by  external  forces,  will  take  the  form  of  a  sphere 
in  consequence  of  tlie  mutual  attraction  of  its  own  particles.  In 
this  case,  the  infinitely  thin  laminas  are  concentric  spherical  sui^ 
faces,  and  tlie  resultant  of  all  the  forces  acting  on  any  particle 
in  every  case  passes  through  the  centre  of  the  sphere,  and  is  nor- 
mal to  the  spherical  surface  on  which  the  point  is  situated.  By 
no  other  form  than  tlie  sphere  would  the  conditions  of  equilibrium 
be  satisfied. 

Observation  confirms  this  result  of  theory.  Drops  of  water  or 
mercury,  so  small  as  not  to  be  sensibly  deformed  by  their  own 
weight,  take  a  spherical' form  when  placed  on  surfaces  they  do 
not  wet.  The  rain-drop  also  is  spherical,  and  in  like  manner  the 
drops  of  melted  lead  become  spherical  while  falling  in  the  shot- 
towers.  But  the  theory  is  still  more  beautifully  illustrated  by  an 
experiment  devised  by  Plateau. 

By  mixing  alcohol  and  water,  a  liquid  can  be  obtained  having 
the  same  density  as  oil.  If,  now,  we  add  drops  of  oil  to  the  liquid, 
these  drops,  as  we  shall  soon  see,  are  in  the  same  condition  as 
if  they  had  no  weight,  and  in  conformity  with  the  theory  take 
a  spherical  form.  By  carefully  introducing  the  oil,  a  sphere  of 
considerable  size  can  be  formed,  suspended  in  the  alcoholic  fluid. 
Plateau  succeeded  in  giving  to  this  liquid  sphere  a  rotation  by 
means  of  very  simple  machinery,  and  found  that,  by  regulating 
the  velocity,  he  could  cause  it  to  become  flattened  at  the  poles,  to 
throw  off  rings  and  satellites,  and  thus  in  various  ways  illustrate 
the  nebular  hypothesis  of  Laplace. 

(180.)  A  liquid  when  in  equilibrium  always  maintains  the 
same  level  in  vessels  communicating  with  each  other.  —  This  fa- 
miliar ts^i  is  illustrated  by  Fig.  224,  which  represents  four  ves- 
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sels,  A,  B,  C^D,  communicating  tlirotigh  the  tube  ran,  in  all  of 

which  the  liquid  stands  at  the  same  level.    That  this  must  neces- 

s&rily  be  the  case,  is  easily  shown.     Consider  auy  vertical  section 

in  the  tube  ■ai  n,  separating  the 

liquid  in  D  from  that  iu  C, 

and  let  us  denote  the  area  of 

its  surface  by  S.    Now  it  is 

evident  that  this  section  can  be 

in  equilibrium  only  when  the 

pressures  on  its  two  faces  are 

equal.     The   pressure   on  the 

face  towards  D  is,  by  [78], 

f  =5.H.(^.Gr.),iuwhich 

His  the  deptli  of  the  centre  of 

gravity  of  tlie  section  below  the 

level  of  the  liquid  in  D.    The 

pressure  ou  the  face  towards  C 

is,  in  like  manner,  f  =  S  ,  S'  ,  (^Sp.Gr.^,  in  which  H'  equals 

the  depth  of  the  centre  of  gravity  below  the  level  of  the  liquid 

iu  C.     Since  these  two  pressures  are  equal  when  there  is  an 

equilibrium,  it  follows  that fl'=fl'',  which  deinonstrates  the  prin- 
ciple in  question. 
(131.)  When  two  vessels  communicating  together  are  filled 

with  diSbreut  liquids,  which  will  not  mix  or  combine  chemically 
with  each  other,  the  heiglits  of  the 
two  liquid  columns  when  in  equi- 
librium are  inversely  proportional 
to  the  specific  gravities  of  the 
liquids.  Tliis  principle  may  be  il- 
lustrated by  means  of  the  apparatus 
represented  in  Fig.  225.  It  consists 
of  two  tubes,  m  and  «,  connected 
together  by  a  smaller  tube  below. 
The  lower  portion  of  both  tubes  is 
filled  with  mercury,  and  on  the 
surface  of  the  mercury  in  tlie  tube 
n  rests  a  column  of  water,  A  B.  If 
ni.s«.  now  we  conceive  a  horizontal  line, 

B  C,  drawn,  across  the   apparatus 

from  the  surface  of  the  mercury  at  B,  it  is  evident,  from  the 
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last  section,  that  the  liquid  below  this  line  is  in  equilibrium; 
and  hence  it  follows,  that  the  column  of  water  BA  is  just  bal- 
anced bj  the  column  of  mercurj  D  C.  On  measuring  these  two 
heights,  it  will  be  found  that  X)  C  is  thirteen  and  a  half  times 
smaller  than  A  B ;  and  bj  referring  to  the  table  of  specific  grav- 
ities, it  will  be  found  that  the  specific  gravity  of  mercurj  is  thir- 
teen and  a  half  times  greater  than  that  of  water ;  or,  in  other  words, 
the  heights  are  inversely  proportional  to  the  specific  gravities. 

The  truth  of  this  principle  can  easily  be  proved.  If  we 
represent  the  surface  of  the  mercury  at  B  by  S,  and  the 
height  of  the  colunm  of  water  B  Ahj  Sj  the  specific  gravity  of 
water  by  Sp.Gr.j  then  by  [78]  the  pressure  on  the  surface  is 
f  sss  S  .  H .  (i^.GV.).  In  the  same  way,  the  pressure  of  the 
column  of  mercury,  C  Dy  is  S'ss  Sf .  H'  .(^Sp.  Gr.y,  where  S  is 
the  area  of  the  section  at  C,  H^  the  height  of  the  column  C  D, 
and  (^Sp.Gr.y  the  specific  gravity  of  the  mercury.  Now,  it  fol- 
lows from  (120),  that  there  can  be  an  equilibrium  only  when  the 
pressures  exerted  on  the  two  surfaces  at  B  and  C  are  proportional 
to  the  area  of  these  surfaces,  or  when  #:#'=:  S:  S'.  Substi- 
tuting the  value  of  f  and  #',  we  find  that  when  this  is  the  case, 

H.  (i^.Gr.)  =  H'  .  (Sp.Gr.y, 
or  [81.] 

H:  H'^iSp.Gr.yi  (^Sp.Gr.y 

Hence,  there  can  be  an  equilibrium  only  where  the  heights  of  the 

two  columns  are  inversely  as  the  specific  gravities  of  the  liquids. 

(182.)   Spirit-Level.  —  We  have  seen  that  the  surface  of  a 

liquid  at  rest  is  always  horizontal,  that  is  to  say,  perpendicular  to 

the  direction  of  gravity. 
We  have,  therefore,  in 
this  fact  a  ready  means 
of  determining  the  hor- 
izontal plane.  The  spir- 
it-level, which  is  used 
for  this  purpose,  con- 
sists of  a  tube  of  glass 
(Pig.  226)  very  slightly 
curved,  and  filled  with 
Fig  8Z7.  alcohol,*  leaving  only  a 


ng.8a& 


#  Alcohol  does  not  freeze  even  at  the  lowest  temperatures. 
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small  bulb  of  air,  which  always  tends  to  occupy  the  higliest  part. 
The  tube  is  hermetically  sealed,  and  mounted  ou  a  brass  or 
wooden  stand,  D  C,  Fig.  227,  the  base  of  which  is  carefully  ad- 
justed, so  tliat  wheo  it  rests  on  a  horizontal  plane,  P,  the  air- 
bubble,  M,  shall  rest  just  at  the  middle  of  the  tube. 

(138.)  Artesian  Wells.  —  The  tendency  of  water  to  seek  its 
own  level  is  illustrated  by  all  seas,  lakes,  springs,  and  rivers, 
which  are  so  many  vessels  connecting  with  each  other.  One  of 
the  most  remarkable  of  this  class  of  illustrations  is  the  Artesian 
well,  named  from  the  old  province  of  Artois,  in  France,  where 
these  wells  were  first  made.  They  are  narrow  tubes  sunk  in  the 
earth  to  various  depths,  in  which  the  water  frequently  rises  many 
feet  above  tlie  surface  of  the  ground. 

The  principle  of  the  Artesian  well  is  illustrated  by  Fig.  228. 
The  crust  of  our  globe  is  formed  of  numerous  strata,  some 


of  which  are  permeable  to  water,  like  sand  and  gravel,  while 
others,  such  as  clay,  are  impermeable.    Let  us  suppose,  then, 
that  in  a  geological  basin  we  have  an  alternation  of  such  strata, 
for  example,  two  beds  of  clay-rock,  A  and  B,  enclosing  a  bed 
of  some  permeable  material,  M,  as  saud ;  and  let  us  also  suppose 
that  tlie  sand  bed  comes 
to  the  surface  at  some 
higher  level  (Pig.  229), 
where  it  will  receive  the 
rain-water.    This  water 
will  filter  through  the 

sand  and  collect  under  ^  ^^ 

the  geographical  basin, 

without  being  able  to  rise  to  the  surface,  on  account  of  the  clay 
bed  A.    But  if  we  sink  a  tube  through  this  bed,  it  is  evident 
.20* 
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that  the  water  will  rise  to  a  height  as  much  above  the  soil  as  is 
tlie  level  at  which  it  Gtauds  lu  tlie  peculiar  reservoir  formed  by 
tlie  clay  beds. 

These  wells  are  sunk  with  a  peculiar  form  of  auger,  which  ii 
worked  within  an  iron  tube,  the  tube  be- 
ing driveu  down  as  fast  as  tlie  auger  de- 
scendB.  One  of  the  most  remarkable  ot 
tliese  wells  is  that  of  Crenelle,  on  the  out- 
skirts of  Paris,  It  is  648  metres  deep, 
and  yields  3,000  litres  of  water  each  min- 
ute. The  water  has  a  constant  tempera- 
of  27'  C. 

(134.)  Salt  Wells.  —  An  illustration 
of  tlie  principles  of  section  (131)  is  fur- 
nished by  the  mode  in  which  salt  wells  are 
worked  in  some  parts  of  Germany.  It  not 
unfrequently  happens,  that  beds  of  rock-salt 
occur  in  the  midst  of  impermeable  strata 
(see  Fig.  230).    It  can  tiieu  be  extracted 


in  the  following  way.  An  Artesian  well 
(Fig.  231)  is  first  sunk  to  about  the  mid- 
dle of  the  bod.  Within  this  well  is  en- 
closed a  smaller  tube  of  copper,  descend- 
ing to  the  bottom  of  the  bed  of  salt,  and 
therefore  considerably  lower  than  the  iron 
tube  forming  the  sides  of  the  well.  The 
lower  end  of  the  copper  tube  is  closed,  but 
it  is  perforated  witli  little  holes  to  the 
height  of  a  few  metres,  which  allow  the  ng.ai. 

water,  but  not   dirt,  to    enter.      From 
some  convenient  source  fresh  water  is  made  to  flow  into  the  w«ll, 
and  descends  outside  of  the  copper  tube  to  tlie  salt  bed.    It 
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dissolves  the  salt,  and  the  heavj  brine  sinks  to  the  bottom  of  tlie 
bed,  where  it  finds  the  lower  end  of  the  copper  tube.  This  tube 
then  fills  with  salt  water ;  but  the  brine  does  not  rise  to  the  sur- 
face of  the  soil,  but  only  to  such  a  level  that  the  column  of  brine 
in  the  interior  copper  tube  shall  be  in  equilibrium  with  that  of 
water  in  the  annular  space  outside.  The  specific  gravity  of  sat- 
urated brine  is  about  1.20,  that  of  water  being  1 ;  hence,  if  we 
represent  the  heights  of  the  two  colunms  by  H  and  H'^  we  shall 
have  H:  H'  =  1.20  :  1.  If,  tlien,  the  depth  of  the  well  is  200 
metres,  the  brine  will  rise  j^  .  200  =  166,  and  consequently  to 
a  level  34  m.  below  the  surface  of  the  soil.  Through  this  dis- 
tance it  is  raised  by  a  pump. 

Buoyancy  of  Liquids. 

(135.)  Principle  of  Archimedes.  —  All  liquids  buoy  up  solids 
immersed  in  them  with  a  force  equal  to  the  weight  of  the  liquid 
displaced.  This  very  important  fact  was  discovered  by  Archime- 
des, and  is  generally  known  under  the  name  of  tlie  Principle  of 
Archimedes.  It  is  generally  stated  that  the  discovery  was  made 
by  this  renowned  philosopher  of  antiquity  while  reflecting  on  the 
buoyancy  of  the  water  on  his  own  body  when  he  was  bathing ;  and 
he  is  said  to  have  been  so  much  elated  by  the  discovery,  that  he 
rushed  from  the  bath  tlirough  the  streets  of  Syracuse,  exclaiming, 
EvpTfKa  !    evpriKa  ! 

The  principle  of  Archimedes  may  be  illustrated  by  means  of 
the  apparatus  represented  in  Fig.  232.  The  brass  cylinder  B 
is  made  so  as  to  fit  accurately  the  brass  cup  A.  In  experi- 
menting with  the  apparatus,  the  cylinder  and  cup,  having  been 
suspended  to  one  pan  of  a  balance  arranged  for  the  purpose, 
are  carefully  poised,  by  placing  weights  in  the  opposite  pan; 
the  cylinder  is  then  immersed  in  water,  as  represented  in  the 
figure.  In  consequence  of  the  buoyancy  of  the  liquid,  the  pan 
containing  the  weights  will  preponderate.  According  to  the  prin- 
ciple, this  buoyancy  is  equal  to  the  weight  of  the  water  which 
the  cylinder  has  displaced.  But  from  the  construction  of  the 
apparatus,  the  cup  A  will  hold  exactly  this  amount  of  water ; 
and  hence,  if  the  principle  is  correct,  the  equilibrium  will  be  re- 
stored on  filling  the  cup  A  with  water,  —  and  this  we  find  to  be 
the  case.  The  same  result  would  also  be  obtained  with  alcohol, 
or  with  any  other  liquid. 
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It  appears,  tlien,  that  the  cylinder  is  buoyed  up  b;  a  force 
equal  to  the  weight  of  the  liquid  which  it  displaces.  But  this 
statement  expresses  oalj 
one  half  of  the  truth  ;  for 
it  is  a  necessary  result  of 
the  equality  of  action  and 
reaction,  that  the  upward 
pressure  of  the  water  on  the 
cylinder  must  be  accompa- 
uied  by  an  equivalent  down- 
ward pressure  of  the  cyliii- 
der  on  the  water  ;  or,  in 
other  words,  not  only  tliat 
the  cylinder  loses  in  weight, 
but  also  tliat  the  water  gains 
the  weight  which  the  cylr 
inder  loses.  In  order  to  il- 
IU.3U.  lustrate   this  fact,  we  can 
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arrange  the  experiment  as  represented  in  Pig.  288.  "We  first 
balance  the  vessel  of  vater,  and  then  immeree  in  the  liquid  the 
brass  cylihder,  supported  as  represented  in  the  figure.  The 
water  trill  be  found  to  have  gained  in  weight,  and  in  order  to 
restore  the  equilibrium  it  will  be  necessary  to  remove  from  the 
ressel  sufficient  water  to  just  fill  the  cylinder  A. 

(136.)  Demorutratian.  —  The  principle  of  Archimedes  is  a 
necessary  consequence  of  the  law  enunciated  in  (126),  as  can 
easily  be  proved.  Let  us,  iu  the  first 
place,  suppose  that  the  body  im< 
mersed  in  the  liquid  is  a  right  cyl- 
inder, as  c  d.  Fig.  234,  suspended  so 
that  its  bases  shall  be  horizontal. 
Consider  now  the  pressure  exerted 
by  the  liquid  at  any  one  point  on  the 
side  of  this  cylinder.  By  (121)  the 
direction  of  tliis  pressure  is  normal 
to  the  surface  at  this  point.  But,  as 
is  well  known,  this  normal,  if  pro- 
duced, will  coincide  with  the  diam- 
eter of  the  circular  section  of  the 
cylinder  which  would  be  made  by 
a  horizontal  plane  cutting  the  cylin- 
der at  the  point  in  question.  Now, 
as  the  other  end  of  this  diameter  is 

in  contact  with  the  liquid,  and  at  the  same  depth  below  its  surface, 
it  is  evident  that  this  point  will  sustain  a  pressure  equal  in  amount 
and  opposite  in  direction  to  that  sustained  by  the  first  point. 
These  two  pressures  will  consequently  balance  each  otlier,  and, 
mnce  the  same  holds  true  of  every  other  similar  point,  it  follows 
that  the  whole  pressure  of  the  liquid  on  the  convex  surface  of  the 
cylinder  is  in  equilibrium. 

It  is  difierent,  however,  with  the  pressure  on  the  two  horizon- 
tal  bases.  Tlie  pressure  exerted  on  the  base  d  is,  by  (126),  equal 
to  the  weight  of  the  liquid  cylinder  represented  by  e  g,  and  the 
pressure  on  tlie  base  c  ia  the  weight  of  the  liquid  cylinder  k  i. 
There  is,  therefore,  an  excess  of  upward  pressure  equal  to  the 
veight  of  the  liquid  cylinder  fg,  which  is  equal  in  size  to  the 
cylinder  c  d.  The  cylinder,  then,  is  buoyed  up  with  a  force  equal 
to  die  weight  of  liquid  displaced. 
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(137.)  This  demonstration  may  readily  be  extended  to  a  body 
of  any  form  whatsoever.     Let  s  s' s"  be  the  body,  and  ox,oy, 
o  z  three  co-ordinate  axes  perpendicular  with  each  other,  to  which 
we  can  refer  position.     The  pressure  exerted  by  a  liquid  on  any 
infinitely  small  element  of  surface, 
0  s,  is  hy  [18^  I  =  s.H.(^Sp.Gr.). 

X  This  pressure,  which  by  (121)  is  nor- 
mal to  the  surface,  may  be  resolved 
into  three  forces,  at  right  angles  to 
each  other  and  parallel  to  the  co-ot- 
dinate  axes.  Representing  the  nor- 
mal by  p,  and  the  angles  which  it 
makes  with  a:,  y,  r,  as  ^ ,  ^  ,  ^ , 
we  have,  for  the  three  components, 
£'  ^  t  cos  ^  ,  .f "  =  if  cos  ^  ,  and 
"<■»■  g,„  =  J  cos  ^  .     Substituting   for 

$  its  value  given  above,  the  three  components  become 

r  =  H.  (^Sp.Gr.^  .  J  cos  ^ ;  [82.] 

£"  =  H.  (^Sp.Gr.-).s  cos  J;  [83.] 

S'"  =  H  .(^Sp.G.)  .s  COB ^.  [84.] 

But  s  cos  ^  is  the  projection  of  the  surface  s  on  the  plane  of  y  z, 
and  this  projection  is  equal  to  the  right  section  of  an  infinitely 
small  cylinder  parallel  to  tlie  axis  of  x.  Representing  the  area 
of  this  section  by  r",  we  have,  for  the  value  of  the  first  compo- 
nent, £'  ^  H .  (^Sp.GrJ)  r".  But  this  pressure  will  obviously 
be  balanced  by  the  pressure  exerted  on  the  clement  of  surface,  s", 
which,  decomposed  in  the  same  way,  will  give  a  component  also 
equal  to  H .  (^Sp-Gr.}  r",  and  parallel  to  the  axis  of  x,  but  act- 
ing in  the  opposite  direction.  It  can  easily  be  sliown  that  the 
same  is  true  of  the  component  parallel  to  the  axis  of  z.  This 
will  be  balanced  by  an  opposite  and  equal  component  of  tlie 
pressure  exerted  on  the  element  s'".  Let  us,  lastly,  consider 
what  will  be  the  effect  of  the  component  parallel  to  tlie  axis 
of  y.  In  the  value  of  S"  [83] ,  the  quantity  of  *  cos  ^  is 
the  projection  of  the  surface  s  on  the  plane  of  x  z.  This  pro- 
^'ection  is  equal  to  the  right  section  of  the  vertical  cylinder  t  $'. 
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Representing  the  area  of  this  section  by  r',  we  have,  for  the  value 
of  the  vertical  component,  £"  =  H  (^Sp.GrJ)  r',  a  force  which 
tends  to  raise  the  body.  This  force  is  in  part  balanced  by  the 
pressure  exerted  on  the  element  s'.  By  decomposing  this  force, 
it  will  be  found  that  the  vertical  component  which  exerts  a  down- 
ward pressure  in  the  direction  s'  5,  is  equal  to  ^2  =  -ET'  (  ^.  Gr,^  r'. 
The  vertical  cylinder  of  the  body  $  s'  is  then  buoyed  up  by 
a  force  equal  to  the  difference  of  tliese  two  values,  that  is, 
£"  —  £^  =  (^H—  H'^  {Sp.Gr.^  r',  which  is  the  weight  of  a 
column  of  liquid  of  the  same  volume  as  the  cylinder. 

By  extending  the  same  course  of  reasoning  to  each  of  the  in- 
finitely small  elements  of  surface  which  the  body  presents,  we 
should  decompose  the  body  into  an  infinite  number  of  vertical 
cylinders  similar  to  s  s\  each  of  which  is  buoyed  up  by  a  force 
equal  to  the  weight  of  its  own  volume  of  liquid.  The  whole 
body  is  of  course  buoyed  up  by  a  force  equal  to  tlie  sum  of  the 
forces  acting  on  the  elementary  cylinders,  that  is,  by  a  force 
equal  to  the  weight  of  the  liquid  which  it  displaces. 

(138.)  The  correctness  of  the  principle  of  Archimedes  can  be 
proved  in  another  way,  which  more  directly  connects  it  with  the 
condition  of  equilibrium  which  exists  among 
the  particles  of  all  liquids  when  at  rest. 
Consider,  for  example,  any  cubic  centimetre 
of  the  liquid  contained  in  the  vessel,  Fig. 
236,  such  as  ii  J3.  Since  the  liquid  is  at 
rest,  it  is  evident  that  this  liquid  cube  is  ex- 
actly sustained  in  its  position  by  the  pres- 
sure of  the  surrounding  particles.  But  the 
mass  of  liquid,  of  which  it  consists,  has 
weight ;  and  it  is  therefore  also  evident, 
that  the  liquid  cube  is  sustained  because  it 
is  buoyed  up  by  a  force  which  is  just  equal 
to  its  weight.  Let  us  now  suppose  the 
liquid  cube  to  be  suddenly  solidified  withoiit  changing  its  volume ; 
it  is  evident  that  it  will  be  buoyed  up  by  the  same  force  as  be- 
fore ;  for  no  change  has  taken  place  either  in  the  position  or  the 
conditions  of  the  surrounding  particles.  Whatever,  therefore, 
may  be  the  substance  or  weight  of  the  solid  cube,  it  will  be  buoyed 
up  by  a  force  equal  to  the  weight  of  one  cubic  centimetre  of  the 
liquid  in  which  it  is  immersed.  This  demonstration  can  evident- 
ly  be  extended  to  any  other  body,  of  whatsoever  size  or  shape. 


Fig.  286. 
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(139.)  CetUre  of  Pressure.  —  It  has  been  proTcd  (45),  that 
the  resultant  of  all  the  forces  which  gravity  exerts  on  the  parti- 
cles  of  a  body  is  a  single  force  —  represented  by  the  weiglit  of 
the  body  —  directed  Tertically  downwards.    And  it  has  further 
been  proTed  (46),  that  this  force  may  alirays  be  regarded  as  ap- 
plied at  the  centre  of  gravity,  whateTer  position  the  body  may 
assume.     Nov,  since  the  supposed  liquid 
cube  (Fig.  2S6)  is  exactly  supported,  it  fol- 
lows that  the  resultant  of  all  the  pressures 
which  it  receives  from  the  surrounding  par- 
ticles of  liquid  must  also  be  a  single  force 
equal  to  the  weight  of  the  cube,  but  di- 
rected vertically  vpwards.    Moreover,  if  our 
ideal  cube  could  be  turned  in  the  liquid,  it 
would  evidently  still  remain  in  equilibrium, 
in  whatever  position  it  might  be  placed. 
Since  in  all  possible  positions  the  resultant 
lb.  aae.  '^^  ^1>^  forces  of  g^vity  may  be  regarded  as 

applied  at  the  centre  of  gravity,  it  follows 
that  in  the  different  positions  the  resultant  of  all  tiie  pressures 
may  also  be  regarded  as  applied  at  die  same  point.  The  same 
point,  then,  which  is  common  to  all  the  resultante  of  the  forces 
of  gravity  in  the  different  positions  which  a  body  may  assume,  is 
common,  also,  to  all  the  resultants  of  pressure ;  in  other  words, 
the  centre  of  gravity  of  our  liquid  cube  is  also  the  centre  of 
pressure, 

If,  now,  we  replace  the  ideal  cube  of  liquid  with  a  cube  of  brass 
having  the  same  size  and  volume,  it  is  evident  that  the  conditions 
of  the  particles  exerting  the  pressure  have  not  been  changed. 
Hence  the  resultant  of  the  pressures  exerted  by  these  particles 
will  still  be  a  force  acting  vertically  upwards  ;  and',  further,  ia 
any  position  which  the  brass  cube  may  assume,  the  direction  of 
this  resultant  will  pass  through  what  would  be  the  centre  of  grav- 
ity of  ft  liquid  cube  of  the  same  form  and  volume.  This  com- 
mon point,  through  which  the  resultant  of  the  pressure  passes, 
in  any  position  of  the  brass  cube,  is  its  centre  o/pressvre.  We 
have  made  use  of  a  brass  cube  in  this  discussion,  merely  to  give 
distinctness  to  our  conceptions  ;  but  it  is  evident  that  the  same 
reasoning  would  apply  to  a  body  of  any  shape  whatsoever.  In 
any  case,  the  centre  of  pressure  is  always  the  tame  point  which 
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tocM  previously  the  centre  of  gravity  of  the  liquid  which  has  been 
displaced  by  the  body. 

If  the  body  is  homogeneous  and  entirely  immersed  in  water, 
the  centre  of  pressure  coincides  with  the  centre  of  gravity  of  the 
body.  If,  however,  the  body  is  not  homogeneous,  —  if,  for  ex- 
ample, it  is  loaded  on  one  side,  —  then  the  centre  of  gravity  will 
no  longer  coincide  with  the  centre  of  pressure ;  because  it  will 
not  coincide  with  the  centre  of  gravity  of  a  liquid  body  of  the 
same  shape  and  volume. 

(140.)  Floating  Bodies.  —  If  the  weight  of  a  body  is  less 
than  that  of  the  liquid  which  it  displaces,  then,  the  buoyancy  be* 
ing  greater  than  the  weight,  the  body  will  rise  to  the  surface  of 
the  liquid,  and  float.  On  the  other  hand,  if  the  weight  of  a  body 
is  greater  than  that  of  the  liquid  which  it  displaces,  it  will  sink. 
Moreover,  since  the  specific  gravities  of  any  two  substances  are 
to  each  other  as  the  weights  of  equal  volumes  of  these  substances, 
it  is  also  true  that  a  homogeneous  solid  will  float  when  its  spe- 
cific gravity  is  less  than  that  of  the  liquid,  and  that  it  will  sink 
when  these  conditions  are  reversed. 

An  iron  bar  sinks  in  water,  but  floats  in  mercury,  because  a 
given  volume  of  iron  weighs  less  than  the  same  volume  of  mer- 
cury, and  more  than  the  same  volume  of  water.  For  a  similar 
reason,  a  piece  of  boxwood  will  float  in  water,  but  sink  in  alco- 
hol. The  bar  of  iron,  however,  can  be  made  into  a  hollow  vessel, 
which  will  float  on  water ;  and,  in  the  same  manner,  boxwood 
can  be  made  to  float  on  alcohol.  The  volumes  of  the  bodies  will 
thus  be  increased  without  increasing  the  weight,  and  since  the 
weight  of  the  liquid  they  displace  is  now  greater  than  their  own 
weight,  they  will  float.  Steamships  are  frequently  made  of  iron, 
and  loaded  with  heavy  machinery  ;  but  nevertheless,  since  their 
whole  weight  is  less  than  that  of  the  water  which  tliey  displace, 
they  float.  The  specific  gravity  of  the  human  body  is  very  nearly 
the  same  as  that  of  water,  and  can  readily,  therefore,  by  a  little 
efibrt,  be  kept  at  the  surface  in  the  act  of  swimming.  By  in* 
creasing  slightly  the  volume  of  water  displaced,  without  increas- 
ing sensibly  its  weight,  the  body  will  float  without  effort.  Most 
persons  can  expand  the  chest,  by  a  little  efifort,  sufficiently  to  make 
the  specific  gravity  of  the  body  less  than  that  of  water,  and  it  is 
well  known  that  good  swimmers  can  float  their  bodies  by  lying 
back  on  the  surface  of  the  water  and  expanding  the  chest.    This  is 

SI 


242  CHEMICAL  PHYSICS. 

also  the  theory  of  life-preservers,  -which  are  bags  filled  with  air, 
or  pieces  of  cork  worn  under  the  arms.  They  so  far  increase  the 
volume  of  the  body  as  to  make  the  specific  gravity  of  the  life- 
preserver  and  the  body  together,  as  a  whole,  less  than  that  of 
water. 

The  large  floating  tanks,  called  camels^  which  are  used  to  lift 
large  vessels  over  the  sand-bars  that  obstruct  the  mouths  of  many 
harbors,  are  an  ingenious  application  of  the  same  principle.  These 
tanks,  which  are  closed  on  all  sides  and  water-tight,  having  been 
filled  with  water,  are  fastened  under  the  sides  of  the  vessel.  The 
water  is  then  pumped  out,  when  the  tanks  rise,  and  raise  the  ves- 
sel with  them.  A  similar  contrivance,  called  a  floating'  dock,  is 
very  much  used  in  the  United  States  for  raising  ships  completely 
out  of  water,  for  repairs.  It  consists  of  a  large  platform,  on 
which  the  ship  is  to  rest,  beneath  which  are  hollow  and  water- 
tight tanks,  so  loaded  that,  when  full  of  water,  they  will  sink. 
The  platform  is,  in  the  first  place,  sunk  to  the  depth  of  several 
fathoms,  and  the  ship  to  be  raised  is  then  floated  over  it.  The 
water  is  now  pumped  out  of  the  tanks  beneath  the  platform, 
which  then  rises,  and  raises  the  vessel  with  it. 

(141.)  Equilibrium  of  Floating  Bodies.  —  When  a  body  is  at 
rest,  floating  on  the  surface  of  a  liquid,  tliere  must  be  an  equi- 
librium between  the  weight  of  the  body  and  the  buoyancy  of  the 
liquid.  Hence  it  follows,  from  (135),  that  the  weight  of  the 
liquid  actually  displaced  by  a  floaiing  body  is  equal  to  its  oum 
weight.  We  can  always  determine  the  weight  of  a  ship  by 
measuring  the  volume  which  is  below  the  water-level,  and  mul- 
tiplying this  by  the  specific  gravity  of  the  liquid.  Tliis  will,  by 
[56],  give  the  weight  of  water  displaced,  which,  as  we  have  just 
seen,  is  the  same  as  the  weight  of  the  ship.  We  can  also  deter- 
mine the  weight  of  the  cargo  by  determining  the  volume  of  water 
displaced  by  the  ship  both  before  and  after  loading.  The  differ- 
ence between  these  two  volumes,  multiplied  by  the  specific  gravity 
of  the  liquid,  will  give  the  weight  of  the  cargo. 

The  centre  of  pressure  of  a  floating  body  is,  by  (139),  the 
same  point  as  the  centre  of  gravity  of  the  fluid  it  displaces.  It 
is  obviously,  therefore,  an  entirely  different  point  from  the  centre 
of  gravity  of  the  body,  and  must  always  be  below  this  point  when 
the  body  is  a  homogeneous  solid.  For  example,  in  Fig.  237,  the 
centre  of  gravity  of  the  homogeneous  floating  body  ab  c  d  is 
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the  point  G.    The  centre  of  pressure,  P,  ia  the  centre  of  gravity 
of  the  liquid  displaced,  and  this  is  obviously  below  the  centre  of 
gravity  of  the  whole  body.    When 
ttte  floating  body  is  not  homoge- 
neous, the  centre  of  gravity  may 
be  below  the  centre  of  pressure. 
For  example,  if  we  should  attach 
to  the  bottom  of  the  body  abed 
a  piece  of  lead,  this  would  sink 
t\\e  body  still  deeper  in  the  water, 
and  thus  raise  the  centre  of  pres- 
sure, while  at  the  same  time  it  =r.-"r- 
would  lower  the  centre  of  gravity,  '^  ""' 
and  thus  might  change  the  relative  position  of  the  two  points. 

In  order  that  a  floating  body  should  be  in  equilibrium,  it  is  not 
only  necessary  that  it  should  displace  its  own  weight  of  liquid, 
but  it  is  also  essential  that  the 
centres  of  gravity  and  pressure 
should  be  situated  on  the  same 
vertical.  If,  as  in  Fig.  238,  the 
two  points  are  not  situated  on  the 
same  vertical,  then  the  resultants 
of  the  forces  of  gravity  and  pres- 
sure will  be  represented  by  two 
opposite  vertical  forces,  bs  Pg 
ani  G  r.  Since  these  forces  are 
equal,  they  will  neither  tend  to  Wi-ms- 

raise  nor  depress  the  body  in  the  liquid ;  but  nevertheless,  as  the 
two  forces  form  a  couple  (38),  they  will  tend  to  rotate  the  body. 
Hence,  although  the  body  will  neither  rise  nor  fait,  it  wilt  turn  in 
the  liquid  until  the  centre  of  pressure  falls  in  the  same  vertical 
with  the  centre  of  gravity,  but  in  such  a  way  that  the  amount  of 
water  displaced  by  the  body  shall  be  always  the  same. 

(142.)  Stable  and  Unstable  EguUibrium.  —  When  the  cen- 
tres of  pressure  and  gravity  are  in  the  same  vertical,  there  will  be 
a  condition  of  equilibrium,  but  this  equilibrium  may  be  either 
stable,  unstable,  or  neutral.  The  equilibrium  is  sajd  to  be  stable 
when,  on  turning  the  floating  body  slightly  in  the  water,  it  tends 
to  return  to  its  first  position ;  it  is  sdd  to  1m  unstable,  when, 
under  these  circumstances,  it  continues  to  turn  until  it  passes 
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into  a  nev  conditioo  of  equilibriom ;  and  it  is  said  to  be  neutnl, 
when  it  Till  remain  at  rest  in  an;  porition  indlBerentljr. 

The  condition  of  a  floating  body  is  alwayB  stable  irben  tbo 
centre  of  gravity  is  below  the  centre  of  pressare.  The  truth 
of  this  statement  is  an  immediate  consequence  of  the  piind- 
ples  of  the  last  section.  The  centre  of  pressure  is  a  point 
at  which  the  whole  upward  pressure  of  the  liquid  may  be  re- 
garded as  concentrated.  It  may  therefore  be  considered  as  the 
point  of  support  of  the  floating  body  ;  and  it  lias  already  been 
shown  (48),  that  the  condition  of  a  body  is  stable  when  the 
centre  of  gravity  is  below  the  point  of  support.  It  does  not  fql- 
low,  however,  that  the  condition  is  necessarily  unstable  when  the 
centre  of  gravity  is  above  tbe  point  of  support.  In  this  case,  the 
stability  of  the  body  depends  upon  the  position  of  a  variable  point, 
which  is  called  the  metacentre ;  and  the  equilibrium  is  still  stable, 
when  the  centre  of  gravity  is  below  this  point.  The  position  of 
the  metacentre  depends  on  the  form  and  position  of  the  body. 
We  shall  only  be  able  to  point  out  its  position  in  the  case  of  one 
of  the  simplest  solids  ;  hut  this  example  will  serve  to  illustrate 
the  general  principle. 

Let  us  suppose,  then,  that  the  floating  body  is  a  h<HQ(^neou8 
rectangular  prism  (Fig.  289).    The  centre  of  gravity  will  then 


be  tbe  same  as  the  centre  of  its  figure,  or  0,  end  the  centre  of 
pressure  the  centre  of  gravity  of  the  part  immersed  in  the  liquid, 
a  variable  point,  depending  on  the  position  of  the  body.  If,  now, 
when  it  is  floating  on  its  broadest  side,  we  turn  it  through  tho 
angle  e  o  c  (fig-  240),  the  portion  represented  by  the  triangle 
e  o  c  is  raised  out  of  the  liquid,  and  that  represented  hy  b'of  sub- 
merged ;  and  since  the  qutuitity  of  water  displaced  must  be  tha 
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same  in  every  position  of  the  body,  it  follovs  that  th«  p(fftion  eoe 
is  equal  to  tlie  portion  ly'  of.  But  now  the  form  of  the  submerged 
'  portion  ia  entirely  changed,  and  the  centre  of  gravity  of  the  Bub- 
toerged  portion,  irhich  is  the  centre  of  pressure,  is  also  clianged, 
and  moved  to  the  point  P.  If  in  this  position  ve  draw  throu^ 
the  point  P  a  perpendicular,  it  will  intersect  the  perpendicular 
drawn  through  the  point  P  in  the  previous  position,  namely,  O  g, 
at  a  point  q,  and  this  point  is  the  metacentre.  In  the  case  before 
ns,  the  metacentre  is  above  the  centt^  of  gravity ;  and  it  is  evi- 
dent  from  the  %ure9,  that  the  couple  formed  by  the  resultants 
of  the  forces  of  gravity  and  of  the  pressure  tends  to  restore  the 
floating  body  to  its  first  position  (Fig.  239). 

Let  us  now  suppose  that  the  rectangular  prism  is  floating  on 
its  narrow  side,  as  in  Fig.  241 ;  and  that,  as  before,  we  turn  it  to 


the  right  through  a  small  angle.  The  centre  of  pressure  will 
then  be  shifted  to  a  new  position,  at  the  right  of  the  plane  of 
gymmetiy  (Fig.  242).  If,  now,  we  erect  a  perpendicular,  it  will 
intersect  the  perpendicular  drawn  through  the  centre  of  pressure 
in  the  previous  position,  at  a  point  g,  below  the  centre  of  gravity ; 
and  it  can  easily  be  seen  that  the  ooQple  formed  by  the  force  of 
gravity  and  the  pressure  will  tend  to  turn  the  body  still  fkir- 
tiier,  and  it  will  only  come  to  rest  when  it  falls  back  into  the 
position  of  stable  equilibrinm,  floating  on  its  broad  side,  as  in 
Fig.  2SS. 

Wliat  has  now  been  illustrated  in  the  case  of  a  rectangular 
^sm,  is  true  of  tdl  floating  bodies.  In  general,  the  metacentre 
may  be  defined  as  the  point  where  the  vertieat  pasiuiff  tiroug^h 
the  centre  of  pretture  m  the  potitian  of  equilibrium,  meeti  the 
vertical  drate*  throvgh  the  mew  centre  of  pressure  after  the  bodff 
21* 
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has  been  slightly  displaced  from  this  position.  A  floating  body 
is  in  a  stable  condition  when  tlie  metacentre  is  above  the  centre 
of  gravity,  and  unstable  when  this  condition  of  things  is  reversed. 
When  the  centre  of  gravity  is  below  the  centre  of  pressure,  the 
metacentre  must  evidently  always  be  above  the  centre  of  gravity, 
and,  as  before  shown,  this  condition  is  always  stable.  It  is  also 
evident,  from  the  above  discussion,  that  tlie  stability  of  a  floating 
body  is  the  greater  the  broader  the  submerged  part  and  the 
lower  the  position  of  the  centre  of  gravity. 

It  is  of  great  importance  to  pay  attention  to  the  conditions  of 
stable  equilibrium  in  the  construction  and  loading  of  ships. 
Vessels  which  are  used  to  transport  passengers  or  light  cargoes 
require  to  be  ballasted,  by  depositing  immediately  above  the  keel 
a  quantity  of  heavy  matter,  such  as  stones  or  pigs  of  iron.  The 
centre  of  gravity  may  thus  be  brought  so  low,  as  to  give*  the 
vessel  such  stability  that  no  lateral  force  of  the  wind  acting  on 
its  sails  can  capsize  it.  So,  also,  the  heaviest  part  of  a  cargo 
should  always  be  deposited  in  the  lowest  possible  position,  in  or- 
der that  its  centre  of  gravity  may  be  immediately  over  the  keel. 
When  this  is  the  case,  any  inclination  of  the  vessel  causes  the 
centre  of  gravity  to  rise  ;  and  to  accomplish  this  requires  a  force 
proportional  to  the  weight  of  the  vessel,  and  to  the  height  through 
which  the  centre  is  elevated. 

The  equilibrium  of  a  boat  may  be  rendered  unstable  by  the 
passengers  standing  up  in  it ;  and  this  is  not  unfrequently  the 
cause  of  accidents  to  light  sail-boats. 

If  the  centre  of  gravity  of  a  vessel  be  not  directly  over  the 
keel,  the  vessel  will  incline  to  that  side  at  which  it  is  placed ;  and 
if  this  displacement  is  considerable,  danger  may  ensue.  The 
rolling  of  a  vessel  in  a  storm  may  so  derange  the  ballast  or  cargo, 
as  to  throw  the  vessel  on  her  beam-ends. 

(148.)  Neutral  Equilibrium.  —  In  some  cases,  the  position  of 
the  centre  of  pressure  is  not  changed  by  any  change  of  position 
of  the  body  which  is  compatible  with  displacing  its  own  weight 
of  fluid.  In  such  a  case,  the  body  will  float  in  equilibrium  in 
any  position  indifferently,  and  is  said  to  be  in  a  condition  of  neu- 
tral equilibrium.  A  sphere  of  uniform  density  is  an  example  of 
this;  for  in  whatever  position  it  floats,  the  part  immersed  is 
always  a  segment  of  the  sphere  of  precisely  the  same  magnitude 
and  shape,  so  that  the  centre  of  pressure  has  always  the  same  posi- 
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tion  with  reference  to  the  centre  of  gravity  of  the  sphere.  Con- 
sequently, the  sphere  will  float  indifferently  in  any  position  in 
which  it  may  be  placed. 


Methods  of  determining  Specific  Gravity. 

• 

(144.)  Tlie  specific  gravity  of  a  substance  has  been  defined 
as  the  ratio  of  its  weight  to  that  of  an  equal  volume  of  pure 
water  at  4®  C,  —  the  temperature  at  which  the  volume  of  the 
solid  is  measured  being  0^  G.  'As  most  of  the  methods  used  for 
determining  specific  gravity  are  illustrations  of  the  principles  of 
hydrostatics,  we  will  briefly  describe  them  in  this  connection, 
reserving,  however,  for  the  chapter  on  Weighing  and  Measuring, 
the  practical  details  of  the  subject. 

(145.)  First  Method.     Specific- Gravity  Bottle.  —  The  most 
obvious  method  of  determining  the  specific  gravity  of  a  substance 
is  to  weigh  equal  volumes  of  the  substance  and  of  water,  and 
then  divide  the  first  weight  by  tlie  last.     When  the  substance  is 
a  liquid,  this  method  is  readily  applied.     We  use  for  the  purpose 
a  small  glass  bottle,  such  as  is  represented  in  Fig.  248.    The 
bottle  is  closed  by  a  perforated  ground-glass  stopper 
of  peculiar  construction,  terminating  in  a  fine  tube, 
on  which  is  marked,  with  a  file,  a  point  to  which 
the  bottle  is  to  be  filled  at  each  experiment.    The 
bottle,  whose  tare  has  been  previously  ascertained^ 
is  first  of  all  filled  with  pure  water,  and  the  stopper 
inserted,  when  the  water  rises  in  the  glass  tube. 
The  excess  of  water  above  the  mark  is  now  removed 
with  a  piece  of  bibulous  paper,  and  the  bottle  care- 
fully weighed.     By  substracting  from  tliis  weight 
the  tare  of  the  bottle,  we  have  the  weight  of  a  given         ng.  248. 
volume  of  water,  which  is  thus  ascertained  once  for 
all.     If,  then,  we  wish  to  obtain  the  specific  gravity  of  any  other 
liquid,  we  fill  the  bottle  with  this  liquid  in  the  same  way  as  be- 
fore, and  weigh  it ;  then,  having  subtracted  the  weight  of  the 
bottle,  we  have  the  weight  of  a  volume  of  this  liquid  equal  to 
the  volume  of  the  water.    Representing  these  two  weights  by 
W  and  IT,  we  have,  by  definition, 

(^.(?r.)  =  ^,.  [86.] 
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If  we  repeat  this  process  at  different  temperatures,  we  obtain 
different  results,  owing  to  the  expansion  both  of  the  liquids  and  of 
the  glass.  It  is,  therefore,  essential  to  observe  carefully  the  tem- 
perature of  the  liquids  at  the  time  of  filling  the  bottle,  and  then 
to  calculate,  by  means  of  tables  prepared  for  the  purpose,  what 
would  have  been  the  result  had  the  temperature  of  the  water 
been  at  4"*  C.  and  that  of  the  substance  at  O"*  C.  This  is  called 
reducififf  the  results  to  the  standard  temperature,  and  the  method 
of  making  the  reduction  will  be  described  in  the  chapter  just  re- 
ferred to. 

The  specific-gravity  bottle  may  also  be  applied  to  determin- 
ing the  specific  gravity  of  solids,  when  they  cap  be  broken  into 
small  pieces.  For  this  purpose,  we  take  a  specific-gravity 
bottle  and  determine  the  weight  of  the  bottle  when  filled  with 
water,  as  before  described.  Call  this  weight  TFj.  We  then  in- 
troduce into  the  bottle  a  known  weight  of  the  solid,  W,  and  fill 
up  the  remainder  of  the  bottle  with  water.  The  weight  of  the 
bottle,  solid  and  water,  which  we  then  ascertain,  we  will  repre- 
sent by  Wf  It  is  then  evident  that  the  weight  of  water  dis- 
placed by  the  solid  is  TT'  =  IT,  +  W —  Fi ,  and  hence  we  have 


(i^.GV.) 


W 


ITi  +  r— r, 


[86.] 


Fig.au. 


Here,  as  before,  it  is  necessary  to  reduce 
the  results  obtained  to  the  standard  tem- 
perature. 

(146.)  Second  Method.  71ie  Hydro- 
static  Balance. — We  suspend  the  body  by 
a  fine  thread  to  the  pan  of  a  balance  (Fig. 
244),  and,  having  equipoised  it  by  means 
of  a  tare  in  the  other  pan,  immerse  it 
in  water,  as  represented  in  the  figure. 
The  weight  which  it  loses,  being  exactly 
equal  to  that  of  the  water  which  it  dis- 
places, is  the  weight  of  a  volume  of 
water  equal  to  that  of  the  body  which 
.  we  wish  to  find.  Hence,  in  order  to  de- 
termine this  weiglit,  we  have  only  to  add 
weights  to  the  pan  from  which  the  bodj 
is  suspended,  until  the  equilibrium  is  es- 
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tablished.  It  is  evidently  essential  to  the  accuracy  of  this  meth- 
od, that  the  water  used  should  be  pure,  and  the  thread  so  fine 
&at  we  can,  without  sensible  error,  neglect  the  weight  of  water 
which  it  itself  displaces. 

Representing  by  W  the  weight  of  the  body,  and  by  TP  the 
weight  required  to  restore  the  eqiulibrium,  we  have,  by  defini- 
tion, 

(;^Gr.)  =  ^.  [87.] 

The  yalue  thus  obtained  must  be  reduced  to  the  standard  tem- 
perature. 

This  method  may  also  be  applied  to  liquids  as  well  as  to  solids. 
For  this  purpose  we  prepare  a  closed  glass  tube,  and  enclose  in 
it  sufficient  mercury  to  sink  the  tube  beneath  any 
liquid,  with  the  exception  of  the  two  heaviest,  mer- 
cury and  bromine.  To  this  tube  we  attach  a  fine 
platinum  wire,  as  in  Fig.  245,  which  represents  the 
apparatus  of  its  full  size.  We  commence  by  deter- 
mining once  for  all,  by  the  method  just  described,  the 
weight  of  the  volume  of  water  at  4**  C.  which  the  glass 
tube  displaces.  This  we  may  call  C,  as  it  is  a  con- 
stant quantity  for  each  apparatus.  In  order,  now,  to 
determine  the  specific  gravity  of  a  liquid,  we  suspend 
the  tube  to  the  pan  of  a  balance,  and,  having  equi- 
poised it  by  placing  a  weight,  prepared  for  the  pur- 
pose, in  the  other  pan,  immerse  it  in  the  liquid.  The 
amount  of  weight  required  to  restore  the  equilibrium 
is  the  weight  of  the  volume  of  this  liquid  which  the 
tube  displaces,  and  the  weight  of  the  same  volume  of 
water  at  4"*  G.  is  known  to  be  C    Hence  the  specific 

gravity  of  the  liquid  is  jj .     This  value  must  be  cor- 
rected for  Ihe  temperature  at  which  the  experiment  is  made. 

(147.)  Third  Method.  Hydrometers.  —  In  this  method,  the 
balance  is  not  used,  but  its  place  is  supplied  by  floating  bodies  of 
peculiar  construction,  called  hydrometers.  A  few  of  these  we 
will  now  describe.  They  may,  for  convenience,  be  divided  into 
two  classes,  —  Hydrometers  with  a  Constant  Volume,  and  Hy- 
drometers with  a  Constant  Weight. 
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1.  Nicholson's  Hydrometer.  —  This  inBtrument  is  represent- 
ed in  Fig.  246.    It  consiBts  of  a  hollow,  cylindrical  vessel,  B, 
made  usually  of  sheet  brass  or  tinned  iron.    To  the  lower  end 
of  this  vessel  is  fastened  a  cone  filled  with  lead,  C,  the  baso  of 
which  forms  a  pan  on  which  the  body  whose,  specific  gravity  is  to 
be  determined  is  placed.     The  object  of 
the  lead  is  to  load  the  apparatus  so  that 
the  centre  of  gravity  may  be  below  the 
centre  of  pressure,  which,  as  we  have  seen 
(142),  is  a  condition  of  stable  equilibrium. 
To  the  top  of  the  vessel  is  fastened  a  wire, 
wliich  supports  the  pan  A,  and  on  this 
wire  is  marked  a  fixed  point,  o.  , 

In  using  this  apparatus,  we  commence 
by  determining  the  weight  which,  placed 
in  the  pan  A,  will  sink  the  hydrometer  to 
the  fixed  point  o.  This  is  a  constant 
quantity  for  the  same  apparatus,  and  may 
be  represented  by  C.  Let  us  suppose  that 
in  any  given  case  it  is  125  grammes,  and 
ric.au.  that  it  is  required  to  determine  the  spo- 

cific  gravity  of  sulphur.  We  take  a  piece 
of  sulphur,  weighing  less  than  125  grammes,  and  place  it  on 
the  pan  A,  and  then  add  weights  until  the  hydrometer  sinks 
again  to  the  fixed  point  o.  If  it  requires  55  grammes  to  sink 
it  to  the  fixed  point,  it  is  evident  tliat  the  weight  of  the  sul- 
phur is  125  —  55  =  70  grammes.  Having  determined  the 
weight  of  the  sulphur  in  tlie  air,  it  only  remains  to  determine 
the  weight  of  an  equal  volume  of  water.  For  this  purpose,  we 
raise  the  hydrometer,  and,  without  disturbing  the  weights,  shift 
the  piece  of  sulphur  to  the  pan  C,  and  replace  the  instrument  in 
the  water.  It  will  not,  of  course,  sink  to  the  fixed  point ;  be- 
cause the  piece  of  sulphur,  which  is  now  submerged,  is  buoyed 
up  by  a  force  equal  to  the  weight  of  its  volume  of  water.  If, 
now,  we  add  weights  to  the  pan  A,  until  the  hydrometer  again 
sinks  to  the  point  o,  we  shall  find  that  84.4  grammes  are  re- 
quired. This  is  then  the  weight  of  its  volume  of  water,  and  the 
specific  gravity  is  ^  ^  2.03.      Representing  the    successive 
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veigbts  described  above  by  C,  W,  and  W',  we  have  in  every  case 
(^.  Gr.y  =  — jp; — ,  If  the  instrumeut  is  to  be  used  for  sub- 
Etaaces  liglitcr  tlian  irater,  a  perforated  cover  is  adapted  to  tbe 
pan  C,  to  prevent  them  from  rising  to  the  surface  of  the  liquid. 

2.  FcArenheit" s  Hydrometer.  —  This  instrument  (Fig,  247)  is 
used  for  detennining  the  specific  gravity  of  liquid,  and  differs 
from  the  one  just  described  only  in  being  made 
of  glass,  and  in  having  no  lower  pan.  In  using 
this  instrument,  ve  commence  by  weighing  it 
in  a  balance.  Let  us  call  its  weight  C.  Then, 
having  placed  it  in  water,  we  determine  the 
amount  of  weight  required  to  sink  it  to  a  fixed 
point,  marked  on  the  stem,  which  we  will  rep- 
resent by  c.  The  sum  of  these  constant  weights, 
or  C  ■\- c,  is,  by  (141),  equal  to  the  weight 
of  the  water  displaced.  We  then  float  the  hy- 
drotncter  in  the  liquid  whose  specific  gravity 
we  wish  to  find,  and  determine  the  weight  re- 
quired to  sink  it  in  this  liquid  to  the  fixed  point. 
Call  tliis  weight  W.    Then  (7  +  IT  is  equal  to  n,.  m. 

the  weight  of  the  liquid  displaced,  and   since 
C  ~\-  c  and  C-\-W  are  the  weights  of  the  same  volumes  of 
water  and  the  liquid,  the  specific  gravity  of  the  liquid  is  easily 
found;  since 

iSp.ar.-)=?+^.  [88.] 

BTDROUETERS  WITH  A  COMBTAXT  WEIORT. 

Id  the  two  hydrometers  just  described,  the  volume  of  the 
instrument,  which  is  submerged,  remains  constant  during  the 
experiment,  and  the  specific  gravity  is  determined  from  the 
amount  of  weight  required  to  keep  the  volume  constant  under 
diSbrent  circumstances.  The  hydrometers  in  most  general  use 
are  constructed  on  a  different  principle.  In  these  tlie  weight  is 
constant,  and  the  specific  gravity  of  a  liquid  is  determined  by 
measuring  the  volume  of  this  liquid  which  the  instrument  dift- 
jdaces  when  floating  in  it.  The  weight  of  this  volume  is,  by 
(141),  the  same  as  the  weight  of  the  instrument.  If,  then,  we 
represent  by  V  the  volume  of  water  which  the  instrument  dis- 
places when  floating  in  this  liquid,  and  by  V  the  volume  of  any 
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Other  liquid  which  it  displaces,  it  \a  evident  that  the  Tolumes  V 
and  V'  of  the  two  liquids  have  the  same  weight,  namely,  that  of 
the  hydrometer.  But  it  follows  from  [56],  that  when  the  weights 
of  different  volumes  of  two  liquids  are  equal,  V  .  (i^.Gr.)  == 
F' .  (  Sp.  Ghr.y.  When  one  of  the  liquids  is  water,  (  Sp.  Gr.y = 1, 
and  we  obtain,  for  the  specific  gravity  of  the  other  liquid, 

(S;?.Gr.)  =  ^.  [89.] 

From  this  it  appears,  that,  when  we  know  the  volumes  of  equal 
weights  of  water  and  any  given  liquid,  we  can  find  the  specific 
gravity  of  the  liquid  by  dividing  the  volume  of  the  water  by  the 
volume  of  the  liquid. 

8.   Gaj/'Lussac^s  Volumeter.  —  This  is  the  best  instrument  of 
its  class.     In  its  simplest  form  (Fig.  248),  it  consists  of  a  glass 

tube  closed  at  both  ends,  which  is  graduated 
into  parts  of  equal  capacity.  The  size  of 
the  parts  is  unimportant,  it  being  only  neces- 
sary that  they  should  all  be  equal.  The  di- 
visions are  numbered  from  1  to  100,  or  to 
150,  as  the  case  may  require,  commencing  at 
the  lower  end  of  the  tube.  Before  the  tube 
is  finally  closed,  it  is  loaded  with  mercury,  so 
that,  when  floating  on  water,  it  will  sink  to 
the  100th  division  on  the  scale ;  or,  in  other 
words,  so  that  it  will  displace  100  measures  of 
water.  If,  now,  we  float  it  on  sulphuric  acid, 
it  will  only  sink  to  the  54th  division.  Hence 
100  measures  of  water  and  54  measures  of 
sulphuric  acid  have  the  same  weight,  and  the 
specific  gravity  of  sulphuric  acid  is,  tliere* 
fore,  -^  =!  1.85.  If  we  float  the  hydrome- 
ter on  alcohol,  it  will  sink  to  the  125th  divi&> 
ion.  Hence  the  specific  gravity  of  alcohol 
is  m  =s  0.80.  Since  a  definite  specific  grav- 
ity corresponds  to  each  of  the  divisions  of  the  scale,  it  is  usual 
to  calculate  these,  and  inscribe  them  on  the  scale  in  place  of 
the  simple  numbers  denoting  the  volume.  The  instrument, 
when  so  prepared,  is  generally  called  a  densimeter.  As  there 
are  no  liquids  which  have  a  less  specific  gravity  than  0.60,  and 
only  two  (mercury  and  bromine)  which  have  a  greater  spedfio 


100 
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grayitj  than  2,  it  is  eyident  that  the  dirisions  on  the  scale  need 
onlj  extend  from  50  to  166.  It  is  not  usual,  howeyer,  to  have 
the  whole  scale  on  a  single  instrument,  and,  as  a  general  rule, 
the  scale  is  divided  over  three  separate  hydrometers.  The  first 
one,  for  liquids  lighter  than  water,  is  graduated  from  100  (cor- 
responding to  the  specific  gravity  1.90),  near  the  middle  of  the 
tube,  to  166  (corresponding  to  0.60),  at  the  top  of  the  tube ;  the 
second,  for  saline  solutions,  is  graduated  from  100  (corresponding 
to  1.00),  at  the  top  of  the  tube,  to  75  (corresponding  to  1.33), 
near  the  middle ;  finally,  the  third  instrument  is  graduated  from 
75  (corresponding  to  1.33),  at  the  top  of  the  tube,  to  50  (cor- 
responding to  2.00),  near  the  middle  of  the  tube.  In  graduating 
each  instrument,  it  is  so  loaded  that  it  shall  sink  in  water  to  the 
100th  division  of  the  centesimal  scale,  and  in  all  cases  the  spe* 
cific  gravities  are  subsequently  calculated,  and  inscribed  on  the 
scale  against  each  division. 

It  is  more  usual  to  give  to  the  hydrometer  the  form  rep- 
resented in  Fig.  249.  This  shortens  the  instrument  very  great- 
ly, since  the  volume  of  the  long  tube  in  Fig.  248  is  herd  r^ 
placed  by  a  short  bulb.  The  principle  of  the  two  forms  of  the 
instrument  is  precisely  the  same,  but  it  is  more  difficult  to  grad- 
uate the  second  pattern.  The  easiest  method  is  the  following. 
If  the  instrument  is  to  be  used  for  liquids  heavier  than  water, 
we  first  load  it  with  mercury  until  it  sinks  to  a  point  il,  near 
the  top  of  the  tube,  which  we  mark  100.  We  next  float  it  in 
a  liquid  of  known  specific  gravity,  for  example,  1,338,  and  it  will 
sink  to  a  point  B.  Now,  by  [85],  1.338  =*  ^-J^,  and  re  =  75. 
This  division  is,  therefore,  the  75th,  and  we  divide  the  space 
between  the  two  into  25  equal  parts,  and  continue  the  divisions  of 
the  same  size  to  the  base  of  the  stem.  Each  of  these  divisions 
will  then  be  ji^  of  the  whole  volume  of  the  apparatus  below  the 
100th  division  first  marked  at  A.  If  the  instrument  is  to  be 
used  for  liquids  lighter  than  water,  we  adjust  it  so  that  the 
100th  division  shall  be  at  the  base  of  the  stem,  and  then,  by 
floating  the  instrument  in  .alcohol  of  known  specific  gravity, 
determine  a  higher  point,  and  then  divide  the  stem  as  before. 

4.  Baume^s  Hydrometer.  —  This  hydrometer  belongs  to  the 
same  class  with  that  of  Gay-Lussac,  but  it  is  graduated  in  a  man- 
ner which  is  entirely  arbitrary,  and  does  not  indicate  the  specific 
gravity  of  the  liquid.    There  are  two  methods  used  in  graduat* 
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ing  it,  according  as  it  is  to  be  used  for  liquids  heavier  or  lighter 
than  water.    In  the  first  case,  it  is  loaded  so  that  it  will  sink  in 
water  to  a  point  A,  near  the  top  of  the  stem,  which  we  mark  0°. 
A  second  point  is  now  obtained  by  floating  tlie  instrument  in  a 
solution  of  fifteen  parts  of  common  salt  in  eighty-five  parts  of 
water.     This  solution  having  a  greater  specific  gravity  than  pure 
wator,  the  instrument  rises  until  the  level  of  the  liquid  stands  at 
a  point  S,  which  we  mark  15°.     Lastly,  we  divide  the  distance 
between  A  and  B  into  fifteen  equal  parts,  and  continue  tlte  divis- 
ions to  the  bottom  of  tlie  stem  of  the  same 
size  as  one  of  these  parts.     It  is   essential 
tliat  the  diameter  of  the  stem  should  tie  the 
same  tliroughout.     This  instrument  is  called 
Pese-Seh.     To    prepare  a  hydrometer  for 
liquids    lighter   than   water,   Baume   floated 
the  liydrometer  in  a  solution  of  ninety  parts 
of  water  and  ten  parts  of  common  salt,  and 
marked   the  point  to  whicli   it   sank  as  0°. 
He  next  floated  the  instrument  in  water,  and 
marked  this  point  10°.     The  interval  betweea 
these  points  lie  divided  into  ten  equal  parts, 
nc.3u.  And  continued  the  divisions  of  the  same  size 

to  the  top  of  the  tul>e.  This  instrument  is 
called  Peae-Liqueura.  Although  the  graduation  of  Baume  is 
entirely  arbitrary,  yet  this  hydrometer  is  in  more  general  use 
than  any  other.  It  is  principally  used  for  determining  when 
a  solution  or  an  acid  has  reached  the  proper  degree  of  con- 
centration. For  example,  it  has  been  found  by  experiment,  that 
in  a  well-manufactured  syrup  the  pesesels  of  Baume  stands  at 
85°  when  the  liquid  is  cold,  and  also  that  in  the  strongest  sul- 
phuric acid  it  stands  at  66"  ;  so  that  the  instrument  enables  the 
manufacturer  to  tell  when  his  syrup  or  acid  has  reached  the 
proper  strength.  Tlie  instrument,  therefore,  serves  as  a  useful 
indicator  in  the  arts,  but  it  has  no  scientific  value.  Correspond- 
ing to  each  degree  of  the  Baume  scale  is  a  definite  specific  grav- 
ity, which  can  be  found  by  referring  to  appropriate  tables, 
as  can  also  those  corresponding  to  tlie  degrees  of  the  scales  of  Car- 
tier  and  Beck,  which,  like  that  of  Baume,  are  purely  arbitrary. 

5.  Oa^Lvtsac's  Alcoometer.  — This  is  a  kind  of  hydrometer, 
which  is  used  for  measuring  the  strength  of  alcoholic  liquids. 
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The  form  of  the  instrument  is  precisely  the  same  as  that  of 
Baame  ;  but  the  graduation,  which  is  made  at  15°,  is  different. 
The  scale  on  the  stem  is  divided  into  one  hundred  degrees,  cfich 
of  which  represents  one  per  cent  of  pure  alcohol  in  volume. 
The  hydrometer  sinks  to  0°  in  pure  water,  and  to  100*  in  pure 
alcohol.  If  in  any  given  alcoholic  liquid  it  sinks  to  80°,  the 
liquid  contains  30  per  cent  by  volume  of  pure  alcohol.  The  in- 
strumeat  is  graduated  by  floating  it  in  liquids  of  known  strength, 
and  marking  the  points  on  the  stem  to  which  it  sinks.  It  is  only 
accurate  at  the  temperature  of  15°.  If  the  temperature  is  dif- 
ferent from  this,  the  indications  of  the  instrument  must  be  coi> 
reeled  by  means  of  tables,  which  have  been  prepared  for  the 
purpose. 

There  are  a  great  variety  of  other  hydrometers,  which  are 
graduated  so  as  to  give  the  strength  of  milk,  beer,  vinegar,  and 
other  liquids.  They  are  all  similar  in  principle  to  the  alco- 
ometer,  and  do  not  require  description. 

6.  Rausseau'i  Hydrometer. — All  the  hydrometers  which  have 
beeu  described  require  a  sufficient  amount  of  liquid  to  fill  a  glass 
of  some  size  ;  but  there  are  many  cases  in  whicli  it  is  desirable 
to  ascertain  promptly  the  specific  gravity  of  a  liquid,  when  only  a 
few  grammes  of  it  can  be  obtained.    Tlie  form 
of  hydrometer  represented  in  Fig.  251  has 
been  contrived  by  Rousseau  for  this  purpose. 
The  general  form  of  tlie  instrument  is  similar 
to  the  others  which  have  been  described  ;  but 
it  differs  in  having  on  the  top  of  the  stem  a 
small  cup,  ^,  which  holds  the  liquids  to  be 
expenmented  upon.     On  the  side  of  this  cup 
is  a  mark  which  indicates  a  capacity  of  one 
cubic  centimetre. 

In  order  to  graduate  the  instrument,  it  is 
floated  ID  pure  water  at  4°,  and  loaded  with 
mercury  until  it  sinks  to  a  point,  B,  marked 
at  the  base  of  the  stem,  which  is  the  zero  of  ng.  jo. 

the  scale.     The  cup  A  is  nest  filled  up  to  tlie 
mark  with  distilled  water  at  4°,  or,  what  amounts  to  the  same 
thing,  a  weight  of  one  gramme  is  placed  in  the  cup.    The  instni- 
ment  is  bo  constructed  that  it  will  then  sink  to  a  point  near  the 
middle  of  the  stem,  which  is  marked  20°.    Tlie  interval  be- 
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tveen  these  divisions  is  now  divided  into  twenty  equal  parts,  and 
the  diTiBions  are  continued  to  the  top  of  the  stem.  Since  this 
has  exactly  the  same  size  throughout,  each  division  ooirespoods 
to  one  twentieth  of  a  gramme,  or  0.05  gram. 

According  to  this  graduation,  if  we  wish  to  obtiun  the  density 

of  any  liquid,  —  bile,  for  example,  —  we  fill  the  cup  with  the 

liquid  to  the  point  marked  on  the  side.    The  instrument  will  now 

tank,  perhaps,  to  the  20.5  division  on  the  stem.    The  weight  of 

one  cubic  centimetre  of  bile  is,  then,  0.05  X  20.5  ^  1.025  gram. 

Since  the  weight  of  the  same  volume  of  water  at  4°  is  one 

gramme,  the  specific  gravity  of  bile  is  1.025  4- 1  ^  1.026.    In 

general,  then,  the  spedfio 

gravity  of  a  liquid  is  found 

with    this    instrument   by 

multiplying    0.05    by  the 

namber  of  the  division  to 

which    it  sinks  in  watier, 

when  loaded  with  one  cubic 

centimetre  of  the  liquid. 

The  indications  of  all  hy- 
drometers are  very  much 
influenced  by  capillary  at- 
traction, and  the  more  so 
the  more  delicately  they  are 
constructed.  They  are  not, 
therefore,  instruments  of 
precision ;  but  they  are  use- 
ful, since  they  give  rapidly 
approximate  results. 

(148.)  Fourth  Method. 
—  A.  fourth  method  of  find- 
ing the  specific  gravity  of  a 
liquid,  which  may  be  ad- 
vantageously used  under 
certain  circumstances,  ts  il- 
lustrated by  Fig.  252.  It 
depends  on  the  principle  of 
the  equilibrium  of  liquids 
in  connected  vessels  (131). 
ncrvL      ~~  The  apparatus  consists  of 
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two  tubes  connected  above  with  each  other  and  with  the  chamber 
of  an  air-syringe.  The  lower  ends  of  these  tubes  dip,  tlie  one  into 
a  glass  of  water,  and  the  other  into  a  glass  containing  the  liquid 
whose  specific  gravity  is  required.  On  partially  exhausting  the 
fdv  from  the  top  of  the  tubes  by  means  of  the  syringe,  the  liquids 
will  rise  in  the  two  tubes.  If,  now,  we  close  the  stopcock  con- 
necting with  the  syringe,  the  liquids  will  stand  permanently  at  a 
certain  height  in  either  tube.  Moreover,  it  is  evident,  from  the 
construction  of  the  apparatus,  that  the  two  columns  of  liquid  are 
in  equilibrium  with  each  other.  Using,  then,  the  notation  of 
(131),  we  have,  from  [81], 

Jff:Jff'«li  (Sp.GV.),    or    iSp.Gr.}^^;     [90.] 

that  is,  the  specific  gravity  of  the  liquid  is  found  by  dividing  the 
height  of  the  colunm  of  water  by  that  of  the  liquid.  The  heights 
of  the  columns  may  be  measured  either  by  means  of  a  scale  on 
the  tube,  or  by  a  cathetometer  (see  Fig.  196).  If  the  liquid  were 
alcohol,  for  example,  and  the  height  of  the  water  column  meas- 
ured 60  cm.,  the  height  of  tlie  alcohol  column  would  be  found 
to  measure  75  cm.  Hence,  the  specific  gravity  of  alcohol 
is  f  8  ss  0.80. 

PROBLEMS. 

JBuayaney  of  Liquidi* 

106.  A  man,  exerting  all  his  force,  can  raise  a  weight  of  50  kilog. 
What  would  be  the  weight  of  a  stone  (i^.  Gr.  ^  2.5)  which  he  could 
just  raise  under  water  ? 

107.  How  much  force  in  kilogrammes  would  be  required  to  raise  under 
water  a  mass  of  asphaltum  (^Sp.Gr,  ^1.10)  weighing  500  kilogrammes? 

108.  How  many  kilogrammes  will  100  kilogrammes  of  cast-iron 
{Sp.  Gr.  —1  7.25)  weigh  under  water  ? 

109.  How  much  will  the  same  amount  of  iron  weigh  under  alcohol 
{^Sp.  Gr.  —  0.798)  ? 

110.  If  a  ^ven  piece  of  gold  be  balanced  by  its  weight  of  brass  in  a 
vacuum,  what  addition  must  be  made  to  the  brass  so  that  they  may  be  in 
equilibrium  when  immersed  in  water?  Sp.  Gr.of  Brass  8.55 ;  of  Gold  19.86. 

111.  How  much  force  in  kilogrammes  would  be  required  to  sustain 
nnder  mercury  at  0^  a  cubic  decimetre  of  platinum  ?  The  specific  grav- 
ity of  platinum  is  21.5  ;  that  of  mercuiy,  18.598. 

22* 
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Floating  Bodiet. 

112.  How  much  bulk  must  a  hollow  vessel  of  copper  fill,  weighing  one 
kilogramme,  which  will  just  float  in  water  ? 

113.  How  much  bulk  must  a  hollow  vessel  of  iron  occupy,  weighing 
10  kilogrammes,  which  sinks  one  half  in  water  ? 

114.  A  boat  displaces  10  m.^  of  water.  What  is  the  weight  of  the 
boat? 

115.  A  cube  of  wood,  weighing  100  kilogrammes,  sinks  three  quarters 
in  water.  What  is  the  specific  gravity  of  the  wood,  and  what  is  the  size 
of  the  cube  ? 

116.  What  portion  of  a  cube  of  solid  iron  {Sp,  Gr.  ■«  7.7)  will  sink 
in  mercury  {Sip,  Gr,  ^  13.6)  ? 

117.  A  life-boat  contains  100  m.^  of  wood,  whose  specific  gravity  is 
equal  to  0.8,  and  50  "m?  of  air,  whose  specific  gravity  is  0.0012.  Wliea 
filled  with  fresh  water,  what  weight  of  iron  ballast,  whose  specific  gravity 
is  7.645,  must  be  thrown  into  it  before  it  will  begin  to  sink  ? 

118.  If  the  specific  gravities  of  a  man,  of  water,  and  of  cork  be  1.1 20, 
1.000,  and  .240  respectively,  find  what  weight  of  cork  mu.st  be  connected 
to  a  man,  weighing  75  kilogrammes,  that  he  may  just  float  in  the  water. 

119.  Determine  the  weight  of  a  hydrometer,  which  sinks  as  deep  in 
rectified  spirits,  whose  specific  gravity  is  0.866,  as  it  sinks  in  water  whea 
loaded  with  4  gram. 

120.  A  ship,  sailing  into  a  river,  sinks  2  cm.,  and,  afler  discharging 
12,000  kilogranunes  of  her  cargo,  rises  1  c  m. ;  determine  the  weight  of 
the  ship  and  cargo,  the  specific  gravity  of  sea-water  being  to  that  of 
fresh  as  1.026  is  to  1. 

121.  If  a  solid,  whose  specific  gravity  «  6,  float  in  a  liquid,  whose  spe- 
cific gravity  ^15,  determine  the  proportion  of  the  parts  immersed. 

122.  If  a  globe  of  wood,  when  placed  in  a  vessel  of  water,  rise  5  cm. 
above  the  surface,  but,  when  placed  in  a  liquid  whose  specific  gravity  is 
0.80,  rise  only  3  c.  m.  above  the  surfiice  of  the  liquid,  determine  the  di- 
ameter of  the  globe. 

123.  Having  given  the  specific  gravities  of  iron  and  water,  determine 
what  proportion  the  thickness  of  a  hollow  iron  globe  must  bear  to  its 
diameter,  that  it  may  just  fioat  in  water. 

124.  A  parallelopiped  of  ice,  whose  three  dimensions  are  10.5  m., 
15.75  m.,  and  20.45  m.,  is  fioating  in  sea-water  on  its  broadest  face ;  the 
specific  gravity  of  sea- water  is  1.026,  and  that  of  ice  0.930.  Required  the 
height  of  the  parallelopiped  above  the  surface  of  the  watet*. 

125.  A  cone,  1.5  m.  high  and  1.2  m.  in  diameter  at  the  base,  is  floating 
on  its  base  in  a  liquid  in  a  vertical  position,  and  sinks  in  it  20  d.  m.  How 
much  of  the  liquid  is  displaced  by  the  cone  ?  If  the  cone  is  inverted,  and 
made  to  float  on  its  apex,  how  deep  will  it  then  sink  ? 
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126.  A  hollow  cylinder  of  iron  plate  is  2.5  m.  in  diameter  and  1.75  m. 
high.  The  plate  is  1  cm.  thick,  and  its  specific  gravity  7.79.  Will  it 
float  on  water,  and  if  so,  how  deep  will  it  sink  when  its  axis  is  vertical  ? 

127.  A  cube  of  lead  measures  4  cm.  on  each  side.  It  is  required  to 
sustain  it  under  water  by  suspending  it  to  a  cube  of  cork.  What  must 
be  the  size  of  a  cube  of  cork  which  just  sustains  it,  assuming  that  the 
specific  gravity  of  cork  equals  0.24,  and  that  of  lead  11.35  ? 

Elatticity  of  Liquidt, 

128.  A  cubic  metre  of  water  is  submitted  to  a  pressure  of  15  atmos- 
pheres. How  great  is  the  condensation  ?  and  what  is  the  specific  gravity 
of  the  condensed  liquid  ? 

129.  At  a  depth  in  the  ocean  of  a  little  over  5  kilometres,  the  pressure 
amounts  to  500  atmospheres.  What  is  the  specific  gravity  of  the  water 
at  that  depth,  assuming  that  the  specific  gravity  of  sea-water  is  1.026, 
and  the  compressibility  0.0000436  ? 

Hydrottaiie  Preu. 

130.  In  the  hydrostatic  press  are  given  the  diameters  of  the  two  cylin- 
ders d  and  cf',  and  the  force  applied  to  the  pump  I*,  Determine  the 
pressure  produced. 

131.  In  the  hydrostatic  press,  suppose  the  diameters  to  be  4  cm.  and 
80  c  m.  respectively,  the  length  of  the  pump-handle  to  be  1  m.,  and  the 
distance  of  the  pump  from  the  fulcrum  of  the  handle  10  cm.  Deter- 
mine in  what  proportion  the  pressure  exerted  is  increased. 

Preisure  exerted  hy  Liquids  in  Conseqttenee  of  their  Weight. 

It  i»  aatumed,  m  iheJoUawing  probUnu,  that  liquids  an  incomprenibU^  and  hence  that  their 
$pec{fic  gravitjf  is  not  increased^  however  qreat  may  he  the  prestwre  to  which  then  are  exposed. 

132.  The  whole  pressure  on  the  bottom  of  a  tub  of  water,  the  radius 
of  which  is  30  c  m.,  is  50  kilogrammes.  What  is  the  depth  of  the 
water  in  the  pail  ? 

133.  What  is  the  pressure  exerted  by  the  water  on  every  square  cen- 
timetre of  the  base  of  a  cylindrical  vessel,  in  which  the  liquid  stands  at 
the  height  of  10.336  m.  above  the  base  ?  If  the  water  in  the  vessel  were 
replaced  by  mercury,  how  high  must  the  liquid  stand,  so  that  the  pressure 
should  be  the  same  as  before  ? 

134.  The  horizontal  and  circular  bottom  of  a  flask,  15  c  m.  in  diame- 
ter, is  filled  with  mercury  to  the  depth  of  20  c.  m.  How  great  is  the 
pressure  on  the  bottom  ? 

135.  What  height  must  a  column  of  water  have,  which  will  exert  a 
pressure  of  1,000  kilogrammes  on  every  square  decimetre  ? 

136.  A  cubical  vessel*  is  filled  with  water,  and  into  its  side  a  bent  tube 
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ia  inserted,  filled  with  water,  and  oonununicating  with  the  water  in  the 
▼essel.  Determine  the  pressure  on  the  top  of  the  veasel,  the  vertical 
height  of  the  extremity  of  the  tube  above  the  vessel  being  (m)  times  the 
height  of  the  vesseL 

137.  A  sphere,  10  c.  m.  in  diameter,  is  sunk  to  the  depth  of  100  m«  in 
a  fresh-water  lake.    Determine  the  total  pressure  exerted  on  its  surface. 

188.  A  cylinder,  15  c  m.  in  diameter  and  20  c  m.  high,  is  sunk  so 
that  its  centre  is  at  the  depth  of  1  m.  below  the  surface  of  the  water.  De- 
termine the  total  pressure  exerted  on  its  surface. 

139.  A  hollow  cone,  10  c.  m.  in  diameter  at  the  base  and  5  c  m.  h^h, 
is  filled  with  water.  Determine  the  pressure  on  the  base  and  on  the  con* 
vex  surface.  Centre  of  gravity  of  convex  surface  is  in  the  axis  of  the 
cone  at  ^  of  the  altitude  from  the  base. 

140.  A  cylindrical  vessel,  10  cu  m.  in  diameter  and  10  c.  m.  high,  is  filled 
with  water.  Determine  the  pressure  on  the  base  and  on  the  convex  sur&ce, 

141.  A  hollow  cone,  without  a  bottom,  stands  on  a  horizontal  planei 
and  water  is  poured  in  at  the  vertex.  The  weight  of  the  cone  being 
given,  how  far  may  it  be  filled  so  as  not  to  run  out  below  ? 

142.  A  hemispherical  vessel,  10  c  m.  in  diameter,  without  a  bottom, 
stands  on  a  horizontal  plane.  When  just  filled  with  water,  the  liquid 
begins  to  run  out  at  the  bottom.     Determine  the  weight  of  the  vessel. 

143.  A  straight  line  is  just  immersed  vertically  in  a  liquid.  Re- 
quired to  divide  it  into  three  portion^  which  shall  be  equally  pressed. 

144.  Compare  the  pressures  on  the  three  sides  of  an  equilateral  tri- 
angle, just  immersed  in  a  liquid  in  such  a  manner  that  one  side  may  be 
perpendicular  to  its  surface. 

Specific  Gravity, 

145.  Determine  the  specific  gravity  of  absolute  alcohol  from  the  fi)l* 
lowing  data :  — • 

Weight  of  bottle  empty, 4.326  gram. 

«  «        filled  with  water  at  4%         .         19.654     " 

•*  "        filled  with  alcohol  at  0% .        ,    16.741     « 

146.  Determine  the  specific  gravity  of  sulphuric  acid  from  the  fblJow* 
ing  data :  -^ 

Weight  of  bottle  empty, 4.326  gram. 

«  «        filled  with  water  at  4%        .         19.654     « 

"^  <"        filled  with  sulphuric  acid  at  0%     28.219     <" 

147.  Determine  the  spedfio  gravity  of  lead  shot  from  the  followin|^ 
data:  — 

Weight  of  bottle  filled  with  water  at  4"*,       •         19.654  gram. 

«         shot, 15.456     « 

^         bottle,  sho<^  and  water,         .        .         33.766     «< 
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148.  Detemiine  the  specific  gravity  of  gold  from  the  following  data :  — 
Weight  of  gold  in  air,     •        •        •         .        4.213  gram. 

Loss  of  weight  in  water,    ....     0.2205    ^ 

149.  Determine  the  specific  gravity  of  hammered  copper  from  the  fol- 
lowing data :  -— 

Weight  of  copper  in  air,     .        •        •        •     1.809  gram. 
**  «         under  water,^      •        •         1.608     " 

150.  Determine  the  specific  gravity  of  saltpetre  from  the  following 
data:  — 

Weight  of  saltpetre  in  air, .        •        •        .1.216  gram. 

«"  "^  under  alcohol,  «        •        0.734     "< 

Specific  gravity  of  alcohol, .        .        .        .    0.792     ^ 

151.  Determine  the  specific  gravity  of  ash  wood  from  the  following 
data:  — 

Weight  of  wood  in  air,    •        .        .  25.350  gram. 

*  «     a  copper  sinker,        •        .  11.000     ^ 

*  **     wood  and  sinker  under  water,  5.100     ^ 
Specific  gravity  of  copper,         .         .        .      8.950     ^ 

152.  A  sphere  of  platinum  weighs  in  air  84  gram.,  and  in  mercury  31 
gram.     What  is  the  specific  gravity  of  platinum  ? 

153.  A  piece  of  metal  weighs  5.219  gram,  in  air,  4.132  gram,  in  water, 
and  4.009  gram,  in  a  given  liquid.  What  is  the  specific  gravity  of  the 
metal  and  of  the  liquid  t 

154.  A  body,  Aj  weighs  in  air  7.55  gram.,  ih  water  5.17  gram.,  in  an- 
other liquid  5»35  gram.  What  is  the  specific  gravity  of  the  body  and  of 
the  liquid  ? 

155.  A  body  weighs  14  gram,  in  a  vacuum  and  9  gram*  in  water ;  an- 
other weighs  8  gram,  in  a  vacuum  and  7  gram,  in  water.  Compare  their 
specific  gravities. 

156.  A  gh&ss  ball,  weighing  10  gram.,  loses  3.636  gram,  in  water,  and 
2.88  gram,  in  alcohoL    What  is  the  specific  gravity  of  alcohol  ? 

157.  A  glass  ball)  weighing  10  gram,  and  whose  Sp,Gr*  —  2.75,  weighsi 
under  rape-seed  oil,  6.658  gram.    Wliat  is  the  specific  gravity  of  this  oil  ? 

158.  A  glass  ball,  as  above,  weighs  under  water  6.364  gram.,  and  under 
another  liquid  7.12  gram.     What  is  the  specific  gravity  of  this  liquid? 

159.  A  volumetre,  whose  stem  is  exactly  cylindrical,  sinks  in  a  liquid 
whose  Sp.  Gr.  —  1.1  to  a  point  6,  and  in  pure  water  at  4^  C  to  a  point  a. 
The  distance  from  a  to  5  is  4  c  m.  How  far  from  a  must  the  divisions 
be  placed  to  which  the  hydrometer  will  sink  in  liquids  whose  Sp.  Gr.  — 
1.01,  1.02,  1.08,  1.04,  1.06. 

160.  A  similiir  volumeter  sinks  in  a  liquid  whose  Sp*,  Gr,  ^  ;"  to  a 
point  5,  and  in  a  liquid  whose  Sp.  Gr,  ■>  ^r'  to  a  point  a,  higher  on  the 
stem.  What  is  the  specific  gravity  of  a  liquid  in  which  it  sinks  to  an  in- 
termediate point,  dj  when  i  <f  ■«  A,  and  d  5  ->  /L 


262  CHEMICAL  PHTSICS. 

161.  A  column  of  water  1.55  m.  high  is  in  equilibrium  with  a  column 
of  liquid  2.17  m.  high.     What  is  the  specific  gravitj  of  the  liquid? 

Miscellaneous. 

162.  An  alloy  of  gold  and  silver  weighs  10  kilogrammes  in  air,  and 
9JS75  kilogrammes  in  water.  What  are  the  proportions  of  gold  and 
silver  ?     The  specific  gravity  of  gold  ^  19.2,  of  silver  ^  10.5. 

163.  An  alloy  of  copper  and  silver  weighs  37  kilognunmes  in  the  air, 
and  loses  3.666  kilogrammes  when  weighed  in  water.  What  are  the  pro- 
portions of  silver  and  copper  ? 

164.  The  specific  gravity  of  zinc  is  7,  and  that  of  copper  9,  nearly. 
What  amounts  of  zinc  and  copper  must  be  taken  to  form  an  alloy  weigh- 
ing 50  gram.,  and  having  a  specific  gravity  equal  to  8.2,  assuming  that 
the  volume  of  the  alloy  is  exactly  the  sum  of  the  volumes  of  the  two 
metals? 

165.  Required  the  specific  gravity  of  a  mixture  of  18  kilognunmes  of 
sulphuric  acid  and  8  kilogrammes  of  water,  assuming  that  the  specific 
gravity  of  the  acid  is  equal  to  1.84,  and  that  the  volume  of  the  mixture 
is  condensed  fy. 

166.  Into  a  cylindrical  vessel  with  a  horizontal  base  10  cm.  in  diame- 
ter, there  are  poured  12  kilogrammes  of  mercury.  At  what  height  will  the 
liquid  rise  in  the  cylinder?     The  specific  gravity  of  mercury  is  13.596. 

167.  How  much  mercury  will  a  conical  vessel  hold  which  is  87  cm. 
high  and  46  d  m.  in  diameter  at  the  base  ? 

168.  A  cylinder  of  oak  wood  is  30  c  m.  in  diameter  and  2.5  m.  long ; 
the  specific  gravity  of  the  wood  is  1.17.  What  is  the  volume  and  the 
weight  of  the  cylinder  ? 

169.  A  cylindrical  vessel  is  36.9  cm.  high,  and  24.6  cm.  in  diameter, 
interior  measure.  How  much  alcohol  of  specific  gravity  0.863  will  the 
cylinder  contain  ? 

170.  Leaves  of  gold  are  made  only  0.001  m.m.  in  thickness ;  the  spe- 
cific gravity  of  gold  equals  19.632.  How  much  surface  can  be  covered 
with  10  gram,  of  gold  ? 

171.  A  cast-iron  ball  weighs  12  kilogrammes  ;  the  specific  gravity  of 
cast-iron  is  7.35.     What  is  the  radius  of  the  ball  ? 

172.  What  is  the  diameter  of  a  platinum  wire  which  weighs  28  gram, 
for  each  metre  of  length  ?    The  specific  gravity  of  platinum  is  22.06. 

173.  A  silver  wire  125  m.  long  weighs  6  gram. ;  the  specific  gravity  of 
silver  is  10.474.     What  is  the  diameter  of  the  wire  ? 

174.  In  a  capillary  tube  is  contained  a  column  of  mercury,  weighing 
0.500  gram.,  which  measures  13.700  c  m.  at  0°  C.  What  b  the  diameter 
of  the  tube  ? 

175.  A  wire  0.785  m.  long,  and  weighing  0.364  gram.,  loses  0.017  gram. 
when  weighed  under  water.    What  is  the  diameter  of  the  wire  ? 
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m.  Chabacteribtic  Propebties  of  Gases. 

(149.')  Mechanical  Condition  of  Gases.  ■ —  The  peculiar  prop- 
erties of  a  gas  seem  to  depend  on  the  fact,  that  the  repulsive 
forces  existing  between  its  particles  are  greater  than  ^e  attrac- 
tive forces  (78).     Consequently,  the  particles  of  a  gas  tend  to 
recede  from  each  other,  and  were  it  not  for  extraneous  causes  the 
gas  would  expand  —  so  far  as  is  known  —  indefinitely  into  space. 
This  natural  tendency  of  gases  is  restrained  on  the  surface  of  our 
globe  by  the  pressure  which  the  atmosphere  exerts  in  consequence 
of  its  weight ;  but  when  this  pres- 
sure is  removed,  the  expansive  ten- 
dency becomes   at  once   manifest. 
The  air  which  is  contained  in  the 
India-rubber  bag  (Fig.   253),    for 
example,  is  prevented  from  expand- 
ing by  the  pressure  of  the  atmos- 
phere on  its  exterior  surface.    If, 
however,  we  place  the  bag  under 
the   receiver  of  an   air-pump,  and 
remove  the  pressure  by  exhausting 
the  air,  the  bag  will  at  once  ex- 
pand ;  and  this  expansion  will  con- 
tinue until  the  expansive  tendency 
of  tlie  air  is  balanced  by  the  elas-  «,.  jm. 

ticity  of  the  bag. 

The  force  with  which  a  gas  tends  to  expand  is  called  its  ten- 
sion; and  it  is  evident  that,  when  in  a  state  of  rest,  the  tension 
of  a  gas  must  be  exactly  equal  to  the  pressure  to  which  it  is  ex- 
posed ;  for  were  this  not  the  case,  the  force  wliich  was  in  excess 
would  cause  a  motion  in  the  particles,  wliicli  is  inconsistent  with 
the  supposition.  It  appears,  therefore,  that  in  a  gas,  as  in  a 
liquid,  the  particles  are  in  a  condition  of  equilibrium  ;  the  only 
difference  being,  that  in  a  liquid  the  equilibrium  exists  between 
the  attractive  and  repulsive  forces  in  the  liquid  itself,  but  in  the 
gas,  between  the  excess  of  repulsive  forces  in  the  body  and  an  ex< 
t«rnal  pressure.  In  consequence  of  tliis  condition  of  equilibrium, 
the  particles  of  gases  are  endowed  with  perfect  freedom  of  motion, 
and  gases  are  therefore /uttfj  (117).  Moreover,  since  they  are 
both  elastic  (77)  and  ponderable  (7),  it  follows  that  all  those 
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properties  vliicli  are  the  necessary  consequence  of  these  mechan- 
ical conditions  muBt  belong  to  gases  as  well  as  to  liquids.  These, 
as  before  (119),  naturallf  divide  themselvefl  into  two  claas^: 
first,  those  which  are  independent  of  the  action  of  graTity  ;  and, 
secondlj',  those  which  depend  upon  it.  As  these  properties  have 
been  so  fully  discussed  in  the  cose  of  liquids,  it  will  only  be 
necessary  to  extend  the  principles  already  established  to  the  case 
of  gases. 

Properties  Chmmon  to  Gases  and  lAquids. 

(150.)  Pressure  which  is  independtnt  of  the  Action  of  Orav- 
ity.  —  Let  us  now  suppose  that  the  vessel  (Fig.  254)  already 
described  (120)  is  filled  with  air,  Instead  of  water.    As  this  air 
is  in  a  permanent  state  of  tension,  it  will, 
in  consequence  of  its  elasticity,  exert  pre»- 
Bure  in  all  directions ;  and  it  is  evident, 
from  the  same  course  of  reasoning  used 
in  the  case  of  water  (120),  that  the  pres- 
sures it  exerts  against  the  pistons  a,  b,  c,  d 
will  be  proportional  to  their  areas.     In 
■g^.^^^  like  manner,  the  some  will  bo  true  of  any 

portion  of  the  interior  surface  of  the  ves- 
sel, and  also  of  any  ideal  section  in  the  interior  of  the  vessel.  If 
two  sections  are  equal,  tlicy  will  receive  equal  pressures  ;  if  un- 
equal, the  pressures  will  be  proportional  to  their  areas. 

If  the  air  in  the  interior  of  the  vessel  is  in  the  same  Condition 
as  tiie  external  atmosphere,  it  is  evident,  ftoxa.  what  lias  been 
said,  that  the  pressure  of  the  air  on  tiie  interior  surface  of  tbe 
vessel  will  bo  exactly  balanced  by  the  preuure  of  the  atmoephera 
on  the  outside.  The  piston,  tlierefore,  being  pressed  equally  on 
their  inner  and  outer  surfaces,  will  have  no  tendency  to  move. 
This  being  the  condition  of  the  air  in  the  vessel,  let  us  suppose 
that  we  condense  the  air  still  further,  by  pressing  in  one  of  tbe 
pistons ;  it  is  evident  that  we  shall  tlius  develop  a  greater  elas- 
ticity in  the  particles,  and  each  particle  will  in  consequence  exert 
a  greater  pressure.  The  increased  pressures  now  exerted  against 
the  inner  surfaces  of  tlie  pistons  will  be  proportional  to  the  num- 
ber of  gaseous  particles  in  contact  with  them,  or,  in  other  words, 
proportional  to  Uieir  areas.  Tlio  pressures  on  the  inner  sur- 
fhccs  being  also  greater  than  those  on  the  outer  surfaces,  the 
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pistons  will  tend  to  move  out  with  forces  yarying  in  the  fiame 
proportion. 

From  these  considerations,  it  appears  that  gases^  like  liquids^ 
transmit  pressure  equally  in  all  directions ;  the  only  difference 
being  this,  that  in  our  experiments  on  gases  we  start  witli  a  cer- 
tain initial  pressure  due  to  their  permanent  elasticity.  Oases, 
like  liquids,  will  transmit  pressure  through  long  tubes  and 
through  any  passages,  however  circuitous,  provided  only  that 
there  is  a  line  of  gaseous  particles.  A  good  example  of  this  is 
furnished  by  the  gas-pipes  of  large  cities.  Any  pressure  applied 
at  the  gasometer  is  transmitted  almost  instantaneously  through 
hundreds  of  miles  of  pipe  distributed  in  a  most  circuitous  man* 
ner  over  several  square  miles  of  area.  The  close  resemblance 
which  gases  bear  to  liquids  is  also  shown  by  the  fact  that  they 
transmit  pressure  from  one  to  the  other  indifferently.  We  shall 
have  occasion  to  notice  several  examples  of  this  farther  on. 

Since  the  proof  used  in  (121)  applies  to  gases  as  well  as  to 
liquids,  it  follows  that  the  line  indicating  the  direction  of  the 
pressure  exerted  by  any  gaseous  particle  against  the  section  with 
which  it  is  in  contact^  is  always  a  perpendicular  to  this  section 
B^  the  point  of  contact, 

(151.)  Pressure  depending  on  the  Action  of  Gravity.  —  The 
facts  in  regard  to  the  pressure  exerted  by  liquids  in  consequence 
of  their  weight  are,  as  we  found  in  sections  (128)  to  (129),  all 
necessary  consequences  of  the  one  fundamental  property,  that 
they  transmit  pressure  equally  in  all  directions  ;  and  it  therefore 
follows,  that  each  of  these  facts  must  be  true  of  gases.  Let  us 
commence  with  an  ideal  case.  Suppose  a  closed  cylindrical  res* 
sel,  several  kilometres  high,  filled  with  air  of  the  same  density 
through  its  whole  extent,  and  rising  vertically  from  the  surface 
of  the  globe.  It  would  be  true  of  such  a  vessel,  that  the  pres" 
%ure  exerted  by  the  air  on  the  base  of  the  cylinder^  or  on  any  por^ 
tion  of  its  side,  or,  in  fine ,  on  any  section  whatsoever ,  would  be 
equal  to  the  weight  of  a  column  of  air,  the  area  of  whose  base  is 
equal  to  the  area  of  the  section,  and  whose  height  is  equal  to  the 
vertical  distance  of  the  centre  of  gravity  of  the  section  from  the 
top  of  the  cylinder.  Moreover,  the  pressure  on  any  given  sec- 
tion would  be  entirely  independent  of  the  form  or  siee  of  the 
tessel,  provided,  only  that  the  height  remained  the  same. 

This  last  circumstance  is  one  of  great  importance,  because  it 

23 
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enables  us  to  extend  our  conclusions  at  once  to  the  case  of  the 
atmosphere.  Tlie  atmosphere  is  a  mass  of  air  retained  upon  the 
surface  of  the  globe  by  the  force  of  gravitation,  and  rising  to  a 
height  which  is  estimated  at  the  lowest  at  forty-seven  kilometres. 
It  is  supposed  to  have,  like  the  ocean,  a  definite  surface,  which, 
when  at  rest,  is  perpendicular  at  each  point  to  the  direction  of 
gravity.  It  partakes  of  the  rotation  of  the  globe  on  its  axis,  and 
would  remain  at  rest  relatively  to  terrestrial  objects  were  it  not 
for  local  causes,  which  produce  winds  and  disturb  at  each  mo- 
ment its  equilibrium.  Neglecting  these  disturbances,  we  may 
regard  the  atmosphere  as  a  gaseous  ocean  in  equilibrium  covering 
the  earth  to  a  certain  level,  and  exerting  the  same  effects  of  pres- 
sure as  if  it  were  a  liquid  having  a  very  small  density.  It  fol- 
lows, therefore,  that  each  particle  of  tlie  air  exerts  a  pressure 
equal  to  the  weight  of  a  vertical  line  of  superincumbent  particles 
rising  to  the  surface  of  the  atmosphere.  This  pressure  will  be 
constant  on  surfaces  at  the  same  level ;  it  will  increase  as  we  de- 
scend in  the  atmosphere,  and  diminish  as  we  rise  in  it.  At  any 
one  position,  it  will  be  equal  on  surfaces  of  the  same  area,  what- 
ever may  be  their  direction  ;  and  on  surfaces  of  uueqiial  area  it 
will  be  in  proportion  to  the  extent  of  the  areas.  It  will  be  the 
same  in  the  interior  of  any  vessel  or  room  as  in  the  outer  air, 
provided  only  there  is  a  connection  with  the  exterior  atmosphere 
by  some  aperture,  however  small.  Finally,  the  air  will  buoy  up 
all  bodies  immersed  in  it  with  a  force  which  will  be  equal  to  tlie 
weight  of  the  volume  of  air  displaced.  As  the  validity  of  these 
conclusions  has  already  been  established  in  regard  to  liquids,  it 
will  only  be  necessary,  in  the  case  of  gases,  to  illustrate  the  gen- 
eral facts  by  a  few  experiments. 

(152.)  Pressure  of  the  Atmosphere.  —  The  pressure  exerted 
by  the  atmosphere  on  all  bodies  near  the  surface  of  the  globe  is 
exceedingly  great,  amounting,  as  we  shall  soon  prove,  to  over  one 
kilogramme  on  every  square  centimetre  of  surface,  and  to  about 
16,000  kilogrammes  on  the  surface  of  the  body  of  a  man  of  or- 
dinary stature.  But  since  this  pressure  is  exerted  equally  in  all 
directions,  and  since  the  cavities  of  the  body  are  filled  either  by 
air  or  other  gases,  which  exert  a  pressure  on  the  one  surface  of 
its  delicate  membranes  exactly  equal  to  that  exerted  on  the  other, 
this  great  pressure  is  not  perceptible,  and  indeed  was  not  known 
to  exist  until  it  was  discovered  by  Torricelli  in  1643.    If,  how« 
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ever,  by  any  means,  we  can  remove  the  pressure  from  one  side 
only  of  a  membrane,  then  the  pressure  on  the  other  side  will  be- 
come evident. 
We  can  readily  remove  the  pressure  from  the  interior  surface 

of  a  vessel,  by  removing  the  air  by  means 
^^^^  of  an  air-pump  (175),  and  thus  remov- 

^H|Hb  ing  the  fluid  medium    through  which 

ll  the  pressure  is  transmitted.    For  exam- 

'-  pie,  if  we  remove  the  air  from  the  cylin- 

drical glass  vessel  which  is  represent- 
ed in  Fig.  255,  resting  on  the  plate  of 
an  air-pump,  we  shall  also  remove  the 
pressure  from  the  lower  surface  of  the 
thin  animal  membrane  which  covers 
and  closes  the  cylinder  from  above. 
Then  the  great  pressure  on  the  upper 
surface,  being  no  longer  balanced,  will 
exert  its  full  effect,  first,  by  depressing 
the  membrane,  and  afterwards  by  bursting  it,  if  it  be  not  too 
strong. 

That  the  pressure  of  the  atmosphere  is  exerted  upwards  as 
well  as  downwards,  may  be  further  illustrated  by  means  of  the 
apparatus  represented  in  Fig.  256. 
It  consists  of  a  glass  vessel  supported 
on  a  tripod  stand,  having  a  large 
opening  below,  and  a  small  tubulature 
above.  The  lower  opening  is  closed 
by  a  bag  of  India-rubber  cloth,  as 
represented  in  the  figure,  and  the  t\i- 
bulature  is  connected  with  an  air- 
pump  by  means  of  a  flexible  hose. 
On  exhausting  the  air,  the  bag  is 
pressed  up  into  the  glass  vessel  with 
sufficient  force  to  raise  the  heavy 
weight  which  is  attached  to.  it  by 
means  of  a  leather  strap.  By  modi- 
fying the  apparatus,  it  is  easy  to  show  that  the  pressure  is 
exerted,  not  only  upwards  and  downwards,  but  also  in  all  direc- 
tions. These  various  forms  of  apparatus,  however,  only  demon- 
strate the  existence  of  pressure.  They  do  not  enable  us  to 
measure  it. 
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(158.)  Bvoyancy  of  the  Air.  —  The  genenl  fact,  that  ur, 
like  liquids,  buoys  up  all  bodies  immened  iii  it,  may  be  illu»< 
trated  by  means  of  the  apparatoa 
represented  in  Fig.  257.  It  oon- 
nsts  of  a  closed  globe  suspended 
to  one  arm  of  a  delicate  balance, 
equipoised  by  a  weight  suspend- 
ed to  the  other.  Ttie  two  are  in 
equilibrium  in  tlie  ur,  but  only 
because  the  globe,  being  larger 
tliau  the  weight,  is  buoyed  up 
by  a  greater  force.  If,  now,  the 
apparatus  is  placed  upon  the 
plate  of  an  air-pump  and  covered 
with  a  glass  bell,  we  i^all  find, 
on  removing  the  air,  that  the 
globe  will  preponderate,  as  is 
fii.)BT.  .  shown  in  the  figure.     By  remov- 

ing the  ur,  we  increase  the  ap- 
parent weight  both  of  the  globe  and  of  the  counterpoise  by  just 
the  weight  of  the  ur  displaced  by  each  ;  but  as  the  globe  is  much 
the  largest,  we  increase  its  weight  more  than  that  of  tlie  smaller 
brass  counterpoise,  and  hence  the  result.  If  we  allow  the  air 
to  re-enter  the  bell,  it  will  buoy  up  tlie  globe,  as  before,  bo  much 
more  than  the  comiterpoise,  as  to  restore  the  equilibrium. 

(154.)  Weight  of  a  Body  in  Air.  —  An  important  consequence 
of  the  principle  just  illustrated  is  evident.  The  balance  does  not 
give  us  the  true  relative  weight,  W,  of  a  body,  but  a  slightly  dif- 
ferent weight,  depending  on  the  weight. of  air  displaced  by  the 
body  compared  with  the  weight  of  air  displaced  by  the  brass  or 
platinum  weights  used  in  weighing.  As  tlie  volume  of  these 
weights  is  generally  less  than  tliat  of  the  body,  the  weight  indi- 
cated by  the  balance  is  almost  always  too  small ;  but  when  the 
volume  of  the  weights  is  greater  than  that  of  the  body,  the  weight 
indicated  by  the  balance  is  too  large.  When  tlie  two  volumes 
are  equal,  the  balance  will  indicate  the  same  weight  in  air  as  in 
a  vacuum.  It  is  easy  to  ascertain  the  correction  which  it  is 
necessary  to  add  to  or  subtract  from  the  weight  of  a  body  in  air, 
in  order  to  obtain  its  true  weight. 
It  must  be  remembered  tliat  the  brass  and  platinum  weights 
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▼hich  are  used  in  delicate  determinations  of  weight  are  only 
standard  when  in  a  yacuum  (64) «  Let  us,  then,  repi^esent  the 
various  values  as  follows :  — 

TT'  =  weight  of  the  bodj  in  air  as  estimated  bj  standard  weights,  and 
also  the  weight  of  the  standard  weights  themselves  in  a 
vacuum. 

V  =  volume  of  the  standard  weights  in  cubic  centimetres. 

Y  =:  volume  of  the  body  in  cubic  centimetres. 

\o    =  weight  of  one  cubic  centimetre  of  air  at  the  time  of  the  weighing. 
W  =  weight  of  the  body  in  a  vacuum,  —  which  we  wish  to  find* 

We  can  now  easily  deduce  the  following  values :  — 

F'  w  ==  buoyancy  of  air  on  the  weights. 

Vw  =  buoyancy  of  air  on  the  body. 

IT'  —  V  w  z=>  actual  weight  of  standard  weights  in  air. 

W  —  Vw  'zz  actual  weight  of  body  in  air. 

Since  these  weights  just  balanced  each  other,  we  have 

r—  Fit  =  TT'  —  Twy    or     r=  TT'  +  w  (J—  V).      [91.] 

The  correction  wQV —  F'),  which  miist  be  made  to  the  weight 
determined  by  a  bsdance  in  air  in  order  to  obtain  the  weight  in  a 
vacuum,  is  evidently  additive  when  the  volume  of  the  body  is 
greater  than  that  of  the  weights,  and  subtractive  when  these  con- 
ditions are  reversed.  When  the  volumes  are  equal,  the  correc- 
tion becomes  0. 

In  all  ordinary  cases  of  weighing,  the  correction  is  so  small 
that  it  may  be  neglected  without  sensible  error ;  but  it  becomes 
of  the  greatest  importance  in  determining  the  weight  of  a  gas. 
In  such  cases,  we  have  to  determine  the  weight  of  a  large  glass 
globe  when  completely  vacuous  and  when  filled  with  gas  ;  and  it 
not  unfrequently  happens  that  the  buoyancy  of  the  air  is  greater 
than  the  weight  of  the  gas  itself,  and  it  is  always  a  considerable 
part  of  it.  If  the  buoyancy  of  the  air  is  the  same  when  the 
globe  is  weighed  in  its  vacuous  condition  and  when  filled  with 
gas,  it  would  not  affect  the  weight  of  the  gas,  which  would  be 
obtained  by  subtracting  the  first  weight  from  the  last.  But, 
unfortunately,  the  buoyancy  is  constantly  changing;  and  it  is 
therefore  necessary  to  determine  the  amount  carefully  at  each 
weighing,  and  reduce  the  weights  of  the  globe  in  the  two  condi- 
tions to  what  they  would  be  if  the  experiments  had  been  made 
in  a  vacuum. 
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When  the  temperature  is  0**  C.  .and  the  barometer  stands  at 
76  cm.,  and  when  the  air  contains  neither  vapor  of  water  nor 
carbonic  acid,  w  is  equal  to  0.001293  gram.  Were  the  atmos- 
phere always  in  this  condition,  nothing  would  be  easier  than  to 
calculate  the  actual  weight  of  a  body  from  the  weight  found  by 
weighing  in  this  normal  atmosphere.  But  this  is  far  from  being 
the  case  ;  for  the  temperature,  the  pressure,  and  the  composition 
of  the  atmosphere  are  changing  at  each  moment,  and  the  value 
of  w  varies  with  all  these  atmospheric  changes.  We  shall  here- 
after show  in  what  way  the  value  of  tv  may  be  ascertained,  at  any 
given  time,  when  the  condition  of  the  atmosphere  is  known. 

It  is  frequently  possible  to  conduct  the  process  of  weighing  in 
such  a  way  that  the  correction  for  the  buoyancy  of  the  atmos- 
phere, always  some- 
what uncertain,  may 
be  avoided.  For  ex- 
ample, in  weighing 
a  gas,  instead  of 
equipoising  the  glass 
globe  when  empty, 
by  means  of  ordina- 
ry weights,  we  may 
equipoise  it  by  means 
of  a  second  globe, 
hermetically  closed, 
and  having  the  same 
volume  as  the  first, 
in  the  manner  repre- 
sented in  Fig.  258. 
It  is  evident  that  in 
this  case,  whatever 
may  be  the  buoyancy 
of  the  atmosphere,  it 
will  equally  affect  both  globes,  and  we  shall  only  have  to  consider 
the  buoyancy  of  the  air  on  the  small  weights  necessary  to  restore 
the  equilibrium  after  the  globe  is  filled  with  the  gas  to  be  weighed; 
but  this  is  so  small  that  it  may  always  be  neglected. 

(166.)  Balloons.  —  If  the  weight  of  a  body  is  less  than  that  of 
the  gas  which  it  displaces,  it  is  evident  that  the  body  will  rise  in  the 
gas ;  and  hence  the  phenomena  of  floating  bodies,  which  we  have 
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already  studied  in  the  case  of  liquids  (140),  must  be  repeated  in 
tlie  case  of  gases.  It  is  not  difficult  to  construct  a  body  which 
shall  be,  taken  as  a  whole,  specifically  lighter  tlian  air,  and  which 
will  therefore  rise  in  the  atmosphere  as  wood  rises  in  water.  Hy- 
drogen gas  is  14^  times  lighter  than  air,  and  by  enclosing  a  large 
volume  of  this  gas  in  a  light  bag  made  of  oiled  silk,  called  a 
balloon^  we  shall  have  a  body  which  will  displace  a  weight  of  air 
much  greater  than  its  own  weight.  For  example,  let  us  suppose 
that  the  balloon,  when  fully  inflated,  forms  a  sphere  two  me- 
tres in  diameter.  It  is  easy  to  calculate  tliat  it  will  contain 
4.1887902  m.'  of  hydrogen,  which  will  weigh  874.436  gram- 
Neglecting  the  volume  occupied  by  the  material  of  the  balloon, 
it  will  displace  an  equal  volume  of  air,  weighing  5,418.75  gram. 
The  difference  between  these  weights,  or  5,044.81  gram.,  will 
repre^nt  the  excess  of  the  buoyancy  of  the  air  over  the  weight 
of  the  hydrogen  ;  and  hence,  if  the  balloon  and  its  attachments 
weigh  less  than  this,  it  will,  when  inflated  with  hydrogen,  rise  in 
the  atmosphere.  The  difference  between  the  weight  of  the  bal- 
loon inflated  with  hydrogen  and  that  of  the  air  displaced  by  it  is 
termed  the  ascensional  force  of  the  balloon.  If  the  balloon  is 
ten  metres  in  diameter,  and  weighs  100  kilogrammes,  it  would 
have  an  ascensional  force  of  580.5  kilogrammes,  and  therefore 
sufficient  to  raise  a  car  with  several  passengers  into  tlie  atmos- 
phere. 

In  practice,  a  balloon  is  never  at  first  more  than  two  thirds  filled 
with  hydrogen ;  because,  as  it  rises  in  the  atmosphere,  the  gas 
rapidly  expands,  and  it  is  necessary  to  allow  for  this  expansion. 
Moreover,  the  hydrogen  used  is  mixed,  to  a  greater  or  less  extent, 
with  air  and  vapor,  which  greatly  increase  its  weight.  These  causes 
diminish  the  ascensional  force  to  such  an  extent,  that  in  practice 
the  ascensional  force  of  a  balloon  ten  metres  in  diameter  would 
not  be  more  than  one  half  of  what  it  is  estimated  above. 

Since  the  introduction  of  coal-gas  as  an  illuminating  material, 
this  is  almost  exclusively  used  for  inflating  large  balloons.  The 
specific  gravity  of  this  gas  is  on  an  average  about  0.5,  and  it  is 
only,  therefore,  about  twice  as  light  as  air.  Hence,  in  order  to 
obtain  the  same  ascensional  force  with  coal-gas  as  with  hydrogen, 
it  is  necessary  to  use  very  much  larger  balloons.  When  the  spe- 
cific gravity  of  a  gas  is  given,  it  is  easy  to  calculate  the  ascensional 
force  which  in  any  given  case  may  be  obtained  with  it. 
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Let  U8  represent  by  d  and  d'  the  specifio  grayities  of  air  and 
tlie  gas  to  be  used,  referred  to  water  [68] ;  hj  TT,  the  weight  of  the 
material  of  the  balloon  and  its  attaolunents ;  and  by  F,  its  volume 
when  inflated.  Then,  by  [56] ,  we  have  for  tlie  weight  of  the 
gas  in  grammes  Vd'y  and  for  the  weight  of  the  air  it  displaces  Vd* 
Neglecting,  for  the  moment,  the  weight  of  the  balloon  itself,  we 
should  have  for  the  ascensional  force  V(d  —  d*').  Subtracting 
the  weight  of  tlie  balloon  and  its  attachments,  we  have,  for  the 
total  ascensional  force  F^ 

F=  V(d  —  d'^—W.  [92.] 

If  the  balloon  is  a  sphere  of  which  R  is  tlie  radius,  then  we 
should  have  for  the  value  of  F,  when  the  balloon  was  fully  in^ 
flated,  I  n  i2%  and  for  the  value  of  Fy 

F^^TtR^  (d—d')  —  W.  [93.] 

When  the  gas  used  is  pure  hydrogen,  d  »=  0.00129368,  and  d'^sm 
0.00008989.  Substituting  these  values,  and  also  for  n  its  well* 
known  value,  the  expression  becomes 

F  =  0.00504481  R'  —  TT,  [94.] 

in  which  R  stands  for  a  certain  number  of  centimetres,  and  W 
for  a  certain  number  of  grammes. 

As  we  live  at  the  bottom  of  the  ocean  of  air  which  surrounds 
the  globe,  we  cannot,  from  tlie  nature  of  the  case,  imitate  with  it 
the  condition  of  a  vessel  floating  on  tlie  surface  of  the  water ; 
but  with  other  gases  this  condition  of  things  may  be,  at  least  in  a 
small  way,  very  nearly  approached. 

The  large  fermenting^vats  of  breweries  and  distilleries  are  al- 
most constantly  filled  with  carbonic  acid  gas,  which,  being  heav* 
ier  than  the  air,  remains  in  the  tank,  and  has  a  surface  like  that 
of  water,  although  it  is  not  quite  so  definite.  By  exploding  a 
little  gunpowder  in  the  gas,  and  thus  filling  it  with  smoke,  the 
surface  becomes  distinctly  visible.  A  very  illustrative  experiment 
can  be  made  at  such  vats,  by  allowing  soap-bubbles,  blown  with  a 
common  tobacco-pipe,  to  fall  on  the  gas  thus  clouded.  They  will 
for  a  few  moments  float  on  the  surface,  and  illustrate  in  a  most 
striking  manner  the  analogy  between  gases  and  liquids. 
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Differences  between  Liquids  and  Gases. 

(156.)  We  shall  fail  to  give  an  accurate  idea  of  the  nature 
of  a  gasy  if,  after  having  dwelt  upon  the  analogies  between  liquida 
and  gases,  we  do  not  point  out  those  qualities  which  distinguish 
these  two  conditions  of  matter. 

1.  Difference  of  Specific  Gravity.  — '  The  most  obvious  differ- 
ence between  gases  and  liquids  is  to  be  found  in  their  relative 
weight.  A  litre  of  water  weighs  1,000  grammes,  and  the  weight 
of  the  same  volume  of  other  liquids  varies  from  600  to  3,000 
grammes,  leaving  out  of  account  mercury  and  other  metals,  when 
in  a  melted  state,  which  are  much  heavier.  Between  these  limits 
we  find  almost  every  possible  gradation.  One  litre  of  air  weigha 
1.294  gram.,  and  the  weight  of  one  litre  of  other  gases  varies 
between  0.089  gram,  and  20  gram.  There  is,  therefore,  a  wide 
gap  between  the  lightest  liquid  and  the  heaviest  gas,  but  yet 
this  difference  is  one  entirely  of  degree  ;  and  although  this  gap 
is  not  filled  by  any  known  substance  in  its  normal  condition  on 
the  globe,  yet  Natterer,  in  his  experiments  on  the  condensation  of 
gases,*  must  have  had  atmospheric  gas  in  every  degree  of  density 
between  its  ordinary  density  and  that  of  water. 

2.  Compressibility. — Gases  are  also  distinguished  from  liquids 
by  being  far  more  compressible.  When  by  means  of  a  piston  we 
attempt  to  condense  a  liquid,  we  find  that  we  can  only  reduce  its 
volume  very  slightly.  *  But  this  almost  insensible  diminution  of 
volume  develops  a  very  great  elasticity ;  for  it  is  only  necessary 
to  reduce  the  volume  one  forty-five-millionth  to  produce  a  resist- 
ance equal  to.  the  pressure  of  our  atmosphere.  It  is  different  with 
gases.  Wlien,  for  example,  we  press  down  a  piston  into  a  cylinder 
containing  air  (Fig.  51),  it  is  necessary  to  reduce  the  volume  to 
one  half  in  order  to  double  the  resistance,  and  to  one  third  in 
order  to  treble  it.  As  the  pressure  is  increased,  the  volume  of  a 
gas  is  diminished  almost  in  the  same  proportion ;  as  the  pressure 
is  diminished,  on  the  other  hand,  the  volume  of  the  gas  is 
proportionally  increased.  For  this  reason,  gases  are  frequently 
ealled  compressible,  and  liquids  incompressible  fluids ;  but  here 
again  the  difference  is  one  of  degree  rather  than  of  kind. 

This  difference  of  compressibility  gives  rise  to  an  important  dif- 

*  Poggeudorff;  Anaileii,  XCEV.  4ae. 
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ference  of  condition  between  tlie  atmosphere,  regarded  as  an 
ocean  of  gas,  and  the  liquid  oceans  of  our  globe.  As  we  de* 
ecend  in  the  ocean,  although  tlie  pressure  increases  with  great 
rapidity,  yet  the  density  of  the  water  is  not  materially  increased. 
It  is  jirery  different  with  the  atmosphere.  As  we  rise  in  this  ocean 
of  gas,  the  air  becomes  less  dense  in  proportion  as  the  pressure  is 
diminished,  and  when  at  a  height  of  about  5,520  m.  the  pressure  is 
reduced  one  half,  the  density  is  also  reduced  one  half.  On  the 
other  hand,  when  we  descend  into  mines,  and  the  pressure  from 
above  is  increased,  the  density  of  the  air  increases  in  the  same 
proportion.  The  atmosphere  does  not,  therefore,  like  the  sea, 
consist  of  a  fluid  of  nearly  uniform  density  throughout,  but  its 
density  very  rapidly  diminishes  as  we  rise  above  the  surface  of 
the  globe.'  It  would  not,  then,  be  possible  to  have  a  cylin- 
drical vessel  filled  with  air  of  uniform  density  throughout  its 
whole  height,  as  we  supposed  in  (151).  Such  a  condition  of 
things  is  wholly  ideal,  and  was  introduced  merely  for  the  sake 
of  illustration.  Were  the  atmosphere,  like  the  sea,  of  nearly 
uniform  density,  its  height  would  be  only  about  eight  kilome- 
tres, instead  of  forty-seven,  as  already  stated.  The  pressure 
exerted  by  such  an  ideal  fluid  would  be  precisely  the  same  as 
that  exerted  by  the  atmosphere  ;  so  that,  while  merely  studying 
the  pressure  on  the  surface  of  the  earth,  we  may  conceive  of  the 
pressure  as  exerted  by  a  fluid  of  uniform  density,  without  com- 
mitting any  material  error  ;  but  it  must  be  remembered  that  the 
real  state  of  the  case  is  very  different.  We  shall  return  to  this 
subject  in  a  future  section. 

8.  Permanent  Elasticity.  —  We  have  already  dwelt  at  some 
length  on  this  property  of  gases,  which  distinguishes  them  pre- 
eminently from  liquids  (149)  ;  but  even  here  the  difierence  is 
not  so  strongly  marked  as  it  would  at  first  sight  seem.  A 
simple  experiment  will  illustrate  this  point,  and  at  the  same 
time  make  the  distinction  between  the  two  fluid  conditions  of 
matter  clearer. 

Let  us  take,  then,  a  volume,  F,  of  water,  contained  in  a  vessel 
of  much  greater  capacity,  and  let  us  suppose  that  its  temperature 
is  100^,  and  that  it  is  exposed  to  a  given  pressure,  for  example 
of  ten  atmospheres.  If,  now,  we  diminish  the  pressure  succes- 
sively by  one  atmosphere  each  time,  the  volume  F  will  increase  by 
a  very  small  amount,  represented  by  Fju,  at  each  operation.     As 
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soon,  however,  as  the  pressure  is  reduced  to  one  atmosphere,  this 
law  of  expansion  ceases  abruptly,  and  the  water,  without  anj 
intermediate  transition,  takes  a  volume  1,200  times  greater  than 
before,  changing  into  a  gas  having  all  the  properties  of  air,  and 
preserving  these  properties  at  any  pressure  less  than  one  at- 
mosphere. 

We  may  now  reverse  this  experiment.  Let  us,  then,  increase 
the  pressure  upon  this  gas  formed  by  water ;  we  shall  find  that, 
when  the  pressure  is  doubled,  the  volume  of  the  gas  will  be  re- 
duced one  half,  but  as  soon  as  the  pressure  exceeds  one  atmos- 
phere it  will  suddenly  take  a  volume  1,200  times  smaller  than  be- 
fore, and  a  density  1,200  times  greater,  collecting  in  the  lower  part 
of  the  vessel  in  a  liquid  form.  After  this,  it  can  be  compressed 
but  very  slightly  by  increasing  pressures.  We  have  taken,  as  an 
example,  water  at  lOO"",  because  ihe  change  of  state  which  it 
undergoes  at  this  temperature  is  a  familiar  fact  to  every  one. 
We  might  have  cited  sulphurous  acid  gas,  which  liquefies  at 
— 10**,  or  carbonic  acid  gas,  which  liquefies  at  — 78** ;  but  what- 
ever might  be  the  body  examined,  the  result  would  be  the  same. 

What  has  now  been  stated  in  regard  to  gases  may  be  summed 
up  in  a  few  words.  They  are  bodies  constituted,  like  liquids,  of 
molecules  which  repel  each  other,  bodies  which  transmit  pressure 
equally  in  all  directions,  which  arrange  themselves  under  the  influ- 
ence of  gravity  in  strata  whose  density  and  elasticity  increase  as  we 
descend,  which  buoy  up  all  bodies  immersed  in  them  with  a  force 
equal  to  the  weight  of  the  fluid  displaced,  and  in  which  the  laws 
of  the  equilibrium  of  floating  bodies  are  reproduced.  These  are 
{he  analogies.  On  the  other  hand,  they  are  bodies  having  a  very 
small  density,  obeying  a  special  law  of  compressibility,  and  which, 
when  submitted  to  a  sufficient  pressure,  change  into  liquids.* 
Such,  then,  are  the  characteristic  properties  of  gases ;  but  before 
studying  these  more  in  detail,  we  must  consider  the  mode  by 
which  the  pressure  of  a  gas  may  be  accurately  measured. 

THE  BAROMETER. 

(167.)  Experiment  of  TorriceUi.  —  Before  tl^e  middle  of  the 
seventeenth  century,  the  phenomena  which  we  now  refer  to 
the  pressure  of  the  air  were  explained  by  a  principle  invented 

#  We  shall  hereafter  learn  that  there  are  some  gases  which  hare  not  been  liquefied. 
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bj  the  Aristoteleaos,  uamelj,  tliat  "  Nature  abhors  a  vacuum." 
These  ancient  philosophers  noticed  that  space  was  always  filled 
with  some  material  substance^  and  that^  the  moment  a  sohd  body 
was  removed,  air  or  water  always  rushed  ia  to  fill  the  space  thus 
deserted.  Hence  they  concluded  that  it  was  a  universal  law  of 
nature  that  space  could  not  exist  unoccupied  by  matter,  and  the 
phrase  just  quoted  was  merely  their  figurative  expression  of  this 
idea.  When,  for  example,  the  piston  of  a  common  pump  was 
drawn  up,  the  rise  of  the  water  was  explained  by  declaring  that, 
as  from  the  nature  of  things  a  vacuum  could  not  exist,  the  water 
necessarily  filled  the  space  deserted  by  the  piston. 

This  physical  dogma  served  the  piirposes  of  natural  philosophy 
for  two  thousand  years,  and  it  was  not  until  the  seventeenth  cen- 
tury that  men  discovered  any  limit  to  Nature's  horror  of  a  vacuum. 
Even  as  late  as  1644,  Mersenne  speaks  of  a  siphon  which  shall 
go  over  a  mountain,  being  then  ignorant  that  the  effect  of  such  aa 
instrument  was  limited  to  a  height  of  ten  metres.  This  limit 
appears  to  have  been  first  discovered  by  Galileo.  Some  Floren- 
tine engineers,  being  employed  to  sink  a  pump  to  an  unusual 
depth,  found  that  they  could  not  raise  water  higher  than  ten  me- 
tres in  the  barrel.  Galileo  was  consulted,  and  he  is  said  to  have 
replied,  that  Nature  did  not  abhor  a  vacuum  above  ten  metres. 
However  tliis  may  be,  it  appears  that  Galileo  did  not  understand 
the  cause  of  the  phenomenon,  although  he  had  previously  taught 
that  air  has  weight ;  and  it  was  left  for  his  pupil,  Torricelli,  to 
discover  the  true  explanation.  Torricelli  reasoned  that  the  force, 
whatever  it  is,  which  sustains  a  column  of  water  ten  metres  high 
in  a  cylindrical  tube,  must  be  equivalent  to  the  weight  of  the  mass 
of  water  sustained ;  and  consequently,  if  another  liquid  were 
used,  heavier  than  water,  the  same  force  could  only  sustain  a 
column  of  proportionally  less  height.  The  weight  of  mercury 
being  13^  times  greater  than  that  of  water,  Torricelli  argued  that, 
if  the  force  imputed  to  the  abhorrence  of  a  vacuum  could  sustain 
a  cohimn  of  water  10  metres  high,  it  could  only  sustain  a  colunm 
of  mercury  ISi  times  lower,  or  about  76  c.  m.  high.  This  led  to 
the  following  experiment,  which  has  since  become  so  celebrated 
in  the  history  of  science. 

Torricelli  took  a  long  glass  tube,  open -at  one  end,  such  bs  dc^ 
Fig.  259,  and,  having  filled  it  with  mercury,  closed  the  open  end 
witili  his  thumb,  and,  inverting  the  tube,  plunged  this  end  into 
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»  bftsin  of  mercury.    On  removing  his  thtimb,  the  mercury,  in- 
stead of  remaining  in  tlie  tube,  fell,  as  he  expected,  and  after 
at  few  oscillations  came  to  rest  at  &  Iteight  of  about  76  c.  m. 
above  tlie  level  of  the  mercury 
in   the  basin.     The  correctness 
of  bis  induction  having  been  thus 
completely    verified,     Torricelli 
soon  discovered  the  real  nature 
of  the  force  which  sustained  both 
the  water  in  the  pump  and  the 
mercury  in  his  tube. 

This  experiment  excited  & 
great  sensation  among  the  sci- 
entific men  of  Europe ;  but,  as 
might  have  been  expected,  the 
explanation  given  of  it  by  Torri- 
celli was  verj  generally  rejected. 
It  was  opposed  to  a  long-estab- 
lished dogma,  and  Nature's  hoi^ 
ror  of  a  vacuum  could  not  be 
80  easily  overcome.  The  cele- 
brated Blaise  Pascal,  however, 
had  the  sagacity  to  perceive  the 
force  of  Terricelli's  reasoning, 

and   devised    an    experimentum  titasi. 

erucU  which  put  an  end  to  all 

controversy  on  the  subject.  "  If,"  saii  Pascal,  "  it  be  really  the 
weight  of  the  atmosphere,  under  which  we  live,  that  supports  the 
column  of  mercury  in  Terricelli's  tube,  we  shall  find,  by  trans- 
porting this  tube  upwards  in  the  atmosji^ere,  that  in  proportion 
as  it  leaves  below  it  more  and  more  of  the  air,  and  has  conse- 
quently less  and  less  above  it,  there  will  be  a  less  columa  sus- 
tained in  UiQ  tube,  inasmuch  as  the  weight  of  tlie  air  above  the 
tube,  which  is  declared  by  Terricelli  to  be  the  force  which  sus- 
tains it,  will  be  diminished  by  tlie  increased  elevation  of  the 
tube."  •  Accordingly,  Pascal  carried  the  tube  to  tlie  top  rf  a 
church-steeple  in  Paris,  and  observed  that  the  height  of  the 
mercury  in  the  tube  fell  slightly ;  but,  not  satisfied  with  this 

•  Ludner'i  Haod-Book  at  Katand  RkUoMpbr. 
24 
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result,  he  wrote  to  his  brother-in-law,  who  lived  near  the  high 
mountain  of  Puy  de  Ddme,  in  Auvergne,  to  make  the  experiment 
there,  where  the  result  would  be  more  decisive.  "  You  see,"  he 
writes,  ^^  that  if  it  happens  that  the  height  of  the  mercury  at  the 
top  of  the  hill  be  less  than  at  the  bottom,  (which  I  have  many 
reasons  to  believe,  though  all  those  who  have  thought  about  it 
are  of  a  different  opinion,)  it  will  follow  that  the  weight  and 
pressure  of  the  air  are  the  sole  cause  of  this  suspension,  and  not 
the  horror  of  a  vacuum :  since  it  is  very  certain  that  there  is 
more  air  to  weigh  on  it  at  the  bottom  than  at  the  top ;  while  we 
cannot  say  that  Nature  abhors  a  vacuum  at  the  foot  of  a  moun- 
tain more  than  on  its  summit."  M.  Perrier,  Pascal's  cor- 
respondent, made  the  observation  as  he  desired,  and  found  a 
difference  of  nearly  eight  centimetres  of  mercury,  "  which,"  he 
replies,  '^  ravished  us  with  admiration  and  astonishment."  * 

Pascal  still  further  varied  and  extended  the  original  experi- 
ment of  Torricelli,  and  deduced  the  theory  of  the  equilibrium  of 
liquids  and  gases,  which  he  left  almost  perfect. 

(158.)  Theory  of  the  Barometer.  —  It  is  hardly  necessary 
to  state  that  the  tube  of  Torricelli  is  the  instrument  which  is 
now  so  well  known  as  the  Barometer.  This  name,  indeed,  is  do- 
rived  from  two  Greek  words,  fiapv^  and  fiirpovj  which  indicate 
its  use  as  a  measure  of  the  pressure  of  the  air.  The  theory  of 
the  barometer  can  be  readily  deduced  from  the  principles  of  the 
equilibrium  of  fluids,  already  established.  The  mercury  is  sus- 
tained in  the  tube  by  the  pressure  of  the  air  on  the  surface  of 
the  mercury  in  the  basin.  Let  us  consider  how  much  of  this 
pressure  is  effective  in  producing  the  result. 

Consider,  then,  a  section  made  across  the  tube  at  the  level  of 
the  mercury  in  the  basin.  All  the  liquid  below  this  level  is  evi- 
dently in  equilibrium  (180  and  181).  Represent  the  area  of 
the  surface  of  the  mercury  in  the  basin  by  S',  and  that  of  the 
section  of  the  tube  by  S.  The  pressure,  £\  exerted  by  the  air  on 
S',  is  transmitted  through  the  liquid  mercury  to  S.  The  pressure 
thus  exerted  on  the  under  face  of  the  section  will  be,  by  [77],  as 
many  times  less  than  iT'  as  fi>  is  less  than  jS',  or  #  :  iT'  =  £» :  S\ 

and  iF  =:  iT'  y, .    For  example,  if  /S'  =  100  cTm*  and  iS  s=  1  cTin?, 

*  Whewell'8  Hiftorj  of  the  Inductive  Sdences,  Vol.  II.  pp.  67,  6S. 
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then  Ssssff  j^.  The  pressure,  therefore,  which  is  exerted 
by  the  air  on  die  lower  face  of  this  section  is  the  same  as 
that  it  would  exert  if  applied  directlj  to  the  section  itself. 
As  tliis  pressure  just  sustains  a  column  of  mercury  whose 
height  we  may  represent  by  JET,  it  is  evidently  just  equal 
to  the  pressure  exerted  by  this  column  on  the  upper  side 
of  the  same  section.  But  by  [78]  this  pressure  is  equal  to 
H,  S.(^Sp.Gr.^.  Substituting,  then,  for  ^.  Gr.y  the  value  for 
mercury  at  0^,  or  18.596,  we  have  for  the  pressure  of  tlie  air  on  a 
given  surface,  S,  the  value, 

S  =  13.596  .S.H,  [95.] 

in  which  H  denotes  the  height  of  the  mercury  in  the  barometer 
at  0*.  For  any  other  height  we  should  have  -f' =13.596 .  S  .  JET', 
and,  comparing  the  two  equations,  we  obtain 

S:f'=H:W;  [96.] 

that  is,  the  pressure  of  the  air  on  a  given  surface  is  proportional 
to  the  height  of  the  barometer  column.  We  may,  therefore,  use 
the  height  of  the  barometer  as  a  measure  of  the  pressure,  in  the 
same  way  that  we  use  an  arc  as  a  measure  of  an  angle,  or  weight 
as  a  measure  of  mass.  The  height  is  not  the  same  sort  of  quan- 
tity as  the  pressure,  but  it  is  sufficient  for  any  measure  that  it 
should  be  proportional  to  the  quantity  measured.  It  is  there- 
fore customary  to  speak  of  the  pressure  of  the  air  as  amounting 
to  so  many  centimetres  of  mercury ;  meaning  thereby,  that  it 
will  support  a  column  of  mercury  of  that  height.  The  use  of 
the  barometer  is  not  confined  to  measuring  the  pressure  exerted 
by  the  atmosphere.  We  may  use  it  for  measuring  the  pressure 
exerted  by  any  gas ;  and  here,  as  before,  we  speak  of  the  pres- 
sure as  amounting  to  so  many  centimetres  of  mercury.  Wlien 
the  pressure  is  equivalent  to  seventy-six  centimetres  of  mercury, 
we  say  that  it  is  equal  to  one  atmosphere.  When  two,  three,  or 
four  times  as  great  as  this,  we  say  that  it  is  equal  to  two,  three, 
or  four  atmospheres. 

It  is  always  easy  to  reduce  pressure  expressed  in  centimetres 
of  mercury  to  weight.  For  this  purpose,  it  is  only  necessary  to 
substitute  in  [95]  the  values  of  H  and  8  in  the  given  case,  and 
the  result  will  be  the  amount  of  pressure  in  grammes.  For  ex- 
ample, in  the  air  die  height  of  the  barometer  column  is,  on  the 
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nverage,  76  c.  mu  Substituting  this  value»  and  also  for  Sy  1  c:m.\ 
we  obtain 

I  =  1,088.296  gram. ;  [97.] 

which  is  the  pressure  exerted  hj  the  atmosphere  on  everj  square 
centimetre  of  surface.  The  height  of  the  barometer  column  varies 
on  the  surface  of  the  earth  from  about  72  c.  m.  to  78  c.  m.,  and 
hence  the  pressure  on  the  square  centimetre  varies  from  978.9 
grammes  to  1,060.5  grammes.  The  total  pressure  exerted  bj  the 
atmosphere  on  large  objects  is  therefore  exceedingly  great ;  that 
on  a  man  of  ordinary  stature  amounts,  as  already  stated,  to  about 
16,000  kilogrammes. 

Having  studied  the  theory  of  the  barometer,  we  will  now  ez<- 
amine  a  few  of  the  most  useful  forms. of  the  instrument,  pre- 
mising that  the  essential  parts  are  a  tube  over  seventy-six 
centimetres  long,  a  basin  of  mercury,  and  a  graduated  scale 
for  determining  the  height  of  the  column. 

(159.)  RegnauWs  Barometer.  —  The  simplest  and  most  accu- 
rate form  of  the  barometer  is  the  one  represented  in  Fig.  260, 
which  was  invented  by  Begnault.  The  basin  of  mercury  is 
formed  by  an  iron  trough,  which  is  divided  by  a  partition  into 
two  parts;  but  the  partition  does  not  rise  to  the  top  of  the  trough, 
and  is  covered  by  the  mercury  which  fills  the  basin.  The  basin 
is  supported  on  a  shelf,  attached  to  the  lower  part  of  a  wooden 
plank,  to  which  the  glass  tubes  are  securely  fastened  by  means 
of  clamps.  This  plank  is  itself  immovably  fastened  to  a  brick 
wall.  The  barometer  tube  at  the  left  of  the  figure  dips  into  the 
left-hand  compartment  of  the  trough.  The  tube  on  the  right  is 
called  a  manometer ,  and  its  use  will  soon  be  explained.  The 
height  of  the  mercury  in  the  barometer  is  measured  by  means  of 
the  cathetometer,  represented  on  the  right-hand  side  of  Uie  fig- 
ure, which  is  placed  on  a  firm  support  in  front  of  the  instrument. 
In  order  to  obtain  the  measure  with  the  greatest  possible  accu- 
racy, a  vertical  screw,  My  with  two  points  and  of  a  known  length, 
is  attached  to  the  basin,  as  represented  in  the  figure.  At  tlie  mo- 
ment of  observation,  we  lower  the  screw  by  turning  it  on  its  axis 
until  the  lower  point  just  touches  the  mercury.  This  contact  can 
be  obtained  with  the  most  perfect  precision,  for  until  it  takes  place 
the  observer  sees  at  the  same  time  the  point  and  its  image  reflect- 
ed by  the  mercury.    The  two  seem  to  approach  each  other  until 
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contact  18  attaiDed,  and  the  surface  of  the  mercuiy  is  seen  do- 
preseed  the  momeut  this  point  ia  passed.    The  contact  obtained, 


ire  measure  the  distance,  trith  the  cathetometer,  betveen  the 
upper  surface  of  the  mercurj  in  the  tube  and  the  upper  point  of 
the  Bcreir,  add  ve  have  onlj  to  add  to  this  length  the  knova 
length  of  the  screw.  Of  all  barometers  this  one  is  the  simplest, 
and  of  all  methods  of  meuuring  the  height  of  the  column  the 
one  just  described  is  the  best.  We  thus  measure  directly  the 
Tertioal  height,  and  it  is  no  matter  whether  the  instrument  is  in- 
24* 
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clined  or  oot.  We  thus  avoid  ioEtnimental  errors ;  and,  more- 
orer,  witli  a  good  cathetometer,  the  diderence  of  level  can  be 
determined  within  the  fiftieth  part  of  a  miliimetre. 

(160.)  Barometer  of  Fortin.  —  It  is  not  always  possible  to 
fix  a  barometer  permanently  to  a  wall  in  the  way  just  described. 
For  example,  in  using  the  instrument 
for  measuring  the  heights  of  moun- 
tains, it  is  necessary  that  it  should  be 
portable  ;  and  witliout  diminishing 
materially  the  accuracy,  it  is  impoi^ 
tant  to  simplify  the  method  of  meas- 
uring  the    height  of    the    mercury 
column.     The  barometer  of   Fortiu 
(Fig.   261)    satiBfies    completely  all 
Uiese  requirements.     The  glass  tube 
is  enclosed,  for  protection,  in  a  brass 
case,  towards  the  upper  part  of  which 
two  longitudinal  o- 
penings  are  provided 
opposite  to  each  oth- 
er for  observing  the 
height  of  the  mercu- 
ry column,  by  means 
of  a  scale  graduated 
on  the  case,  as  rep- 
resented in  Fig.  262. 
A  vernier,  B  C,  moves 
up  and  down  in  the 
opening,  ajid  its  po- 
sition can  be  care- 

",.».  n^  «.»  '""J-  "8°'''«'i    >•' 

means  of  the    rack 

and  pinion  work  represented  in  the  figure.    To  the  lower  end  of 

the  case  is  fastened,  by  a  screw,  the  reservoir  of  mercury,  in 

which  the  glass  tube  dips,  as  represented  in  Fig.  263.    This 

reservoir  is  formed  principally  by  a  cylinder  of  glass  cemented  at 

both  ends  to  wooden  caps  surmounted  by  brass  mountings,  which 

last  are  kept  in  place  by  three  long  screws  (Fig.  261).     The 

bottom  of  the  reservoir  is  formed  by  a  leathern  b^,  m  n  (Fig. 

268),  which  can  be  raised  or  lowered  by  the  screw  C.    To  the 
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corer  of  the  cylinder  is  fastened  an  ivory  pin,  a,  whose  point 
corresponds  exactly  to  the  zero  of  the  scale  graduated  oo  the 
case.    The  reservoir  is  closed  above,  also,  hy  a  leathern  cover, 
firmly  tied  both   to  the  glass   tube  and  tlie 
Tooden  cap,  irhicb,  while  it  prevents  the  mer- 
cury from  escaping  when  the  barometer  is 
reversed,  nevertheless  gires  free  passage  to 
the  air.     All  the  parts  of  the  reservoir  are 
represented  in  Fig.  264,  in  perspective,  un- 
screwed and  inverted. 

In  using  this  barometer,  it  is  first  suspended 
by  the  ring  C,  so  that  the  instrument  may 
swing  freely,  when,  like  a  plumb-line,  it  will 
come  to  rest  with  the  scale  perfectly  vertical. 
Next,  the  level  of  the  mercury  in  the  reservoir  is 
brought  to  correspond  with  the  point  of  the 
ivory  pin,  by  turning  the  screw  C  (Fig.  263)  in 
one  direction  or  the  otlier.  This  coincidence 
can  be  attained  with  great  accuracy  in  the  way 
already  described  in  the  last  section.  Since 
the  level  of  the  mercury  in  the  basin  now  co-  • 

incides  with  the  zero  of  tlie  scale  graduated  on 
tlie  brass  case,  it  only  remains  to  read  oS*  the 
height  of  the  column  of  the  mercury  in  the  tube 
by  means  of  the  scale  at  its  side.  For  this  pur- 
pose, tlie  vernier  is  raised  or  lowered  by  means 
of  the  thumb-screw  until  its  lower  edge  is  just 
tangent  to  the  convex  surface  of  the  mercury 
in  the  tube  (Fig.  262).  This  adjustment  can 
also  be  obtained  with  great  accuracy  by  sus- 
pending the  barometer  in  front  of  a  light  wall, 
sighting  across  the  front  and  back  edge  of  the 
brass  tube  carrying  the  remier,  which  moves  ni-SM. 

within  the  brass  case  of  the  instrument.     It 
only  remiuns,  then,  to  read  on  the  scale  the  position  of  the  ver- 
nier, to  obtain  the  height  of  the  barometer  within  a  tenth  of  a 
millinietre. 

A  great  advant^e  of  this  form  of  barometer  is  the  facility  and 
safety  with  which  it  may  be  transported.  By  raising  the  screw  C 
safficiently,  the  wliole  interior  of  Uie  tube  and  reservoir  may  be 
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filled  with  mercnry,  and  then  the  ioBtnuneiit  nwy  b«  revenad 
and  transported  from  place  to  place  vilhout  danger  ;  and  even  if 
the  tube  is  accidentally  broken,  it  is  always  possible,  with  a  little 
skill,  to  replace  it. 

A  tliermometer  is  always   attached  to  the   barometer,  since 
the  height  of  the  mercury  column  varies  slightly  with  the  tem- 
perature ;  for  heat,  by  expanding  the  mercury,  changes  slight- 
ly its  specific  gravity,  and  on  this  the   height  of  the  column 
depends.     Tho  standard  temperature  which  has  been  ad(^ted 
is  0°  C,  and  all  barometrical  observations  are  corrected  so  as  to 
reduce  them  to  the  standard  temperature.    A  table  for  applying 
tliis  correction  will  be  found  in  most  works  of  meteorology,*  and 
the  method  of  calculating  it  will 
be    explained  in  the  chapter 
on  Heat.     A  second  correction 
is  also  required  for  capillarity, 
the   nature   of  which  will   be 
explained  in  a  future  section. 

Tills  correction,  however,  is  a  [] 

constant  quantity  for  tho  same 
instrument,  and  is  generally 
allowed  for  by  the  instrument- 
maker  f  iu  adjusting  the  scale 
of  the  instrument. 

(161.)  Common  Barometer. 
—  Having  described  at  length 
the  two  most  useful  and  accu- 
rate forms  of  the  barometer,  it 
will   not   be   necessary   to   do 
more  than  allude  to  tlie  nu- 
merous   modifications  of  the  . 
instrument  which  have   been                                         i 
devised    by    Gay-Lussac    and 
other  physicists,  for  the  pur- 
pose of  obviating  the  correc- 
tion for  capillarity.    They  will                  Fig.  ax. 
be  found  described  at  length  in  the  large  works  on  physics. 
A  very  common  form  of  barometer,  which  is  much  used  as  a 

*  See  Oayot't  Melcorolo^ral  Tablet,  pnbliihed  bj  lh«  SmSlhsonian  [nstitalirai. 
t  Good  buomoten,  like  the  ODe  deeoibed,  ue  made  hj  Oreoo,  of  New  Toifc. 
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weatheiviiidic&tor,  is  rapreseated  in  Fig.  265.  The  glass  tube 
has  the  form  of  a  siphon,  as  represeoted  in  Fig.  266.  When  the 
mercury  falls  in  the  barometer,  it  must  of  course  rise  to  a  pro- 
portional height  in  the  short  arm  of  the  siphon,  and  it  raises  a 
float  resting  upon  it.  This  float  ia  fastened  to  a  cord  which 
passes  round  a  wheel,  O,  and  is  attached  to  a  weight,  P,  on  the 
other  side.  The  motion  of  the  float  thus  commiuiicfdes  motion 
to  the  wheel,  and  this,  in  its  torn,  mores  &e  index  over  the  dial- 
plate  of  the  instrument.  Sncb  barometers  admit  of  no  precis- 
ion, and  are  of  little  ralue  except  as  ornaments. 

A  variety  of  barometer  depending  on  the  laws  of  elasticity 
has  already  been  described  (104),  and  is  represented  in  Fig.  267. 
Another  form  of  barometer,  dif- 
ferently constructed,  but  depend- 
ing on  the  same  principle,  is  the 
aneroid*  barometer,  invented  by 
M.  Vidi.  Both  of  these  barome- 
ters, on  account  of  tbeir  small 
Tolume  and  the  absence  of  any 
fragile  material  in  their  constme- 
tion,  are  very  portable.  They  are 
very  sensible,  and  more^regular 
in  their  indication  than  the  com- 
mon mercury  barometers,  especial- 
ly when  the  diSerences  of  pressure 
are  not  great ;  but  they  cannot  be 
relied  upon  where  high  scientific 

accuracy  is  required.  They  can,  however,  be  highly  recom- 
mended as  common  house  or  ship  barometers.  Since  the  elas- 
ticity of  the  metal  of  tbese  barometers  is  hable  to  change  with 
kmg  use,  it  is  important  to  adjust  the  iustruments  from  time  to 
time,  by  comparing  them  with  a  standard  mercury  barometer. 
In  case  of  dis^reemeat,  they  can  easily  be  mode  to  accord,  by 
turning  a  screw  provided  for  the  purpose. 

(162.)  Uset  of  the  Barometer.  —  The  barometer  is,  without 
question,  .one  of  the  most  useful  instruments  in  the  hands  of  the 
chemist.  The  volumes  of  the  gases  on  which  be  experiments 
are  liable  to  considerable  variations,  depending  on  changes  in  the 

*  Trota  i  and  Pfit,  wilheHt  naiMn,  iIum  tbe  immuneBt  U  coutrocted  without 
anj  Uqnid. 
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pressure  of  the  atmosphere ;  the  boiling  points  of  liquids  are  also 
materially  influenced  by  them ;  and  it  is  therefore  essential  to 
observe  the  height  of  the  barometer  at  each  experiment,  and  to 
correct  the  results  by  reducing  them  to  that  which  would  have 
been  obtained  had  the  barometer  stood  at  76  c.  m.  at  the  time  of 
observation.  These  uses  of  the  barometer  will  all  be  explained 
in  future  sections  of  this  volume,  and  it  is  not  therefore  neces- 
sary to  dwell  upon  them  here.  As  a  meteorological  instrument, 
the  barometer  is  the  most  important  means  of  investigating  the 
.laws  of  the  changes  which  are  constantly  taking  place  in  the  at- 
mosphere, —  a  problem  which  is  of  the  greatest  interest  to  man- 
kind. This  atmosphere,  as  has  been  already  stated,  may  be 
regarded  as  a  great  liquid  sea,  and  its  waves  are  constantly  roll- 
ing over  our  heads.  When  the  crest  of  one  of  its  immense  tidal 
waves  is  over  the  barometer,  the  instrument  rises,  and  when  the 
depression  follows,  the  barometer  falls ;  and  thus,  by  watching 
the  height  of  the  mercury  column,  we  are  able  to  follow  changes 
in  the  atmosphere  which  would  otherwise  escape  notice.  For 
many  years  the  height  of  the  barometer  has  been  registered  at 
stated  hours,  night  and  day,  at  a  large  number  of  meteorological 
stations  all  over  the  world ;  and  although  but  few  general  results 
have  been  obtained,  yet  sufficient  has  been  learned  to  warrant  us 
in  expecting  much  in  the  future. 

The  mean  height  of  the  barometer  during  a  year  at  any  one 
place  is  constant ;  but  it  varies  at  different  latitudes,  gradually 
increasing  from  the  equator  to  the  thirty-sixth  parallel,  and  thence 
diminishing  to  the  pole.  During  the  same,  day,  the  barometer 
undergoes  very  regular  oscillations,  which  are  greatest  at  the 
equator.  According  to  Humboldt,  at  the  equator  there  are  two 
maxima,  at  ten  o'clock,  morning  and  evening,  and  two  minima, 
at  four  o'clock,  morning  and  evening ;  the  amplitude  of  the  os- 
cillation during  the  day  amounting  to  2.65  m.m.,  but  tliat  during 
the  night,  from  four  o'clock  in  the  evening  to  four  o'clock  in  the 
morning,  being  only  0.84  m.  m.  The  same  oscillations  are  no- 
ticed all  over  the  torrid  zone ;  but  in  the  temperate  zone  they 
have  a  less  amplitude,  and  are  more  masked  by  accidental 
changes.  But  nevertheless,  by  comparing  the  means  of  a  large 
number  of  observations  continued  during  a  long  interval,  they 
can  be  detected,  and  nearly  at  the  same  hours.  It  has  been 
further  discovered  that  their  amplitude  is  variable,  being  greater 
in  summer  than  in  winter. 
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Besides  these  regular  oscillations,  the  barometer  in  temperate 
climates  is  liable  to  apparently  irregular  changes,  produced  by 
storms  in  the  atmosphere.  As  a  general  rule,  it  may  be  stated 
that  during  fair  weather  the  barometer  is  high,  while  it  is  gen- 
erally very  much  depressed  during  a  rain-storm.  So,  also,  a 
sudden  fall  of  the  barometer  usually  indicates  the  approach  of  a 
storm ;  and,  on  the  other  hand,  the  clearing  up  of  a  storm  is 
frequently  preceded  by  a  rise  in  the  mercury  column.  Hence 
one  of  the  most  valuable  uses  of  the  instrument,  in  forewarning 
the  navigator  of  the  approach  of  a .  storm.  Those  who  have 
studied  the  indications  of  the  barometer  know  that  they  are  fre- 
quently at  fault,  and  that  they  are  only  probably  correct.  It  is 
hardly  necessary  to  add,  that  the  words  "  Pair,"  "  Rainy,'*  etc., 
which  are  frequently  placed  against  certain  points  of  the  scale 
of  common  barometers,  have  no  further  foundation  in  fact  than 
what  has  just  been  stated,  and  are  therefore  simply  useless. 
Sufficient  has  now  been  said  to  show  the  importance  of  baromet- 
ric observations  in  meteorology,  and  we  must  refer  to  the  works 
on  this  science  for  the  details  of  the  subject. 

Mariotte^s  Law. 

(163.)  Statement  ofMariotte^s  Law. — We  have  already  stated 
that  gases  obey  a  special  law  of  compressibility.  This  law  was 
discovered  independently  by  the  Abb^  Mariotte  in  France,  and 
by  the  famous  English  philosopher  Boyle,  during  the  last  half 
of  the  seventeenth  century.  It  may  be  thus  stated:  The  vol- 
ume of  a  given  weight  of  gas  is  inversely  as  the  pressure  to 
which  it  is  exposed ;  that  is,  the  greater  the  pressure,  the  smaller 
is  the  volume,  and  the  less  the  pressure,  the  larger  is  the  volume. 
This  may  be  illustrated  by  an  Indisrrubber  bag  holding  one  litre 
of  air  or  any  other  gas.  This  is  exposed  to  a  pressure,  under  the 
ordinary  conditions  of  the  atmosphere,  of  a  little  over  one  kilo- 
gramme on  every  square  centimetre  of  surface.  If  this  pressure 
is  doubled,  the  volume  of  the  bag  will  be  reduced  to  one  half;  if 
trebled,  to  one  third,  etc.  On  the  other  hand,  if  the  pressure  is 
reduced  to  one  half,  the  volume  will  be  doubled  ;  if  to  one  third, 
the  volume  will  be  trebled,*  etc.  The  principle  is  expressed  in 
mathematical  language  by  the  proportion, 

V  iV  ^  H'  .  H,  [98.] 

*  We  rappoM  the  bag  to  hare  no  eUsticitj. 
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in  which  H  and  W  are  the  heights  of  the  barometer  which  meas- 
ure the  pressure  to  which  the  gas  is  exposed  under  the  two 
conditions  of  volume  V  and  V. 

It  follows  from  [52],  that  the  densitj  of  a  given  weight  of 
gas  is  inversely  as  the  volume,  or  Vi  V  ks^  ]>  i  D',  and  by 
comparing  this  proportion  with  the  last,  we  obtain 

D  .  D  =  H:  H'\  [99.] 

or  the  density  of  a  gas  is  proportional  to  the  pressure  to  which 
it  is  exposed.  Moreover,  since  the  weight  of  a  given  volume  of 
gas  is  proportional  to  the  amount  of  matter  which  it  contains  (its 
density),  and  its  density,  as  just  proved,  proportional  to  the  pres- 
sure, it  follows  that  the  weight  of  a  given  volume  of  gas  is  directly 
as  the  pressure  to  which  it  is  exposed;  or 

TT  :  TT'  =  H  :  JJ'.  [100.] 

These  three  proportions  are  very  important,  and  will  be  con- 
stantly referred  to  in  the  following  pages.  The  student  must  be 
careful  to  notice,  that  in  [98]  the  weight  of  gas  is  supposed  to 
be  constant  and  the  volume  to  vary,  and  in  [100]  the  volume  is 
supposed  to  be  constant  and  the  weight  to  vary.  It  is  unneces- 
sary to  add,  that,  as  the  volumes  of  gases  vary  also  with  the 
temperature,  the  law  of  Mariotte  is  true  only  so  long  as  tha 
temperature  remains  constant. 

The  valuations  in  the  pressure  of  the  atmosphere,  amounting 
at  times  to  one  tenth  of  the  whole,  necessarily  cause  equally  great 
changes  in  the  volume  of  gases  which  are  the  objects  of  chemical 
experiment.  Hence,  in  order  to  compare  together  different  vol- 
umes of  gas,  it  is  essential  that  they  should  have  been  measuiredi 
when  exposed  to  the  same  pressure.  A  standard  pressure  has 
therefore  been  agreed  upon,  that  measured  by  seventy-six  cen* 
timetres,  to  which  the  volumes  of  gases  measured  under  any 
other  pressure  must  always  be  reduced. 

(164.)  Experimental  Illustration.  —  The  law  of  compressibil- 
ity of  gases  may  be  readily  illustrated  by  the  following  experi- 
ments, which  were  devised  by  Mariotte  himself. 

For  pressures  greater  than  the  atmosphere^  we  use  the  appanb- 
tus  represented  in  Fig.  268,  which  consists  <^  a  glass  tube  bent, 
in  the  form  of  a  siphon,  closed  at  the  end  J3,  and  fastened  to  a 
wooden  support.    At  the  side  of  each  arm  of  the  bent  tube  is 
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placed  a  graduated  scale,  the  zero  point  of  the  two  scales  being  on 
the  same  horizontal  line.  The  scale  at  the  right  of  the  long  arm 
indicates  centimetres,  and  measures  the  heights  of  the  mercury 

columns,  while  that  at  the  left  of  the  short 
arm  measures  the  volume  of  confined  gas  in 
tlie  closed  end  of  the  tube.  In  commencing 
the  experiment,  mercury  is  poured  into  the 
tube  at  the  end  C,  and  by  inclining  the 
apparatus  is  brought,  with  a  little  manipu- 
lation, to  stand  at  the  zero  point  on  both 
scales.  The  volume  of  air  confined  in 
the  tube  AB  is  now  evidently  exposed  to 
the  pressure  of  the  atmosphere,  which  is 
equivalent  to  about  76  c.  m.  of  mercury. 
If,  now,  we  pour  mercury  into  the  tube  C 
until  the  difference  of  level  of  the  mercury 
in  the  tubes  is  76  c.  m.,  the  confined  air 
will  be  exposed  to  a  pressure  of  two  atmos> 
pheres,  and  its  volume  will  be  reduced  one 
half,  as  is  represented 
in  the  figure.  If  the 
tube  were  sufiiciently 
long,  so  that  we  could 
make  the  difference  of 
the  two  columns  equal 
to  152  c.  m.,  the  vol- 
ume would  be  reduced 
to  one  third.  Were  the 
difference  made  equal 
to  three  or  four  times  76  c.  m.,  the  volume 
would  be  reduced  to  one  fourth  or  one  fifth. 
For  pressures  less  than  an  atmosphere, 
we  use  the  apparatus  represented  in  Fig. 
269,  consisting  of  a  barometer  tube  divided 
into  cubic  centimetres,  and  a  deep  mercury 
cistern,  to  the  side  of  which  is  fastened  a 
scale  divided  into  centimetres  for  meas- 
uring the  differences  of  level.  The  experi- 
ment is  commenced  by  filling  the  barom- 
eter tube  nearly  to  the  top  with  mercury, 

25 
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leaving  a  space  of  only  ten  cubic  centimetres  filled  with  air. 
The  tube,  being  closed  with  the  thumb  and  inverted,  is  sunk  in 
the  mercury  cistern  until  the  mercury  in  the  tube  and  the  cistern 
stands  at  the  same  level  and  at  the  tenth  division  on  the  tube. 
The  confined  air  in  the  tube,  measuring  in  volume  ten  cubic 
centimetres,  is  now  evidently  exposed  to  the  pressure  of  the  at- 
mosphere, which  we  will  suppose  equivalent  to  76  c.  m.  of  mer- 
cury. If,  now,  we  raise  the  tube  in  the  reservoir,  the  level  of  the 
mercury  in  the  tube  will  rise  above  that  in  the  cistern,  as  rep- 
resented in  the  figure.  The  confined  air  is  now  exposed  to  a  less 
pressure  than  76  c.  m.  by  exactly  the  difference  of  level ;  because, 
as  can  easily  be  seen,  the  pressure  of  the  atmosphere  is  in  part 
expended  in  supporting  the  column  of  mercury,  and  only  the  re- 
mainder of  its  pressure  is  exerted  on  the  confined  air.  When, 
therefore,  the  height  of  the  column  of  mercury  in  the  tube  above 
the  mercury  level  in  the  cistern  is  88  c.  m.,  the  pressure  on 
the  confined  air  is  76  —  88  cm.,  or  one  half  of  an  atmosphere, 
and  its  volume  will  be  found  to  have  doubled.  When  the  differ- 
ence of  level  is  equal  to  50.666-j-  c.  m.,  the  pressure  on  the  con- 
fined air  is  76  —  50.666-1-  s=r  25.8-f-  c.  m.,  or  one  third  of  an 
atmosphere,  and  its  volume  will  be  found  to  have  trebled.  When 
the  difference  of  level  is  equal  to  57  c.  m.,  the  air  is  exposed  to 
the  pressure  of  only  one  fourth  of  an  atmosphere,  and  its  volume 
will  be  found  to  have  quadrupled. 

(165.)  History  of  Mariotte*s  Law,  —  The  law  of  the  com- 
pressibility of  gases,  as  established  by  Mariotte,*  was  for  a  long 
time  received  as  absolute  and  invariable;  for  although  Boyle f 
and  Musschenbroek  X  found  that  the  compressibility  diminished 
with  the  pressure,  on  the  other  hand  Sulzer  §  and  Robinson  || 
found  that  it  increased  with  the  pressure ;  and  these  obviously 
inaccurate  results  do  not  appear  to  have  diminished  the  general 
confidence  in  the  law.  In  1826,  Oersted  and  Swendsen  ^  re- 
peated the  experiments  of  Mariotte,  extending  their  investigation 

*  (Eavres  de  Mariotte,  (La  Haye,  1740,)  Tom.  I.  p.  152. 

t  Boyle's  Defence  of  his  Doctrine  toaching  the  Spring  and  Weight  of  the  Air. 
Worles,  Vol.  I.  (folio.) 

X  Coara  de  Physique,  (Paris,  1759,)  Tom.  III.  p.  US. 

\  M^moires  de  TAcad^mie  de  Berlin,  175S,  p.  116. 

n  System  of  Mechanical  Philosophy,  Vol.  III.  p.  637.    Also,  Encydoptedia 
nica.  Article  Pneumat\c$,  Vol.  XVI.  p.  700. 

T  Edinburgh  Jonmal  of  Science,  Vol.  IT.  p.  SS4. 
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to  pressures  of  eight  atmospheres,  and  apparently  confirmed  the 
accuracy  of  the  law  ;  for  although  the  numbers  they  obtained  in- 
dicate a  greater  compreseibility  than  would  accord  with  the  lav, 
yet  they  attributed  the  differences  to  errors  of  observation.  They 
afterwards  extended  ttieir  investigation  to  greater  pressures  than 
eight  atmospheres;  but  the  method  of  expenmenting*  which  they 
employed  was  too  rude  to  establish  the  absolute  accui-acy  of  the 
law,  although  it  was  sufficiently  exact  to  show  that  the  law  was 
approximatively  true  up  to  very  high  pressures. 

At  the  time  when  the  law  was  thus  universally  admitted  as 
absolutely  accurate,  H.  Despretz  f  investigated  the  subject  from  a 
new  point  of  view.  Without  questioning  the  law  in  regard  to 
air,  he  merely  sought  to  ascertain  whetlier  all  gases  obeyed  ex- 
actly the  same  law,  or  whether,  when  submitted  to  the  same 
pressure,  they  indicated  different  degrees  of  compreEsibility. 
His  experiments  were  conducted  in  the  following  way.  He  took 
a  number  of  cylindrical  tubes,  closed  at  tlie  top  and  of  the  same 
height,  and  filled  one  of  them  with  air,  but  the  rest  with  different 
gases.    These  were  then  arranged  side  by  side,  standing  in  a  reih 


erroir  of  mercury,  and  supported  against  a  graduated  scale,  aa 
represented  in  Fig.  270.    The  apparatus  thus  arranged  was  in- 

*  TtM7  coDdeiued  the  air,  bj  msuu  of  •  foTM-pnmp,  into  the  chtuober  of  ui  air-^D. 
Then  b;  meauu  of  a  balance  they  deCennined  the  weight  of  air  innoduccd,  and,  koowing 
Ibe  Tolnme  of  the  cbMober,  Aej  eMil/  calculated  its  deaii^.  Laatlj,  ther  determined 
Ae  elastic  force  of  the  condennd  air  with  the  aid  of  a  lafttif-valvt.  This  valre  was 
doMd  bj  a  wei^  acting  on  the  arm  of  a  Ictet  ;  and  in  the  c^tperiments  the  weight 
WBi  moved  along  the  aim  nntil  the  etaitic  Ibrce  of  the  conflned  air  raised  the  ralre. 

f  Bullet,  dee  Sciences,  Sect.  L  Tom.  Till.  p.  Sit.  Aiao,  Annalea  d«  Cbimie  et  d> 
Phjltqae,  >•  S^rie,  Tom.  XXXIT.  pp.  335,  44B. 
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troduced  into  a  glass  cjliuder  full  of  water,  similar  to  that  repre- 
sented in  Fig.  271.  This  cjlinder  is  connected  with  a  small  force- 
pump,  bj  which  water  may  be  forced  into  it,  and  a  pressure  thus 
exerted  on  tlie  surface  of  the  mercury  in  the  basin.  Before  com^ 
mencing  the  experiment,  the  level  of  the  mercury  is  made  the 
same  in  all  the  tubes  as  in  the  basin,  so  that  the  gases  they 
contain  are  submitted  to  the  pressure  of  the  atmosphere.  On 
increasing  the  pressure  by  forcing  water  into  the  cylinder,  it  is 
evident  that,  if  the  gases  all  obeyed  Mariotte's  law,  they  would 
all  suffer  the  same  amount  of  condensation  ;  for  example,  when 
the  pressure  had  reached  two  atmospheres,  the  volume  of  each 
gas  would  be  reduced  to  one  half,  and  so  on.  Moreover,  since 
the  tubes  are  perfectly  cylindrical,  an  equal  condensation  would 
be  indicated  by  an  equal  rise  of  the  mercury ;  and  therefore,  if 
the  law  were  general,  the  level  of  the  mercury  would  be  the 
same  in  all  the  tubes,  however  great  the  pressure.  It  is  evident, 
also,  that,  if  the  law  is  not  absolutely  general,  the  apparatus  was 
exceedingly  well  calculated  to  detect  the  discrepancy ;  since  a 
very  slight  difibrence  in  the  level  of  the  merciiry  could  easily  be 
distinguished.  In  fact,  Despretz  found,  on  increasing  the  pressure 
progressively,  that  the  mercury  rose  in  each  tube,  but  rose  xm- 
equally.  Carbonic  acid  gas,  sulphide  of  hydrogen,  ammonia  gas, 
and  cyanogen,  were  compressed  under  the  samp  circumstances 
more  than  air,  and  the  difference  increased  as  the  pressure  was 
augmented.  With  hydrogen,  on  the  other  hand,  a  contrary  effect 
was  observed.  This  gas  acted  like  air  until  the  pressure  rose 
to  fourteen  atmospheres ;  but  under  greater  pressure  than  this 
it  was  compressed  less  than  air,  and  consequently  maintained  a 
greater  volume. 

These  experiments,  in  which  errors  are  almost  impossible,  — 
since  the  gases  are  placed  under  identically  the  same  conditions, 
—  proved  that  the  law  as  enounced  by  Mariotte  is  not  universal, 
and  that  each  gas  has  a  special  law  of  compressibility.*  More 
recently  these  results  have  been  confirmed  by  Pouillet,t  who 
constructed  an  apparatus  on  a  similar  principle,  by  which  he  was 
enabled  to  continue  the  experiment  up  to  very  great  pressures. 


♦  Oersted,  //)c.  cif.,  had  preTioiwly  noticed  that  snlphuroas  acid  gas  was  condensed 
more  than  air,  when  submitted  to  the  same  pressure  in  an  apparatus  very  similar  to  that 
described  above  ;  but  he  attributed  the  phenomena  he  noticed  to  a  partial  condensatioa 
of  the  gas  to  a  liquid,  and  not  to  a  deviation  from  Mariotte's  law. 

t  Fouillet,  Elements  de  Physique,  5"*«  edition,  Tom.  I.  p.  839. 
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The  experiments  of  Despretz  had  proved  that  the  law  of  Mari<- 
otte  was  not  general ;  but  it  was  still  supposed  to  bold  true  of  airi 
and  of  the  gases  of  which  air  consists.  This  opinion  was  soon 
after  apparently  confirmed  by  the  oelebrated  investigation  of 
Arago  and  Dulong  on  the  elastic  force  of  steam  at  high  temper^ 
atures,  made  under  the  direction  of  the  French  Academy  of  Sci** 
ences,  at  the  request  of  the  government. 

As  a  preliminary  to  the  main  object,  these  distinguished  physi- 
cists determined  the  amount  of  diminution  of  volume  of  at- 
mospheric air  under  increasing  pressure  np  to  twenty-seven 
atmospheres.  The  method  which  they  employed  was  precisely 
the  same  as  that  of  Mariotte.  The  volume  of  the  air  was  meas- 
ured in  a  vertical  glass  tube  one  hundred  and  seventy  centimetres 
long,  graduated  into  parts  of  equal  capacity,  and  forming  the  short 
arm  of  an  inverted  siphon.  The  pressure  was  exerted  by  means 
of  a  column  of  mercury  in  a  glass  tube  twenty-six  metres  high, 
forming  the  longer  arm  of  the  siphon  ;  and  it  was  determined  by 
measuring  the  difference  of  level  of  the  mercury  in  the  two  tubes* 

Although  this  apparatus  was  precisely  similar  in  principle  to 
that  of  Mariotte,  it  was  a  vast  improvement  upon  it,  and  would 
stand  in  the  same  relation  to  Mariotte's  simple  tube  that  a  mod- 
em chronometer  does  to  a  conmion  watch.  If  we  had  space,  it 
would  be  interesting  to  describe  th^  apparatus  in  detail,  in  order* 
to  illustrate  the  advance  which  was  made  in  experimental  science 
during  the  century  and  a  half  which  had  elapsed  since  the  death 
of  Mariotte  in  1684 ;  but  we  must  refer  the  student  to  the  origi- 
nal memoir,*  which  was  presented  to  the  French  Academy  of 
Sciences  on  the  80th  of  November,  1829. 

Arago  and  Dulong  made  three  different  series  of  observa- 
tions.  In  each  they  commenced  with  the  gas  in  the  measuring- 
tube  under  the  pressure  of  an  atmospliere,  and  condensed  it 
progressively  by  increasing  the  column  of  mercury  in  the  long 
tube  until  it  attained  the  height  of  several  metres ;  and  after 
each  increase  of  pressure  they  measured  the  volume  of  the  gas 
and  the  difference  of  level  of  the  mercury  in  the  two  tubes. 
In  one  of  these  series  of  experiments,  the  temperature  of  the  gas 
was  kept  constant  (at  18*)  during  the  whole  time,  and  the  pres- 


*  M^Hioires  de  I'Acadi^mie  des  Scienoei,  Tom.  X. ;  and  Annales  de  Chimie  et  de 
PtiyskiiM,  3«  Bene,  Tom.  XLIH.  p.  74. 
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sure  increased  to  twentj-seren  atmospheres.  It  was  the  best 
of  the  three,  and  we  ha^e  copied  the  results  in  the  following 
table  :  — 


Piwura  In 

Atanospherw. 

(Approxi* 

mate.) 

CentimttFM  of 
llarawy. 

TolmiM 
ObMiTcd. 

TolmiM 
Cskulalad. 

MfEsraMe. 

Pvoportkmto 
Obcerred 
VolnnM. 

1.00 

76.000 

601.300 

4.75 

S61.24S 

106.247 

105.470 

+0.223 

0.0021 

4.94 

875.718 

101.216 

101.412 

+0.196 

0.0019 

6.00 

8S1.22S 

99.692 

99.946 

+0.264 

0.0026 

6.00 

462.618 

82.286 

82.880 

+0.094 

0.0011 

6.58 

600.078 

76.096 

76.198 

+0.098 

0.0018 

7.60 

578.788 

66.216 

66.417 

+0.201 

0.0080 

llJtO 

859.624 

44.806 

44.826 

+0.017 

0.0004 

18.00 

999.286 

87.851 

88.132 

+0.281 

0.0074 

16.50 

1,262.000 

80.119 

80.192 

+0.073 

0.0024 

17.00 

M24.606 

28.664 

28.770 

+0.106 

0.0037 

19.00 

1,466.786 

26.886 

25.978 

+0.098 

0.0086 

21.70 

1,668.490 

82.968 

28.044 

+0.076 

0.0088 

21.70 

1,668.440 

22.879 

22.972 

+0.093 

0.0040 

24.00 

1,843.860 

20.647 

20.666 

40.118 

0.0069 

26.60 

2,023.666 

18.838 

18.872 

+0.039 

0.0020 

27.00 

2,049.868 

18.626 

18.688 

40.068 

0.0086 

The  first  column  gives  the  pressure  approximativelj  in  atmos- 
pheres equal  each  to  serenty-six  centimetres  of  mercury.  The 
second  gives  the  exact  pressure,  as  observed  by  measuring  the 
difference  of  level,  and  subsequently  corrected  for  temperature 
and  the  compressibility  of  mercury.  The  third  column  gives 
the  observed  volume  of  gas  in  the  measuring-tube  under  the 
given  pressure,  which  was  kept  at  the  same  temperature  dur- 
ing the  whole  series  of  experiments.  The  fourth  column  gives 
the  volume  which  the  gas  would  have  under  the  given  pressure 
if  Mariotte's  law  were  absolutely  true.  The  fifth  column  gives 
the  difference  between  the  observed  and  calculated  volumes. 
And,  finally,  the  sixth  column  gives  the  proportion  of  these  dif- 
ferences to  the  observed  volume.  It  will  be  noticed  that  the  dif- 
ferences are  in  all  cases  very  small,  seldom  greater  than  one  two- 
hundredth  of  the  observed  volume,  and  frequently  almost  nothing. 
Moreover,  it  will  also  be  noticed  that,  although  the  differences  are 
always  in  the  same  direction,  indicating  in  every  case  a  greater 
compression  than  that  required  by  Mariotte's  law,  yet  the  propor- 
tion of  these  differences  to  the  observed  volume  does  not  increase 
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with  the  pressure,  as  would  naturally  be  expected,  if  they  were 
owing  to  an  actual  deviation  from  the  law. 

As  in  any  investigation  of  natural  phenomena  it  is  impossible  to 
measure  quantities  with  absolute  accuracy,  a  limited  amount  of 
error  in  the  observations  is  to  be  expected;  and  since  the  differen- 
ces just  mentioned  are  very  small,  it  was  natural  to  conclude  that 
they  would  have  disappeared  if  the  measurements  could  have  been 
made  with  absolute  accuracy.  So  concluded  Duloug  and  Arago, 
and  it  was  generally  conceded  that  the  validity  of  the  law  of 
Mariotte  in  regard  to  air  had  been  fully  established  by  their  in- 
vestigations. There  were,  nevertheless,  strong  grounds  for  ques- 
tioning the  accuracy  of  tliis  conclusion.  In  the  first  place,  there 
was  no  reason,  in  the  nature  of  things,  for  supposing  that  the  law 
of  Mariotte  was  absolutely  true ;  and  since  it  was  not  exact  in 
the  case  of  so  many  gases,  it  was  reasonable  to  conclude  that  it 
was  not  absolutely  so  in  the  case  of  the  air.  In  the  second  place, 
the  volumes  observed  by  Dulong  and  Arago  were  in  every  case  less 
than  the  calculated  volumes,  a  fact  not  sufficiently  accounted  for  by 
the  construction  of  their  apparatus,  though  they  were  inclined  to 
believe  that  it  was.  Then,  lastly,  their  method  of  experimenting 
was  open  to  serious  objections.  They  measured  the  volume  of  the 
air,  by  means  of  a  graduated  scale  at  the  side  of  the  tube,  with  a 
degree  of  accuracy  which  was  evidently  entirely  independent  of  the 
volume  occupied  by  the  gas  in  the  tube,  whether  large  or  small. 
At  the  commencement  of  the  experiment,  this  volume  occupied 
a  length  of  nearly  two  metres  ;  and  hence  any  error  which  could 
be  made  in  reading  the  scale  would  be  an  insensible  portion  of 
the  whole ;  but  when,  at  the  end  of  the  experiment,  the  pressure 
was  equal  to  thirty  atmospheres,  the  volume  occupied  in  the 
tube  a  length  of  only  one  fifteenth  of  a  metre,  so  that  the  same 
error  in  reading  the  scale  would  now  correspond  to  a  portion  of 
tlie  whole  volume  thirty  times  as  great  as  before,  and  might  be 
very  important. 

The  results  of  Dulong  and  Arago  were  not  destined  long  to  re- 
main the  last  word  of  physical  science  on  this  subject  The  French 
government,  in  1841,  ordered  a  revision  of  the  principal  laws 
and  numerical  data  connected  with  the  theory  of  the  steam- 
engine.  This  work  was  intrusted  to  Victor  Regnault,  and  the 
results  of  his  investigation  occupy  nearly  the  whole  of  the  twenty- 
first  volume  of  the  Memoirs  of  the  French  Academy  of  Sciences. 
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This  volume  is  a  monument  of  scientific  industry  and  skill,  and 
marks  an  epoch  in  the  history  of  physical  science.  Among  the 
other  numerical  data,  Regnault  carefully  redetermined  the 
amount  of  diminution  of  yolume  of  atmospheric  air  under  inr 
creasing  pressure.  He  repeated  the  experiments  of  Dulong  and 
Arago  with  a  greatly  improved  apparatus,  and  extended  his  in- 
vestigations to  other  gases.  It  will  not  be  possible,  in  this  text- 
book, to  enter  into  a  description  either  of  the  method  or  of  the 
apparatus  employed.  Suffice  it  to  say,  that,  although  they  were 
similar  in  general  to  those  adopted  by  Dulong  and  Arago,  they 
differed  in  one  important  detail.  Instead  of  keeping  the  quan- 
tity of  the  gas  in  the  measuring-tube  constant  during  the  whole 
experiment,  as  his  predecessors  in  the  same  line  of  investigation 
had  done,  he  continually  forced  fresh  g^s,  by  means  of  a  condens- 
ing-pump,  into  the  measuring-tube  as  the  pressure  increased,  and 
•thus  had  the  volume  of  gas  iu  the  tube  the  same  preparatory  to 
each  measurement.  The  apparatus  was  so  delicately  constructed, 
that  he  could  measure  the  difference  of  level  of  the  mercury  in  the 
two  tubes  to  nearly  the  half  of  a  millimetre,  and  also  the  volume 
of  the  gas  in  the  measuring-tube  with  as  great  an  accuracy  at  the 
highest  as  at  the  lowest  pressures.  We  would  most  earnestly 
recommend  the  student  to  examine  the  original  memoir  of 
Regnault,*  as  one  of  the  best  examples  of  a  successful  scientific 
investigation  on  record.  From  the  results  which  Begnault  ob- 
tained, the  following  table  has  been  calculated :  — 


TalnmM. 

PnccurM. 

Air. 

DIStevoooa 

Carbonto 
Add. 

DIffeTCDO*. 

Hydrogvn. 

IMfftfrcDMa 

1 

m. 

1.0000 

4.9794 

9.9162 

14.8248 

19.7198 

m. 

+0.0000 
+0.0206 
+0.0838 
+0.1752 
+0.2802 

1.0000 

4.8288 

9.2262 

18.1869 

16.7034 

+0.0000 
^  •1-0.1722 
+0.7788 
+1.8131 
48.2946 

1.0000 

6.0116 

10.0560 

15.1896 

20.2687 

IB. 

-O.0000 
-0.0116 
-O.0560 
-0.1395 
-0.2687 

This  table  supposes  that  a  given  volume  of  gas  is  taken,  not,  as 
usual,  under  the  atmospheric  pressure,  but  under  an  initial  pres- 
sure represented  by  a  column  of  mercury  one  metre  in  height, 
and  then,  by  increasing  the  height  of  the  column  of  mercury,  suc- 
cessively condensed  to  one  fifth,  one  tenth,  one  fifteenth,  and  one 

*  M^oires  de  rAcad^mie  des  Sciences,  Tom.  XXL  p.  389. 
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twentieth  of  its  primitive  volume.  It  is  evident,  that,  if  Man- 
otte's  law  were  invariable,  it  would  require,  in  the  case  of  any  gas, 
pressures  corresponding  to  columns  of  mercury  respectively  five, 
ten,  fifteen,  and  twenty  metres  high  to  produce  this  result.  Now, 
in  the  table,  opposite  to  each  volume,  are  given  the  heights  of 
the  columns  of  mercury  in  metres,  which  are  actually  required, 
as  deduced  from  the  experiments  of  Regnault  on  air,  carbonic 
acid,  and  hydrogen.  In  the  case  of  air  and  carbonic  acid, 
it  will  be  noticed  that  less  pressure  is  required  than  that  indi- 
cated by  the  law.  In  the  case  of  hydrogen,  on  the  other  hand, 
more  i&  required.  We  might  put  these  results  in  a  form  simi- 
lar to  that  of  the  table  on  page  294,  and  give  opposite  to  each 
pressure  the  observed  volume  and  the  calculated  volume.  It 
would  then  appear  that  air  and  carbonic  acid  are  condensed 
more  by  a  given  pressure,  and  hydrogen  less,  than  the  amount 
required  by  Mariotte's  law. 

It  appears,  then,  from  these  experiments,  that  Mariotte's  law  is 
not  an  exact  expression  of  the  truth,  even  for  air.  The  deviation 
from  the  law  in  the  case  of  air,  however,  is  exceedingly  small, 
and  it  required  all  the  precautions  with  which  Regnault  guarded 
his  experiments  to  detect  and  measure  it.  In  a  theoretical  point 
of  view,  this  deviation  is  of  the  greatest  importance ;  but  in  the 
practical  application  of  Mariotte's  law  in  the  manometer,  and  in 
the  determination  of  the  volumes  of  gases,  it  may  be  entirely 
overlooked. 

By  carefully  examining  the  table  on  page  296,  it  will  be  noticed 
that  the  deviation  from  the  law,  in  the  case  of  all  three  of  the 
gases,  increases  rapidly  with  the  increase  of  the  pressure.  This 
is  the  general  law  in  regard  to  all  gases  which  have  been  studied. 
Hence  we  may  conclude  that,  as  the  pressure  diminishes  and  the 
gas  expands,  the  deviation  from  the  law  of  Mariotte  becomes 
gradually  less,  until,  at  an  infinite  degree  of  expansion,  this  law 
would  be  the  exact  expression  of  the  truth.  Regnault  did  not, 
however,  extend  his  experiments  to  pressures  less  than  that  of 
the  atmosphere,  because  the  precision  of  his  method  was  not 
sufficient  to  detect  at  such  pressures  any  deviation  from  the 
law. 

The  table  will  also  lead  us  to  another  important  conclusion. 
On  comparing  the  numbers  of  hydrogen  and  of  air,  it  will  be 
found,  as  we  have  already  remarked,  that  they  deviate  from 
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the  law  of  Mariotte  in  opposite  directions.  Starting  from  a 
state  of  infinite  expansion,  at  which  both  would  exactly  obey, 
as  just  stated)  the  law,  it  would  be  found,  on  gradually  in- 
creasing the  pressure,  that  tlie  voluAie  of  the  air  diminished  in  a 
greater  proportion,  but  that  of  hydrogen  in  a  less  proportion,  than 
the  pressure.  Here,  then,  are  two  gases,  one  varying  from  the 
law  on  one  side,  and  the  other  on  the  opposite  side.  Between 
these  two  we  may  conceive  of  a  gas  which  should  have  a  com- 
pressibility exactly  conforming  to  the  law.  This  hypothetical 
gas  being  taken  as  the  limit,  we  have  on  the  one  side  a  class  of 
gases,  comprising  air,  nitrogen,  oxygen,  carbonic  acid,  etc.,  which 
have  a  greater  and  constantly  increasing  compressibility,  and  on 
the  other  side  a  single  gas,  hydrogen,  forming  a  class  by  itself, 
and  having  a  less  and  constantly  diminishing  compressibility. 
The  law  of  Mariotte  may,  therefore,  be  regarded  as  a  limit,  not 
realized  in  nature,  from  which  the  different  gases  deviate  on 
either  side  more  or  less,  according  to  their  nature,  as  well  as  ac- 
cording to  the  pressure  to  which  they  are  exposed. 

Some  experiments  of  Regnault  seem  to  show  that  the  class  to 
which  a  gas  belongs  depends  upon  the  temperature.  He  noticed 
that,  although  carbonic  acid,  as  shown  by  the  table,  deviates  very 
markedly  from  the  law  of  Mariotte  at  the  temperature  of  0"",  yet 
that  it  conforms  almost  precisely  to  it  at  the  temperature  of  100"*. 
He  also  noticed  a  similar  fact  in  regard  to  air,  which  was  found 
to  deviate  from  the  law  much  less  at  an  elevated  temperature 
than  at  the  ordinary  temperature  of  tlie  atmosphere;  and  he 
concludes  that  a  temperature  could  easily  be  attained,  at  which 
the  deviation  would  become  insensible  to  our  means  of  observa- 
tion. He  even  thinks  it  probable,  that,  at  a  very  high  tempera- 
ture, the  air  would  again  deviate  from  the  law  of  Mariotte,  but 
in  the  opposite  direction,  namely,  that  in  which  hydrogen  devi- 
ates at  the  ordinary  temperature.* 

Generalizing  these  observations,  it  is  supposed  that  the  same 
would  be  true  of  all  the  gases  belonging  to  the  first  class.  As 
the  temperature  is  increased,  it  is  supposed  that  their  compres- 
sibility would  gradually  diminish,  and  that  they  would  finally 
conform  exactly  to  Mariotte's  law,  at  different  temperatures, 
determinate  for  each  one.     If  the  temperature  were  pushed 
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beyond  this  limit,  it  is  sapposed  that  they  would  deviate  anew 
from  the  law,  but  in  an  opposite  direction,  passing  over  into 
the  class  of  gases  of  which  at  the  ordinary  temperature  we  have 
but  one  example,  hydrogen.  On  the  other  hand,  since  hydrogen 
possesses  at  the  ordinary  temperature  of  the  air  the  character 
which  those  gases  have  at  a  high  temperature,  it  is  natural  to 
conclude  that,  by  lowering  the  temperature  sufficiently,  we  should 
bring  this  gas  to  the  condition  in  which  they  exist  at  the  ordinary 
temperature.  We  should  expect  to  find,  that,  at  a  certain  degree 
of  cold,  it  would  conform  exactly  to  the  law  of  Mariotte ;  and  that, 
at  a  still  lower  temperature,  it  would  deviate  from  that  law  again, 
but  in  an  opposite  direction.  It  must  be  admitted,  however,  that, 
although  these  conclusions  are  in  conformity  with  the  analogies 
of  science,  they  are  based  upon  too  slight  experimental  data  to 
make  them  of  much  value  ;  and  further  experiments  on  the  com- 
pressibility of  gases  at  high  temperatures  are  among  the  most 
important  desiderata  of  this  branch  of  science. 

Within  the  last  few  years,  further  experiments  on  the  condensa- 
tion of  air,  nitrogen,  oxygen,  hydrogen,  and  oxide  of  carbon  have 
been  made  by  Natterer  with  a  very  powerful  condensing-appara- 
tus,  with  which  he  has  been  able  to  exert  a  pressure  of  nearly  three 
thousand  atmospheres.  Even  with  this  immense  pressure,  he  did 
not  succeed  in  condensing  these  gases  to  liquids ;  but,  on  the 
contrary,  he  found  that  the  compressibility  in  all  the  five  cases 
was  less  than  that  required  by  Mariotte's  law.  From  his  results, 
the  following  table  *  has  been  calculated  by  interpolation :  — 


PnMora  In 
AtmosplMrM. 

Namber  of  VoIhidm  condmued  Into  One. 

fi(jdrogiii. 

Oxygen. 

Nlftfogen. 

Air. 

Oxide  of 
Nitrogen. 

1 

60 
100 
600 
1,000 
1,354 
1,500 
2,O0D 
2,500 
2,790 

1 

60 

98 

896 

623 

.  . 

776 

899 

977.5 

1008 

1 

60 

100 

489 

695 
657 

.  . 

•  a 
a    . 

•  • 

1 

60 

99 

881 

619 

•  . 

690 

641 

684 

705 

1 

60 
100 
896 
627 

.  • 
607 
661 
704 
726 

1 
60 
100 
412 
644 
•  • 
617 
669 
706 
727 

•  This  table  is  taken  from  Liebig  nnd  Kopp,  Jahresbericht  fttr  1854,  Seite  88.    For 
the  fall  reialts,  tee  Wion  Acad.  Ber.  XIL  199,  or  Fogg.  Ann.,  XCIV.  436. 
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Opposite  to  the  number  of  atmospheres  of  pressure  is  giren  for 
each  of  the  five  gases  the  number  of  yolumes  which  are  con- 
densed by  the  different  pressures  into  one  Yolume.  In  other  words, 
these  numbers  represent  the  number  of  yolumes  into  which  one 
volume  of  the  condensed  gas  would  expand,  if  allowed  to  expand 
freely  under  the  pressure  of  the  atmosphere.  If  the  gases  fol- 
lowed the  law  of  Mariotte,  the  number  of  volumes  would  always 
be  equal  to  the  number  of  atmospheres  of  pressure.  According 
to  these  experiments,  the  number  is  very  much  less  than  this, 
showing  that  at  these  high  pressures  the  compressibility  is  very 
greatly  diminished.  It  will  be  noticed  that  these  residts  are  in 
accordance  with  those  of  Regnault  in  regard  to  hydrogen,  but 
directly  opposite  to  them  in  regard  to  the  other  gases.  Since, 
however,  the  experiments  of  Naterer  were  conducted  in  a  man- 
ner not  calculated  to  give  accurate  numerical  results,  they  re- 
quire further  confirmation. 

We  have  dwelt  at  some  length  on  the  history  of  Mariotte's  law, 
both  because  it  furnishes  one  of  the  best  examples  of  refined  sci- 
entific investigation,  and  also  because  it  illustrates  in  a  very 
forcible  manner  the  character  of  a  very  large  class  of  the  so-caUed 
laws  of  nature.  The  compressibility  of  gases  was  in  tlie  first 
place  studied  with  a  comparatively  rude  apparatus,  and  a  simple 
law  was  discovered,  which  was  accepted  as  the  absolute  truth. 
Later,  when  tlie  methods  of  investigation  had  become  more  ac- 
curate, it  was  found  that  the  law  was  not  general,  but  it  was  still 
maintained  in  regard  to  air,  until  finally  the  refined  experiments 
of  Regnault  proved  that  it  failed  here  also.  Still  the  law  remains 
as  an  ideal  truth  towards  which  nature  tends,  but  which  is  never 
fully  reached,  and  we  can  even  trace  the  action  of  the  agents  • 
which  produce  the  perturbations.  So  is  it  with  most  physical  laws. 
They  are  not  relations  realized  with  mathematical  exactness,  but 
ideal  truths  always  more  or  less  false  in  each  particular  case.  In 
another  place,*  the  author  has  termed  this  class  of  laws,  which 
are  merely  expressions  of  external  phenomena,  phenomenal  laws. 
In  some  few  cases,  as  in  the  law  of  gravitation,  we  have  been 
able  to  go  behind  the  phenomena  to  their  proximate  cause ;  and 
in  such  cases  the  very  variations  have  been  seen  to  be  neces- 
sary consequences  of  the  law  itself.  So,  possibly,  it  will  be  with 
-  -     ■  I — — ■ —  ■  — — 

*  Memoirs  of  the  American  Academy  of  Arta  and  Sciencea,  Vol.  V.  p.  369. 
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the  law  of  Mariotte,  when  we  understand  the  constitution  of  the 
gaseous  condition  of  matter.  But  even  in  regard  to  Ihe  law  of 
grayitatiouy  there  always  have  been  residual  phenomena  unex* 
plained  bj  the  law,  and  so  probably  there  always  will  be ;  until, 
as  we  go  on  widening  our  generalizations,  the  last  generaliza^ 
tion  of  all  brings  us  into  that  Presence  of  which  all  natural  phe^ 
nomena  are  tlie  direct  manifestation. 

(166.)  Limit  to  the  Compressibility  of  Gases,  —  It  has  been 
shown  that  all  gases,  when  submitted  to  pressure,  are,  with  one 
exception,  compressed  to  a  smaller  volume  than  that  calculated 
from  the  law  of  Mariotte ;  and  we  have  also  seen  that  the  devia- 
tion from  the  law  increases  rapidly  with  the  pressure.  With  most 
gases,  however,  experiments  prove  that  the  compressibility  does 
not  increase  indefinitely  ;  but  that,  when  the  pressure  reo^ches  a 
certain  point,  the  gas  changes  into  a  liquid.  This  change  of  state 
takes  place  suddenly,  but  it  is  preceded  by  the  increase  of  the 
compressibility  of  the  gas,  which  has  just  been  noticed,  and  which 
becomes  very  rapid  as  the  point  of  condensation  is  approached. 
Some  persons  have  been  led  by  this  fact  to  the  opinion  that 
the  deviation  from  the  law. of  Mariotte  is  owing  to  a  partial 
liquefaction  of  the  gas ;  but  the  experiments  of  Regnault  and 
Despretz,  already  cited,  tend  to  disprove  this  theory.  The  pres- 
sure under  which  the  condensation  to  the  liquid  state  takes  place 
depends  upon  the  nature  of  the  gas,  and  also  especially  on  the 
temperature.  We  shall,  therefore,  defer  the  consideration  of  this 
subject  to  the  chapter  on  Heat. 

Application  of  Mariotte* s  Law. 

(167.)  Pressure  of  the  Atmosphere  at  different  Heights.  — 
Having  become  familiar  with  Mariotte's  law,  we  are  prepared  to 
study  the  variation  of  pressure  as  we  rise  in  the  atmosphere, 
which  has  been  already  noticed  in  (156.  8).  This  question  is 
evidently  one  of  great  importance ;  because,  if  we  can  discover 
the  law  by  which  the  pressure  varies,  we  can  easily  deduce  from 
two  observations  of  the  barometer  made  at  different  heights  the 
difference  of  level  of  the  two  stations. 

It  is  evident,  from  the  nature  of  the  case,  that  the  density  of 
the  atmosphere  must  vary  constantly  with  the  elevation  above 
the  surface  of  the  earth,  and  hence  that  it  is  not  absolutely  the 
same  at  any  two  levels,  however  near  to  each  other.    Neverthe* 
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less,  for  convenience,  we  will  suppose  that  the  atmosphere  coih 
sists  of  a  series  of  very  thin  concentric  layers,  having  a  common 
thickness,  which  we  will  represent  by  d ;  and  that  the  density  is 
uniform  throughout  each  layer,  changing  abruptly  as  we  pass 
from  one  to  the  next.  Moreover,  in  order  to  reduce  the  ques- 
tion to  its  simplest  form,  we  will  suppose  that  the  temperature 
of  the  atmosphere  at  the  different  elevations  is  the  same,  and  at 
0"*  C.  We  may  now  represent  the  different  quantities  to  be  used 
in  our  problem  thus :  — 

d  =  the  common  thickness  of  the  concentric  layers. 

Xi,  x^,  x^  ,, ,,  x^  =  the  distances  of  the  lower  surfaces  of  the  successive 
layers  from  the  centre  of  the  earth. 

Ifi,  H^  ^  .  • . .  ^  =  the  heights  of  the  barometer  in  the  successive  layers. 

{Sp,  6rr.)|,  {Sp,  Gr.)i ....  (Sp,  Gr,\  =  the  specific  gravity  of  the  air  in 
the  successive  layersi  referred  to  mercury. 

We  have,  then,  for  the  thickness  of  the  first  layer,  x^  —  Xysssidy 
and  for  the  fall  of  the  column  of  mercury  in  the  height  of  the  first 
layer,  Hx  —  H^.  It  is  therefore  evident,  that  a  column  of  atmos* 
pheric  air  equal  to  Xi  —  z^  supports  a  column  of  mercury  equal 
to  ITi  —  Hi.  Now,  since  the  air  acts  in  all  respects,  so  far  as 
regards  pressure,  like  a  liquid  of  a  very  small  specific  gravity 
(151),  it  follows  that  the  proportion  [81]  is  true  for  these  two 
columns  of  air  and  mercury.  Bepresenting,  then,  the  specific 
gravity  of  mercury  by  unity,  we  have 

fll  —  H^  :  Zx  —  Zx^=^(^Sp. Gr.^i :  1, 

Moreover,  since  the  pressure  is  proportional  to  the  density  [99], 
it  is  also  proportional  to  the  specific  gravity ;  and  we  have,  for 
any  two  layers,  such  as  the  first  and  th^  nth, 

aSp.  Qr.\  :  iSp.Gr.\  =  H,  :  JJ,, 
or 

(^.Gr.)i :  H,  =  (^.Gr.)- :  it. 

Representing  by  C  a  constant  quantity,  we  may  evidently  put 

( i^.  Gr.)i  =  C  fli,     and     (  Sp.  Gr.\  ^CH^.       [102.] 

The  value  of  C  depends  upon  the  latitude  of  the  place  and  on 
the  conditions  of  the  atmosphere,  as  will  hereafter  be  shown* 
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Comparing  the  two  values  of  (^Sp.Gr.^^j  [101]  and  [102],  we 
obtain 

^'~^  =  CH,,     or      H,  =  H,(1  —  Cd). 
By  the  same  course  of  reasoning  we  should  obtain 

^=A  =  Cfi;,    or  H,=  H,(1  —  Cd)  =  n,(l—Cd)\ 
We  can  in  like  manner  readily  form  the  following  table  :  — 

Xl  =    Oy  III     =    Hi* 

x,—xt  =  d,         j5i;  =  /r,(i— crf)  =  jy,(i— cd). 

x^  —  x,=&d,  ^,  =  ^,(1  — Crf)  =  ir,(l  — Crf)». 

«,+  .-ari=nd;        H.^,  =  H.{l-Gd)^If,(l  —  Cd)\ 

The  values  dy2d,Sd  . . ..  ndj  which  represent  the  elevations 
above  any  given  level,  are  evidently  terms  of  an  increasing  arith- 
metical progression  ;  and  the  values  of  Hi^ £&,  Hs....  H^y  which 
represent  the  pressures  at  these  elevations,  are  evidently  terms  of 
a  geometrical  progression,  —  since  each  value  is  formed  from  the 
preceding  by  multiplying  by  the  constant  quantity  (1  —  Crf). 
Moreover,  since  the  value  of  this  quantity  is  less  than  unity,  the 
progression  is  decreasing. 

Prom  the  equation  Si,^.i=s  JBi  (1  —  C  d)\  we  can  easily  ob- 
tain a  formula  for  calculating  the  difierence  of  elevation  from  tlie 
height  of  the  barometer  at  any  two  stations.  Taking  the  loga- 
rithms of  the  two  members,  this  equation  becomes 

log  £C+|  —  log  fli  =  w  log  (1  —  C  d)j  or,  developing. 

We  have  assumed  that  the  common  thickness  of  the  atmospheric 
layers  (rf)  was  only  very  small.  We  may  now  pass  at  once  to  the 
actual  condition  of  the  atmosphere  by  making  d  infinitely  small. 
The  (P^d^  , . ,  .y  being  all  infinitely  less  than  dj  may  be  taken  at 
zero,  and  the  equation  becomes 

log  jBt,+  i  — log  jB;  =  — wd -jj^; 

or,  changing  the  signs  of  all  the  terms,^  ^ 

log -H;  —  log  jS;+i  =  nrf -g. ; 
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from  which  can  be  easily  deduced 

In  this  formula,  ndis  obviously  the  sum  of  the  thicknesses  of  the 
infinitely  thin  layers  between  the  levels  of  the  two  stations,  and 
is  therefore  the  quantity  required.  We  will  represent  it  by  x. 
M  is  the  modulus  of  the  common  tables  of  logarithms,  or 
2.302585*  C  is  the  constant  already  mentioned.  H^^x  is  the 
height  of  the  barometer  of  the  upper  station,  which  we  can  more 
conveniently  represent  simply  by  A ;  and  fll  the  height  at  the 
lower  station,  which  we  can  more  conveniently  represent  by  J3". 
The  formula  then  becomes 

x^logf.:^.  [loa] 

The  constant,  C,  in  this  equation  is  a  quantity  which,  multi- 
plied by  the  height  of  the  barometer,  will  give  the  specific  grav- 
ity (relatively  to  mercury)  of  the  air  in  which  the  barometer  is 
immersed  [102].  We  shall  hereafter  have  occasion  to  show  that 
the  weight  of  one  cubic  centimetre  of  air,  and  hence  also  its  spe- 
cific gravity,  varies  not  only  with  the  pressure  fl",  but  also  with 
the  elastic  force  of  the  vapor  which  it  contains,  with  the  tempera- 
ture, and  with  the  intensity  of  the  force  of  gravity  at  the  place 
of  observation.  All  these  circumstances  must,  therefore,  modify 
the  value  of  the  constant  C  If,  however,  we  reduce  the  condi- 
tions to  their  simplest  form,  and  suppose  that  the  temperature 
is  0°  C.  at  both  stations,  that  the  place  of  observation  is  on  the 
parallel  of  45"*,  and  that  the  atmosphere  is  one  half  saturated 

A/" 

witli  vapor,  we  have,  for  the  value  of  the  constant,  ^  =  18,336 

metres ;  ^nd,  neglecting  the  variation  of  the  intensity  of  gravity 
with  the  elevation,  [103]  becomes  f 

X = log  ^18386 = log  H 18886 — log  h  18388  ;        [104.] 

*  Some  writers  ase  as  M  the  reciprocal  of  this  valae. 

t  It  is  evident  that  these  conditions  are  never  realised  in  the  atmosphere.  The  tem- 
perature diminishes  very  rapidly  as  we  ascend ;  and  the  fom  of  gravity  varies  with  the 
elevation,  as  well  as  with  the  latitude  of  the  place  of  ohservation.  In  the  practical 
application  of  this  method  in  determining  differences  of  level,  it  is  necessary  to  pay  re- 
gard to  all  these  circumstnncc«.  The  eminent  mathematician  La  Place  calculated  a 
formula  for  finding  the  value  of  x,  in  which  all  the  causes  which  may  modify  the  prea- 
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in  which  £f  and  h  denote  the  height  of  the  barometer  in  millime- 
tres. If,  further,  we  sappose  that  tlie  lower  station  is  at  the  sea 
level,  and  tliat  the  barometer  at  tliis  level  is  at  its  mean  height, 
or  7G0  m.  m.,  the  formula  becomes 

X  =  52,822.6  metres  —  log  A  18336.  [106.] 


sure  of  the  different  layers  of  the  atmosphere  have  been  considered.    In  this  formala, 
the  letters  denote  the  following  values :  — 

H  =  height  of  barometer  at  the  lower  station. 

T  B  temperature  of  barometer  at  the  lower  station. 

t  »  tempentture  of  the  air  at  the  lower  station. 

h'  »  height  of  barometer  at  the  upper  station. 
T'  =  temperature  of  barometer  at  the  upper  station. 
t*  —  temperature  of  the  air  at  the  upper  station. 

X  —  latitude  of  the  place  of  observation. 

d:  »  in  the  fourth  factor  the  approximate  height  determined  from  the  previons  factors. 

The  ibrmnia  of  La  Place  is  then  as  follows  :  — 

V*  +     1000  y' 

5. 
(I  +  0.0026$  COB  2 2), 

6. 
x  +  150U\ 


1.  S.  8 

[log  H  18336  —log  A'  18336  —  (T—  T')  1^843]  X 


/         x  +  iwwx 


which  does  not  differ  materiall  j  from  the  complex  equation  of  the  Meamiqw  CdaU 
(CEuvres  de  La  Place,  Tom.  IV.  p.  328,  Paris,  1845).  The  terms  and  fiictors  of 
the  formula  have  been  numbered  for  the  sake  of  reference.  The  first  two  teims  are  the 
same  as  in  [104],  and  give  the  approximate  elevation.  The  third  term  is  a  correctioii 
for  the  difference  of  temperature  of  the  mercury  columns  at  the  stations.  The  correct- 
ed altitude  is  now  to  be  multiplied  bj  three  factors.  The  first  (marked  4)  corrects  it 
for  the  difference  of  temperature  of  the  air  at  the  two  statwns ;  the  second  (5),  for  the 
variation  of  gravity  with  the  latitude ;  and  the  third  (6),  for  the  variation  of  gravity 
with  the  elevation.  The  calculation  of  the  value  of  x  is  rendered  exceedingly  easy  by 
means  of  a  set  of  tables,  originally  prepared  by  Oltmans,  which  are  given  in  the  Antwh 
aire  du  Bureau  dei  Longihuie$  of  Paris.  Similar  but  more  extended  tables,  calculated 
by  Delcros,  Guyot,  and  Loomis,  are  contained  in  the  collection  of  Meteorological 
Tables  prepared  by  Professor  Arnold  Guyot,  and  published  by  the  Smithsonian  Insti- 
tution. 

M.  Babinet  (Cbmptef  Rendus  de  TAcad^ie  des  Sciences  for  March,  1857)  has  pro> 
posed  a  modification  of  La  PUce's  formula,  which  dispenses  both  with  the  use  of  loga- 
rithms and  with  tables  of  any  kind.    The  notation  is  the  same  as  before,  but  the  two 
.barometers  are  supposed  to  be  reduced  to  the  same  temperature,  and  the  small  correo* 
tion  for  the  latitude  is  omitted.    The  modified  formula  is  as  follows :  — 


16,000  metres  jj^ipVo    (^  +  ""loan)* 


In  itsing  this  formula,  the  two  heights  of  the  barometer  must  first  be  reduced  to  eero, 
and  it  will  then  give  aocnnte  results  for  elevations  of  less  &an  1000  metres,  and  ap- 
proximate results  even  for  much  greater  elevationt.    For  further  information  on  tfaii 
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From  this  fonnula,  it  is  easj  to  calculate  the  pressure  and  spe- 
cific gravity  of  the  atmosphere  at  di£ferent  elevations,  on  the 
assumption  that  its  condition  is  as  just  supposed ;  and  by  means 
of  it  the  following  table  has  been  constructed. 

Pressure  and  Specific  Gravity  of  the  Air  at  increasing  Altitudes. 


Metretabov* 

Bnlkofeqaa] 

Bpeeiile  Grarltj. 

ndghto 

tlM8«U 

Weight  of  Air. 

AlratTOo.m.  B  1 

BuooMtc 

0 

1  c.  m.' 

1 

76.00 

5,520 

2    « 

i 

38.00 

11,040 

4    « 

i 

19.00 

16,560 

8    « 

i 

9.50 

22,080 

16    « 

tV 

4.75 

27,600 

82    « 

^ 

2.38 

This  table  illustrates  the  fact  already  stated  on  page  803  ;  for 
while  the  elevation  above  the  sea  level  increases  in  an  arithmeti- 
cal progression,  the  height  of  the  barometer  and  the  specific 
gravity  diminish  in  a  geometrical  progression.  Dr.  Young  has 
calculated  that,  if  the  air  continues  to  diminish  in  specific  gravity 
according  to  the  law  indicated  in  the  above  table,  one  cubic  inch 
of  air,  of  the  mean  specific  gravity  at  the  earth's  surface,  would, 
at  a  distance  of  four  thousand  miles  from  the  earth  (a  distance 

subject,  W6  woald  refer  the  student  to  the  excellent  collection  of  tables  by  Professor 
Guyot,  alreftdy  mentioned. 

In  taking  observations  of  the  barometer  for  the  purpose  of  measuring  heights,  certain 
precautions  are  indispensable,  in  order  to  obtain  good  results.  If  the  horizontal  distance 
between  the  stations  is  considerable,  it  is  necessary  to  make  the  two  obscnrations  si- 
multaneously, in  order  to  eliminate  the  effect  of  the  accidental  changes  to  which  the 
barometer  is  liable ;  or,  if  this  is  impossible,  to  return  to  the  first  station,  and  ascertain 
whether  the  pressure  has  changed  in  the  interval.  If  it  has,  the  observation  should  be 
'rejected.  But  even  this  method  of  observing  will  not  eliminate  the  effects  of  the  regu- 
lar changes,  because  these  are  not  necessarily  the  same  at  the  two  stations,  and  do  not 
take  place  at  precisely  the  same  moment,  especially  when  the  difference  of  elevation  la 
considerable.  The  same  is  also  more  or  less  true  of  the  accidental  changes.  In 
order  to  eliminate  all  these  causes  of  error,  it  is  best  to  make  a  great  number  of  obser- 
vations simultaneously  at  both  stations,  and  to  take  the  mean  ;  and  tliis  course  is  es- 
sential when  the  two  stations  are  several  miles  apart.  For  example,  in  finding  the 
elevation  of  a  place  above  the  sea  level,  it  is  best  to  take  the  barometric  mean  of  the 
place,  calculated  from  observations  extending  over  several  years,  and  compare  it  with 
a  similar  mean  taken  at  the  sea  level.  In  the  tropics,  where  the  accidental  variations 
barely  exist,  and  where  the  regular  variations  follow  well-known  laws,  accurate  results 
can  be  obtained  by  taking  successive  observations  at  the  different  stations.  With  good 
instruments  and  careful  observation,  the  difference  of  level  can  be  ascertained,  from 
the  formula  of  La  Place,  within  a  metre. 
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equal  to  the  earth's  radius),  fill  the  whole  orbit  of  Saturn ;  and, 
on  the  other  hand,  if  a  mine  could  be  dug  forty-six  miles  deep 
into  the  earth,  that  the  air  at  the  bottom  would  be  as  dense  as 
quicksilver. 

It  has  already  been  stated,  that  there  is  probably  a  limit  to  the 
upper  surface  of  our  atmosphere,  as  definite  as  that  of  the  sur- 
face of  the  ocean.  At  this  elevation,  the  repulsive  force  of  the 
particles  is  supposed  to  be  balanced  by  their  gravitation  towards 
the  earth.  If  we  assume  that,  at  this  point,  the  repulsive  force 
is  equal  to  a  column  of  mercury  one  millimetre  high,  we  can 
easily  calculate  the  height  of  the  atmosphere.  The  second  term 
of  the  second  member  of  [105]  disappears,  since  log  1  =  0,  and 
we  obtain  z  =  52,822.6  metres.  But  this  assumes  that  the  tem- 
perature is  the  same  at  this  high  elevation  as  at  the  surface, 
namely,  0"*.  The  probability  is  that  the  temperature  is  about 
— 60°  C.  We  must,  therefore,  make  a  correction  for  this  dififer- 
ence,  amounting,  as  follows  from  La  Place's  formula,  (see  note, 
p.  304,)  to  0.12  of  the  whole,  which  reduces  the  height  to 
46,483.9  metres. 

Instruments  illustrating  the  Properties  of  Gases. 

(168.)  Manometers.  —  This  name  (derived  from  f^vo^^rarej 
and  fierpop^  measure^  is  applied  to  a  class  of  instruments  which 
are  used  for  measuring  the  elastic  force  or  pressure  of  confined 
gases  and  vapors.  Of  the  numerous  forms  of  the  manometer, 
we  shall  describe  but  three. 

1.  For  pressures  less  than  the  atmosphere,  the  most  convenient 
forn>  of  manometer  for  the  laboratory  is  that  represented  in  Fig. 
272,  at  the  side  of  the  barometer.  It  consists  simply  of  a  tube, 
open  at  both  ends.  The  lower  end  dips  into  a  reservoir  of  mer- 
cury, and  the  upper  end  connects,  by  a  flexible  hose,  with  the 
vessel  containing  the  gas  or  vapor  whose  pressure  we  wish  to 
measure.  If  the  gas  exerts  no  pressure,  or,  in  other  words,  if 
there  is  a  vacuum  in  the  vessel,  it  is  evident  that  the  mercury 
will  stand  at  the  same  height  in  the  tube  as  in  the  barometer ; 
and,  on  the  other  hand,  if  the  gas  exerts  pressure,  the  mercury 
will  be  depressed  by  the  exact  amount  of  this  pressure.  By 
measuring  with  a  cathetometer  the  difierence  of  level  in  the 
barometer  and  manometer  tubes,  we  can  ascertain  the  exact 
amount  of  the  pressure,  or  tension,  of  tlie  confined  gas. 
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2.  The  form  of  manotneter  represented  in  Pig.  278,  which  we 
owe  to  Regnault,  may  be  used  both  for  pressures  greater  and  less 
than  that  of  the  atmosphere.  It  consists  of  two  glass  tubes,  g  h 
and  t  k,  which  are  cemented  into  an  iron  U,  (made  as  represent- 
ed in  Figs.  276,  277,  and  278,)  and  form  together  an  inverted 
siphon.  Between  the  two  arms  of  the  siphon,  and  forming  a 
part  of  the  iron  U,  is  placed  a  three-way  cock,  whose  constmo- 
tion  is  sufficiently  explained  by  the  fignres.  According  to  the 
position  which  we  give  to  this  cock,  we  may  either  open  or  close 
the  communication  between  the  glass  tubes,  or  vent  the  mercury 
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from  aither  tubs  alone,  or  from  both  together,  at  pleasure.  The 
tube  i  k  ie  open  at  the  top,  and  the  mercury  coluaiu  wliich  it 
eo)it»iiu  receives  the  preesure  of  the  atmosphere.    The  tube  g^  h 


temuaates  in  a  capillary  tube,  vbich  is  bent  at  right  angles,  and 
connected  with  the  vessel,  a  b,  containing  the  gas  or  vapor  whose 
elasticity  we  wish  to  measure,  by  a  connection  of  peculiar  con- 
struction, and  admirably  adapted  for  experiments  of  this  kind. 
To  the  end  of  the  tube  bg  is  cemented  the  steel  cap  a' b' ity 
which  is  represented  iu  Fig.  274.    The  face  of  this  cap  is  formed 

'U'    'l_l'    '1_1' 
^     ^    H 


by  a  plana  surface,  a'  b',  and  l^  a  hollow  tJone,  &.  On  the  other 
hand,  tiia  face  of  the  stopcock  which  closes  the  reservoir  has 
exactly  a  reverse  form,  and  the  two  are  carefully  ground  to- 
gether. In  order  to  secure  a  joint  which  is  absolutely  hermeti- 
cal,  it  is  only  necessary  to  press  the  two  together  by  means  of 
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a  brass  collar  (F^.  275),  which  ia  tightened  by  means  of  ihe 
sorfivs,  after  having  interposed  a  little  melted  ludia-rubber. 
The  elasticity  of  the  gas  iu  tlie  reservoir  a  bis  measured  hj 
the  difference  of  the  level  of  the  mercury  in  the  two  arms  of  the 
tube,  and  by  the  height  of  the  barometer.  If  the  level  is  the 
same,  then  it  is  evident  that  the  elasticity  is  exactly  equal  to 
the  atmospheric  pressure,  and  is  measured  by  the  height  of  the 
barometer.  If  the  level  is  higher  in  the  tube  h  g^  tlian  in  t  k, 
then  the  elasticity  is  measured  by  the  height  of  tlie  barometer 
less  the  difference  of  level.  On  the  other  baud,  if  the  level  is 
highest  iu  the  tube  t  k,  then  the  elasticity  is  measured  by  the 
height  of  the  barometer  plus  the  difierence  of  level.  Represent- 
ing the  elasticity  by  jQ,  the  height  of  the  barometer  reduced  to 
ff  by  Hff  and  the  difference  of  level,  also  reduced  to  the  stand- 
ard temperature,  by  A«,  ve  have  in  every  case 

15  =  ^  ±  A,.  [106.] 

8.  The  form  of  manometer  just  described,  altliougb  an  ex- 
ceedingly accurate  instrumeut,  cannot  be  conveniently  used 
when  the  elasticity  is  greater  than  tvo  atmospheres,  because, 
Then  the  difference  of  level  exceeds  76  c.  m., 
the  tube  i  k  must  be  made  inconveniently  long, 
and  the  instrument  becomes  difficult  to  manage. 
Where  great  accuracy  is  not  necessary,  ve  can 
then  use  with  advantage  a  form  of  Uie  manom- 
eter which  is  represented  in  Fig.  279,  and  which 
is  based  on  Mariotte's  law ;  for  although,  as  we 
have  seen,  this  law  is  not  rigorously  true,  even 
in  regard  to  air,  yet  the  deviation  is  so  small 
that  it  may  be  regarded  as  exact  for  all  prac- 
tical purposes. 

This  third  form  of  manometer  consists  of  a 
cylindrical  glass  tube,  closed  at  the  top  and 
filled  with  dry  air.  The  lower  end  of  the  tube 
passes  throuf^  the  collar  of  a  cast-iron  reservoir, 
and  dips  under  the  surface  of  the  mercury,  with 
which  it  is  in  part  filled.  At  the  side  of  the 
nt.s».  reservoir  is  an  opening  which  connects  by  the 

tube  A  with  the  closed  vessel  or  boiler  contain- 
ing the  gas  or  vapor  whose  elastic  force  is  to  be  measured. 
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The  vfaole  apparatua  is  fiutened  to  a  wooden  plaak  for  coo- 
Tenience  and  security. 

The  qnautity  of  the  air  contained  in  the  glass  tube  is  such 
that,  when  the  opening  at  A  communicates  with  the  atmosphere, 
the  mercury  stands  at  the  same  level  in  the  tube  and  reservoir. 
Consequently,  opposite  to  this  level  on  the  plank  is  marked  the 
figure  1.  If,  now,  a  pressure  is  transmitted  through  A  equal  to 
two  atmospheres,  the  mercury  will  rise  in  the  tube  uutil  the  ten- 
sion of  the  confined  air,  added  to  the  pressure  of  the  mercury 
column,  just  balances  it.  Were  it  not  for  the  weight  of  the  mer- 
cury, it  woiUd  rise  to  just  one  half  of  the  height  of  the  tube  ;  but 
in  fact  it  rises  to  somewhat  less,  because  a  part  of  the  pressure  is 
supported  by  the  mercury  column  itself.  In  like  manner,  if  the 
pressure  is  increased  to  four  atmospheres,  the  mercury  does  not 
rise  to  three  quarters  of  the  height  of  the  tube,  because  the  pres- 
sure is  in  part  sustained  by  the  column  of  mercury,  and  is  not, 
therefore,  all  transmitted  to  the  confined  gas.  It  is  easy  to  cal- 
culate the  exact  point  to  which  it  will  rise  when  the  height  of  the 
tube  is  known,  and  to  graduate  the  instrument  by  inscribing  the 
number  of  atmospheres  at  the  side  of  the  tube.  This  instrument 
is  not  sufficiently  delicate  for  high  pressures  ;  for,  the  volume  of 
the  air  becoming  smaller  and  smaller,  the  divisions  become  pro- 
portionally close  together. 

The  metallic  manometer  of  Bourdon,  based  on  the  elasticity  of 
metals,  has  been  already  described  (104). 

(169.)  Pneumatic  Trovgh.  —  This  simple  contrivance,  which 
we    owe    to     Dr.  e 

Priestley,  for  col- 
lecting and  tran^ 
ferring  gases,  is 
one  of  the  most 
valuable  instru- 
ments of  chemis- 
try.     It    consists 

usually  of  a  rec-  i 

tangular  trough, 
made  of  glass  or 
of  any  other  suil^ 
able  material,  in 
which  is  suspended  a  shelf,  as  represented  in  Fig.  280.    The 
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shelf  is  perforated  with  one  or  more  holes,  and  its  under  snrlaoe 
is  concave.  When  in  use,  the  trough  is  filled  with  water  to  a 
level  which  is  one  or  two  inches  above  the  shelf.  In  order  to  col- 
lect a  gas,  a  glass  jar  or  bell  is  first  filled  with  water,  and  then 
|daced  on  the  shelf  with  its  mouth  downwards  and  over  the  hole. 
The  tube  conducting  the  gas  is  now  adjusted  so  that  its  mouth 
shall  open  under  the  shelf,  when  the  gas,  as  it  escapes,  will  bubble 
up  and  displace  the  water  sustained  in  the  jar  bj  the  pressure  of 
the  air.  After  one  jar  is  filled  with  gas,  it  maj  be  moved  to  one 
side,  and  its  place  supplied  with  another,  previously  filled  with 
water,  as  before ;  or  the  jar  maj  be  removed  from  the  trough  by 
sliding  tmder  its  open  mouth,  still  immersed  in- water,  a  plate. 
On  lifting  the  plate  from  the  trough,  it  will  hold  sufficient  water 
to  retain  the  gas  in  the  bell  standing  on  it.  We  can  also  readilj 
transfer  gases  from  one  jar  to  another  by  filling  the  jar  to  receive 
the  gas  with  water,  placing  its  mouth  over  the  hole  in  the  shelf, 
and  then  pouring  up  the  gas  from  the  other  jar. 
Avery  simple  pneumatic  trough  may  be  made  with  an  earthen- 
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ware  basin  of  water,  as  represented  in  Fig.  281.    The  jar  in 
which  the  gas  is  to  be  collected  can  be  readily  put  in  its  place  in 

the  following  way.  It  is  first  filled  with 
water,  and  a  glass  plate  pressed  with  the 
hand  over  the  mouth.  It  is  tlien  inverted, 
the  mouth  plunged  under  the  water  of  the 
basin,  and  the  glass  plate  removed.  The 
mouth  of  the  jar  may  be  conveniently  supported  on  an  inverted 
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nacer,  in  which  two  holes  have  been  porforaled,  as  represented  in 
Fig.  282.  Through  the  hole  at  the  side  poBses  the  end  of  the 
tube  conducting  the  gas. 

There  are  many  gases  which  are  sbsorbed  by  water,  and  in  ez- 
perimenting  on  these  we  use  a  trough  filled  with  mercury.  Such 
a  trough  is  represented  in  Fig. 
283,  aud  two  vertical  sections 
of  the  same  in  Fig.  284.  On 
account  of  the  cost  of  mer- 
cury, the  mercury  trough  is 
made  in  such  a  form  as  to 
economize  as  far  as  possible 
the  metal.  In  other  respects, 
it  is  precisely  similar  to  the 
water-trough,  aud  does  iiot 
require    a    detailed    descrip-  ^  ^^^ 

taon. 

I 


He- 381. 

In  measuring  the  Tolume  of  a  gas  standing  in  a  graduated  boll 
over  the  pneumatic  trough,  it  must  be  remembered  that  the  gas 
is  ndt  exposed  to  the  pressure  of  the  atmosphere  as  indicated  by 
the  barometer,  except  when  the  level  of  the  liquid  is  the  same 
both  in  the  bell  aud  in  the  trough.  When  the  level  is  higher  in 
the  bell,  tlien  the  pressure  exerted  on  the  gas  ie  evidently  meas- 
ured by  the  height  of  tlie  barometer  H,  less  the  height  of  a  col- 
tuno  of  mercury  A,,  which  is  equivalent  to  the  difference  of  level. 
If  the  trough  is  filled  with  mercury,  this  height  is  equal  to  the 
difference  of  level ;  if  with  water,  we  can  always  easily  find,  by 
[81],  the  height  of  the  column  of  mercury,  which  is  equivalent 
to  the  difference  of  water  level,  or,  more  readily,  by  inspection 
&om  Table  XIX.  Let  us  call  this  difference  of  level,  reduced  to 
centimetres  of  mercury  at  0"  C,  A,.  In  order,  then,  to  reduce  the 
2T 
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volume  of  gas  to  the  standard  pressure  of  76  c.  m.,  we  have,  b^ 
[98J,  the  proportioa 

V:V'  =  H,~h,:16,     or      V^V'^^.      [107.] 

The  difference  of  level  may  always  he  measured  by  a  cathe- 
tometer,  or  more  rudely  by  a  graduated  scale.  We  can  also 
avoid  tliis  measurement  by  sinking 
or  raising  the  bell  in  tlie  trough 
until  the  level  is  the  same  in  both 
(see  Fig.  285).  This  is  not,  how- 
ever, so  accurate  a  method. 


(170.)  Gasometers.  —  These  are  instruments  for  collecting 
and  preserving  larger  volumes  of  gas.  They  have  various  forms, 
but  that  represented  in  Fig.  286  is  one  of  the  most  useful.  It 
consists  of  a  closed  and  air-tight  cylindrical  vessel,  A,  made  of 
copper  or  zinc,  which  is  surmounted  by  a  basin,  C.  This  basin  is 
supported  oil  the  cylinder  by  five  columns  of  copper,  two  of  which, 
a  and  b,  are  hollow,  and  furnished  with  stopcocks.  The  tube  a 
opens  at  once  into  the  the  top  of  the  cylinder ;  but  the  tube  b,  on 
the  contrary, descends  quite  to  the  bottom.  Ate, there  is  a  small 
stopcock  for  drawing  off  the  gas;  and  at  d,  a  short  curved  tube, 
which  can  be  hermetically  closed  by  the  screw-plug  k. 

In  order  to  use  the  instrument,  we  commence  by  pouring 
water  into  the  basin  C,  having  first  closed  the  opening  d,  and 
opened  the  stopcocks  a  and  b.  The  water  now  flows  into  the 
cylinder  by  the  long  tube  b,  and  the  air  escapes  by  the  tube  a, 
and  we  continue  pouring  water  into  C  until  the  cylinder  A  is 
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complctel;  filled,  trhea  we  close  the  Btopcocks  a  and  b.  In  order, 
now,  to  lill.tho  cylinder  with  gas,  we  open  the  tubiilature  k,  and 
iutroduce  the  mouth  of  the  tube  connecting  with  the  Tcseel  from 
which  the  gas  is  evolved.  The  pressure  of  the  air  sustains  the 
water  in  the  gasometer,  and  the  gas,  as  it  bubbles  up,  collects  in 
the  upper  part,  displacing  the  water,  which  slowly  ilows  from  the 
tubulature.  When  the  evolution  of  gas  has  ceased,  we  remove 
the  tube  and  close  the  tubulature  d. 

If  liow  we  open  the  cock  b,  a  portion  of  the  water  from  the 
vessel  C  descends  into  the  cylinder,  and  the  confined  gas  is  com- 
pressed by  the  force  of  a  column  of  water  equal  in  height  to  the  dif- 
ference of  level  of  the  water  in  the  two  vessels  A  and  C.  Hence, 
on  opening  the  cock  c,  the  gas  will  flow  out,  and  its  place  will  be 
supplied  with  water  from  the  vessel  C.  Or,  if  we  wish  to  fill  a 
bell  with  gas,  we  first  fill  it  with  water,  cover  the  mouth  with  a 
glass  plate,  and,  having  inverted  it  in  the  vessel  C,  place  it  over 
the  tube  a.  On  opening  the  cock,  the  gas  will  rise  into  the  bell 
and  displace  the  water  it  contains,  while  an  equivalent  amount 
of  water  will  descend  by  tlie  tube  b  into  the  cylinder. 

(171.)   Safely-Tubes.  —  These   tubes,  which   are  frequently 
connected  with  chemical  apparatus  for  the  purpose  of  avoiding 
explosions,  or  preventing  the  mixing  of  liquids  which  the  vessels 
composing  the  apparatus  contain,  are  excellent  illustratious  of  the 
properties  of  gases.     Let  us  suppose,  for  example,  that  we  are 
preparing  chlorine  gas  from  hyperoxide  of  manganese  and  chlo- 
robydric  acid,  in  the  fiask  A  (Fig.  287), 
and  that  connected  with  this  flask  by  the 
bent  tube  abcis  a  test^lass  filled  with 
a  solution  of  caustic  soda,  on  which  we 
wish  the  gas  to  act,  and  which  absorbs 
it  rapidly.    So  long  as  the  chlorine  is 
evolved  with  great  rapidity  the  process 
goes  on  with  regularity,  and  the  gas  bub- 
bles up  through  the  solution. 

The  elastic  force  of  the  chlorine  gas  in 
the  flask  is  evidently  greater  than  the  rtg-vst. 

pressure  of  the  atmosphere ;  because  it 

balances  not  only  the  atmospheric  precsure  on  the  solution  of 
caustic  soda,  but  also  a  column  of  this  solution  whose  height, 
a  (Fig.  287) ,  is  equal  to  the  diflerence  of  level  between  the  surface 
of  the  liquid  in  the  test-glass  and  the  open  mouth  of  the  gas- 
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tube  c.  Tlifl  pressure  of  the  atmosphere  is  measured  bj  H^,  the 
height  of  the  column  of  mercurf  wliich  it  supports.  We  may 
also  measure  the  pressure  exerted  by  Uie  column  of  liquid  a  in 
the  same  way  ;  for  when  ve  kuow  its  specific  gravity,  it  is  easy, 
^y  [^^]t  to  find  the  height  of  a  column  of  mercury  which 
would  oxcrt  the  same  pressure.  Let  A*  represent  the  height  of 
this  column  of  mercury,  and  (  Sp.  Gr.)  and  (  Sp,  Gr.y  the  specific 
gravities  of  mercury  and  tlie  solution  respectively ;  we  shall 
havofl:/i„  =  (%G»-.):CSp.Gn)',andA,  =  a  7S^4'-  Tl'^n 
the  elastic  force  of  the  gas  in  the  balloon  is  equivalent  to  a  col- 
umn of  mercury  whose  height  equals  the  sum  of  H^  and  k„  or 

Let  us  suppose,  now,  that  from  any  cause,  such  as  the  exhaus- 
tion of  the  materials,  or  the  cooling  of  tlie  flask,  the  evolution  of 
chlorine  ceases ;  it  is  evident  that,  if  the  solution  continues  to 
absorb  the  gas  coutained  iu  the  fiask  A,  the  elastic  force  of  this 
gas  will  constantly  diminish,  and  the  pressure  of  the  atmosphere^ 
remaining  constant,  will  cause  tlie  liquid  to  rise  in  the  tube  b  c. 
If  the  experimenter  is  present,  he  can  prevent  accident  by  uncork- 
ing the  fla^k ;  but  if  the  absorption  continues,  the  greater  part  of 
the  solution  may  be  pressed  over  into  the  flask,  and  the  experi- 
ment defeated. 

Such  an  accident  can  be  prevented  by  adjusting  to  the  flask 
the  safety-tube  e/g,  having  the  form  rep- 
resented in  Fig.  288.  Into  this  tube  we 
pour  a  quantity  of  the  same  liquid  which 
is  contained  in  the  flask,  and  which  iu  the 
present  case  would  be  clilorohydric  acid. 
When  the  process  is  going  on  regularly, 
and  the  gas  is  escaping  from  the  mouth  of 
the  tube  c,  the  tension  of  the  gas  in  the 
flask  will  raise  a  column.  A,  of  clilorohy- 
dric acid  in  the  tube  fg;  which  must  ne- 
cessarily exert  a  pressure  equal  to  tliia 
tension  less  the  pressure  of  the  air  on 
"« *«■  the  top  of  the  column.    Hence  by  [108] 

this  pfpFsiire  is  measured  by  a  column  of  mercury  which  equals 

a  y^J'!'.      Moreover,  if  (^.  Gr.y  represents   the    specific 
{ip.  Or.) 
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graTity  of  the  acid,  a  column  of  mercurj  exerting  an  equiya- 

(Sp  Gr  y 
lent  pressure  will  also  be  equal  to  A  ^.^'-    "^  ,  and  we  shall  have 


^  (Sp.Gr.y' 


[109.] 


If  now  the  evolution  of  gas  ceases,  and  the  tension  of  the  gas 
in  the  flask  becomes  less  than  the  pressure  of  the  atmosphere,  as 
before,  the  liquid  will  rise  in  the  tube  b  c.  But  it  will  also  fall 
in  the  tube  gf;  and  if  the  parts  are  properly  proportioned,  the 
chlorohydric  acid  will  fall  to  the  lowest  point,  /,  of  the  safety- 
tube,  before  the  solution  reaches  the  point  6,  when  air  will  enter 
the  flask  by  the  safety-tube  and  prevent  any  accident.  A  bulb  is 
blown,  at  the  point  Uj  sufficiently  large  to  hold  all  the  liquid  con- 
tained in  the  tuhefg ;  and  the  air,  in  entering  the  flask,  bubbles 
through  the  liquid  in  this  bulb. 

This  safety-tube  is  also  a  security  against  the  bursting  of  the 
flask.  It  not  unfrequeutly  happens,  in  experiments  similar  to 
the  one  just  described,  that  the  mouth  of  the  exit-tube  becomes 
clogged  by  a  deposition  of  solid  matter.  If,  now,  the  evolution  of 
gas  continues,  the  pressure  rapidly  increases  on  the  interior  of 
the  flask,  and  soon  becomes  greater  than  the  thin  walls  of  the 
vessel  can  resist,  when  an  accident  would  result.  A  safety-tube 
efiectually  prevents  such  a  possibility ;  for  when  the  tension  of  the 
gaff  becomes  much  greater  than  the  pressure  of  the  atmosphere, 
the  liquid  will  be  driven  out  of  the  safety-tube,  and  the  gas  can 
then  escape  freely  into  the  atmosphere. 

The  safety-tube  also  enables 
us  to  introduce  liquids  into  the 
flasks  during  the  experiment, 
without  removing  the  cork. 

When  the  vessel  used  for  mak- 
ing gas  is  a  retort,  the  safety- 
tube  may  be  attached  to  the  exit- 
tube,  as  represented  in  Fig.  289. 
This  peculiar  form  of  safety-tube 
is  called  Welter^ s  tubCj  from  the 
name  of  the  chemist  who  in- 
vented it. 

In  making  hydrogen  or  car- 
bonic acid,  we  frequently  use  a  two-necked  bottle,  such  as  it 

27* 
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represented  in  Fig.  290.  The  eafety-tube  may  then  be  a  Bimple 
straight  tube  surmounted  by  a  funnel,  and  dipping  a  few  milli- 
metres below  the  surface  of  the  liquid  in  the  liottle.     If,  as  be- 


fore, ve  pass  the  gas  into  some  solution  contained  iu  a  test^lass 
(Fig.  291),  the  tension  of  the  gas  in  the  bottle  will  raise  a  column 
of  liquid,  h,  in  the  safety-tube,  whose  height  will  bear  the  same 
proportion  to  that  of  tlie  column  a  (Fig.  289)  which  the  specific 
gravity  of  the  liquid  in  the  tesl^glass  has  to  that  in  the  bottle. 

It  not  unfrequently  happens,  that  we  wish  to  transmit  the  same 
gas  through  a  series  of  flasks  containing  the  same  or  difiereot 
solutions.  Let  lis  suppose  that  we  used  the  arrangement  of 
three-necked  bottles  represented  in  Fig.  292,  containing  solutions 


which  absorb  the  gas  evolved  from  the  flask  A,  and  let  us  exam- 
ine what  would  be  the  tension  of  the  gas  in  the  successive  jars. 
The  gas  in  tlie  jar  E  communicates  directly  with  the  atmosphere 
through  the  tube  o,  and  its  tension  is  therefore  represented  by 
the  height  of  the  barometer,  or  H,.  The  tension  of  the  gas  in 
the  jar  D  must  evidently  be  measured  by  the  height  A  plus  the 
height  of  a  column  of  mercury  which  is  equivalent  to  the  colonm 
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of  the  liquid  in  the  jar  Ey  indicated  by  a""  in  the  figure.  In  like 
manner,  tlie  tension  of  the  gas  in  the  jar  C  will  be  equal  to  the 
tension  in  D  plus  a  quantity  which  is  measured  by  a  column  of 
mercury  equivalent  to  a"' ;  and  so  on  for  C  and  B.  Finally,  the 
tension  of  tlie  gas  in  the  flask  will  be  equal  to  the  tension  in  B  plus 
a  quantity  which  is  measured  by  a  column  of  mercury  equivalent 
to  a'.    If,  then,  we  represent  the  specific  gravities  of  the  liquids  in 

the  four  bottles  by  rf',  c?",  rf"',  and  c?"",  and  that  of  mercury  by  J, 

d'         d" 
we  shall  have  for  the  equivalent  mercury  columns,  a'  — ,  a"  -r-, 

a'"  -r- ,  and  a""  -r- .     The  measures  of  the  tension  of  the  gas  in 

0  0 

the  four  bottles  and  the  flask  are,  then,  as  follows :  — 
In  the  bottle  E..*.  ITq, 

gfllU 


a  u 


d 

Jim  Jjiit 

II,  +  a""  %.  +  of"  t. . 

O  0 


u 


Jiiii  fiui  fin 

"     B       IIo-\-  o""  —  4-  a'" i-  +  a" - 

d  d  d 


ginii  gJin  till  Ji 

In  the  flask  A        ^o  +  «""  —  +  «'"  —  +  a"^-\-a'  -.   [110.] 

If,  now,  the  evolution  of  gas  ceases  in  the  flask,  while  tlie  ab- 
sorption continues  in  the  bottles,  it  is  evident  that  there  will  be 
a  transfer  of  liquid  from  right  to  left  through  the  bottles,  and 
from  the  first  bottle  to  the  flask ;  or,  on  the  other  hand,  if  either 
of  the  tubes  6  c. . . .,  ft'c' . . . .,  should  become  clogged,  the  pressure 
would  increase  indefinitely  in  the  apparatus,  until  one  of  the  ves- 
sels in  front  of  the  obstruction  bursts.  This  would  usually  bo 
the  flask,  because  it  is  weaker  than  the  rest.  Both  of  these  dan- 
gers may  be  avoided,  by  arranging  the  apparatus  with  safety- 
tubes,  as  represented  in  Fig.  298 ;  for  then,  if  the  pressure  in 
the  bottles  or  flask  becomes  considerable,  a  portion  of  the  liquid 
will  be  forced  out  at  these  tubes ;  or,  on  the  other  hand,  if  it  be- 
comes much  less  than  that  of  the  atmosphere,  air  will  bubble  in 
through  the  same  channels. 

When  the  gas  is  flowing  freely  from  the  flask  through  the 
apparatus,  and  bubbling  in  each  bottle,  it  is  easy  to  calculate 
the  heights  to  which  the  liquid  will  rise  in  the  safety-tubes, 
since  the  tension  of  the  gas  in  the  different  parts  of  this  ap- 
paratus must  be  the  same  as  in  the  other.    For  example,  the 

d"" 
tensiou  of  the  gas  in  D  is  measured  by  11^  -|-  ^"'^  ~r~  >   ^^^^  ^^ 
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muBt  also  be  measured  by  ^  plus  a  coluom  of  mercmy  equiv- 
alent to  the  columa  of  liquid  h'"  in  the  safety-tube.  This 
columo  of  mercury,  as  is  evident  from  That  has  been  said, 
is  equal  to  h'"  ■ 

or  A"'=a""J^. 

And  in  like  manner  we  can  easily  find 

.,  „<P    ,      ,„(t"    ,     „„*'" 

,  ,  <t      ,       ,,d",       ,„  d'"    ,       „„  (?'"  f-d  d  4  1 

h=  a'j+a"j+  a'"5j  +  «""  jj.        [111.] 

The  apparatus  thus  constmctfld  is  usually  called  Woolft  ajqm- 
raius. 

(172).  Siphon.  —  The  principle  of  this  weU-koown  iDstru- 

ment  is  illustrated  by  Fig.  294.    Tlie  siphou-tube  abc  U  filled 

-  with  the  same  liquid  as  the  two  beakeiv 

^^\  glasses  in  which  its  ends  are  dipped,  and 

'V^^m  wB^M      *^°  liquid  is  sustained  in  the  tube  by  the 

1 1^1    Ij^l       pressure  of  the  air.     If  tlie  level  of  the 

I  ^H     I^H       liquid  in  the  two  vessels  is  on  the  same  hoti- 

I^H__£^|||_     zontal  plane,  it  is  evident  that  the  columns 

Tif.  M.  of  liquids  in  the  two  legs  of  the  siphon  will 
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have  the  same  vertical  height,  and  will  be  in  equilibrium.  If, 
however,  the  liquid  stands  at  a  lower  level  in  one  vessel  than  in 
the  other,  as  in  the  figure,  then  the  two  colunms  of  liquid  in  the 
legs  of  the  siphon  will  not  have  the  same  height,  and  a  difference 
of  pressure  will  result,  corresponding  to  the  difference  of  level. 

In  order  to  ascertain  what  will  be  the  result  of  this  difference  of 
pressure,  take  a  section  through  the  tube  at  the  highest  point,  6, 
and  consider  the  amount  of  pressure  on  the  two  faces  of  this  sec- 
tion. On  the  face  towards  the  vessel  a,  this  pressure  is  equal  to 
the  pressure  of  the  atmosphere  (measured  by  the  height  of  the 
barometer),  or  jET,  less  the  pressure  of  a  column  of  the  liquid  used 
whose  height  is  equal  to  the  difference  of  level  between  b  and  the 
surface  of  the  liquid  in  the  vessel  a.  Let  us  represent  the  height 
of  a  column  of  mercury  which  is  equivalent  to  that  of  the  liquid 
by  Aq,  and  the  surface  of  the  section  by  s.  We  shall  then  have, 
for  the  pressure  on  this  surface  of  the  section,  the  value 

S  =  siH,  —  h,:^.  [112.] 

On  the  surface  of  the  section  towards  the  vessel  c,  we  have  for 
the  pressure  a  value 

J'=5(H— A'o);  [113.] 

in  which  A'o  represents  the  height  of  a  column  of  mercury  which  is 
equivalent  to  a  column  of  the  liquid  used  whoso  lioight  is  equal 
to  the  difference  of  level  between  b  emi  c.  When  the  level  of  the 
liquid  is  the  same  in  both  vessels,  it  is  evident  that  Ao= A'o.  Hence 
the  pressures  on  the  two  surfaces  are  equal,  and,  as  already  stated, 
there  will  be  an  equilibrium.  If  the  level  in  the  vessel  c  is  lower 
than  in  a,  then  Ao  <  A'©,  and  Hq  —  Ao  >  fli  —  Av  There  will, 
therefore,  be  an  exqess  of  pressure  in  the  direction  of  the  vessel  c 
equal  to  A'e  —  Ao,  which  will  cause  a  constant  flow  of  liquid  in 
the  direction  of  the  greatest  pressure.  This  flow  will  continue 
until  Ao  ss  A'ot  or  until  the  level  is  the  same  in  both  vessels.  If 
the  vessel  c  is  removed,  then  A'o  represents  the  height  of  a  column 
of  mercury  equivalent  to  a  column  of  the  liquid  used  whose 
height  equals  the  vertical  distance  between  the  mouth  of  the 
tube  and  6.  If  this  mouth  is  below  the  level  of  the  bottom  of 
the  vessel  a,  it  is  evident  that  Ao  can  never  equal  A'o ;  and  hence 
the  flow  in  this  case  will  continue  until  the  surface  of  the  liquid 
in  the  vessel  falls  below  the  motith  of  the  tube  at  a.  It  is  evi- 
dent, that,  other  things  being  equal,  the  velocity  of  the  flow  will 


822 


CHEMICAL  PHT8ICS. 


depend  on  the  difference  between  h\  and  Aq.  In  the  ordinary 
method  of  using  a  siphon,  as  represented  in  Fig.  294,  this  differ- 
ence is  constantly  diminishing;  and  hence  the  velocity  of  the  flow 
is  constantly  diminishing. 

The  siphon  is  frequently  employed  in  the  laboratory  for  de- 
canting liquids.  Before  using  the  instrument,  it  is  necessary  to 
fill  it  with  the  liquid  to  be  decanted.  If  this  liquid  is  water,  the 
siphon  is  easily  filled  by  closing  the  end  of  the  short  leg  with  the 
finger^  and,  after  inverting  the  instrument,  by  pouring  in  water  at 
the  other  end,  the  air  being  allowed  to  escape  from  the  short  leg 
by  lifting  for  a  moment  the  finger.  When  the  tube  is  filled,  it 
can  easily  be  reversed,  and  the  end,  still  closed  with  the  finger, 
plunged  under  the  liquid  in  the  vessel ;  when,  on  removing  the 
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finger,  the  water  will  begin  to  flow.  The  siphon  can  also  be  filled 
by  dipping  the  end  of  the  short  leg  in  the  liquid,  and  sucking 
out  the  air  from  the  other  leg  with  the  mouth.  In  the  labora- 
tory, the  siphon  is  frequently  used  for  decanting  corrosive  liquid ; 
and  it  is  then  necessary  to  resort  to  various  contrivances  for  fill- 
ing it.  The  one  represented  in  Fig.  295,  which  can  easily  be 
made  of  glass  tubes  and  cork,  is  one  of  the  best.  The  short  leg 
is  plunged,  as  usual,  into  the  liquid.  The  end  of  the  long  leg  is 
then  closed  by  the  finger,  which  can  be  protected  by  a  piece  of 
India-rubber,  and  the  air  is  sucked  out  by  the  mouth  applied  at 


TEE   THBEE   STATES   OF  HATTER,  828 

the  end  of  the  side  tiibo.  As  soon  as  the  liquid  descends  into 
the  enlargement  at  the  end  of  the  long  leg,  tlie  finger  is  witlv- 
drawn. 

(173.)  Mariotte^s  Flask.  —  It  is  sometimes  important  to  ob- 
tain with  tlie  siphon  a  uniform  flow  of  liquid.    Tliia  can  be  easily 
secured  by  means  of  the   apparatus  represented  in  Fig.  296, 
called  Mariotte's  flask.    It  consiets  of  a  bottle  with  two  necks, 
into  one  of  which  a  straight  tube,  and  into  the 
other  a  bent  tube,  have  been  adjusted  air-tight, 
both  reaching  nearly  to  the  bottom  of  the  bot- 
tle.    The  siphon-tube  is  filled  by  bloving  in  air 
through  the  straight  tube,  when  the  flow  contin- 
ues of  uniform  velocity  until  the  surface  of  tlie 
liquid  in  the  bottle  has  fallen  to  the  level  bed, 
the  air  constantly  entering  the  bottle  by  the 
straight  tube  at  b. 

It  can  easily  be  shown  that  the  flow  in  this 
case  must  be  uniform  in  Telocity.  Consider,  as 
before,  a  section  tlirough  tlie  siphon-tube  at  the  highest  point. 

The  pressure  on  the  surface  of  this  section  towards  o  is  evi- 
dently 

i-'=,(^_A'„);  [114.] 

where  h't  is  the  height  of  a  column  of  mercury  equivalent  to  a 
column  of  the  liquid  used  whose  height  equals  the  vertical  dis- 
tance from  o  to  tlie  centre  of  gravity  of  the  section. 

The  surface  of  the  section  towards  c  is  evidently  exposed  to 
the  pressure  exerted  by  the  confined  air  on  the  surface  of  the 
liquid  in  the  bottle,  less  the  pressure  of  a  column  of  the  liquid 
whose  height  equals  the  vertical  distance  between  this  surface 
and  the  centre  of  gravity  of  tlie  section.  If  we  represent  the 
tension  of  the  confined  air  by  $,  and  the  height  of  a  column 
of  mercury  equivalent  to  the  column  of  liquid  by  h"„  we  easily 
obtain  for  the  pressure  on  the  surface  of  the  section, 

When  the  apparatus  is  in  use,  and  air  is  &eely  entering  through 
b,  it  is  evident  that  the  pressure  of  the  atmosphere  at  b  is  bal- 
anced by  the  pressure  of  the  confined  air  on  the  surface  of  the 
liquid,  and  by  the  pressure  of  the  column  of  liquid  above  b. 
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Bepresentiiig  the  equivalent  of  tliis  column  in  centimetrea  of 
mercury  by  A"'»,  and  the  height  of  the  barometer  by  Ht,  we  ob- 
tfun  11)^1^-^  A"'o ;  and  by  eubstitutiou, 

f  =  *  [H;  —  (A".+  A'O]-  [115.] 

Subtracting  from  this  value  [114],  wo  obtain 

g-S'  =  s  [/.;-  (/.".+  A"0].  [116.] 

The  value  A"*-!- A'",repreEent8  the  height  of  a  column  of  mer- 
cury equivalent  to  a  column  of  the  liquid  used  whose  height 
equals  tlie  vertical  distance  between  e  and  the  centre  of  gravity 
of  the  section.  As  this  height  remains  constant,  and  is  indepeu* 
dent  of  the  height  of  the  liquid  in  the  bottle,  it  is  evident  that 
the  diifcrence  of  pressure  [116]  which  determines  the  velocity 
of  the  flow  will  also  be  constant.  It  is  also  evident  tliat  the  dif- 
ference of  pressure  is  always  equal  to  a  column  of  the  liquid 
used  whose  height  equals  the  difier^ice  of  level  between  b  and  o.  . 

A.  very  useful  application  of  Mariotte's  bottle  is  represented  in 
Fig.  297.  It  is  frequently  necessary,  in  the  laboratory,  to  wash 
for  several  hours,  or  even 
days,  a  precipitate  which  has 
been  collected  on  a  filter. 
This  is  done  by  keeping  the 
filter  constantly  full  of  vo- 
ter, vliich  slowly  percolates 
tiirough  the  porous  mass  on 
the  filter,  and  washes  out 
everything  which  is  soluble. 
Maiiotte's  bottle  furnishes 
an  automatic  machine,  by 
which  the  water  in  the  fil- 
ter can  be  maintained  at  a 
constant  level.  The  disposi< 
tion  of  the  apparatus  is  sat- 
ciently  explained  by  the  fig^ 
"'"  ^'  ure.    The  difference  of  level 

between  b  and  o  is  made  very  small,  and  the  water  flows  (rota 
the  bottle  to  the  filter,  until  the  level  rises  to  the  lower  dotted 
line  in  the  figure.  Then  the  flow  ceases,  but  recommences  as 
sooQ  as  the  level  falls. 
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The  principle  of  Uariotte's  bottle 
is  also  applied  to  produce  a  uniform 
flow  of  air  through  the  tube  apparatus 
which  is  frequently  used  in  chemical 
aualjsis.  Fig.  298  represents  what  is 
termed  an  aspirator  Jar.  The  tube, 
which  passea  air-tight  through  the 
cork  in  the  neck,  has  a  free  commuuir 
cation  with  the  atmosphere,  and  the 
current  of  air  is  caused  by  the  flow  of 
water  from  the  cock  at  r.  The  veloci- 
ty of  the  flow  of  water  from  the  cock, 
wit-m.  other    things    being   equal,   depends 

upon  the  pressure  exerted  on  a  sec- 
tioa  of  the  stopcock  ;  and  it  can  easily  be  seen  that  this  will  be 
the  same  until  the  level  of  the  water  in 
the  jar  has  fallen  below  tlie  mouth  of  the 
tube  V. 

(174.)  Wash-Bottle.  —  This  simple  in- 
strument (Fig.  299),  which  is  so  much 
used  in  the  laboratory,  is  one  of  the  most 
useful  applications  of  the  properties  of  gas- 
es. By  condensing  the  air  over  the  water 
in  the  bottle,  by  blowing  in  at  the  tube  o, 
the  liquid  is  forced  out  at  o  in  a  Jine  jet, 
which  can  be  directed  at  pleasure. 

Muhines  for  Rare/ping'  and  Condensing^  Air. 
(175.)  Ma  Air-Pump.  —  One  of  tlie  simplest  forma  of  the 
wr^pump  is  represented  in  Fig.  800.  It  consists  of  a  hollow 
brass  cylinder,  ia  which  a  piston  moves  readily  up  and  down  by 
a  handle  attached  to  the  piston-rod  above.  The  inner  surface  of 
the  cylinder  is  perfectly  smooth  and  true,  so  that  the  piston, 
which  is  formed  of  yielding  materials,  moves  air-tight  through 
its  whole  course.  Moreover,  the  under  surface  of  tlie  piston  fits 
exactly  the  bottom  of  the  cylinder,  so  that,  when  the  piston  is  in 
the  lowest  posidou,  there  can  be  no  air  between  it  and  the  cylin- 
der bottom.  The  upper  end  of  the  piston  is  closed  by  a  brass  cov- 
er,  through  which  the  piston-rod  passes  freely,  and  the  atmosphere 
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has  free  accesa  to  tlie  upper  snrface  of  the  piston.  The  lover  end 
of  the  cylinder  opens  into  a  narrow  tube,  irhich  connects,  at  one 
end,  with  the  glass  bell  on  the  plate  of  the  air-pump  through  the 


stopcock  11,  and  at  the  other,  witli  the  atmosphere  tbrot^h  the 
stopcock  p.  Just  below  the  bottom  of  the  cylinder  there  is 
placed  a  stopcock  of  peculiar  coustractiou.  The  core  of  the 
cock  is  bored  with  two  boles,  one  of  whicli  has  the  same  positioD 
as  in  ordiuary  stopcocks,  and  as  is  shown  in  the  figure.  The  po- 
sition of  the  second  is  ehown  in  the  small  section  at  the  dde. 
When  the  cock  has  the  position  indicated  in  the  mun  figure, 
there  is  a  direct  connection  between  the  interior  of  the  cylinder 
and  the  glass  bell.  If  the  cock  be  now  turned  through  ninety  de- 
grees, till  it  takes  the  position  shown  in  the  small  section,  the  con- 
nection with  the  glass  bell  will  be  closed,  and  direct  communica- 
tion with  the  atmosphere  opened  through  the  channel  *  t>.  The 
channel  r  m  opens  in  the  centre  of  a  round  plate  made  of  brass, 
or,  still  better  for  chemical  uses,  of  glass.  This  plate  is  ground  on 
its  upper  surface  perfectiy  plane.    The  lower  edges  of  the  glass 
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bell-receivers  are  also  carefully  ground,  and  may  be  made  to 
adhere  air-tight  to  the  plane  by  interposing  a  little  oil. 

The  principle  of  the  air-pump  can  now  be  easily  explained. 
Let  us  suppose  that  the  piston  is  in  its  lowest  position,  and  that 
the  stopcock  is  in  the  position  represented  in  the  figure.  If  how 
we  draw  up  the  piston  by  the  hand,  the  air  contained  in  the  bell- 
receiver*  and  in  the  tube  connecting  it  with  the  cylinder  will 
expand  until  it  fills  the  cylinder ;  and  its  volume  being  thus 
increased,  its  density  will  be  proportionally  diminished.  Let  us 
next  turn  the  stopcock  q  into  the  position  represented  in  the  sec- 
tion. The  bell  is  thus  liermetically  closed,  but  a  connection  is 
opened  between  the  cylinder  and  the  atmosphere.  Now,  on  press- 
ing down  the  piston,  all  the  air  in  the  cylinder  will  be  forced 
into  the  atmosphere.  The  stopcock  may  then  be  turned  back 
to  its  first  position,  and  the  same  motion  repeated,  which  will  fur- 
ther rarefy  the  air  in  the  bell ;  and  thus  the  process  may  be  con- 
tinued until  the  required  degree  of  exhaustion  is  obtained. 

(176.)  Degree  of  Exhaustion.  —  It  is  obvious  that  the  effect 
of  the  air-pump  depends  upon  the  expansive  force  of  air,  and 
that  each  motion  of  the  piston  is  accompanied  with  a  certain 
amount  of  expansion  of  the  air  in  the  bell.  Tiiis  amount  is  evi- 
dently determined  by  the  size  of  the  cylinder,  as  compared  with 
that  of  the  bell  and  the  tube  leading  to  it.  With  these  data,  we 
can  easily  calculate  the  degree  of  exhaustion  after  each  stroke 
of  the  piston. 

Let  us  then  represent  the  volume  of  the  bell-receiver  and  of  the 
tube  connecting  it  with  the  cylinder  by  V;  and  that  of  the  cylin- 
der itself,  when  the  piston  is  at  its  highest  position,  by  v.  Let  us 
suppose  that  the  piston  starts  from  its  lowest  position,  and  let  us 
take  the  quantity  of  air  contained  in  the  receiver  and  the  tube  as 
unity.  When  now  the  piston  is  raised,  the  volume  occupied  by 
this  quantity  of  air  (taken  as  unity)  becomes  F  + 1>.  When  the 
stopcock  is  turned  and  the  piston  lowered,  the  volume  v  is  ex- 
pelled, which  is  a  portion  of  the  original  quantity  (or  unity) 

represented  by  yjt  •     ^^^  piston  is  now  in  its  initial  position, 

and  the  quantity  of  air  remaining  in  the  receiver  and  tube,  after 
the  first  stroke,  is 
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Bevening  the  stopcock,  and  raising  again  the  piston,  this  quan- 

y 
tity  of  air,  y,     ,  occupying  the  volume  F,  expands  to  the  vol- 
ume F+v.     When  the  piston  descends,  the  volume  t;  is  ex- 
pelled,  which  is  v/j_    of  the  whole,  or  of  w._.     ;  that  is,  -■    ,    .^ 
of  unity.    There  remains,  therefore,  after  the  second  stroke, 

F+7  ~  (7T^     (7+^  •         '■     ■■ 

At  the  third  stroke  of  the  piston,  the  same  proportion  of  the  air 
now  remaining  is  expelled  as  before ;  and  there  is  consequently 
left,  after  the  third  stroke. 

In  like  manner  there  will  remain,  after  the  nth  stroke. 


I 


^  ""^  ^  [120.] 


(  F+r)"-'  (  K+  r)"  ~  (  F+  r)" ' 

If,  for  example,  the  volume  of  the  receiver  is  equal  to  ten  litres, 
and  that  of  the  cylinder  to  one  litre,  we  shall  have,  for  tlie  amount 

of  air  left  after  the  fiftieth  stroke,  r-i-a  =  0.0085  of  the  original 

quantity. 

Since  the  value  of  [120]  never  can  become  zero  until  n  =  od, 
it  is  evident  that  we  can  never,  even  theoretically,  by  means  of 
the  air-pump,  exhaust  the  whole  of  the  air.  Nevertheless,  theo- 
retically we  ought  to  be  able  to  approach  a  perfect  vacuum  in- 
definitely by  continuing  the  process  for  a  sufficiently  long  time. 
Practically,  however,  the  limit  is  soon  reached ;  and  even  with 
the  best  pumps,  we  can  never  obtain  a  degree  of  exhaustion 
greater  than  that  when  TvWth  of  the  original  quantity  of  air  is 
left  in  the  receiver.  It  is  not  difficult  to  explain  the  cause  of  the 
discrepancy  between  the  theoretical  and  the  practical  results. 

In  any  machine,  however  well  made,  there  must  be  a  number 
of  joints  which  are  never  absolutely  hermetical.  There  are  fre- 
quently, even  in  the  metal  itself,  imperceptible  pores  which  trans- 
mit air.  During  the  first  few  strokes  of  the  piston,  this  minute 
leakage  produces  no  perceptible  effi3ct ;  but  when  we  attain  a  high 
degree  of  exhaustion,  the  air  enters  by  these  minute  crevices  as 
fast  as  we  can  remove  it  by  the  pump. 
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But  besides  this  imperfection,  the  capability  of  the  instrumeDt 
is  limited  io  still  auother  way.  la  calculatiag  tbe  degree  of  ex- 
haustion, ve  supposed  that  at  eacb  descent  of  tbe  piston  tbe 
vholo  of  tbe  air  was  expelled  from  the  cylinder ;  and  this  would 
be  tbe  case,  if  tbe  base  of  tbe  piston  adhered  exactly  to  the  base 
of  the  cylinder.  In  practice,  however,  there  is  never  an  absolute 
adhesion  ;  and  a  small  amount  of  air  remains  between  the  two, 
which  DO  force  applied  to  the  pi<ttoii  is  able  to  expel.  When, 
therefore,  after  working  tbe  pump  for  some  time,  this  small 
amount  of  air,  expanded  through  tbe  whole  interior  of  tbe  cylin- 
der, exerts  a  pressure  equal  to  that  of  the  air  remaining  in  the 
receiver,  it  is  evident  that  the  air  from  the  receiver  can  no  longer 
expand  into  the  cylinder,  and  the  pump  will' cease  to  exhaust. 
But  although  a  perfect  vacuum  can  never  be  obtained  with  an 
air-pump,  jet  a  sufficient  degree  of  esbau&tioQ  for  all  practical 
purposes  is  easily  attained. 


(177.)  Air'Pump  with  Valves.  —  Tlie  form  of  air-pump  de- 
scribed i»  (175)  is  exceedingly  simple  in  its  construction,  and  not 
liable  to  get  out  of  order.    It  is  tlierefore  well  adapted  for  use  in 
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the  chemist's  laboratory,  where  it  is  exposed  to  vapors  which  are 
likely  to  injure  any  delicate  valyes.  It  is  open,  however,  to  two 
serious  objections.  In  the  first  place,  the  stopcock  q  must  be 
turned  by  the  hand  at  each  stroke  of  the  piston ;  and  although 
this  motion  may  be  obtained  by  means  of  cranks  and  levers,  yet 
this  machinery  renders  the  instrument  unnecessarily  complicated. 
In  the  second  place,  the  piston  must  be  raised  through  the  whole 
length  of  each  stroke,  against  a  great  pressure  of  air,  which 

rapidly  increases  as  the 
exhaustion  proceeds,  an 
objection  which  would  be 
very  serious  in  a  large 
pump,  rendering  a  great 
force  necessary  to  work 
it.  Both  of  these  difficul- 
ties are  overcome  in  the 
pump  represented  in  Fig. 
801.  A  section  of  Uiis 
pump  is  represented  in 
Fig.  802,  and  the  details 
of  the  upper  valve  in 
Fig.  808. 

In  this  air-pump  there 
are  three  valves,  all  open- 
ing upwards :  one  at  the 
bottom  of  the  cylinder, 
covering  the  mouth  of 
the  tube  connecting  with 
the  receiver  (a  in  Fig. 
802);  one  at  the  top  of 
the  piston,  6,  covering  the 
holes  perforated  through 
it;  and,  finally,  one  at  the 
top  of  the  cylinder,  c,  cov- 
ering the  aperture  which  opens  into  the  atmosphere.  The  piston- 
rod  passes  through  a  packing-box,  6,  in  which  it  moves  air-tight, 
and  the  power  is  applied  to  the  piston-rod  by  means  of  a  lever, 
which  facilitates  the  working  of  the  pump.  Let  us  now  sup- 
pose that  we  start  with  the  piston  at  the  bottom  of  the  cylinder, 
and  proceed  to  raise  it.     The  air  from  the  receiver  expands 


ng.802. 


THE  THBEE  STATES  OF  MATTER. 


881 


into  the  emptj  space  thus  formed  in  the  cylinder,  raising  the 
valve  a.    As  now  the  piston  descends,  the  valve  a  closes  and 
prevents   the    air    from    re-  . 
turning  to  the  receiver ;  and 
this  air  passes  up,  through 
the  holes  in  the  piston,  into 
the  upper  part  of  the  cylin- 
der,   raising    the    valve    d. 

When  next  the  piston  rises,      \^^^^^;-^rr^.A  ^^^^  h'S^m^^  ^^-'  "■^"-  ■  f 
this  same  air,  now  in  the  up-  ^-  8O8. 

per  part  of  the  cylinder,  is  forced  out  into  the  atmosphere  by  rais- 
ing tlie  valve  c.  At  the  same  time,  a  fresh  amount  of  air  from 
the  receiver  expands  into  the  space  below  the  piston,  which  air  is 
forced  out  by  the  next  stroke  at  the  valve  c,  as  before,  and  thus 
continuously. 

It  is  evident  from  the  construction,  that,  as  the  piston  rises,  tlie 
air  above  it  is  gradually  condensed,  and  the  valve  c  does  not  open 
until  the  density  of  the  air  is  equal  to  that  of  the  atmosphere. 
During  the  first  few  strokes,  tlie  fprce  required  to  raise  the  piston 
is  considerable  ;  but  as  the  exhaustion  proceeds,  the  effort  neces- 
sary becomes  less  and  less,  until  at  last  only  sufficient  force  is 
required  to  overcome  the  friction,  and  a  sudden  pressure  at  the 
end  of  the  stroke  to  expel  the  air  condensed  at  the  top  of  the 
cylinder.  In  pumps  like  the  one  represented  in  Fig.  800,  the 
size  of  the  piston  and  cylinder  is  necessarily  very  limited ;  be- 
cause, if  the  area  of  the  piston  exceeds  a  very  limited  extent,  the 
pressure  of  the  air  on  the  upper  surface  becomes  so  great,  as  the 
exhaustion  proceeds,  as  to  require  an  impracticable  amount  of 
force  to  work  the  pump.  With  pumps  of  the  construction  just 
described,  this  pressure  is  in  great  measure  removed  ;  and  it  is 
possible  to  increase  very  greatly  their  size  advantageously.  Fig- 
ure 804  is  a  representation  of  a  large  air-pump  of  this  descrip- 
tion, made  by  Ritchie,*  of  Boston.  The  piston  is  10  c.  m.  in 
diameter,  and  the  length  of  the  stroke  26  c.  m.  The  ground 
brass  plate  is  87  c.  m.  in  diameter,  and"  admits  of  as  large  a  bell- 
receiver  as  can  be  readily  made.  The  efficiency  of  the  pump 
depends  in  great  measure  upon  the  valves.    These  are  best  made 


*  The  two  rppresentatioiis  of  air-pnmps,  Fig.  301  and  Fig.  804,  are  from  the  cata- 
logue of  Mr.  £.  S.  Bitchie,  a  very  expert  philosophical-instrument  maker  of  Boston. 
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of  delicate  oil-silk.    The  details  of  the  npper  valve  of  the  pump, 
as  made  hj  Ritchie,  are  ghown  in  Fig.  803.    The  oil-silk  disk,  a, 


itf  tot- 
is  kept  iu  its  place  by  the  pin  b,  and  the  whole  is  protected  by  the 
dome-shaped  covering  c  d.  The  tube  at  the  side  discharges  the 
air,  and  the  oil  which  escapes  with  it  is  conducted  into  a  reser- 
voir placed  below  the  basement  of  the  pump.  This  pump  is 
furnished  with  a  inaiiameter  similar  in  principle  to  the  one  repre- 
sented in  Fig.  272,  by  which  the  degree  of  exhaustion  can  be 
ascertained.  It  is  represented  in  the  figure  on  the  left-hand  side 
of  the  pump. 

Besides  those  already  enumerated,  there  is  obviously  another 
limit  to  the  degree  of  exhaustion  which  can  be  obtained  with 
this  pump.  Tliis  arrives  wlien  the  elasticity  of  the  air  left  iu  the 
receiver  is  insufficient  to  raise  the  lower  valve  a,  Fig.  302.  In 
order  to  overcome  this  difficulty,  the  lower  valve  in  the  French 
form  of  air-pump*  is  opened  and  shut  mechanically.     Babinet 

*  For  ■  description  of  the  French  forat  of  Blr-pnmp,  lea  anj  of  the  Freoch  wtofc* 
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liaa  still  further  improved  tlie  French  air-pump,  by  so  connecting 
the  tvo  barrels  that,  after  a  certain  degree  of  exhaustion  has 
been  attained,  the  Becond  is  made  to  exhaust  the  first.  There 
can  bo  no  doubt  that  &  higher  degree  of  exhaustion  can  be  ob- 
tained vitli  the  French  pump,  thus  arranged,  than  vith  the  pump 
just  described  ;  but  Uiis  gain  is  hardly  compensated  by  the  greater 
complexity  and  consequent  liability  to  derangement,  more  espe- 
cially since  a  sufficient  degree  of  exhaustion  for  all  practical 
purposes  can  be  obtained  without  these  complications. 

(178.)  Condensing-Pump.  —  This  instrument  is  just  the  re- 
verse of  the  air-pump,  and  it  is  used  for  increasing  the  density 
of  air  in  a  receiver,  while  the  air- 
pump  is  used  for  diminishing  it.  Any 
air-pump  may  be  converted  into  a 
condensing-pump  by  changing  the 
direction  of  all  the  valves.  For  ex- 
ample, we  may  use  the  pump  repre- 
sented in  Fig.  SOO  as  a  condensing- 
pump.  Starting  with  the  piston  at 
the  bottom  of  the  cylinder,  we  give 
the  stopcock  the  position  represented 
in  the  section  at  tlie  side.  Then,  on 
raising  the  piston,  the  air  enters  at  v 
and  fills  the  cylinder.  We  now  turn 
the  cock  into  the  second  position, 
when,  on  pusliing  down  the  piston, 
this  air  is  forced  into  the  receiv- 
er. We  can  then  reverse  the  stop- 
cocIe  and  repeat  the  process,  until 
the  required  degree  of  condensation 
is  obtained.  Instead,  however,  of 
placing  the  receiver  on  the  brass 
plate,  as  before,  we  screw  it  on  be- 
yond the  stopcock  p,  opening  this  ^f^ 
stopcock,  and  closing  the  stopcock  u.    'if-.,t5^v  ...     .  ...  sS^^ 

The  most  convenioDt  form  of  con-  '•«■  **■ 

densing-pump  for  the  laboratory  is 

represented  in  Fig.  805.  It  consists  of  a  cylinder,  and  a  piston, 
which  is  moved  by  the  handle  M.  The  two  valves,  which  are 
both  at  the  bottom  of  the  cylinder,  are  represented  in  sectioa  in 
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Fig.  306.    They  are  made  to  fit  exactly  the  conical  openings  at 
the  bottom  of  the  cylinder,  and  are  kept  in  place  by  very  delicate 


Bpiral  springs.  Wliea  tlie  piston  rises,  tho  valve  A  opens  and 
admits  the  air  through  the  tube  c  a  into  tho  cylinder.  On  tlie 
other  hand,  Then  the  piston  descends,  the  valve  A  closes,  vhile 
B  opens,  and  the  air  is  forced  otit,  through  the  tube  b  d,  into  the 
receiver  placed  at  d.  It  is  evident,  that  if  two  receivers  arc  con- 
nected with  the  pump,  one  at  e  and  the  other  at  <f,  the  air  will 
be  exhausted  from  one  and  condensed  in  the  dther.  The  pump 
may,  therefore,  be  used  either  for  condensing  or  rarefying.  In 
using  tho  pump,  it  is  fastened  firmly  to  a  table,  or  some  other 
solid  support,  and  the  handle  M  ia  moved  up  and  down  alter- 
nately witli  the  two  hands. 

This  simple  machine  is  sufficient  for  almost  all  purposes.  If, 
however,  a  more  powerful  apparatus  is  required  for  condensing 
gases  into  large  reservoirs,  it  is  best  not  to  increase  the  size  of  the 
pump ;  but  to  combine  several  cylinders,  connecting  them  all  with 
the  same  receiver.  The  piston-rods  of  all  these  cylinders  can  be 
united  by  cranks  to  one  axis,  and  a  handle  connected  with  a 
fly-wheel  can  bo  used  to  give  this  axis  a  regular  and  uniform 
motion. 

(179.)  Water-I^mp.  —  Entirely  analogous  in  its  principle  to 
the  air-pump  is  the  common  water-pump,  a  glass  model  of  which 
is  represented  in  Fig.  807.  It  consists  also  of  a  hollow  cylinder, 
in  which  moves  a  piston,  B.  It  has  two  valves,  both  opening  up- 
wards ;  one  at  the  bottom  of  the  cylinder,  covering  the  mouth  of 
the  tube  leading  to  the  water  of  Uie  well,  and  the  other  at  the 
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top  of  the  piston,  covering  the  hole  with  which  it  is  pierced.  If 
the  pistoQ  and  valves  are  sufficiently  tight,  this  pump  will  act  as 
an  air-pump,  and  on  moving  the  piston  by  tlie  handle  P  alter- 
nately up  and  down,  it  will  ex- 
haust the  air  from  the  tuhe  A. 
But  since  tho  end  of  the  tube 
dips  under  water,  tlie  pressure 
of  the  air  will  force  up  tlie  water 
until  it  fills  both  the  tube  and 
tlie  cylinder  below  the  piston. 
Then,  oa  lowering  the  piston, 
the  water  in  the  cylinder  will 
raise  the  valve  o,  and  pass  above 
the  piston.  Afterwards,  on  rais- 
ing the  piston,  this  water  will 
be  lifted  and  discharged  into  the 
pipe  C,  while  a  fresh  quantity  of 
water  will  be  forced  up  by  tho 
atmospheric  pressure  through 
the  valve  S.  Thus,  at  each 
stroke  of  the  piston,  a  quantity 
of  water  is  lifted  equal  to  the 
capacity  of  the  cylinder  less  the 
volume  occupied  by  the  piston 
itself.     If  the  piston  and  valves  rig.  sot. 

are  not  sufficiently  tight  to  pump 

out  the  air,  they  can  be  made  so  by  pouring  a  little  water  into 
the  pump.  This  is  what  is  called  the  drawing  of  watery  and  the 
philosophy  of  this  well-known  process  is  evident. 

It  follows  from  this  description,  tliat  the  pump  will  not  work,  if 
the  bottom  of  the  piston,  in  its  highest  position,  is  over  ten  metres 
above  tho  level  of  the  water  in  the  well ;  and  it  was  an  attempt 
of  some  Florentine  engineers  to  raise  water  in  the  suction-tube 
of  a  pump  above  this  height,  which  led  to  the  discovery  of  the 
pressure  of  the  atmosphere.  On  account  of  the  imperfections  of 
the  valves  and  piston,  a  pump  will  seldom  work  in  practice  higher 
than  eight  metres.  The  height  of  the  tube  C,  iu  which  the  water 
is  lifted  by  the  piston,  may  be  very  considerable,  and  the  whole 
height  through  which  the  water  is  raised  by  the  pump  is  fre- 
quently very  much  over  ten  metres ;  but  the  difficulty  of  working 
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a  pump,  and  keeping  it  in  order,  increases  very  rapidly  with  the 
height  of  the  column  of  water  which  is  lifted. 

PROBLEMS. 

Unless  otherwise  stated^  the  temperature  in  all  the  following  problems  is  to  be  taken  asC^C^ 
and  the  height  of  the  barometer  at  76  c.  m. 

Weight  of  a  Body  in  Air, 

176.  A  mass  of  metal,  whose  Sp,  Gr,  =  11.35,  weighs  0.575  gramme 
in  a  vacuum.     How  many  milligrammes  wiU  it  lose  when  weighed  in  air  ? 

177.  A  brass  weight  {Sp*  Gr.  =  8.55)  weighs  in  a  vacuum  one  kilo- 
gramme.    How  many  milligrammes  does  it  lose  when  weighed  in  air  ? 

178.  A  body  loses  in  carbonic  acid  gas  1.15  gramme  of  its  weight. 
What  would  be  the  loss  of  its  weight  in  air  and  in  hydrogen  ? 

179.  A  body  loses  7  grammes  of  its  weight  in  air ;  how  much  of  its 
weight  would  it  lose  in  carbonic  acid  and  in  hydrogen  ? 

180.  What  is  the  weight  of  hydrogen  contained  in  a  glass  globe  whose 
surface  is  equal  to  10  m^*  ? 

181.  A  glass  globe  from  which  the  air  has  been  exhausted  weighs 
254.735  gram.  When  full  of  air,  it  weighs  289.621  gram.  When 
full  of  another  gas,  308.078  gram.  What  is  the  capacity  of  the  globe, 
and  what  is  the  specific  gravity  of  the  gas  ? 

182.  A  glass  globe  30  c  m.  in  diameter,  filled  with  air,  and  hermeti- 
cally sealed,  is  balanced  in  the  atmosphere  by  brass  weights  amounting  to 
356.225  gram.  How  much  would  it  weigh  in  a  vacuum  ?  How  much 
would  the  globe  weigh  in  a  vacuum,  if  it  were  opened  so  that  the  air 
could  be  exhausted  from  the  interior?  Sp*  Gr.  of  brass  8.55,  and  of 
glass  3.33. 

183.  A  glass  globe  hermetically  sealed  weighs  in  the  air  25.236  gram, 
and  gains  in  a  vacuum  0.632  gram.    What  is  its  diameter  ? 

Buoyancy  of  Air. 

184.  What  is  the  ascensional  force  of  a  baUoon  one  metre  in  diameter, 
three  quarters  filled  with  hydrogen,  when  the  balloon  itself  weighs  one 
hundred  grammes  ? 

185.  Calculate  the  ascensional  force  of  a  spherical  balloon  made  of 
prepared  silk  and  filled  with  impure  hydrogen,  knowing  that  the  bal- 
loon itself  weighs  63,620  gram.,  that  the  prepared  silk  weighs  250  gram, 
the  square  metre,  and  that  a  cubic  metre  of  impure  hydrogen  weighs  100 
gram. 

186.  What  would  be  the  ascensional  force  of  a  spherical  balloon  seven 
metres  in  diameter,  two  thirds  filled  with  hydrogen,  when  the  balloon  and 
attachments  weigh  twenty  kilc^grammes  ? 
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187.  The  material  of  a  bailooa  containing  1229  cTm?  weighs  1.5  gram. 
The  balloon  is  filled  with  hydrogen,  whose  specific  gravity  referred  to 
water  is  0.00009003.  The  specific  gravity  of  the  surrounding  air  is 
0.0013105.    Will  the  balloon  rise  in  the  almosphere  ? 

188.  The  material  of  a  spherical  balloon  and  its  attachments  weighs 
400  kilogrammes.  This  balloon  is  15  m.  in  diameter,  and  is  three 
fourths  filled  with  gas  whose  specific  gravity  equals  0.0005.  The  specific 
gravity  of  the  surrounding  air  is  0.0013.  What  is  the  ascensional  force 
of  the  balloon  ? 

Barometer. 

,  189.  When  the  surface  of  a  column  of  mercury  in  a  barometer  stands 
at  76  centimetres  above  the  mercury  in  the  basin,  with  what  weight  b  the 
atmosphere  pressing  on  every  square  centimetre  of  surface  ?  Sp.  Gr*  of 
mercury  =  13.596. 

190.  To  what  difference  of  pressure  does  a  difference  of  one  centi- 
metre in  the  barometric  column  correspond  ? 

191.  When  the  water  barometer  stands  at  ten  metres,  what  is  the 
pressure  of  the  air  if  the  temperature  is  4*  ? 

192.  How  high  would  an  alcohol  barometer,  and  how  high  a  sulphuric- 
acid  barometer,  stand  under  the  same  circumstances,  disregarding  in  each 
case  the  tension  of  the  vapor  ?  Sp.  Gr.  of  alcohol  ==  0.8095  ;  i^.  Or, 
of  sulphuric  acid  :=  1.85. 

193.  When  the  mercury  in  a  barometer  stands  75.2  c.  m.,  with  what 
weight  is  the  atmosphere  pressing  on  every  square  centimetre  of  surface  ? 
How  high  would  barometers  stand  under  the  same  circumstances,  filled 
with  liquids  of  the  following  specific  gravities,  viz.  1.12, 1.45,  2.36,  3  ? 

194.  When  the  mercury  barometer  stands  at  76  c  dl,  what  must 
be  the  length  of  a  water  barometer  inclined  to  the  horizon  at  an  angle 
of  80^? 

195.  If  a  barometer,  having  its  lower  end  immersed  in  a  basin  of  mer^ 
cury,  be  suspended  fit>m  the  beam  of  a  balance,  and  weighed,  is  its  weight 
altered  by  weighing  it  again  when  Inverted  and  containing  the  same 
quantity  of  mercury  as  before  ? 

Preeeure  of  the  Atmcepherem 

196.  When  the  barometer  stands  at  76  c  m.,  how  great  is  the  pres- 
sure of  the  air  upon  a  plane  surface  having  an  area  of  one  square 
metre? 

197.  The  body  of  a  man  of  ordinary  stature  exposes  a  surface  of  about 
one  square  metre*  How  great  a  pressure  does  the  body  sustain  when  the 
barometer  stands  at  72  c  m.  ?  If  the  barometer  rises  to  78  c  m.,  how 
great  is  the  increase  of  pressure  ? 

29 
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198.  When  the  barometer  stands  at  72  c.  m.,  how  great  is  the  pres- 
sure of  the  air  on  a  sphere  whose  radius  is  equal  to  6675  cm.? 

199.  When  the  barometer  stands  at  76  c.  m.,  what  is  the  pressure  ex- 
erted in  the  vertical  direction  on  a  sphere  125  c  m.  in  diameter  ? 

MarxoUe^t  Law. 
In  aU  thete problems  the  law  is  to  be  regardedas  invariable, 

200.  A  volume  of  hydrogen  gas  was  measured  and  found  to  be  equal 
to  250  c~m?  The  height  of  the  barometer,  observed  at  the  same  time,  was 
74.2  c  m.  What  would  have  been  the  volume  if  observed  when  the  ba- 
rometer stood  at  76  c.  m.?  What  would  be  the>  volume  at  an  elevation  at 
which  the  barometer  stands  at  56  c.  m.  ? 

201.  A  volume  of  nitrogen  gas  measured  756  cm.^  when  the  barometer 
stood  at  77.4  c.  m.  What  would  it  have  measured  if  the  barometer 
had  stood  at  76  c.  m.  ? 

202.  A  volume  of  air  standing  in  a  bell-glass  over  a  mercurj  pneumatic 
trough  measured  568  c.  m.^  The  barometer  at  the  time  stood  at  75.4 
centim.,  and  the  surface  of  the  mercurj  in  the  bell  was  found,  by  meas- 
urement, to  be  6.5  c.  m.  above  the  surface  of  the  mercury  in  the  trough. 
What  would  have  been  the  volume  had  the  air  been  exposed  to  the  pres- 
sure of  76  c.  m.  ? 

203.  A  volume  of  air  standing  in  a  tall  bell-glass  over  a  mercury  pneu- 
matic trough  measured  78  c.ln.^  The  barometer  at  the  time  stood  at  74.6 
c  m.,  and  the  mercury  in  the  bell  at  57.4  c  m.  above  the  mercury  in 
the  trough.  What  would  have  been  the  volume  had  the  pressure  been 
76  c  m.  ? 

204.  What  would  be  the  answers  to  the  last  two  problems,  had  the 
pneumatic  trough  been  filled  with  water  instead  of  mercury  ? 

205.  The  specific  gravity  of  air  at  0^  and  76  c  m.  referred  to  water 
is  0.00129206.  What  is  the  specific  gravity  when  the  barometer  stands 
at  the  following  heights,  viz.  72.65  c  m.,  74.23  c  m.,  75.54  c  ul, 
77.82  c.  m.  ? 

206.  The  specific  gravity  of  carbonic  acid  gas  at  0^  and  76  c  m.  re- 
ferred to  water  is  0.00196663.  What  is  the  specific  gravity  when  the 
barometer  stands  at  the  heights  given  in  the  last  problem  ? 

207.  A  glass  globe  10  c  m.  in  diameter  hermetically  sealed  weighs 
45.120  gram,  when  the  barometer  stands  at  74.5  c.  m.  What  would  it 
weigh  if  the  barometer  stood  at  76  c.  m.  ? 

208.  A  glass  globe  hermetically  sealed,  SO  c.  m.  in  diameter,  suspended 
to  one  pan  of  a  balance,  is  poised  by  825.422  grammes  in  brass  weights 
when  the  barometer  stands  at  76.21  c.  m.  Afier  several  hours  it  is  found 
to  have  lost  in  weight  0.022  gram.  What  is  now  the  height  of  the  ba- 
rometer, supposing  the  temperature  not  to  have  changed  ?  Sp.  Gr.  of 
brass  8.55. 
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209.  A  glass  globe  hermeticallj  closed  was  found  to  weigh  354.567 
gram,  when  the  barometer  stood  at  73  c.  m.,  and  to  weigh  358.917 
gram,  when  the  barometer  stood  at  77  c.  m.  What  is  the  diameter  of 
the  globe? 

210.  A  glass  globe  25  c  m.  in  diameter  contains  how  many  grammes 
of  hydrogen  at  the  following  pressures,  viz.  72.2  c.  m.,  74.6  c  m.,  76  c.  m., 
77.2  cm.? 

211.  Two  glass  globes  are  connected  by  a  tube  in  which  there  is  a 
stopcock.  In  the  first  globe  there  are  250  cTm.^  of  air  at  a  tension  of  2  c  m. 
In  the  second,  340  c^  m.'  of  air  at  a  tension  of  10  c  m.  Afler  opening 
the  stopcock,  what  will  be  the  tension  in  both  globes  ? 

212.  Into  an  exhausted  jar  having  a  capacity  of  60  litres  there  have 
been  poured  30  litres  of  nitrogen  at  the  pressure  of  72  c.  m.,  15  litres  of 
oxygen  at  the  pressure  of  64  c  m.,  and  5  litres  of  carbonic  acid  gas  at 
the  pressure  of  78  c  m.     What  is  the  elastic  force  of  the  mixture  ? 

213.  A  glass  globe  contains  8.548  gram,  of  air.  It  is  afterwards  filled 
with  protoxide  of  nitrogen  whose  Sp,  Gr.  =  1.52,  that  of  air  being  unity. 
What  is  the  weight  of  the  gas,  1st  when  the  tension  of  the  two  gases  is 
the  same,  2d.  when  the  tension  of  the  air  b  76  c.  m.  and  that  of  the  pro- 
toxide of  nitrogen  78  c.  m.  ? 

214.  A  glass  globe  weighs,  when  completely  empty,  152.475  gram. ;  full 
of  air,  it  weighs  168.386  gram.,  and  full  of  another  gas,  157.235  gram. 
What  is  the  Sp.  Gr.  of  the  gas,  supposing  the  pressure  the  same  at  all  the 
weighings  ?  Also,  what  correction  must  be  made  if  the  pressure  was  76 
c.  m.  during  the  weighing  of  the  globe,  77  c.  m.  during  the  weighing  of  the 
air,  and  74  c.  m.  during  the  weighing  of  the  gas  ?  The  tension  of  the  air 
and  gas  in  the  balloon  is  supposed  to  be  76  c.  m.,  and  the  temperature  is 
supposed  invariable  at  0^. 

Atfnosphere, 

The  foUowing  probiemt  may  be  tolved  by  Babinett  Jbrmuia,    See  note  to  page  304. 

215.  Find  the  difference  of  level  of  two  stations  from  the  following 
data:  — 

Height  of  barometer  at  lower  station  reduced  to  0^  C,     755  m.  m. 
Temperature  of  air         «  «  15*  C. 

Height  of  barometer  at  upper  station  reduced  to  0^  C,     695  m.  m. 
Temperature  of  air         «  "  10**  C. 

216.  Find  the  difference  of  level  of  two  stations  from  the  following 
data:  — 

Height  of  barometer  at  lower  station  reduced  to  0^  C,     730  m.  m. 
Temperature  of  air        «  «  20*  C. 

Height  of  barometer  at  upper  station  reduced  to  0*  C,     635  m.  m. 
Temperature  of  air        «  «  15**  C. 

217.  Find  the  height  of  Mount  Washington  above  sea  level  from  the 
following  observations  of  Prof.  Arnold  Guyot,  Aug.  8,  1851,  4  P.  M. :  — 
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Hei^  of  barometer  at  Gorfaam  reduced  to  0^  (X,  740.70  m.  m. 

Temperatufe  of  air  at  Gorham,        •        .        .  22''.25 
Height  of  barometer  near  the  summit  of  Moont 

Washington  redaced  to  0""  C,       •        .        .  60^93  m.  m. 

Temperatnre  of  air  at  siunmit,    •        •        •        •  lO^^O 

Barometer  at  Gorham  aboye  sea  level,     •        •  251  n^ 

Air-Pump^ 

218.  The  capacity  of  the  cylinder  of  a  pnmp  is  one  tenth  of  that  of  the 
receiver.  What  will  be  the  tension  of  the  air  in  the  receiver  afler  1, 2, 3^ 
4,  5,  10,  and  40  strokes  of  the  piston,  the  original  tension  being  76  c.  m.? 

219.  The  capacity  of  the  cylinder  of  a  pump  is  one  third  of  the  ca- 
pacity of  the  receiver.  Afler  how  many  strokes  of  the  piston  will  the  ten- 
sion of  the  air  in  the  receiver  be  reduced  to  ^hf  ^  ^^  primitive  amount  ? 

220.  If  the  air  in  the  receiver  of  an  air-pump  is  by  two  strokes  of  the 
piston  made  four  times  rarer  than  it  was  at  first,  what  is  the  ratio  of  the 
capacity  of  the  receiver  to  that  of  the  barrel  ? 

221.  If  in  an  air-pump  the  density  before  is  to  the  density  after  three 
strokes  of  the  piston  as  35  is  to  8,  determine  the  ratio  of  the  capacity 
of  the  receiver  to  that  of  the  barrel. 

222.  If,  in  an  air-pump  similar  in  construction  to  Fig.  300,  an  interval 
be  left  between  the  piston  and  the  base  of  the  cylinder  at  the  lowest  po^ 
sible  position  of  the  piston,  determine  the  density  of  the  air  in  the  re- 
ceiver after  n  strokes  and  after  an  infinite  number. 

223.  The  piston  of  a  common  pump  is  6  c.  m.  in  diameter,  and  the 
vertical  height  of  the  mouth  from  the  surface  of  the  water  in  the  well  is 
6.250  m.  How  great  is  the  intensity  of  the  force  required  to  raise  the 
piston,  assuming  that  there  is  no  gain  by  leverage  ?  Is  there  any  gain 
in  power  in  the  use  of  a  pump  over  a  bucket  in  raising  water  ? 

224.  What  are  the  conditions  under  which  the  common  pump  wiD  not 
draw,  when  the  piston  does  not  descend  to  the  fixed  valve  ? 

225.  If  a  body  when  placed  under  the  receiver  of  a  given  air-pnmp 
weighs  a  gram.,  and  after  n  strokes  weighs  h  gram.,  determine  the  weight 
of  the  body  in  a  vacuum ;  and,  supposing  the  specific  gravity  of  the  body 
known,  determine  the  specific  gravity  of  the  air  in  the  receiver  at  first. 

MUceUaneoui. 

226.  A  cylinder,  the  height  of  which  is  6  c  m.  and  the  radius  of  the 
base  1  c.  m.,  is  filled  with  atmospheric  air.  To  what  depth  will  a  piston 
sink  in  the  cylinder  which  weighs  10  kilogrammes?  To  what  depth 
would  it  sink  if  it  weighed  1000  kilogrammes  ? 

227.  In  the  cylinder  described  in  the  last  example,  a  piston  b  forced 
down  2  c.  m. ;  determine  the  pressure  of  the  confined  air.  Determine 
also  the  pressure  of  the  air  when  it  is  forced  down  5.64  c  m. 
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22d*  Calculate  the  total  weight  of  the  atmosphere  in  kilogrammes,  sap- 
posiog  the  height  of  the  barometer  76  c.  m^  and  the  raditu  of  the  earth 
considered  as  a  sphere  equal  to  6^66  kilometres.  Calculate  also  the 
yolame  of  an  equivalent  mass  of  gi^d,  knowing  that  the  Sp,  Gr,  of  gold 
=  19.369,  and  that  of  mercury  =  13.596. 

229.  If  the  altitude  of  the  mercury  in  a  barometer  placed  in  an  ordi- 
nary diving-hell  be  observed  at  the  beginning  and  end  of  a  descent,  deter- 
mine the  depth  descended. 

.   230.  Determine  the  tension  of  the  rope  by  which  an  iron  diving-bell 
is  suspended  at  any  depth  below  the  surfieu^ 

231.  K  a  cylindrical  tube  152  cm.  long  be  half  filled  with  mercuiy, 
and  then  inverted,  determine  how  high  the  mercury  will  stand  when  the 
barometer  stands  at  76  c  m. 

232.  Having  given  the  quantity  of  air  left  in  a  barometer  tube  be- 
fore immersion,  find  the  height  at  which  the  mercury  is  supported  after 
immersion. 

233.  If  in  an  imperfectly  filled  barometer  tube,  of  which  the  length  is 
SO  c  m.,  the  mercury  stands  at  74  c  m.,  when  in  a  well-filled  tube  it 
stands  at  76  c  m.,  determine  at  what  height  it  will  stand  in  the  imperfect 
one  when  it  stands  at  70  in  the  perfect  one. 

234  Two  barometers  of  the  same  given  length,  U  being  imperfectly 
filled  with  mercury,  are  observed  to  stand  at  the  heights  H  and  H  on 
one  day,  and  h  and  hf  on  another.  Determine  the  quantity  of  air  left  in 
each,  supposing  the  temperature  invariable. 

235.  A  bell  partly  filled  with  gas  is  standing  over  a  pneumatic  trough. 
Its  interior  diameter  is  6  c.  m. ;  its  weight,  one  kilogramme ;  and  the  level 
of  the  mercury  in  the  bell  is  22.8  c  m.  above  the  level  of  the  mercuiy  in 
the  trough.  Neglecting  the  weight  of  the  gas,  how  much  force  in  grammes 
is  required  to  sustain  the  bell  in  its  position,  supposing  that  no  portion 
dips  under  the  mercury,  and  that  the  temperature  is  at  0^  ? 

236.  A  body  of  known  specific  gravity  is  floating  between  two  immis- 
cible fluids,  whose  specific  gravities  are  also  given.  Determine  the  por- 
tion immersed  in  each. 

237.  A  cylinder  of  known  specific  gravity  and  magnitude  fioats  with 
its  axis  vertical  in  a  vessel  of  water.  What  will  be  the  effect  of  remov- 
ing the  atmospheric  pressure  ? 

238.  An  hydrometer  simihir  to  Fig.  248  is  divided  into  150  parts  of 
equal  capacity,  and  so  constructed  that  when  in  vacuo  it  sinks  in  pure 
water  at  4^  C.  to  the  100th  division.  When  immersed  in  sulphuric  acid, 
at  the  standard  temperature  and  pressure,  it  sinks  to  the  54th  division. 
To  what  point  wonld  it  sink  were  the  experiment  made  in  vacuo^  and 
what  18  the  trae  specific  gravity  of  the  acid? 

29* 
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MOLECULAR  FORCES  BETWEEN  HETEROGENEOUS  MOLECULES. 

(180.)  AdAesion.  —  Having  studied  the  phenomena  caused 
by  tlie  action  of  molecular  forces  between  homogeneous  mole- 
cuieSy  as  manifested  in  the  characteristic  properties  of  solids, 
liquids,  and  gases,  we  come  next  to  consider  tliose  phenomena 
which  are  caused  by  the  action  of  molecular  forces  between  hete^ 
rogeneous  molecules.  As  we  haye  already  seen,  the  molecular 
forces  are  eitlicr  attractive  or  repulsive  (78).  To  tlio  attractive 
force,  when  exerted  between  homogeneous  molecules,  like  tliose 
of  the  same  body,  whedier  it  be  solid,  liquid,  or  gaseous,  we  give 
the  name  of  cohesion  (79).  But  when  tlie  attractive  force  is 
exerted  between  heterogeneous  molecules,  like  those  of  different 
bodies,  and  still  does  not  produce  any  chemical  change,  we  call 
it  adhesion.  It  must  not,  however,  be  supposed  that  these 
attractive  forces  are  essentially  different  in  the  two  cases.  The 
distinction  between  cohesion  and  adhesion  b  only  made  for  the 
sake  of  classification,  and  it  is  at  least  possible  that  they  are 
merely  different  manifestations  of  the  one  force  of  universal 
gravitation  already  considered. 

The  phenomena  of  adhesion  are  quite  numerous,  and  they  can 
be  most  conveniently  classified  according  to  the  mechanical  con- 
dition of  the  masses  of  matter  between  which  the  force  acts. 
"We  will,  therefore,  consider  in  order  the  phenomena  caused  by 
the  action  of, — 

First,  solids  on  solids  (cemeiUs"). 

Secondly,  solids  on  liquids  (capillariiyj  solution). 

Thirdly,  solids  on  gases  (absorption  of  gases'). 

Fourtlily,  liquids  on  liquids  (liquid  diffusion^  osmose). 

Fifthly,  liquids  on  gases  (solution  of  gases). 

Sixtldy,  gases  on  gases  (gaseous  diffusion). 

Solids  on  Solids. 

(181.)  Adliesion  between  Solids.  —  Many  of  the  most  famil- 
iar phenomena  of  daily  life  are  owing  to  the  attractive  forces 
which  exist  between  heterogeneous  particles  of  solids.  Thus 
the  particles  of  dust  floating  in  a  room  adhere  to  tlie  ceiling  in 
opposition  to  the  force  of  gravity.  In  like  manner,  the  particles 
of  chalk  adhere  to  the  vertical  surface  of  a  blackboard,  and  the 
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particles  of  plumbago  abraded  from  a  lead  pencil  adhere  to  a 
sheet  of  writing-paper.  So  also  the  adhesion  of  paint  to  wood 
or  canvas,  that  of  the  tin  amalgam  to  the  backs  of  glass  mirrors, 
and  that  of  gold-leaf  to  picture-frames,  belong  to  the  same  class 
of  phenomena.  The  numerous  important  applications  of  india- 
rubber  in  the  chemical  laboratory  furnish  still  further  illustra- 
tions of  adhesive  force. 

India-rubber  adheres  very  strongly  to  glass,  and  this  property 
renders  it  invaluable  for  making  stoppers  to  glass  bottles  and  air* 
tight  joints  between  glass  tubes.  The  common  method  of  unit- 
ing together  glass  tubes  in  adjusting  chemical  a[^aratus  consists 
in  stretching  over  the  ends  of  the  tubes  a  short  tube  of  india- 
rubber  called  a  connector,  e  /,  (Pig. 
808,)  so  that  the  ends  of  the  two  glass 
tubes  shall  meet  within  it.  On  binding 
the  india-rubber  to  the  glass  by  means  of     i  «  c  4 

a  silk  cord  or  fine  copper  wire,  the  adho-  "■•  **• 

sion  is  sufiicient  to  resist  the  action  of  most  gases,  unless  the  pres- 
sure is  considerably  greater  than  that  of  the  atmosphere.  These 
connectors  can  easily  be  made  of  the  required  dimensions  from 
sheet  india-rubber.  Wo  apply  a  strip  of  india-rubber  previously 
softened  by  heat,  to  tlie 
glass  tube,  as  represented  in 
Fig.  809,  and  then  cut  the 
two  edges  with  a  pair  of 
scissors,  which  should  have 
broad,  flat  blades,  and  be 
perfectly  clean.      The   cut  n(.aoe. 

edges  immediately  unite,  and 

the  union  can  be  made  more  solid  by  pressing  them  together 
between  the  thumb-nails.  The  india-rubber  coimector  will  ad- 
here at  first  firmly  to  the  glass  tube,  but  it  can  be  easily  removed 
after  dipping  the  tube  into  water.  The  water  is  drawn  up 
between  the  glass  and  the  india-rubber  by  capillary  attraction, 
and  the  adhesion  is  destroyed. 

(182.)  Cements.  —  The  use  of  cements  not  only  illustrates 
the  existence  of  an  attractive  force  between  the  molecules  of 
heterogeneous  solids,  but  also  the  additional  fact,  that  tlie 
strength  of  this  force  varies  with  the  nature  of  the  solids.  In 
order  to  unite  two  pieces  of  wood,  we  first  fit  together  carefully 
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tho  surfaces  to  be  joined,  and  ihen  interpose  between  these  smv 
iM^es,  perfectly  cleaned,  a  thin  layer  of  melted  glue.  When  the 
glue  hardens,  it  firmly  cements  together  tlie  two  pieoes  of  wood, 
— first,  by  the  adhesion  between  the  glue  and  the  wood,  and, 
secondly,  by  the  cohesion  between  the  particles  of  the  glue  itself. 
This  same  glue,  however,  would  fail  to  cement  together  pieoes  of 
glass  or  of  stone,  because  the  adhesion  of  glue  to  tliese  solids  is 
much  feebler  than  its  adhesion  to  wood ;  but  fragments  of  glass 
and  porcelain  may  be  united  by  some  resinous  material,  such  as 
shellac,  and  those  of  stone  and  brick  by  mortar  or  some  cal- 
careous cement.* 

It  is  evident  that  in  all  these  cases  the  phenomena  of  adhesion 
are  mixed  with  those  of  cohesion.  The  adhesion  only  takes 
place  at  tho  surfaces,  where  tlie  heterogeneous  particles  are 
brought  in  contact,  while  the  particles  of  the  solids,  and  those 
of  the  cement,  are  alike  held  togetlier  by  the  force  of  cohe- 
sion. The  thinner  tlie  layer  of  cement,  the  more  perfectly  does 
it  fulfil  its  ofiice,  since,  when  a  thick  mass  is  used,  the  unequal 
expansion  of  the  difiercnt  solids  in  contact,  caused  by  clianges  m 
temperature,  tends  to  destroy  tho  cohesion  of  tho  particles  of  the 
cement.  It  not  unfrequently  happens  tliat  the  adhesion  between 
the  particles  of  a  cement  and  the  bodies  whicli  it  unites,  is 
greater  than  the  cohesion  which  holds  togotlicr  the  particles  of 
the  body  itself.  On  attempting  to  separate  two  pieces  of  wood 
along  a  glued  seam,  we  often  see  a  film  of  wood  split  off  adliering 
to  the  surface  of  the  glue ;  and  the  feat  of  splitting  a  bank-note 
is  accomplished  by  cementing  it  firmly  between  two  flat  surfaces, 
and  then  forcibly  separating  them,  when,  the  cohesion  of  the 
paper  being  feebler  than  the  adhesion  of  the  cement,  the  paper  is 
split  through  the  middle.f 

Solids  and  Liquids, 

(183.)  Adhesion  of  Liquids  to  Solids,  —  That  the  surfaces  of 
solids  are  generally  wetted  when  dipped  into  a  liquid  is  a  fact 
universally  known,  and  it  is  self-evident  that  the  liquid  mole- 
cules are  held  to  the  solid  surface  by  a  mutual  attraction  between 


*  For  A  description  of  the  Tirioot  oements  used  in  the  laboratory,  the  stodent  la 
referred  to  the  works  on  chemical  manipulations  bj  Faiadaj,  Moifit,  and  others, 
t  Miller,  Elements  of  Chemistry,  page  59. 
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the  liqnid  and  solid  particles.  The  strength  of  this  attraction, 
irhich  is  much  greater  than  is  generally  supposed,  can  be  made 
evident  bj  a  simple  experiment.  If  a  disk  of  glass  is  suspended 
to  the  pan  of  a  hydrostatic  balimce,  and,  having  been  exactly 
counterpoised  by  weights  in  the  opposite  pan,  is  applied  to  the 
surface  of  a  liquid  capable  of  wetting  it,  it  will  be  found  neces- 
sary to  add  a  very  considerable  weight  to  the  counterpoise  in 
order  to  separate  the  disk.  Moreover,  when  the  separation  takes 
place,  the  disk  will  be  found  wet,  showing  that  the  separation 
has  been  between  the  particles  of  liquid,  and  not  between  tlie 
solid  and  liquid  surfaces,  and  indicating  that  the  adhesion  was 
greater  than  the  cohesion  of  the  liquid. 

In  experiments  made  by  Gay-Lussac,  at  a  temperature  of  8^, 
with  a  circular  plate  118.866  m.  m.  in  diameter,  59.4  gram,  were 
required  to  separate  it  from  water,  81.08  to  separate  it  from  alco- 
hol (Sp.  6r.  =s  0.8196),  and  84.1  to  separate  it  from  oil  of  tur*- 
pentine.  It  was  also  found  that  the  substance  and  thickness  of 
the  plate  had  no  influence  on  the  result,  proving,  as  before,  that 
the  force  overcome  by  the  weight  was  the  cohesion  between  the 
particles  of  the  liquid,  and  further  showing  that  the  distance 
through  which  the  force  acted  was  less  tlian  the  tliickness  of  the 
liquid  film  which  remained  adhering  to  the  plate.  These  num- 
bers cannot,  however,  be  regarded  as  a  direct  meastire  of  the  rel- 
ative cohesion  of  the  three  liquids,  as  could  easily  be  shown  by  a 
further  examination  of  the  conditions  of  the  experiment. 

Adhesion  also  exists  between  liquids  and  such  solid  surfaces  as 
they  have  not  the  power  of  wetting.  Gay-Lussac  found  that  a 
disk  of  glass  adhered  to  the  surface  of  mercury  with  a  very  con- 
siderable force.  In  an  experiment  made  as  just  descril)ed,  with 
a  disk  of  glass  118  m.  m.  in  diameter,  resting  on  the  surface  of 
a  basin  of  mercury,  it  required  in  one  case  296  gram.,  and  in 
another  158  gram.,  to  effect  a  separation,  tlie  amount  of  weight 
required  dopenduig  on  the  manner  in  which  tlie  surfaces  were 
applied  to  each  otlier.  In  tlicse  experiments,  when  the  surfaces 
were  parted,  the  separation  took  place  between  the  mercury  and 
the  glass,  indicating  tliat  tlie  weight  overcame  the  adhesion  of  the 
heterogeneous  particles,  and  not  the  cohesion  of  the  liquid,  as  in 
the  other  experiments.  Moreover,  the  force  required  to  effect 
the  separation  was  no  longer  independent  of  the  material  of  the 
disk. 
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(184.)    Capillary  Attraction.  —  When  a  solid  body  is  pa> 
tially  immersed  in  a  liquid,  tlie  force  of  odliesioii  produces  im- 
portant modifications  in  tlie  laws  of  liquid  equilibrium  as  already 
ouunciatod.    Thus,  for  example,  if  we  dip  the.  end  of  a  fine 
glass  tube,  2  or  3  millimetres  in  diameter,  into  water,  the  liquid 
wilt  not  maintain  tlie  some  level  within  and  witliout  tiic  tube  as 
rcquii-ed  by  the  principle  of  (130),  but  will  be  elevated  in  tlie 
interior  of  tlie  tube,  and  maintained  at  a  height  which  is  very 
considerably  above  the  exterior  level,  and  which  is  the  greater  tlio 
smaller  the  diameter  of  tlio  tube.     Moreover,  the  surface  of  the 
water  does  uot  remain  horizontal  iiear  the  walls  of  the  tube,  as 
required  by  (129),  but  on  the' outside  it  curves 
towards  the  tube,  as  represented  in  Fig.  310,  and 
in  the  interior  it  assumes  a  concave  form,  which, 
for  tubes  less  than  2  millimetres  in  diameter,  is 
sensibly  hemispherical.     If  now  we  dip  tlie  end 
of  Uie  same  tube  into  liquid  mercury,  wo  shall 
obtain  a  result  equally  opposed   to  the  laws   of 
Ti(.aio.  liquid  equilibrium,  but    of   a  reversed   order. 

The  column  of  mercury  in  the  interior  of  the 
tube  will  bo  depressed  below  the  outside  level,  and  its  surface 
will  assume  a  conve-t  shape,  which  for  a  small  tube  is  as  before 
sensibly  liemisphcrical,  while  on  t)io  outside  the  surface  of  tho 
liquid  will  curve  from  the  tube,  as  if  repelled  by 
it  (Fig.  811),     By  repeating  tliese  experiments 
with  difTeroiit  liquids,  and  with  tubes  of  various 
kinds,  we  sliall  obtain  results  like  the  first  when- 
ever tlie  liquid   has   tlio   power  of  wetting  the 
walls  of  the  tube,  and  results  like  the  second 
when  the  reverse  is  the  case ;  while  in  some  few 
Kg  an.  cases  (as,  for  example,  when  the  tube  is  polished 

steel,  and  the  liquid  is  alcohol)  the  level  will  not 
be  changed,  and  tho  surface  of  the  liquid  will  remain  horizontal 
both  within  and  without  the  tube.  These  phenomena  ore  termed 
in  general  capillarity,  and  the  curved  surfaces  which  the  liquids 
assume  in  the  proximity  of  solid  bodies  are  called,  respectively, 
concavo  and  conTex  meniscvses.  In  studying  this  subject,  we 
will  first  consider  what  changes  the  molecular  forces  must  be  ex- 
pectcd  to  produce  a  priori  in  tho  laws  of  liquid  equilibrium,  and 
afterwards  we  will  examine  the  phenomena  and  see  liow  closely 
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tlie  facts  coincide  vith  our  theoretical  deduction.    Let  ua  com* 
mciice  with  the  simplest  case  possible,  and  consider  how  tlio  sui^ 
fiice  of  a  liquid  must  bo  disturbed  by  the 
contact  of  a  solid  bar. 

Take,  for  example,  a  liquid  particle,  m 
(Fig.  812),  in  contact  vith  a  solid  bar, 
dipping  under  tlie  surface  of  any  liquid. 
This  particle  is  evidently  acted  upon  by 
the  force  of  gravity,  ff,  and  by  throe  other 
forces.    The  first  of  tliese,  /,  is  tlie  results 
ant  of  the  attractive  forces  exerted  by  the 
liquid  particles  included  in  the  quarter- 
sphere  mab.    The  other  two,  /'  and  /",  are  the  resultants  of  the 
attractive  forces  exerted  by  the  solid  particles  inchided  in  the 
two  quarter-spheres  moc  and  m o b,  the  radius  of  the  spiicra  in 
each  case  being  the  insensible  distance  through  which  tlio  mole- 
cular forces  can  act.     We  can  now  decompose  eacli  of  these  tliree 
forces  into  a  vertical  and  a  liorizoutal  component.     Considering 
the  components  which  act  in  the  directions  lu  a  or  vtb  positive, 
vo  slioll  have  for  tlie  horizontal  components  (35), 

/  cos  45°,  — /'  cos  45°,  — /"  cos  45° ; 

and  remembering  that  /"  =  /',  we  shall  also  have  for  the  single 
resultant  of  tlie  three  horizontal  components  (/  —  2  /')  cos  45°. 
In  like  manner,  for  t)ie  vertical  components,  including  gravity, 
wo  shall  have,  — 

g;        /cos  45',         — /'  cos  45°,         /"  cos  45°, 
and  for  the  single  vertical  resultant,  y  -(-/  cos  45°.     Let  iis  next 
inquire  what  will  he  the  direction  of  the  final  resultant  of  tlie 
horizontal  and  vertical  forces,  whose  values  are 

(1.)    a— 2/')  cos -15°;        (2.)  fi-  +  /cos45.        [121.] 

It  is  evident  that  the  vertical  force  must  always  lie  positive,  and 
henco  directed  downwards;  but  the  direction  of  the  horizontal 
force  will  depend  on  the  relative  values  of  /  and  /',  that  is,  on  tlio 
relative  strengtii  of  the  cohesive  and  adhesiro  attractions.  There 
may  be  three  cases,  according  as  /  is  less  tlmn,  is  greater  than, 
or  is  equal  to  2  /'.     We  will  consider  each  case  separately. 

1st.  When  /  <  2  /'.  If  the  cohesive  force  is  less  tliaii  twice 
the  adhesive  force,  tlieii  the  horizontal  force  [121.  1]  is  negative, 
and  the  resultant  of  tills  force  witli  the  vertical  force  [121. 2]  will 
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fall  witliin  the  angle  bmo,  and  take,  for  example,  the  directiiMi 
MR  (Fig-  818}.     Now,  since  the  eurface  of  a  liquid  must  at 
every  point  be  normal  to  the  resultant  of  bU 
the  forces  acting  at  that  point  (129),  it  fol- 
lows that  the  liquid  surface  will  be  drawn 
up  towards  the  solid  bar,  so  as  to  be  per- 
pendicular to  the  line  M  R,  and  tangent  to 
tlie  line  M  N,  making  with  the  bar  an  angle 
DM N,  which  is  constant  for  the  same  sub- 
stanees,  and  is  called  the  angle  of  contact. 
If  next  we  consider  the  liquid  particles  M'  M",  lia.  adjacent 
to  Jlf  on  the  surface  of  the  liquid,  it  is  evident  that  on  account 
of  their  greater  distance  tiiey  will  be  acted  upon  less  strongly 
by  the  solid  bar,  and  hence  the  resultants  M'  R',  M"R",  4c. 
will  approocli  more  and  more  nearly  the  vertical,  with  which 
tlioy  will  soon  coincide.     Thus  it  appears  that  the  liquid  surface, 
which  must  be  at  each  point  perpendicular  to  these  resultants, 
will  be  curv'ed  up  towards  tlie  bar,  but  will  become  horizontal  at 
a  certain  small  distance  from  it.     It  is  easy  to  see  that,  if  a  sec- 
ond bar  is  dipped  into  the  liquid  parallel  to  tlte  first,  the  surface 
of  the  liquid  between  the  bars  will  take  the  form  of  a  concave 
cylindrical  surface,  in  case  the  bars  are  sufficiently  near  leather, 
and  that  in  a  tube  it  would  take  the  form  of  a  concave  meniscus, 
formed  by  the  revolution  of  the  curve  MM'  M"  round  the  axis 
of  the  tube. 

2d.   When/>2/'.     If  the   cohesive   force  is  greater  than 
twice  the  adhesive  force,  then  the  horizontal  force  [121.  1]  is 
positive,  and  consequently  directed  towards  the  Liquid.    Hence 
the  resultant  of  this  force  and  the  ver- 
tical force  [121.  2]  will  fall  within  the 
angle  amb  (Fig.  812),  taking,  for  ex- 
ample, the  direction  MR  (Fig.  314), 
and  the  surface  of  the  liquid  will  be  per- 
pendicular to  this  resultant,  making  with 
the  solid  bar  an  angle  D  M  N  less  than 
"«  "*  90'.    Moreover,  for  the  particles  Jtf',  M'\ 

&e.  adjacent  to  JIf  on  the  sur&ce  of  the  liquid,  it  can  be  proved 
that  the  resultants  of  the  molecular  forces  aud  gravity  will  ap- 
proach the  vertical  nearer  and  nearer  the  farther  we  recede  from 
the  bar,  and  will  soon  coincide  with  it.    Heuce  it  follows  that 
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the  liquid  surface  will,  in  this  case,  be  convex,  taking  the  form 
of  a  convex  cylinder  between  two  parallel  bars,  and  of  a  convex 
meniscus  in  a  fine  tube. 

8d.  When  /  =  2  /'.  When  the  cohesive  force  exactly  equals 
twice  the  adhesive  force,  then  the  horizontal  force  [121. 1 J  becomes 
zero,  and  the  resultant  of  all  the  molecular  forces  and  gravity, 
acting  on  the  particle  m,  coincides  with  the  vertical.  In  this 
case  alone  the  surface  of  the  liquid  is  horizontal,  even  to  the  line 
of  contact  witli  tlie  solid  bar,  and  consequently,  likewise,  hori- 
sontal  between  two  bars,  or  in  the  interior  of  a  tube. 

(186.)  Form  of  the  Meniscus,  —  It  is  evident  from  the  last 
section,  that  the  exact  form  of  the  meniscus,  and  the  angle  of 
contact,  depend  upon  the  relative  values  of /and  2/'  [121],  and 
hence  upon  the  nature  of  the  solids  and  liquids  used.  Tlie  con- 
ditions are  changed,  however,  when,  as  is  usual  in  such  experi- 
ments, the  solid  bar  or  tube  has  been  previously  rinsed  with  the 
liquid.  In  such  cases  the  action  takes  place  between  the  parti- 
cles of  the  thin  film  of  liquid  covering  the  solid,  and  those  of  the 
same  liquid  into  which  it  is  dipped,  the  solid  itself  serving  only 
to  sustain  the  liquid  film,  and  it  is  then  found  that  the  result  is 
entirely  independent  of  the  nature  of  the  solid.  Moreover,  whtn 
the  solid  has  not  been  previously  moistened,  the  phenomena  are 
tendered  very  irregular  by  tlie  film  of  air  which  covers  the  sur- 
bce  of  the  bar  or  tube,  and  which  it  is  almost  impossible  to 
remove  without  moistening  the  whole  surface.  '  So  also,  when  the 
liquid  has  not  the  power  of  wetting  the  solid  surface,  as  in  the 
case  of  merciiry  and  glass,  there  may  be  a  film  of  air  between 
the  two  of  sufficient  thickness  to  keep  the  liquid  particles  1)eyond 
the  sphere  of  action  o(  tlie  adhesive  force.  In  such  cases  the 
form  of  the  liquid  surface  will  be  determined  by  the  action  of 
tlie  cohesive  force  alone,  and  this  action  will  be  entirely  similar 
to  that  which  ^ves  to  the  raui-drop  its  spherical  form  (129). 

Since  it  has  been  observed  that  the  surface  of  a  liquid  in  a 
tube  is  concave  when  it  wets  the  walls  of  the  tube,  and  convex 
when  it  has  not  the  power  of  thus  wetting  them,  it  follows  from 
the  last  section  that  a  liquid  will  wet  a  solid  surface  when  the 
force  of  cohesion  between  its  particles  is  less  than  twice  the  force 
of  adhesion  of  these  particles  to  the  solid. 

(186.)  Pressure  exerted  by  the  Molecular  Forces.  —  Having 
seen  how  the  molecular  forces  may  modify  the  form  of  a  liquid 
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surface,  and  prodnce  either  a  coacave  or  a  convex  meniscus,  lot 
us  further  inquire  how  tlie  form  of  tlie  surface  may  modify  the 
law  of  liquid  pressure  already  enunciated  (126).    In  discussing 
the  subject  of  liquid  pressure,  caused  by  the  force  of  gravity 
(123  seq.'),  ve   loft  out  of  view  any  action  vliich   might   be 
exerted  by   the   molecular   forces   emanating   from   the   liquid 
particles  themselves.     Tliis  leads  us  into  uo  error,  so  long  as  the 
surface  of  the  liquid  is  horizontal ;  but  when,  as  in  capillary 
tubes,  this  surface  is  curved,  the  action  of  the  molecular  forces 
can  no  longer  be  disregarded.     In  order  to  iiivestigato  the  man- 
ner in  which  the  molecular  forces  may  iiiHuenco  the  prcssuro 
exerted  by  a  liquid  mass, 
terminated   by   a.  givcu 
surface,  JTY  (Fig.  315), 
let  us  study  the  action 
which  they  would  exert 
on  any  particle  taken  on 
ftf.su.  or  near  tl lis  surface.     If 

tliis  molecule  is  on  ike 
tur/ace,  as  M,  it  will  evidently  bo  attracted  by  all  the  particles 
of  liquid  comprised  within  the  hemisplicro  described  round  tlie 
point  M,  with  a  radius  equal  to  the  dittance  of  sensible  attrac- 
tion, and  it  is  easy  to  see  that  the  rcsultent  of  all  these  attractive 
forces  will  be  in  the  direction  M  P,  normal  to  the  surface.  If 
the  molecule  is  within  the  surface,  as  at  M\  then  tlie  active  por- 
tion of  the  liquid  will  be  the  mass  enclosed  by  the  sphere  of  sen- 
sible atlractiony  ABC.  This  may  be  divided  into  tliroe  parts 
by  an  equatorial  plane,  P  Q,  and  by  a  surface.  A'  B",  symmetrical 
with  A  B,  and  eqnidistent  from  the  equator.  The  attraction  ex- 
erted by  the  portion  A  B  P  Q\&  evidently  balanced  by  the  equal 
and  opposite  attraction  exerted  by  A'  B'  P  Q,so  that  the  result  is 
the  saine  as  if  the  molecule  were  only  attracted  by  the  portion 
A  B'  C.  Tlie  resultant  of  all  the  attractive  forces  exerted  by 
the  particles  contained  in  this  portion  of  tlie  sphere  is  evidently 
much  less  than  before,  but  still  it  is  normal  to  the  surface.  Fi- 
nally, if  we  take  a  molecule,  M",  al  a  distance  from  the  surface 
equal  to  the  radius  of  sensible  attraction,  it  is  evident  that  the 
attractive  forces  acting  upon  it  will  balance  each  other.  If  tlien 
we  draw  a  surface,  X'  Y',  parallel  to  ^  Y,  and  at  a  distance  from 
it  equal  to  the  radius  of  sensible  attraction,  we  sliall  have  com- 
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prised  between  these  two  suriiicos  a  liquid  film  whose  particlea 
are  under  tlie  iiifiuence  of  forces  acting  perpendicularly  to  the 
Burfacee,  and  exerting  an  effect  similar  to  that  of  gravity.  There 
must  then  result  from  the  action  of  these  molecular  forces  a 
pressure,  which  will  be  transmitted  in  all  directions,  according  to 
the  principle  of  (120),  and  whose  effect  must  be  added  to  those 
of  gravity  and  atmospheric  pressure. 

(187.)     Amount  and  Effect  of  the   Molecular   Pressure.  — 
Let  113  now  inquire  whether  the  form  of  the  surface  exerts  any 
influence  on  tlie  amount  of  the  molecular  pressure.     For  tliis 
purpose  lot  us  take  a  molecule,  M'  (Fig.  S16),  at  a  distance 
below  the  surface,  M'  II,  less  than  M'C, 
the  radius  of  sensible  attraction,  and  con- 
sider wliat  will  bo  the  relative  amount 
of  molecular  pressure    exerted   by   this 
molecule, —  1st,    when    the    surface   is 
plane ;    2dly,   wlien  it  is  coucave ;    and 
8dly,  when  it  ia  convex. 

If  the  surface  is  plane,  as  A  B,  the 
attraction  exerted  by  the  liquid  mass 
ABPQU  balanced  by  that  of  A'B'PQ,  ^  ^^ 

and  the  only  force  which  produces  pres- 
sure is  the  attraction  exerted  by  A'  BC.     Let  us  represent  the 
value  of  this  force  by  A. 

If  now  the  surface  is  concave,  aa  D  E,it  is  evident  tliat  the 
only  portion  of  the  liquid  within  the  sphere  of  sensible  attraction, 
whose  attractive  force  is  not  neutralized,  is  the  portion  V EC, 
cut  off  by  a  surface  D'^,  drawn  symmetrically  io  DE.  Since 
this  liquid  mass  is  less  tlian  A'  B'C,  the  attroctivo  force  which 
it  exerts  must  bo  less  by  an  amount  we  will  call  B,  and  it  is  evi- 
dent tliat  tlio  value  of  B  will  increase  as  the  radius  of  curvature 
of  the  surface  diminishes.  The  value  of  tlie  force  which  is  ex- 
erted in  molecular  pressure  may  then  be  represented  by  X —  B, 
when  the  surface  is  concave. 

If,  lastly,  the  surface  is  convex,  as  KL,  and  wo  draw  K'  L' 
symmetrical  with  this,  it  is  equally  evident  that  the  active  por- 
tion of  tlio  liquid  ia  now  K'  L'  C;  and  since  this  mass  is  greater 
tlian  A'  B'  C,  the  value  of  the  molecular  pressure  may  be  repre- 
sented hj  A-\-  B',  when  the  surface  is  convex. 

Since  what  lias  been  shown  to  be  true  of  the  pressure  exerted 
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by  Uie  molecule  M'  is  true  of  all  the  molecules  contained  in  the 
thill  film  bounded  by  tho  surfaces  X  Y,  and  X'^  X¥\g.  315),  it 
follows  that,  vhen  the  surface  of  a  column  of  liquid  Is  concave, 
it  exerts  a  less  pressure,  and  conversely,  irbeu  tlie  surface  ii 
convex,  it  exerts  a  greater  pressure  than  when  it  is  plane,  as- 
suming always  tliat  the  radius  of  curvature  of  the  surface  is 
comparable  with  the  radius  of  sensible  attraction. 

(188.)     Effeett  of  Molecular  Preuure.  —  It  is  now  easy  to 
SCO  in  what  way  the  molecular  pressure  may  modify  tlie  prin- 
ciple of  (ISO),  whoa  one  of  the  vessels  is  very  small.     Let  us 
suppose,  then,  that  wo  liavo  a  fine  tube   of 
gloss,  dipping  into  a  liquid  (Fig.  817).     Uy 
the  principles  of  hydrostatics,  the  lovcl  of 
tho  liquid  should   be  tlie   same  vitliin  and 
without  tlio  tube,  because  it  is  a  necessary 
condition  of  equilibrium  that  tlie  pressure  on 
any  given   section,  as  MN,  should   be   the 
same,  whotiior  exerted  by  tlie  column  of  liquid 
in  tlie  tube,  or  by  (lie  liquid  mass  outside,  and 
this  can  only  be  when 
S  .  fl".  (Syj.Gr.)  =  5  .  Jf  .  (^.fff.)  [122.] 

or  when  H*^  H'  (compare  130).  This  equation,  however,  only 
has  regard  to  tlie  pressure  exerted  by  liquids  in  coosoquenoe  of 
their  weight,  although,  as  wo  have  just  said,  the  molecular  forces 
exert  a  pressure  themselves  whose  efiect  must  be  added  to  that 
of  gravity.  As  tho  surlace  of  tlie  liquid  outside  tlie  tube  is  hori- 
zontal, the  molecular  pressure  transmitted  by  it  to  the  section 
M  N  may  be  represented  by  A,  and  the  whole  pressure  on  the 
section  will  be  S  .  II .  (^Sp.Gr.')  +  A.  If,  however,  the  liquid 
wets  the  tube,  tho  intoiior  surface  will  be  concave,  and  the  pres- 
sure transmitted  from  tlio  interior  of  the  tubo  to  the  section  will 
be  S.  //' .  {Sp.Gr.')-\-(_A  —  B').  Evidently  there  can  only  be 
an  equilibrium  when 

S:iI.(^Sp.Gr.^-\-A^S.JI'.CSp.Gr.-)-{-(_A  —  S), 

JT'=.if-|-  *;  [123.] 

that  is  to  say,  when  the  lovcl -iu  tho  tulw  is  above  the  level 
outside.    The  difierence  of  level,  h,  measures  the  difference  of 
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pressure,  B,  caused  by  the  concavitjr  of  the 


If  tbo  liquid  does  not  vet  tlic  tube  (Fig. 
318),  tlien  tlie  interior  surface  will  be  con- 
vex, and  the  pressure  transmitted  from  the 
interior  of  tlio  tube  to  tlie  soctioa  irill  be 
S.H'  .  (^. Gfr.)  +  (il  +  B-y    We  shall 

tlicu  have  equilibrium  ■when 

^  Fit  ns- , 

S,n  . (^Sp. Gr.)  +  il=  S . //' .  CSp.Gr.)  +  (^  +  5'), 
or 

H=H~h';  [124.] 

that  is  to  say,  vhen  the  level  in  the  tube  is  beloT  tho  level  out- 
side ;  and  here,  as  before,  tlie  difference  of  level  measures  the 
difTercuce  of  pressure,  wliicli  is  caused  in  tliis  case  by  tho  coii- 
Tcxity  of  tlie  surface. 

Between  tliese  two  conditions  there  is  a  tliird,  in  wliich  tlie 
liquid  surface  is  level  within  the  tube.  In  this  case  it  is  evident 
tliat  the  molecular  pressures  will  balance  each  other,  and  there 
can  be  equilibrium  only  when  H'  ^  H,  or  when  the  level  is  tlio 
same  within  and  witliout  the  tube. 

These  results,  which  we  have  now  deduced  theoretically,  are 
fully  confirmed  by  observation  ;  for  wo  find,  as  has  already  been 
stated  (184),  that  a  concave  meniscus  is  always  accompanied  by 
an  elevation  of  the  liquid  column  in  a  capillary  tube,  and  a  con- 
vex meniscus  by  a  corresponding  depression.     Tlie  phenomeua 
of  capillarity  may  be  illustrated  not  only 
by  means  of  a  simple  tube,  as  represented 
in  Figs.  810  and  311,  but  also  by  a  siphon 
tube,  one  of  whose  branches  is  very  small, 
vhilc  tlio  other  is  at  least  20  millimetres 
in  diameter  (Figs.  819  and  830).    Tlie 
depression  or  elevation  of  the  liquid  in 
the  smaller  tube  becomes  then  very  evi- 
dent, and    can  easily  be  measured.    A 
number  of  these  tubes  may  be  mounted 
together  for  comparison,  as  represented      fii  sib,        nc.  sw. 
in  Fig.  821. 

These  phenomena  are  entudy  independent  of  the  pressure 
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to  which  tho  apparatus  is  ex- 
poeod.  They  are  the  same  iu 
compressed  air  as  ill  a  vacuum, 
and  are  uot  iiiflueuccd  by  ttio 
tbickuesB  of  the  walls  of  tlie 
tube.  Thoy  rary,  on  the  otli- 
er  hand,  with  the  material  of 
tlie  tube,  and  with  t)ic  nature 
of  tho  liquid.  When,  how- 
ever, the  tube  lias  previously 
boeit  wet  with  tho  liquid,  tlio 
phenoraeita  are  also  entirely 
independent  of  tho  material 
of  which  it  is  formed,  and  at 
auy  given  temperature  vary 
only  with  tlie  nature  of  tho 
liquid  and  tlie  diameter  of 
tlie  tube. 

If  we  take  tubes  of  tho  same 
diameter,  and   dip  their  ends 
"•""^  in  different  liquids,  capable  of 

moistening  the  walls,  we  find  that  the  hciglits  to  which  the  liquid 
columns  are  elevated  differ  very  greatly.  If  tlie  tube  is  1.3  m.  m, 
HL  diameter,  the  height  is  23.1  m.  m.  for  water,  9.8  m.  m.  for  oil 
of  turpentine,  7.07  m.  m.  for  alcohol,  and  still  less  for  ether.  It 
is  essential  in  these  experiments  that  the  tubes  should  ho  pro- 
Tioiisly  cleaned,  and  carefully  rinsed  out  witii  tlie  liquid  to  he 
used.  Otherwise  tho  phenomena  are  also  influenced  foy  the  ma- 
terial of  the  tube,  and  are  rendered  very  irregular  by  the  film  of 
air  adhering  to  the  surface.  This  is  especially  true  when  tlio 
liquid  has  not  tho  power  of  wotting  the  surface,  and  the  order  of 
the  phenomena  is  reversed.  The  amount  of  depression  in  such 
cases  not  only  varies  with  tho  nature  of  tlie  tube  and  of  tlio 
liquid,  hut,  moreover,  it  is  not  tlio  same  for  tlie  same  tube  and 
liquid  midcr  different  circumetanccs.  For  example,  in  the  case 
of  mercury  and  glass,  the  form  of  tlio  meniscus,  and  tlic  depres- 
sion of  the  mercury  column,  which  depends  upon  this  form,  vary 
so'  greatly  with  the  impurity  of  the  metal,  tlie  presence  of  the  air, 
and  tlie  nature  of  the  glass,  that  it  is  not  possible  to  calculate  tlie 
amount  from  any  general  measurements,  hut  it  is  necessary  to  do- 
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termine  it  bj  experiment  for  each  particular  instrument.  Thus, 
in  the  same  tube  the  mercury  column  Till  be  more  depressed  in 
a  vacuum  than  in  the  air,  especially  when  the  air  is  moist.  So, 
also,  mercury  wliich  has  been  boiled  in  the  air  forms  a  less  con- 
vex meniscus  than  mercury  which  has  been  boiled  in  an  atmOB- 
phers  of  hydrogen  or  carbonic  acid.  And  lastly,  a  small  amoimt 
of  oxide  dissolved  in  the  mercury  may  even  invert  the  order  of 
tlie  phenomena,  causing  it  to  assume  a  plane,  or  even  a  slightly 
concave  surface. 

In  determining  tlie  amount  of  pressure  from  tlie  heiglit  of 
a  mercury  column  in  a  barometer  tube,  or  in  other  forms  of 
tube-apparatus  used  in  experiments  on  gases,  it  is  important 
to  correct  the  observations  for  tlie  capillary  depression  ;  but 
since,  from  the  causes  just  stated,  the  amount  is  uncertain,  it  is 
best  either  to  use  tubes  so  largo  tliat  it  is  rendered  insensible, 
or  else  so  to  arrange  tlie  apparatus  that  the  effect  of  capillari^  in 
one  arm  of  a  siphon  is  balanced  by  an  equal  effect  in  tiie  other. 
In  the  barometers  of  Regnaiilt  and  Fortin  the  amount  of  depres- 
sion is  a  constant  quantity,  and  is  determined  once  for  each  iustru* 
ment  (169  and  ICO) ;  but  even  in  a  vell-made  barometer  the 
surface  of  tlio  mercury  is  liable  to  changes,  which  alter  the  form 
of  the  meniscus,  and  consequently  cause  a  variation  in  the 
amount  of  depression.  The  convexity  of  the  meniscus  can  gen- 
erally be  restored  by  tapping  on  the  glass ;  hut  when  the  surface 
of  the  mercury  is  badly  soiled,  it  is  necessary  to  refill  the  tube. 

(189.)    Numerical  Laws.  —  Altliough  tlie  tlieory  of  capillarity, 
as  thus  far  developed,  explains  and  predicts  the  general  order 
of  tlie  phenomena,  it  does  not  yet  enable  us  to  calculate  ^e 
amount  of  the  elevation  and  depression  in  different 
tubes.    This,  as  we  have  seen,  varies  with  the  nar 
ture  of  the  liquid,  and,  when  the  walls  of  tlie  tube 
have  not  been  previously  moistened  with  tlie  liquid, 
also  with  tlie  nature  of  tlie  tube.    But  assuming 
tluit  all  other  conditions  are  equal,  let  us  in- 
vesUgate  the  relation  between  the  capillary  effect 
and  the  size  of  the  tube. 

For  tliis  purpose  let  us  take  the  simple  case 
of  a  capillary  tube  (Fig.  S22)  dipping  in  a  mass 
of  liquid  which  is  capable  of  wetting  its  surface, 
and  which  consequently  rises  in  its  bore  to  a         m  tsi. 
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mean  height  A  B.  In  the  first  place,  it  is  evident  that  the 
mass  of  the  tube  just  above  this  level  must  attract  the  liquid 
molecules  below,  and  that  there  will  thus  result  a  vertical  force, 
which  will  tend  to  raise  the  liquid  column.  Since  this  force  is 
proportional  to  the  number  of  solid  particles  within  the  sphere 
of  attraction,  and  hence  to  the  perimeter  of  the  tube,  we  may 
represent  it  by  the  expression  pa,  in  which  a  is  a  constant 
quantity  depending  on  the  nature  of  the  tube  and  the  liquid,  and 
p  the  perimeter  of  the  tube.  If  now,  in  the  second  place,  we  con- 
sider the  portion  of  the  tube  between  A  B  and  (^2>,  it  is  equally 
evident  that  the  attractive  forces  exerted  by  the  solid  particles 
will  balance  each  other,  and  can  therefore  produce  no  effect  either 
in  elevating  or  depressing  the  column.  Finally,  the  molecules  of 
tlie  tube  placed  just  above  C  D  will  attract  the  particles  situated 
just  below  m  the  prolongation  of  the  liquid  column,  and  will  evi- 
dently exert  a  force  tending  to  raise  this  column,  which  equals,  as 
before,  pa^  and  which  added  to  the  first  gives  us  2 /^  a  as  the 
whole  value  of  the  upward  pressure. 

But  we  have  thus  far  left  out  of  view  the  liquid  mass  below 
the  end  of  the  tube.  If  we  conceive  of  the  solid  tube  as  pro- 
longed by  a  tube  of  liquid,  C DMNy  it  is  evident  that  the 
liquid  particles  forming  the  walls  of  this  tube  will  attract  those 
of  the  liquid  column  just  above  C  D,  and  will  thus  exert  a  force 
tending  to  depress  it.  Representing  by  a'  a  constant  depending 
on  the  nature  of  the  liquid,  we  shall  have  for  this  downward 
force  the  value  p  a',  and  for  the  whole  vertical  force  the  value 
p  (2  a — a'),  a  force  which  will  raise  or  depress  the  column 
according  as  (2  a — a')  is  positive  or  negative.  This  force  must 
evidently  be  equal  to  the  weight  of  the  column  of  liquid  which 
it  elevates  or  depresses;  and  since  this  weight  may  be  found 
by  multiplying  together  the  area  of  the  section  of  the  tube,  5,  the 
height  of  the  column.  A,  and  the  specific  gravity  of  the  liquid, 
Sp.  Or,f  we  obtain 

;?  (2  a  —  a')  =  «  .  A  .  (,Sp.  Or.^, 
or 

A  =  ^.?^^-=±^a",  [126.] 

in  which  last  a"  &=  -^ — fy—  j  and  is  constant  so  long  as  the  liquid 
and  substance  of  the  tube  are  the  same. 
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If  the  tube  is  cylindrical,  ^  =  —j^  =  jy  J^nd  A  =  =fc  ^  a". 
For  another  tube  of  the  same  material,  but  different  diameter, 
2^,  we  obtain  A'  =  db  -yu  «'S  whence  we  deduce 

dbA:  db  A'  =  iy:  D,  [126.] 

or  in  words,  Tkt  elevatUms  or  depressions  of  a  given  liquid  in 
cylindrical  tabes  of  the  same  material^  but  of  different  diameters^ 
are  inversely  proportional  to  the  diameters  of  the  tubes. 

If  the  tube  has  a  rectangular  section,  the  perimeter  is  equal 
to  2  (m  -^  n')j  the  lengths  m  and  n  being  those  of  the  sides  of 

the  rectangle,  and  we  have  ^==  — — '  "  .     When  the  length 

of  one  side  is   infinite,  we  have  also  n  s=:  oo ,  ^  =  — ,  and 
2  s        m 

h  =i  ±  —a",  from  which  we  can  deduce 
m     ' 

db  A  :  zfc  A'  =  W  :  m.  [127.] 

The  case  supposed  is  evidently  that  of  two  plates  parallel  to  each 
other,  and  separated  by  a  distance  m.  Hence  the  elevation 
or  depression  of  a  given  liquid  between  two  parallel  plates  is 
inversely  proportional  to  their  distance  apart. 

If,  lastly,  wo  compare  the  effect  produced  by  a  cylindrical  tube 

4  2 

when  A  ss=  db  -^  a",  and  that  by  parallel  plates  when  A'  ass  db  —  a"y 

we  obtain  the  proportion 

A:A'  =  2w:D,  [128.] 

by  which  we  find,  that  when  m  s=s  D,  then  A  ==?  2  A',  or  in 
words.  The  variation  of  level  caused  by  two  plates  is  one  half 
of  that  caused  by  a  tube  of  the  same  nature^  whose  diameter  is 
equal  to  the  distance  between  the  plates. 

(190.)  Verification  of  the  Laws.  First  Law.  —  It  follows 
from  [126],  that,  if  the  first  of  the  three  numerical  laws,  which 
have  tlius  been  deduced  theoretically,  is  correct,  the  product  of 
the  elevation  or  depression  of  the  liquid  column  into  the  diam- 
eter of  the  tube  must  be  always  a  constant  quantity  for  the  same 
liquid.  That  this  is  approximatively,  at  least,  the  case,  is  shown 
by  the  following  table,  taken  from  Jamin's  Cours  de  Physique^ 


Water,       i^f^ 

Alcohol, |J; 
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to  which  we  are  indebted  also  for  the  general  method  followed 
in  the  discussion  of  this  subject. 

BMmtloiiA.  FroteetPA. 

2ST6  29.87 

X IM  UM  29.60 

1.29  9.18  11.84 

90  6.08  11.55 

ParaUel  Plates  and  Water,   .       1.069  13J^7  14.52 

This  law  is  not,  however,  exact,  when  the  diameter  of  the 
tube  is  so  large  that  we  can  no  longer  neglect  the  currature 
of  the  surface  which  terminates  the  liquid  column  (we  assume 
always  that  the  height  of  the  column  is  measured  to  the  lowest 
point  of  the  concavity,  or  to  the  highest  point  of  the  con- 
vexity). When  the  diameter  of  the  tube  is  not  greater  than 
one  or  two  millimetres,  the  surface  is  approximatively  hemi- 
spherical, and  we  can  then  easily  estimate  the  amount  of  devi- 
ation. If,  as  above,  we  represent  by  h  and  A'  the  heights  of 
two  columns  of  the  same  liquid  in  tubes  of  different  diameters, 
measured  to  the  lowest  point,  n,  of  a  concave  meniscus,  it  is  evi- 
dent that,  m  order  to  obtain  exactly  the  weight  of  these  liquid 
columns,  we  must  add  to  the  weights  of  the  liquid  cylinders 
s  .  h  .  (§>.Grr.)  and  s'  .h' .  (^Sp.Gr,)  the  weight  of  liquid  above 
the  point  n.  The  volume  of  this  liquid  is  evidently  equal  to 
the  difference  of  volume  between  a  hemisphere  and  a  cylin- 
der of  the  same  diameter  and  of  a  height  equal  to  the  radius 
of  the  hemisphere.  Using  the  notation  of  the  last  section,  we 
find  for  this  volume  the  value  i  J>^n  —  AX)*2r  =  AX>*3r, 
and  .  for  the  total  weights  of  the  liquid  columns  the  values 

i  I?  ;r  (a+  ^  (S/?.Gr.),and  i  D'n  (A'  +  f )  (i§>.Gr.),and 

by  the  same  course  of  reasoning  as  before  [125],  we  deduce 

d=(A  +  D:±(A'+^  =  D':D.  [129.] 

The  double  sign  =b  is  used,  because,  as  can  easily  be  proved,  the 
proportion  is  equally  tnie  when  the  meniscus  is  convex.  Hence 
it  follows,  that,  when  the  tubes  are  not  more  than  one  or  two  mil- 
limetres in  diameter,  the  law  of  inverse  proportions  is  correct, 
when  we  add  to  the  observed  heights  one  sixth  of  the  diameter 
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of  the  tube,  the  correction  required  for  the  meniscus ;  and  obser- 
TEtion  confirms  this  result  of  theory. 

When  the  tubes  are  very  small,  and  the  elevations  or  depres- 
sions correspondingly  large,  we  can  neglect  the  very  small  value 

-g,  and  regard  the  law  as  accurate  without  this  correction.  When, 

however,  the  tubes  are  extremely  small,  a  new  cause  of  devia- 
tion from  the  law  is  introduced.  In  experiments  on  capillarity, 
as  already  stated,  we  can  obtain  constant  results  only  when  the 
surfaces  of  the  tubes  have  been  previously  moistened  with  the 
liquid  to  be  used,  and  the  results  are  then  the  same  as  if  the 
experiment  were  made  witli  a  liquid  tube  of  less  diameter, 
the  solid  wall  serving  only  to  support  the  liquid  particles.  If 
the  tube  is  one  or  two  millimetres  in  diameter,  the  thickness 
of  the  liquid  film  may  be  neglected ;  but  when  the  tube  is  very 
small,  this  thickness  sensibly  diminishes  its  effective  size,  and  we 
should  therefore  expect  that  it  would  raise  a  liquid  column  to  a 
greater  height  than  that  required  by  the  law,  as  we  find  to  be 
the  case. 

When,  on  the  other  hand,  the  tubes  are  more  than  three  milli- 
metres in  diameter,  the  surface  of  the  liquid  column  differs  so 
considerably  from  that  of  a  hemisphere,  that  the  proportion  [129] 
no  longer  holds  true,  and  the  deviation  from  the  law  becomes 
very  large.  Even  in  such  cases,  however,  the  heights  to  which 
liquids  will  rise  can  be  calculated  when  the  precise  form  of  the 
meniscus  is  given ;  but  tlie  methods  are  too  complicated  for  an 
elementary  treatise. 

Second  Law.  —  The  second  law  of  (189)  can  be  verified  by  a 
very  instructive  experiment.  If  we  take 
two  glass  plates,  united  by  hinges  at  one 
side,  and,  having  very  slightly  opened  these 
hinges,  dip  the  ends  of  the  plates,  as  repre- 
sented by  Fig.  823,  in  colored  water,  we 
find  tliat  the  liquid  rises  between  these 
plates  to  a  variable  height,  depending  on 
the  interval  which  separates  them,  its  up- 
per surface  taking  the  form  of  a  curve, 
known  in  geometry  under  the  name  of  an 
equilateral  hyperbola.  Let  us  inquire  whether  the  form  of  this 
curve  does  not  furnish  a  confirmation  of  the  law  under  discussion. 


vig.  8sa 
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We  may  eridentlj  regard  the  two  glass  plates  as  consisting 
of  an.  infinite  number  of  infinitely  narrow  parcel  strips,  as 
shown  by  Fig.  324.  IF  then  the  law  is 
^^H^^H|^H|  correct,  it  follows  [12T]  that  tlie  heights 
^^^^^^^^^^H  to  which  the  liquid  is  elevated,  at  any  two 
^^^^^^^^^^^^  points,  will  be  proportional  to  the  interval 
"*  "*  between  the  [>lates  at  these  points,  so  thut 

at  every  point  we  must  have  A  ^  — .  If  now  ve  take  for 
the  axis  of  p  the  vertical  lino  of  intersection  of  the  two  planes, 
and  for  the  axis  of  x  the  line  of  contact 
of  the  water  level  with  one  of  them,  we 
shall  have  (Fig.  825),  MP=h=^p, 
AP-=x,  and  PQ=m=  Cx,  in 
which  C  is  a  constant  quantity  depend- 
ing on  the  angle  between  the  planes. 
Substituting  tliese  values  in  A  se  — , 

w  -  2o"  "* 

we  obtam        y  b=«  — —  , 
(J  x' 
"«■«»•  2  a" 

or  xy=  -jr  ^  a  constant, 

which  is  the  equation  of  an  equilateral  hyperbola  referred  to  its 
asymptotes  aa  coordinate  axes.  Since  tliis  is  tlia  curve  which 
the  liquid  surface  always  assumes,  it  is  evident  that  the  second 
law  is  vorided  by  the  experiment. 

Third  Law.  —  When  the  ends  of  two  parallel  glass  plates, 
maintained  at  a  small  distance  from  each  other,  are  dipped  into 
water,  and  tliediflbreuce  of  level  measured,  it  lias  been  found  that 
the  product  of  the  distance  between  tlie  plates  by  the  elevation 
of  tlie  liquid  is  one  half  of  tlmt  obtained  with  glass  tubes.  This 
&ct  is  shown  in  tlie  table  on  page  358,  and  verifies  the  tliird  law. 

(191.)  Influence  of  Temperature  on  Capillary  Phenomena.  — 
The  general  expression  for  the  elevation  or  depression  of  the 
liquid  column  in  a  capillary  tube  [125]  may  bo  written 

and  it  is  evident  that  any  cause  which  changes  either  the  spe- 
cific gravity  of  the  liquid,  or  the  relative  values  of  the  cohesive 
and  adhesive  forces,  will  produce  variations  in  the  value  A. 
Hence  an  increase  of  temperature,  which  diaunishes  the  specific 
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gravity  by  expanding  the  liquid,  would  of  itself  alone  increase 
the  elevation  or  depression  of  the  column  ;  but  since  this  increase 
of  temperature  produces  changes  in  the  molecular  forces,  and 
hence  affects  the  value  of  the  term  2  a  —  a',  we  find  tliat  the 
elevation  or  depression,  instead  of  increasing  with  the  tempera- 
ture, actually  diminishes.  This  decrease  is  hot,  however,  simply 
proportional  to  the  temperature,  but  follows  much  more  compli- 
cated laws.  The  following  table  shows  the  height  at  which  the  dif- 
ferent liquids  enumerated  stand  at  O""  C.  in  a  tube  two  millimetres 
in  diameter,  together  with  the  coefficient  of  correction  for  tempera- 
ture, which,  multiplied  by  /,  the  number  of  degrees  above  0**, 
gives  the  amount  in  millimetres  to  be  deducted  from  the  height 
at  0"*,  in  order  to  find  the  height  of  the  capillary  column  at  the 
temperature  required.  The  last  column  gives  the  limits  of  temr 
perature  between  which  the  formulas  hold  true. 


Water, 

Sp.  Or.             X 
•too.              f^ 

1.0000  15T332 

—^.0286 1 

Umltfof 
TcmpcntuNb 

0              0 

Oto   82 

Ether, 

0.7370 

5.400 

—0.0254 1 

—6  to   35 

Olive  CMl, 

0.9150 

7.461 

—0.0105 1 

15  to  150 

Oil  of  Turpentine 

,  0.8902 

6.760 

— 0.0167  C 

17  to  187 

Alcohol, 

0.8208 

6.050 

— 0.0116  < 

—0.000051  fi 

Oto   75 

Sulphuric 

Acid, 

1.840 

8.400 

—0.0153 1 

—0.000094  <» 

12  to   90 

(192.)  Spheroidal  Condition  of  Liquids.  —  Wlien  the  adhe- 
sion of  a  liquid  to  a  solid  surface  is  more  than  twice  as  great  as 
the  cohesion  between  its  particles,  it  spreads  over  the  surface  of 
the  solid  and  wets  it  (185).  If,  however,  the  force  of  adhesion 
is  less  than  this,  the  liquid  forms  in  drops,  which  roll  round  on 
the  solid  surface  like  drops  of  mercury  on  glass,  or  drops  of  water 
on  oiled  paper.  The  form  of  these  drops  is  determined  by  the 
action  of  three  forces  ;  first,  the  cohesion  of  the  particles  of  the 
liquid,  secondly,  the  adhesion  of  the  liquid  to  the  solid,  and 
lastly,  gravity.  When  very  small,  the  drops  are  sensibly  spher- 
ical ;  but  as  they  increase,  the  sphere  becomes  flattened  by  the 
action  of  gravity,  and  they  assume  a  spheroidal  shape.  Hence 
liquids,  under  these  circumstances,  are  said  to  be  in  a  spheroidal 
condition.  Since  most  solid  surfaces  are  wet  by  water,  alcohol, 
and  similar  liquids,  the  spheroidal  condition  is  their  exceptional 
state ;  but  it  is  familiar  to  us  in  the  cases  just  mentioned,  and 
in  several  others.    As  the  effect  of  heat  is  to  diminish  both  the 
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cohesive  and  adhesive  forces,  we  can  easily  conceive  how  it  maj 
so  far  alter  their  relative  values  as  entirely  to  change  the  rela- 
tions of  a  liquid  to  a  solid  surface.  This  result  is  readily  ob- 
tained with  water,  alcohol,  and  similar  liquids,  which,  at  tlie 
ordinary  temperature,  wet  metallic  surface^;. 

It  will  hereafter  be  shown,  that  we  cannot  heat  a  liquid  in  the 
open  air  above  its  boiling  point,  and  hence  we  cannot  diminish  the 
cohesive  force,  except  to  a  limited  extent ;  while,  on  the  other  hand, 
we  can  heat  the  metals  to  a  far  higher  temperature,  and  thus  di- 
minish the  adhesion,  until  the  force  becomes  less  than  twice  that 
of  cohesion,  when  the  liquid  will  assume  the  spheroidal  state. 
Thus,  for  example,  if  water  is  dropped  into  a  metallic  vessel  heat- 
ed above  171^  C,  it  rolls  along  the  surface  of  the  metal  like  mer- 
cury on  glass,  and  remains  in  that  state  until  the  temperature  falls 
to  142^ ;  then  it  moistens  the  metallic  surface,  and  evaporates 
rapidly.  Alcohol  acts  in  the  same  way  when  the  temperature  of 
the  vessel  is  above  134',  and  ether  when  it  is  above  61®.  The 
temperature  of  the  liquid  itself,  under  these  circumstances,  is 
nearly  constant,  being  always  several  degrees  below  its  boiling 
point:  thus  96.5  is  the  temperature  of  water,  75.8  that  of 
absolute  alcohol,  84.2  that  of  ether,  and  — 10.5  that  of  liquid 
sulphurous  acid.  The  temperature  of  the  liquid  may  there- 
fore be  several  hundred  degrees  below  that  of  the  metallic 
vessel,  as  is  well  illustrated  by  liquid  sulphurous  acid,  which  in 
the  spheroidal  state  retains  a  temperature  10.5  degrees  below 
the  freezing  point  of  water,  even  when  the  metallic  crucible 
containing  it  is  visibly  red-hot.  If  water  is  slowly  dropped 
into  this  singular  liquid  under  these  circumstances,  it  is  at  once 
congealed,  thus  exhibiting  the  apparent  paradox  of  freezing 
water  in  a  red-hot  crucible. 

One  of  the  most  instructive  illustrations  of  the  spheroidal  con- 
dition of  water  is  the  rude  method  used  in  laundries  for  testing 
the  degree  of  heat  of  a  flat-iron.  If  a  drop  of  water  let  fall  upon 
it  does  not  boil,  but  runs  along  the  surface  of  the  metal,  the  iron 
is  considered  sufficiently  hot ;  but  if  the  drop  adheres,  and  rapidly 
boils  away,  the  temperature  is  known  to  be  too  low.  We  shall 
have  occasion  to  return  to  this  subject  in  the  chapter  on  Heat. 

(193.)  Examples  and  Illustrations  of  Capillarity.  —  One 
of  the  most  familiar  examples  of  capillary  action  is  seen  in 
the  wicks  of  lamps  and  candles.    These  consist  of  very  fine 
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vegetable  tubes,  through  which  the  oil  or  melted  combustible  is 

elevated  to  the  flame,  and  supplied  as  fast  as  it  is  burnt.    This 

same  principle  also  influences  the  circulation  of  the  liquid  juices  I 

in  the  porous  tissues  of  organized  beings,  and  it  is  the  principal  i 

means  by  which  water,  witli  the  substances  it  holds  in  solution,  is 

supplied  to  the  growing  plant.    It  is  the  capillary  action,  which, 

during  the  droughts  of  summer,  draws  up  to  the  surface  of  the 

soil  the  water  necessary  for  Tegetatiou,  which  had  penetrated  into 

it  during  the  heavy  rains  of  spring.    When  the  water  holds  salts 

in  solution,  these  are  deposited  as  it  subsequently  evaporates, 

forming  those  incrustations  which  are  frequently  seen  on  the 

brick  walls  of  old  houses  and  on  the  surfaces  of  saltpetre  beds. 

The  laws  of  capillary  action  furnish  tlie  explanation  of  many 
other  remarkable  phenomena.  A  platinum  wire  will  float  on  the 
surface  of  mercury,  altliough  its  specific  gravity  is  very  much 
greater  than  that  of  the  liquid  metal.  So  also  a  very  fine  metal- 
lic wire,  which  has  been  slightly  greased  by  passing  it  hetween  the 
fingers,  can  be  made  to  float  upon  water,  and  the  same  is  true  of 
many  metallic  powders.  This  singular  result  is  explained  by 
the  fact,  that  the  floating  body  is  not  wet  by  the  liquid,  and  con- 
sequently there  forms  around  it  a  meniscus,  which  displaces  a 
large  volume  of  liquid  in  comparison  with  that  of  the  solid; 
and  since  the  volume  of  water  thus  displaced  weighs  as  much 
as  the  floating  body,  it  cannot  sink.  There  are  some  insects 
which  walk  on  the  surface  of  water,  but  which  would  almost 
entirely  sink  in  the  liquid  were  it  not  that  tlie  capillary  depres- 
sion formed  by  their  extended  feet  (which  are  kept  from  being 
wet  Ly  a  greasy  coating)  displaces  a  weight  of  water  equal  to 
that  of  the  insect. 

(194.)  Absorption. — The  power  which  porous  solids,  like 
wood,  cloth,  paper,  or  animal  membrane,  possess  of  absorbing 
liquids,  is  also  a  phase  of  capillary  action.  These  solid  bodies 
are  filled  with  minute  channels,  into  which  the  liquid  is  drawn 
with  great  force,  as  before  explained.  We  may  gain  an  idea  of 
the  intensity  of  this  force  by  reflecting  that  in  a  tube  1  millimetre 
in  diameter  it  is  measured  by  a  column  of  water  80  m.m.  high, 
and  hence  in  a  tube  ^i„  millimetre  in  diameter  by  a  column  of 
water  3  metres  in  height.  Now  since  the  minute  channels  with 
which  these  porous  solids  are  filled  are  as  small  as  this,  or  even 
smaller,  it  is  evident  that  they  will  absorb  water  with  au  almost 
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irresistible  force ;  hence  the  difficulty  of  pressing  out  the  liquid 
when  it  has  once  been  imbibed.  In  many  cases  the  absorp- 
tion of  a  liquid  is  attended  with  an  increase  of  Tolume,  and 
the  intensity  of  the  capillary  force  is  rendered  evident  by  the 
expansive  power  which  is  thus  exhibited.  A  common  method 
of  splitting  granite  rock  consists  in  drilling  a  number  of  holes 
along  the  line  of  fracture,  and  subsequently  plugging  them  up 
with  dry  wood.  Water  is  then  poured  over  the  plugs,  which 
expand  and  split  the  stone. 

The  amount  of  liquid  absorbed  by  a  given  solid  varies  with  the 
nature  of  the  liquid  used ;  thus  it  has  been  foimd  that  100  parts 
by  weight  of  the  dried  bladder  of  an  ox  absorbed  in  twcuty-four 
hours 

268  parts  of  pure  water, 

133      *^        water  saturated  with  common  salt, 

88      "        alcohol,  8-i  per  cent. 

17  "  bone  oil. 
It  has  also  been  found,  that,  if  the  bladder  saturated  with  oil  is 
soaked  in  water,  the  oil  is  after  a  while  entirely  replaced  by  water, 
and  by  as  much  water  as  the  bladder  is  capable  of  absorbing. 
These  facts  indicate  not  only  that  porous  solids  exert  an  unequal 
attraction  for  different  liquids,  but  also  that  they  attract  most 
powerfully  those  of  which  they  absorb  the  greatest  volume. 

In  connection  with  these  facts  may  be  mentioned  the  singular 
property  which  many  kinds  of  charcoal  possess,  of  absorbing  color- 
ing-matters and  other  organic  principles.  Thus,  if  water  colored 
by  litmus  is  shaken  up  with  pulverized  charcoal,  nearly  the  whole 
of  the  coloring-matter  will  be  retained  by  the  charcoal,  and,  on 
filtering,  the  liquid  will  run  through  colorless.  A  variety  of  char- 
coal called  bone-black  possesses  this  power  in  a  high  degree,  and 
is  used  for  removing  the  color  from  the  brown  syrups  in  tlie  pro- 
cess of  refilling  sugar.  The  syrups  are  filtered  tlurough  a  layer  of 
charcoal  twelve  or  thirteen  feet  in  thickness,  contained  in  a  taU 
iron  cylinder,  and  are  thus  obtained  perfectly  colorless.  Bone- 
black  is  prepared  by  calcining  bones  in  close  vessels,  and  does  not 
contain  more  than  one  tenth  or  one  twelfth  of  its  weight  of  char- 
coal ;  the  remainder  consists  of  earthy  matter,  chiefly  phosphate 
of  lime.  Whether  the  peculiar  property  under  consideration  is 
due  to  the  charcoal  alone,  or  whether  it  is  also  shared  by  the 
earthy  salts,  is  not  known.     Other  animal  substances,  especially 
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dried  blood,  famish  when  calcined  a  charcoal,  which,  if  well 
washed,  is  even  more  efficacious  than  bone-black,  and  the  addi- 
tion of  carbonate  of  potash  to  the  mass  before  calcining  still 
further  increases  the  decolorizing  power  of  the  charcoal. 

The  absorbmg  power  of  charcoal  is  not,  however,  confined  to 
the  colorbig  principles  alone.  Many  inorganic  substances  when 
in  solution,  especially  of  feeble  solubility,  are  absorbed  in  the 
same  way.  Professor  Graham  has  shown  that  this  is  the  case 
with  tho  metallic  oxides  when  dissolved  in  potash  or  ammonia, 
and  with  arseuious  acid  when  dissolved  in  water.  It  is  also  true 
of  most  organic  extractive  matters.  Thus,  if  porter  is  filtered 
through  lampblack,  it  will  be  found  to  have  lost  the  greater  part 
of  its  bitterness,  as  well  as  its  color,  and  in  the  preparation  of 
organic  extracts  much  of  the  active  principle  is  lost,  if,  as  is  not 
unfrequcntly  tho  case,  the  liquid  is  digested  with  animal  char- 
coal for  the  purpose  of  removing  the  color. 

(195.)  Solution,  —  When  tho  adhesion  of  a  liquid  to  a  solid  is 
sufficiently  strong  to  overcome  the  force  of  cohesion,  the  solid 
enters  into  solution ;  that  is,  it  diffuses  throughout  the  mass  of 
the  liquid,  without  destroying  its  transparency.  Thus  salt  or 
sugar  dissolves  in  water,  resins  dissolve  in  alcohol,  fats  dissolve  in 
ether,  and  most  of  tho  metals  dissolve  in  mercury.  The  solvent 
power  of  a  given  liquid  for  different  solids  varies  almost  indefi- 
nitely. Tims  siilphate  of  baryta  is  almost  insoluble  in  water ; 
sulphate  of  lime  dissolves  in  tho  proportion  of  about  one  part  in 
400  parts  of  water,  and  sugar  in  one  third  of  its  weight  of  water, 
while  hydrate  of  potassa  may  be  dissolved  in  this  liquid  to  almost 
any  extent. 

If  we  add  a  solid  body,  in  successive  portions,  to  a  liquid 
capable  of  dissolving  it,  we  find  that  the  first  portions  disap- 
pear very  rapidly,  but  each  succeeding  portion  dissolves  less 
rapidly,  \mtil  at  length  a  point  is  reached  when  the  solid  is  no 
longer  dissolved.  The  liquid  is  then  said  to  be  saturated  witlx 
the  particular  solid.  It  would  appear  tliat  the  adhesion  of  tho 
liquid  hod  tho  power  of  overcoming  the  cohesion  of  tlie  solid  to 
a  limited  extent,  until  tho  two  forces  were  in  a  condition  of 
equilibrium.  A  liquid,  however,  which  is  saturated  with  one 
substance  may  still  continue  to  dissolve  others. 

The  solvent  power  of  a  given  liquid  for  the  same  solid,  as  a 
general  rule,  varies  very  greatly  witli  the  temperature.    Since 
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heat  tends  to  weaken  the  force  of  cohesion,  we  should  naturallj 
expect  that  it  would  increase  the  solvent  power  of  a  liquid,  and 
we  find  that  in  most  cases  it  does.  There  are,  however,  manj 
striking  exceptions  to  this  rule.  Thus  water  at  the  fireezing 
point  dissolves  nearly  twice  as  much  lime  as  it  does  when  hoiling ; 
and  in  like  manner  sulphate  of  lime,  citrate  of  lime,  sulphate  of 
lanthanum,  and  several  otlicr  substances,  are  known  to  be  more 
soluble  in  cold  than  in  hot  water. 

The  increase  of  solubility  with  the  temperature  is  very  unequal 
in  different  cases.  The  solubility  of  common  salt  scarcely  in- 
creases between  0^  and  100^.  Thus  100  parts  of  water  dissolve 
at  the  ordinary  temperature  86  parts  of  common  salt,  and  at  the 
boiling  point  a  little  over  39  parts.  With  a  few  salts  the  increase 
of  solubility  is  exactly  proportional  to  the  temperature,  and  may 
be  represented  by  the  general  fdrmula,  S:=  A-\'  Bt^  in  which 
A  represents  the  solubility  at  0',  and  B  the  increase  of  solubility 
for  each  degree  of  temperature.  This  is  the  case  witli  tlie  fol- 
lowing three  salts.     One  hundred  parts  of  water  dissolve  at  /®, 


of  Sulphate  of  Potash,  5—    8.36  -f- 0.174K, 

**  Chloride  of  Potassium,         S  —  29.23  +  0.2738  «, 

«  Chloride  of  Barium,  S  —  32.62  -|-  0.2711 1. 

In  most  cases,  however,  the  solubility  increases  more  rapidly  than 
the  temperature.  This  is  the  case  with  common  nitre,  as  may  be 
seen  in  the  following  table,  in  wluch  the  solubilities  both  of  nitre 
and  chloride  of  potassium  are  given  side  by  side  for  every  20^  be- 
tween the  freezing  and  boiling  points  of  water. 

Chloride  o/Potassiunu  Nitre. 

o 

6.47  ^  ^^-^2  18.38 

«-»«  !J  "•!!  82.27 

5.48  *0  «3.97  4g3g 

«.48  «0  "0-33  69.92 

,  ,g  80  170.25 

100 

Since  tho  solubilitj  of  a  salt  is  always  some  function  of  the  tem- 
perature, it  can  in  every  case  be  expressed  by  the  general  formula, 
into  which  every  algebraic  function  may  be  developed : 

S=«A-^Bt-\-Ce-^Dt*  +  &c.  [180.] 


o 

0 

29.23 

20 

84.70 

40 

40.18 

60 

45.66 

80 

51.14 

100 

56.62 
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In  this  formula,  A  is  the  solubility  at  0°,  and  B,  Cy  D,  &g.  are 
empirical  coefBcieiits,  irhich  can  be  easily  calculated  in  any  given 
case  from  tlie  results  of  experiment.  Tlius,  for  example,  100 
parts  of  water  dissolve  at  the  tempcraturo  t  an  amount  of  nitre 
represented  by 

S=  13.32  4-  0.5738  (  +  0.017168  C  +  0.0000035977/', 
and  of  nitrate  of  baryta  an  amount 

S=  5.00  +  0.17179  (  +  0.001740Ci*—  0.0000050035  i*. 
Tlic  values  of  the  coefiicicitts  of  tlie  powers  of  t  arc  calculated 
by  substituting  in  the  general  equation  [130]  the  value  of  A^ 
and  also  the  values  of  S  and  t,  for  each  temperature  at  tthich 
tlie  solubility  lias  been  determined.  We  eliall  thus  obtain  as 
many  separate  equations  as  there  are  separate  determinations, 
and,  by  combining  them  togcUicr  according  to  the  wcll-kuown 
methods  of  algebra,  we  can  easily  calculate  the  coefficients  re- 
quired. It  is  evident  tliat  wo  can  only  ascertain  as  many  co- 
efficients as  tliere  are  equatious,  and  also  that  the  resulting 
formula  is  purely  empirical,  and  can  only  be  trusted  for  tent- 
peratures  between  tliose  at  wbich  the  experiments  were  made. 

The  solubility  of  a  salt  at  dififerent  temperatures  can  he  also 
expressed  graphically,  according  to  the  metliod  of  analytical 
geometry,  as  represented  in  Fig.  326.     Tlie  horizontal  axis, 


ni-sae. 

which  corresponds  to  the  axis  of  ab<K:issas,  is  divided  into  equal 
parts,  which  indicate  defies  of  temperature,  and  the  vertical 
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axis,  which  corresponds  to  the  axis  of  ordinates,  is  also  divided 
into  equal  parts,  which  indicate  the  number  of  grammes  of  salt 
soluble  at  the  given  temperatures  in  100  parts  of  water.  In 
order  to  form  the  curve',  we  fix  as  many  pouits  as  possible  from 
the  experimental  data,  and  then  through  the  points  thus  deter- 
mined we  draw  a  line,  which  is  the  curve  required.  We  can  now, 
bj  inspection,  Easily  determine  the  solubility  of  the  salt  at  any 
temperature  which  is  within  the  limits  of  our  experiments.  Sup- 
pose, for  example,  we  wish  to  know  the  solubility  of  nitre  at  40'', 
we  follow  up  the  vertical  line  marked  40''  until  it  crosses  the 
curve ;  and  then,  opposite  to  the  point  of  intersection,  we  find  on 
the  axis  of  ordinates  the  number  64,  indicating  that  at  this  tem- 
perature 64  parts  of  salt  dissolve  in  100  parts  of  water.  Such 
curves  convey  at  a  glance  a  general  idea  of  the  law  which  the 
solubility  of  a  given  salt  follows,  and  also  the  relative  solubility  of 
different  salts  at  any  given  temperature.  Thus  it  will  be  noticed 
that  the  curve  of  common  salt  is  a  straight  line  parallel  to  the 
horizontal  axis,  indicating  that  its  solubility  does  not  vary  with 
the  temperature.  The  curves  of  chloride  of  barium  and  chloride 
of  potassium  are  also  straight  lines,  inclined  at  a  certain  angle 
to  the  horizontal  axis,  showing  that  the  increase  of  solubility  is 
directly  proportional  to  the  temperature.  The  curve  of  sul- 
phate of  magnesia  is  also  a  straight  line,  but  more  inclined  to 
the  horizontal  than  the  last,  proving  that  the  solubility  of  this 
salt  increases  proportionally  to  the  temperature,  but  at  a  more 
rapid  ratio  than  that  of  the  last  two.  The  curves  of  nitrate 
of  baryta,  of  chlorate  of  potassa,  and  of  nitrate  of  potassa,  inr 
dicate  that  their  solubility  increases  more  rapidly  than  the  tem- 
perature, and  according  to  very  different  laws.  Lastly,  it  will 
be  noticed  tliat  the  order  of  relative  solubility  of  the  three  salts, 
sulphate  of  potassa,  nitrate  of  baryta,  and  chlorate  of  potassa,  is 
completely  inverted  in  passing  from  85^  to  55^. 

The  relative  solubility  of  chemical  compounds  is  one  of  the 
most  important  circumstances  in  determining  chemical  changes ; 
and  it  can  be  easily  seen  how  important  these  tables  of  curves 
must  be  to  the  chemist.  Unfortunately,  full  determinations 
of  the  solubility  of  substances  at  different  temperatures  have 
only  been  made  in  a  few  cases,  and  these  have  been  mostly 
limited  to  solubility  in  water. 

From  a  knowledge  of  the  solubility  of  a  solid  in  one  liquid, 
we  can  draw  no  conclusions  in  regard  to  its  solubility  in  an- 
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other,  and  fhis  is  also  true  in  regard  to  tbe  law  according  to 
which  the  solubility  changes  with  the  temperature.  This  gener- 
ally differs  entirely  for  different  liquids,  even  when  the  solid  is 
the  same,  and  must  therefore  be  determined  separately  for  each. 

In  several  cases  the  solubility  of  substances  has  been  deter- 
mined both  above  and  below  their  melting  point ;  but  no  sud- 
den change  of  solubility  has  been  noticed  at  this  point,  as  might 
have  been  expected.  Thus  the  melting  points  of  spermacetii 
paraffine,  and  of  several  other  similar  solids,  are  below  the  boil- 
ing point  of  alcohol,  so  that  we  can  determine  the  solubility  of 
these  substances  in  alcohol,  both  above  and  below  their  melting 
points.  In  each  case,  the  solubility  has  been  found  to  increase 
gradually  throughout  the  whole  range  of  temperature,  and  the 
melting  of  the  solid  does  not  appear  by  itself  alone  to  produce 
any  change. 

(196.)  Determination  of  Solubilities.  —  In  order  to  deter- 
mine the  solubility  of  a  substance  at  a  given  temperature,  a 
saturated  solution  is  first  prepared  at  the  temperature  required. 
This  may  be  prepared  in  one  of  two  ways.  We  may  either  keep  the 
liquid  in  contact  with  a  large  excess  of  the  solid  for  a  long  time, 
at  the  given  temperature,  until  it  has  dissolved  all  that  it  can,  or 
we  may  prepare  a  saturated  solution  at  a  slightly  higher  temper- 
ature, and,  after  having  cooled  it  to  the  required  temperature, 
keep  it  at  that  point  until  the  excess  of  the  solid  has  been  depos- 
ited. Experiments  have  proved  that  we  obtain  the  same  result 
by  both  methods ;  but  in  employing  the  second,  it  is  necessary  to 
take  certain  precautions.  It  has  been  observed,  that  a  liquid, 
when  not  in  contact  with  the  solid  particles  themselves,  will 
retain  in  solution  an  amount  of  the  solid  which  is  greater  than 
it  can  normally  dissolve  at  the  given  temperature.  But  if  a  few 
crystals  of  the  solid  are  dropped  into  it,  the  excess  will  be  at  once 
deposited.  Violent  agitation  favors  the  separation,  but  we  can- 
not in  any  case  be  certain  that  the  excess  has  been  completely 
removed  until  after  several  hours. 

Having  prepared  a  saturated  solution,  by  either  of  these  pro- 
cesses, we  next  transfer  a  quantity  of  it  to  a  tared  flask,  and  care- 
fully determine  its  weight,  which  should  be  about  50  grammes. 
We  then  evaporate  the  liquid  by  placing  the  flask  over  a  sand- 
bath  or  a  small  furnace,  as  represented  in  Fig.  827,  taking  care 
to  keep  the  neck  of  the  flask,  which  should  be  quite  long,  in- 
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dined  at  an  angle  of  about  45^,  in  order  to  prevent  loss  by  spirt- 
ing. The  evaporation  is  continued  until  both  the  water  of  crys- 
tallization and  that  of  solution  have  been  driven  off,  and  the  salt 
left  in  an  anhydrous  condition.  The  last  traces  of  moisture 
are  best  removed  by  blowing  into  the  flask  a  stream  of  dry  air, 
through  a  glass  tube  attached  to  the  nozzle  of  a  pair  of  bellows. 
When  the  flask  is  cold,  we  weigh  it,  and  thus  obtain  the  weight 
of  the  anhydrous  salt  which  the  solution  contained,  and  from 


this  weight  it  is  easy  to  calculate  the  weight  of  salt  dissolved  by 
100  parts  of  water  at  the  given  temperature. 

Let  us  represent  the  weight  of  solution  used  in  our  ex- 
periment by  TT,  and  the  weight  of  dry  salt  obtained  by  W'. 
W  —  W'  is  then  the  weight  of  water  which  dissolves  a  weight 
W  of  the  anhydrous  salt.  The  amount  of  salt  which  100  parts 
of  water  will  dissolve  may  then  be  ascertained  by  the  proportion, 

W—  W  :  TT'  =100  :  JC,  from  which  we  get  X«=  100  y^^y^r 

If  the  salt  contains  water  of  crystallization,  we  shall  wish  to  cal- 
culate from  the  weight  of  the  anhydrous  residue  the  weight  of 
crystallized  salt  which  100  parts  of  water  dissolved  at  the  tem- 
perature of  the  experiment.  Let  us  represent  by  w  the  weight 
of  water  of  crystallization  with  which  the  weight  W'  of  anhy- 
drous salt  combines.  W  -{^  w  then  evidently  represents  the 
weight  of  crystallized  salt  which  was  dissolved  in  the  weight  of 
water  TT—  (  TT'  +  k?).   Hence  we  get  the  proportion,  as  before, 

HT— TF'  — M^:  Tr'  +  M^  =  100:  Jr,andX=100  ^^^^+^, 

the  amoxmt  of  crystallized  salt  which  will  dissolve  at  the  given 
temperature  in  100  parts  of  water. 
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Instead  of  evaporating  the  solution,  it  is  frequently  more  con- 
yenient  to  determine  the  weight  of  salt  dissolved  by  precipitating 
one  of  its  constituents,  as  in  the  ordinary  method  of  chemical 
analysis.  Thus  the  amount  of  sulphate  of  soda  in  a  solution 
may  be  ascertained  by  precipitating  the  sulphuric  acid  as  suU 
phate  of  baryta,  and  afterwards  collecting  and  weighing  the  pre- 
cipitate in  the  usual  way ;  and  the  same  method  may  be  followed 
with  any  sulphate.  In  like  manner,  the  solubility  of  any  chloride 
in  water  may  be  determined  by  precipitating  the  chlorine  as 
chloride  of  silver.  lu  either  case,  from  the  weight  of  the  pre- 
cipitate we  can  easily  calculate,  by  the  rules  of  stochiometry,  the 
weight  of  salt  which  was  in  solution,  whether  in  an  anhydrous  or 
a  crystalline  condition.  When  a  salt  is  easily  decomposed  by 
heat,  this  chemical  method  of  determining  its  solubility  is  always 
to  be  preferred. 

(197.)  Solution  and  Chemical  Change.  —  Solution  is  gener- 
ally regarded  as  merely  a  mechanical  separation  of  the  particles 
of  a  solid,  which  are  diffused  through  the  liquid  solvent.  Thus, 
when  sugar  dissolves  in  water,  its  particles  are  diffused  through- 
out the  liquid ;  but  they  are  not  supposed  to  undergo  any  essen- 
tial change,  for  the  syrup  retains  the  sweetness  of  the  sugar,  and 
on  evaporation  yields  «olid  sugar,  with  all  its  peculiar  properties. 
So  also  a  solution  of  camphor  in  alcohol  partakes  of  the  proper- 
ties of  both  substances,  and  when  evaporated  deposits  the  solid 
camphor  entirely  unchanged.  Such  a  change  is  supposed  to  be 
entirely  mechanical,  and  to  differ  widely  from  true  chemical  com- 
bination, in  which  the  properties  of  the  combining  substances 
are  entirely  merged  and  lost  in  those  of  the  compound.  Thus, 
when  we  add  lime  to  dilute  nitric  acid,  it  apparently  dissolves, 
as  sugar  dissolves  in  water,  and  the  result  is  a  clear  solution  ;  if, 
however,  we  examine  the  solution,  we  find  that  the  properties  of 
lime  have  disappeared,  and  on  evaporating  it  we  obtain,  not  lime, 
but  a  new  substance  called  nitrate  of  lime.  These  examples 
would  seem  to  indicate  that  there  is  a  very  marked  distinction 
between  solution  and  chemical  combination,  and  this  conclusion 
is  apparently  confirmed  by  the  fact,  that  whereas  chemical  com- 
bination takes  place  most  easily  between  those  substances  which 
are  most  unlike,  solution  generally  occurs  most  readily  when 
the  solvent  is  more  or  less  closely  allied  in  its  properties  to 
the  body  dissolved ;  thus  mercury  dissolves  the  metals,  alcohol 
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the  resins,  and  oils  dissolve  the  fats.  But  if,  instead  of  compar- 
ing these  extreme  cases,  we  study  the  whole  range  of  chemical 
phenomena,  we  shall  find  that  the  distinction  between  solution 
and  chemical  combination  is  b/  no  means  so  clearly  marked,  and 
that  it  is  imposiiible  to  say  where  the  one  ends  and  the  otlier  begins. 
In  many  cases,  wliat  seems  to  be  au  example  of  simple  solution 
can  be  shown  to  be  a  mixed  effect,  at  least,  of  solution  and  chem- 
ical combination ;  and  between  this  condition  of  things,  where  the 
evidence  of  chemical  combination  is  unmistakable,  and  a  simple 
solution  like  that  of  sugar  in  water,  we  have  every  degree  of 
gradation.  To  such  an  extent  is  tills  true,  that  the  facts  seem  to 
justify  the  opinion  that  solution  is  in  every  case  a  chemical  com- 
bination of  the  substance  dissolved  with  the  solvent,  and  that 
it  differs  from  other  examples  of  chemical  change  only  in  the 
weakness  of  the  combining  force.  There  are  many  remarkable 
phenomena  connected  with  the  solution  of  salts  in  water,  which 
are  probably  caused  by  tlie  intervention  of  chemical  aiSinity. 

There  are  but  few  anhydrous  salts  which  dissolve  in  water 
without  entering  into  chemical  combination  with  it ;  in  such 
cases  we  obtain,  not,  properly  speaking,  a  solution  of  the  anhy- 
drous salt,  but  a  solution  of  a  compound  of  the  anhydrous  salt 
and  water.  Thus,  for  example,  if  we  dissolve  anhydrous  sul- 
phate of  soda  in  water,  every  44.2  parts  of  the  salt  combine  with 
55.8  parts  of  water,  and  we  obtain  a  solution,  not  of  Na  O,  SOs, 
but  of  Na  0,  8  Oj .  10  HO ;  and  on  evaporating  the  solution  at 
the  ordinary  temperature,  crystals  of  the  hydrated  salt  are  de- 
posited. The  water  which  is  thus  combined  with  the  salt  is 
termed  water  of  crystallization*  It  is  combined  in  definite  pro- 
portions, but  is  united  by  so  feeble  an  affinity,  that  it  is  entirely 
driven  off  when  the  crystallized  salt  is  heated  to  SS"*  in  the  open 
air.  It  is  true  that  it  is  difficult,  and  frequently  impossible,  to 
ascertain  the  condition  in  which  a  salt  exists  when  in  solution, 
and  that  the  condition  in  which  it  is  deposited  on  evaporation 
is  not  necessarily  the  same  as  that  in  which  it  was  dissolved. 
Even  in  the  case  just  cited,  it  is  impossible  to  determine  with 
certainty  whether  the  hydrated  salt  exists  as  such,  in  solution, 
or  whether  it  is  first  formed  at  the  moment  of  crvstallization. 
Several  facts,  however,  seem  to  support  the  first  hypothesis. 

On  examining  the  curve  of  solubility  of  anhydrous  sulphate 
of  soda  (Fig.  828),  it  will  be  noticed  that  the  solubility  rapidly 
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increases  with  the  ten^ratare'  up  to  SS",  where  it  reaches  its 
maximum,  and  thea  diminishes  as  the  temperatuta  rises  above  this 
point.  Such  a  sudden  break  in  the  continuity  of  the  curve  as 
this  is  inezplioable,  at  least  with  our  present  knowledge,  if  we 
suppoea  that  the  water  holds  in  solution  one  and  the  eame  body 
throughout  the  whole  range  of  temperature ;  while  it  is  easily 
explained,  if  we  assume  that  the  composition  of  the  Bait  in  solu- 
tion changes  with  the  temperature ;  —  for  if,  as  would  naturally 
be  the  case,  the  solubility  of  the  salt  is  different  in  its  hydrated 


and  its  anhydroofl  conditions,  the  sudden  change  in  its  solubility 
may  be  caused  by  a  change  of  composition  commencing  at  a  par- 
ticular point.  That  this  is  the  case  with  sulphate  of  soda  is 
substantiated  by  the  &ct,  that  the  sudden  change  in  the  law  of 
its  solubility  takes  place  at  €8°,  the  temperature  at  which  the 
hydrated  salt  loses  its  water  in  the  air.  It  is  not  supposed,  how- 
ever, that  the  change  of  composition  is  completed  at  that  tem- 
perature, but  only  that  it  commences  at  that  point,  and  becomes 
more  complete  as  the  temperature  rises.  Below  88°,  the  change 
of  solubility  is  owing  to  the  natural  efTect  of  heat  in  increasing 
the  solubility  of  the  hydrated  salt.  Above  33°,  the  change  is 
a  mixed  effect  of  the  cause  just  mentioned  and  of  the  change  of 
the  hydrated  into  the  less  soluble  anhydrous  salt. 

It  is  obvious,  from  what  has  been  stated,  that  the  curve  of 
solubility  of  anhydrous  sulpliate  of  soda  given  iu  Fig.  328  is  a 
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pure  fiction,  since  below  8S®  it  is  Na  0,  SO, .  10  HO,  and  not 
Na  0,  SOa,  which  is  in  solution  ;  and  the  same  is  true  also  of  sul- 
phate of  magnesia  and  chloride  of  barium,  both  of  which  form 
crystalline  compounds  in  water.  Indeed,  in  order  that  such  a 
curve  should  be  a  representation  of  actual  facts,  it  is  essential 
to  know  in  what  condition  the  salt  exists  in  solution  at  eacli  tem- 
perature, and  to  calculate  the  solubility  solely  for  the  hydrate 
which  is  known  to  be  present.  A  separate  curve  should  then  be 
constructed  for  each  definite  compound,  between  the  limits  of 
temperature  at  which  it  is  known  to  exist.  This  has  been  done 
in  the  case  of  sulphate  of  soda,  by  Loewel,*  who  has  determined 
separately  the  solubility  of  the  three  compounds  NaO,  SO,, 
NaO,  SO, .  7 HO,  and  NaO,  SO, .  10 HO,  between  the  limits  of 
temperature  at  which  they  are  capable  of  existing.  His  numer- 
ical results  are  given  in  the  table  on  page  875,t  and  from  them 
the  curve  may  easily  be  drawn. 

In  the  case  of  the  two  hydrates,  the  table  gives  in  each  in- 
stance the  amount  of  anhydrous  salt  corresponding  to  the  hydrate 
dissolved,  and  by  comparing  the  three  columns  headed  ^  anhy- 
drous salt,"  it  will  be  seen  that  the  amount  of  Na  0,  SO,  which 
100  parts  of  water  will  dissolve  at  20"*,  for  example,  varies  very 
considerably  with  the  condition  of  hydration  in  which  it  exists. 
It  will  also  be  noticed,  that  the  change  of  solubility  for  each  com- 
pound follows  a  uniform  law  throughout ;  the  solubility  increas- 
ing with  the  temperature  in  the  case  of  the  two  hydrates,  and 
diminishing  with  the  temperature  in  that  of  the  anhydrous  salt. 
It  is  the  combination  of  these  two  phenomena  which  causes  the 
seeming  irregularity  in  the  curve  of  anhydrous  sulphate  of  soda, 
as  determined  by  Gay-Lussac,  and  represented  in  the  figure  above. 
Similar  irregularities,  which  have  been  observed  in  seleniate  of 
soda,  carbonate  of  soda,  and  many  other  salts,  are  probably  to  bo 
explained  in  the  same  way,  although  the  subject  has  not  been 
as  yet  sufficiently  investigated  to  furnish  the  data  for  a  satisfac- 
tory conclusion  in  all  cases. 

Loewel,  whose  memoirs  on  the  solubility  of  sulphate  of  soda 
we  have  just  cited,  has  investigated  with  equal  care  the  solubil- 
ity of  a  few  other  salts.^    In  the  case  both  of  carbonate  of  soda 

—   -     -  ..  ■ 

•  Annalcfi  do  Cliimie  et  do  Physiqiie,  Tom.  XXIX.  p.  62  ;  Tom.  XXXIII.  p.  334. 

t  IWd.,  Tom.  XLIX.  p.  82. 

}  Ibid.,  Tom.  XXXIII.  p.  834  ;  Tom.  XLIII.  p.  405  ;  Tom.  XUY.  p.  318. 
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and  sulphate  of  magnesia,  he  found,  verj  remarkably,  that  the 
solubility  not  only  differed  for  the  different  hydrates,  but  also 
was  different  for  the  different  states  of  the  same  hydrate.  Thus 
the  salt  NaO,  C0« .  7  HO  can  be  obtained  in  two  different  con- 
ditions or  allotropic  modifications,  which  we  may  distinguish  as 
a  and  fr,  the  salt  a  crystallizing  in  rhombobedrons,  the  salt  b  in 
tabular  prisms.  Loewel  observed  that  the  solubility  of  the  salt 
was  very  different  in  these  two  modifications,  that  of  a  being  nearly 
twice  as  great  as  that  of  b.  The  table  on  page  877,  which  has 
been  taken  from  the  original  memoir,*  gives  the  solubility  at  dif- 
ferent temperatures,  not  only  of  these  two  modifications,  but  also 
of  the  ordinary  crystallized  carbonate  of  soda,  which  contains 
ten  equivalents  of  water  of  crystallization.  In  the  case  of  each 
salt,  the  corresponding  amounts  of  anhydrous  salt  are  given  for 
the  sake  of  comparison. 

This  table  illustrates  even  in  a  more  marked  manner  than  the 
last  tlie  fact  on  which  we  have  insisted  so  strongly  in  this  section, 
that  the  solubility  of  a  salt  varies  not  only  witix  the  temperature, 
but  also  with  its  state  of  hydration;  and  it  illustrates  an  addition- 
al fact,  that  the  solubility  may  also  be  altered  by  a  mere  change 
of  molecular  condition,  without  any  change  in  composition.  Phe- 
nomena analogous  to  those  just  described  were  also  observed  by 
Loewel  in  the  case  of  sulphate  of  magnesia,  but  for  the  details  in 
regard  to  tliem  wo  must  refer  to  the  original  memoir.f 

(198.)  Supersaturated  Solutions.  —  Water  is  said  to  be  su- 
persaturated when  it  contains  in  solution  more  of  a  salt  than  it 
would  dissolve  if  presented  to  the  salt  at  tlie  given  temperature. 
That  saturated  solutions  do  not  at  once  deposit  tlie  excess  of  salt 
which  they  hold  in  solution,  when  cooled  to  a  lower  temperature, 
is  a  fact  familiar  to  every  one  who  has  experimented  on  this  sub- 
ject ;  but  there  can  be  also  no  doubt  that  the  prominent  exam- 
ples, which  are  frequently  cited  as  illustrations  of  this  fact,  are 
to  be  referred  to  the  intervention  of  the  force  of  chemical  affinity 
in  a  manner  similar  to  that  explained  in  the  last  section. 

If  we  prepare  a  boiling  saturated  solution  of  sulphate  of  soda 
in  a  glass  flask,  and,  having  corked  the  flask  while  the  solution  is 
boiling,  allow  it  to  cool  to  the  temperature  of  the  air,  it  may  bo 


*  Annales  de  Chimio  et  de  Phfsiqiie,  Tom.  XXXTIL  p.  33i. 
t  Ibid.,  Tom.  XLUI.  p.  405. 
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kept  for  months  without  crystallizing ;  but  the  moment  a  glass 
rod  or  a  crystal  of  Glauber's  salt  is  dipped  into  it,  the  whole  mass 
becomes  semi-solid  from  the  sudden  formation  of  crystals,  which 
ray  out  from  the  solid  nucleus  in  every  direction.  This  singular 
phenomenon  was  formerly  supposed  to  be  similar  to  what  is  fre- 
quently observed  durmg  the  freezing  of  water  and  the  solidify- 
ing of  monohydrated  acetic  acid,  melted  phosphorus,  and  many 
other  substances.  It  is  well  known  that  these  liquids,  if  kept 
perfectly  still,  may  be  cooled  several  degrees  below  the  melting 
point  without  losing  their  liquid  condition,  but  that  if  disturbed 
when  in  this  state,  they  at  once  become  solid.  These  phenomena 
have  been  referred  to  the  inertia  of  the  particles,  which  tends 
to  retain  the  substance  in  a  liquid  condition  below  tlie  usual 
temperature,  and  the  same  explanation  has  been  extended  to  the 
sudden  crystallization  of  sulphate  of  soda,  as  above  described. 

Loewel,  in  the  memoir  already  referred  to,*  has  investigated 
this  subject  with  great  care.  He  found  that,  if  a  supersatu- 
rated solution  of  sulphate  of  soda  is  cooled  to  a  low  tempera- 
ture, it  deposits  crystals  containing  seven  equivalents  of  water, 
which  are  much  more  soluble  than  the  ordinary  crystals  of 
Glauber's  saltf  (Na  0,  SO, .  10  HO).  Prom  this  fact  he  con- 
cluded that  tlie  so-called  supersaturated  solution  is  not  a  super- 
saturated solution  of  Glauber's  salt,  but  merely  a  saturated  solu- 
tion of  the  more  soluble  hydrate  (Na  O,  SO, .  7  HO).  That  the 
solution  is  not  at  all  changed  by  the  deposition  of  the  crystals 
Na  0,  SO, .  7  HO,  is  proved  by  the  fact,  that,  if  it  is  exposed  to 
the  air  or  touched  by  a  glass  rod,  it  becomes  suddenly  semi-solid 
from  the  deposition  of  Glauber's  salt.  These,  and  a  large  number 
of  additional  facts  which  Loewel  |  has  observed,  all  tend  to  sup- 

*  Annales  de  Chimie  et  do  Phjsiqne,  Tom.  XXIX.  p.  62. 

t  See  table  on  |>age  375. 

$  la  a  more  recent  memoir,  Loewel  incUneis  to  the  opinion,  that  sulphate  of  Boda 
always  dissolves  in  water  as  an  anhydrous  salt,  and  hence  that  in  a  solution  made 
with  Na  0,  SO3  .  10  HO,  or  Na  O,  8O3 .  7  HO,  none  of  the  water  is  combined  chemi- 
cally with  the  salt  as  water  of  crystallisation.  Such  a  change  of  views  does  not,  how- 
ever, seem  to  be  a  necessary  inference  fVom  the  facts  cited,  and,  as  he  admits,  the  new 
hypothesis  leaves  the  unequal  solubilities  of  the  different  hydrates  entirely  unexplained. 
The  author,  therefore,  does  not  think  it  necessary  to  change  the  opinion  expressed 
above  in  the  text,  although  it  is  true  that  these  later  investigations  of  Loewel  seem  to 
show  that  at  certain  temperatures  sulphate  of  soda  exists  in  the  so-called  supersarnrated 
solutions  in  an  anhydrous  condition.  See  Annales  de  Chimie  et  de  Physique,  (S*  S<Me,) 
Tom.  XXIX.  p.  33,  and  compare  Jahresbericht  der  Chimie,  &c.  fur  1857,  S.  SSI.  Sea 
also  an  article  by  Dr.  Hugo  Schiff;  Ann.  der  Chem.  and  Fhann.,  Band  CXL  8. 68. 
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port  the  conclusion,  that  in  the  so-called  supersaturated  solution 
of  sulphate  of  soda  the  salt  exists  in  solution  combined  with 
seven  equivalents  of  water,  and  does  not  crystallize  until  some 
circumstance  causes  it  to  combine  with  three  equivalents  more  of 
water,  and  to  change  into  the  less  soluble  compound  which  we 
have  called  Glauber's  salt.  What  the  circumstances  are  which 
produce  this  singular  change,  or  in  what  way  they  act,  we  do 
not  yet  fully  understand.  Some  very  remarkable  facts  in  con- 
nection with  it  have  been  noticed  by  Loewel  and  others.  Thus 
a  glass  rod,  if  heated  and  afterwards  cooled,  loses  its  power  of 
causing  the  crystallization.  Alcohol,  if  poured  into  the  flask  so 
as  to  form  a  layer  over  the  solution,  generally  causes  it  to  crys- 
tallize ;  but  if  previously  boiled,  it  no  longer  produces  this  effect. 
It  slowly,  however,  withdraws  the  water  from  the  solution,  and 
causes  it  to  deposit  crystals  of  Na  0,  SOj  •  7  HO ;  and  it  was  in 
this  way  that  Loewel  obtained  the  largest  and  purest  crystals  of 
this  hydrate.  The  opinion  has  been  advanced  by  Lieben,*  tliat 
it  is  the  dust  floating  in  the  air,  or  adhering  to  the  glass  rod, 
which  causes  the  sudden  crystallization  of  supersaturated  solu- 
tion ;  and  he  has  endeavored  to  show  that  neither  the  air  nor  a 
solid  body  will  produce  the  effect  after  they  have  been  freed  from 
dust,  by  heating,  by  washing  with  sulphuric  acid,  or  by  any 
other  means.  This  theory,  although  ingenious,  and  supported 
by  experiment,  does  not  meet  all  the  facts  of  the  case,  and  the 
subject  requires  further  investigation. 

The  phenomena  of  ^^  supersaturated "  solutions,  which  are 
so  marked  in  the  case  of  Glauber's  salt,  have  also  been  noticed  in 
tlie  case  of  carbonate  of  soda,  of  sulphate  of  magnesia,  of  acetate 
of  soda,  of  chloride  of  calchim,  and  of  many  other  salts.f  In  some 
of  these  cases,  they  are  to  be  explained  as  in  the  case  of  Glauber's 
salts,  by  the  formation  -of  a  hydrate  more  soluble  than  the  one 
dissolved,  while  in  others  they  may  be  caused  by  the  formation 
of  a  more  soluble  modification  of  the  same  hydrate;  but  the 
whole  subject  is  still  involved  in  great  obscurity. 

Solids  an  Gases. 

(199.)  Absorption  of  Oases  by  Porous  Solids.  —  If  a  piece 
of  well-burnt  boxwood  charcoal  is  plunged  while  red-hot  under 
mercury,  and  when  cold  passed  up  into  a  jar  of  gas  confined  over 

•  Wien.  Acad.  Ber.,  XII.  771  and  1087. 
t  See  the  memoin  of  Loewel,  jast  cited. 
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the  same  liquid,  it  will  be  found  to  absorb  the  gas  to  a  greater 
or  less  extent,  varying  with  the  nature  of  the  gas  used.  Accord* 
ing  to  Saussure's  experiments,  one  cubic  centimetre  of  charcoal 
will  absorb  the  number  of  cubic  centimetres  of  the  different  gases 
given  in  the  following  table :  — 

Absorption  of  Gases  by  ChgrcooL 


Ammonia,       •         •         . 

90  c.  m? 

Olefiant  Gas,      . 

.     35  c.  m.« 

Chlorohydric  Acid, 

85     ^ 

Carbonic  Oxide, 

9.4     « 

Sulphurous  Acid,    . 

65     « 

Oxygen,    . 

•     9.2     ** 

Sulphide  of  Hydrogen, 

55     " 

Nitrogen, 

7.2     « 

Protoxide  of  Nitrogen,    . 

40     « 

Marsh  Gas, 

.    5.0     « 

Carbonic  Acid,    . 

35     « 

Hydrogen, 

1.7     " 

In  some  cases  the  volume  of  the  gases  thus  condensed  is  less 
than  that  which  they  would  occupy  in  a  liquid  state,  and  as 
a  general  rule,  the  more  readily  a  gas  can  be  condensed  to  a 
liquid,  the  greater  is  the  volume  absorbed  by  the  charcoal.  It 
will  also  be  noticed,  that  the  above  results  follow  very  nearly  the 
same  order  as  the  solubility  of  the  gases  in  water. 

A  piece  of  freshly  burnt  charcpal,  if  exposed  to  the  air,  con- 
denses the  gases  and  moisture  of  the  atmosphere  to  such  an 
extent,  that  its  weight  frequently  increases  one. fifth  in  a  few  days. 
The  presence  of  condensed  air  in  common  wood  charcoal  can 
easily  be  made  evident  by  plunging  it  under  hot  water.  The 
heat  of  the  water  expands  the  confined  air,  which  is  thus  driven 
out  of  the  pores  of  the  wood,  and  bubbles  up  through  the  water. 
Owing  to  this  absorbing  power  of  charcoal,  water  saturated  "with 
many  gases  may  be  freed  from  them  by  filtering  it  through  ivory- 
black.  Water  impregnated  with  sulphide  of  hydrogen  may  be 
in  this  way  so  perfectly  purified,  that  its  presence  cannot  be  de- 
tected either  by  the  nauseous  odor  or  by  the  ordinary  tests. 

This  power  of  absorbing  gases  is  not  confined  to  charcoal,  but 
belongs  in  a  greater  or  less  degree  to  other  porous  solids.  The 
following  table  gives  the  number  of  cubic  centimetres  of  different 
gases  absorbed  respectively  by  one  cubic  centimetre  of  Meer- 
schaum, plaster  of  Paris,  and  silk,  when  the  temperature  is  15* 
and  the  pressure  of  the  air  73  c.  m.  By  comparing  this  table 
with  the  last,  it  will  be  noticed  that  not  only  the  absolute  quan- 
tities of  the  gases  absorbed  are  different  for  different  solids,  but 
also  that  the  relative  power  of  absorption  of  these  solids  for  the 
different  gases  is  different  in  every  case. 
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Jiihorption  of  GoMet  by  Afeerachaumj  PlasUr  of  Pixris^  cmd  SUL 

Meenehaam.  Plaster  of  Paris.                  Silk. 

Ammonia,                     15.      cTwJ  78.1    cTm.' 
Protoxide  of  Nitrogen,  3.75     « 

Carbonic  Add,              5.26     *<  0.43  cTm.^            1.1       « 

Oxide  of  Carbon,           1.17    **  0.3       *" 

Oxygen,                         1.49     **  0.58     «                0.44     ** 

Nitrogen,                        1.60     «  0.53     «                0.13     « 

Hydrogen,                       .44    «  0.50    «                0.3  ^    « 

In  like  manner  the  metals  in  the  state  of  fine  powder,  lead, 
iron,  and  platinum,  for  example,  absorb  gases  in  yery  large 
amounts.  The  finely  divided  platinum  called  platinum-black, 
which  is  obtained  by  precipitating  a  solution  of  chloride  of  plati- 
num with  alcohol,  absorbs,  according  to  Doebereiner,  250  times 
its  own  volume  of  oxygen.  The  latent  heat  wliich  is  set  free  by 
this  great  condensation  is  sufficient  to  ignite  the  metallic  mass. 
Platinum  sponge,  and  even  platmum  plate,  possess  the  same  power, 
although  to  a  less  degree,  and  it  is  probable  that  ail  solid  surfaces 
exert  a  similar  influence  to  a  limited  extent. 

The  absorption  of  gases  by  solids  is  very  greatly  influenced 
both  by  the  temperature  and  the  pressure  to  which  they  are 
exposed.  The  higher  the  temperature,  tlie  sniialler  is  the  amount 
of  gas  absorbed,  and  tlie  most  efficient  means  of  expelling  tlie 
gas  from  a  porous  solid  is  to  expose  it  to  a  red  heat.  It  is  how- 
ever uncertain  whether  even  in  tliis  way  we  can  remove  all  the 
gas  condensed  on  the  surfaces  of  solid  substances,  and  at  all 
events  to  do  this  requires  a  considerable  time.  Gliarcoal  and 
other  porous  solids  absorb  the  largest  amount  of  gas  only  after 
a  prolonged  ignition  in  a  vacuum.  In  filling  a  barometer  tube 
the  mercury  is  boiled  in  the  tube  in  order  to  remove  the  air 
and  moisture,  not  only  from  the  mercury,  but  also  from  the 
surface  of  the  glass. 

The  greater  the  pressure  to  which  a  gas  is  exposed,  the  great- 
er is  the  quantity  which  is  absorbed  by  a  solid ;  but  then  the 
quantity  does  not  increase  so  rapidly  as  tlie  pressure.  On  tlie 
other  hand,  under  a  diminished  pressure  a  solid  body  absorbs 
a  less  quantity  of  gas,  but  a  greater  volume.  Hence  it  is  not 
possible  by  means  of  an  air-pump  to  remove  all  the  air  from 
a  porous  solid. 

If  a  porous  body,  which  is  saturated  with  one  gas,  is  put  into 
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a  different  gas,  it  gives  iip  a  portion  of  the  gas  which  it  had 
first  absorbed,  and  takes  in  its  place  a  quantity  of  the  second. 
Sometimes  the  presence  of  one  gas  increases  the  power  of  a 
solid  for  absorbing  a  second.  Thus  charcoal  saturated  with 
oxygen  will  absorb  more  hydrogen,  and  charcoal  saturated  with 
hydrogen  will  absorb  more  nitrogen,  than  it  would  if  the  other 
gas  was  not  present.  But  as  a  general  rule,  the  presence  of 
one  gas  diminishes  the  power  of  a  solid  for  absorbing  others. 
Thus  charcoal,  which  after  ignition  will  absorb  thirty-five  times 
its  volume  of  carbonic  acid,  will  only  absorb  about  fifteen  times 
its  volume  if  it  has  been  previously  exposed  to  the  atmosphere, 
and  thus  saturated  with  air  and  moisture. 

From  the  analogous  constitution  of  liquids  and  gases,  we 
should  naturally  expect  that  solids  would  act  on  these  two 
forms  of  fluid  matter  in  an  analogous  way.  The  same  adhesive 
force  which  attracts  liquids  to  the  surfaces  of  solids  we  should  ex- 
pect would  also  attract  gases;  and,  moreover,  since  gases  are 
very  compressible,  we  should  further  expect  that  the  adhesion 
woiild  condense  the  gas  upon  the  surface  in  proportion  to  the 
strength  of  the  attraction.  Moreover,  as  in  the  case  of  liquids, 
we  should  expect  that  the  amount  of  gas  adhering  to  tlie  sur- 
face or  absorbed  into  the  pores  of  a  solid  would  vary  with  the 
nature  both  of  the  solid  and  of  tlie  gas,  with  the  extent  of  the 
surface,  with  the  fineness  of  the  pores,  and,  lastly,  with  the  tem- 
perature, becoming  less  as  the  temperature  rose. 

The  phenomena  just  described,  it  will  be  noticed,  coincide 
perfectly,  as  far  as  they  go,  with  these  natural  inferences,  thus 
showing  that  they  are  merely  phases  of  adhesion  and  capillary 
action.  The  force  of  surface  attraction,  and  hence  the  amoimt 
of  gas  absorbed,  varies  even  more  markedly  than  in  the  case  of 
liquids,  both  with  the  nature  of  the  solid  and  that  of  the  gas. 
It  varies  also  with  the  extent  of  the  surface ;  and,  otiier  tilings 
being  equal,  it  is  greatest  with  porous  bodies  or  fine  powders,  which 
expose  the  greatest  surface ;  finally  heat,  which  lessens  the  at* 
tractive  force,  diminishes  the  amount  of  gas  absorbed  by  a  soKd, 
as  it  does  the  amount  of  liqiiid.  There  are,  it  is  true,  phenomena 
connected  with  the  adhesion  of  gases  to  solids  which  liquids  do 
not  present,  but  tliese  are  such  as  may  be  supposed  to  arise 
from  the  special  law  of  compressibility,  which  all  gases  obey. 

The  phenomena  described  in  this  section,  like  those  both  of 
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capillarity  and  solution,  are  greatly  influenced,  it  will  be  noticed, 
by  tlie  chemical  nature  of  the  bodies  concerned,  and  in  fact 
pass  by  insensible  gradations  into  those  which  we  should  class 
among  purely  chemical  changes.  Like  most  phenomena  which 
occupy  the  debatable  ground  between  chemistry  and  physics, 
Uiey  present  great  complexity,  and  are  difficult  to  investigate, 
so  that  our  knowledge  in  regard  to  them  is  exceedingly  in- 
complete.* 

There  are  many  phenomena  besides  those  of  absorption  which 
are  connected  with  the  adhesion  of  gases  to  solids.  The  fact 
that  iron  filings,  and  many  other  fine  powders,  sifted  over  tlie 
surface  of  water,  will  float,  though  very  much  heavier  tlian  the 
liquid,  has  already  been  mentioned.  This  was  then  explained 
by  the  principles  of  capillary  action.  The  water  is  prevented 
from  wetting  the  solid,  and  therefore  forms  around  the  particles 
a  concave  meniscus  which  buoys  them  up.  But  it  is  solely  tlie 
thin  film  of  air  adhering  to  these  particles  wliich  prevents  them 
from  becoming  wet,  when  they  would  at  once  sink.  The  same 
is  true  also  of  the  platinum  wire  floating  on  mercury,' and  of 
other  seemingly  paradoxical  phenomena.  In  all  cases,  if  the 
liquid  is  boiled,  the  film  of  air  is  removed  and  the  paradox 
disappears. 

Liquids  on  Liquids, 

(200.)  Liquid  Diffusion.  —  As  a  general  rule,  the  adhesion 
between  the  particles  of  different  liquids  is  so  much  greater  than 
the  cohesion  between  their  own  molecules,  that  they  may  be  mixed 
together  in  any  proportion.  This  is  not,  however,  always  the 
case  ;  for  after  the  liquids  have  been  mixed  to  a  limited  extent, 
the  cohesion  may  balance  the  adhesion,  and  tlie  liquids  will  then 
be  mutually  saturated.  Thus  ether  and  water  cannot  be  mixed 
indefinitely,  and  if  shaken  up  together,  they  will  separate  in  a 
great  measure  on  being  allowed  to  stand,  the  water  dissolving 
only  about  one  eighth  or  one  tenth  of  its  bulk  of  ether,  and 
the  ether  dissolving  about  the  same  amount  of  water.  So  also 
the  volatile  oils,  if  shaken  up  with  water,  separate  from  it  al- 
most entirely  if  the  mixture  is  allowed  to  stand,  although  the 
water  retains  in  solution  a  siifficient  amount  to  acquire  the 
flavor  and  odor  of  the  essence. 

*  See  a  recent  pi^per  by  Qniiu^  Pogg.  Ann.,  CVIIL  3S6. 


884  CHEBDCAL  PHT3IC3. 

Tlie  tendencjr  of  liquids  to  mix  with  each  other  has  been 
tennad  Uquid  diflusion,  aiid  caii  bo  made  evident  by  a  simple 
experiment.  A  tall  glass  jar  la  about  two  thirds  filled  with  a 
solution  of  blue  litmus,  and  then,  b;  means  of  a  tube  funnel 
reaching  to  the  bottom,  oil  of  vitriol  is  cautiously  poured  in,  so 
as  to  occupy  the  lower  portion  of  the  jar.  The  plane  of  separa* 
tion  of  the  two  liquids  will  be  at  iirst  distinctly  marked.  But 
this  will  soon  disappear:  tlie  colored  water  will  sink,  and  the 
acid  will  rise,  until  tlie  two  liquids  have  become  perfectly  incor^ 
porated.  Tliis  will  require,  however,  two  or  tliree  days,  and,  if 
watched  at  intervals,  tlie  progress  of  the  diffusion  may  be  traced 
by  tlie  gradual  change  of  color  in  the  water  from  blue  to  red, 
commencing  at  the  bottom  and  slowly  progressing  towards  the 
top.  A  similar  experlmeat  cui  be  made  witli  alcohol,  or  with 
brine,  and  water ;  also  with  oil  of  turpentine  and  alcohol,  and 
indeed  with  almost  any  two  liquids  which  differ  considerably  in 
their  speciSo  gravities.  By  coloring  one  of  the  liquids,  the  pro- 
cess  may  be  readily  traced. 

(201.)   Experiments  of  Professor  Graham.  —  The  subject  of 
liquid  difftision  has  been  investigated  with  care  in  regard  to  sa- 
line solutions,  and  we  are  chiefly  indebted  to  Professor  Graham 
of  London  for  our  knowledge  on  tlie  subject.    His  experiments 
were  made  with  a  very  simple  apparatus.    "  It  consisted  of  a  set 
of  phials  of  nearly  equal  capacity,  cast  in  tlie  same  mould,  and 
Airther  a^usted  by  grinding  to  a  uniform  size  of  aperture.    The 
pliiols  were  3.8  inches  high,  with  a  neck 
0.5  inch  in  depth,  and  aperture  1.26  inch 
wide,  capacity  to  base  of  neck  equal  ^ 
2080  grains  of  water,  or  between  4  and  5 
ounces.    For  each  diilusion-pliial  a  plain 
glass  water-jar  was  also  provided,  4  inches 
in  diameter  and  7  inches  deep."  *    (Fig. 
829.) 
,  The  difiiision-phiol  was  in  tlie  first  place 

filled  with  the  sdine  solution  to  the  base  of 
"•■"*  the  neck,  or,  more  accurately,  to  a  level 

exactly  half  an  inch  below  the  ground  surtkoe  of  the  lip.    The 
neck  was  then  filled  with  distilled  water,  and  a  light  float 

*  QrahMu't  ElenMUtt  of  Chemlitiy,  cdiied  tqr  Watt*,  Vol  n.  p.  SOk 
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placed  upon  the  surface.  '  Thus  prepared,  the  phial  was  trans- 
ferred to  the  jar,  which  was  then  filled  with  water  to  the  height 
of  an  inch  above  the  mouth  of  the  phial,  which  was  opened  bj 
the  floating  of  the  cover.  This  required  about  20  ounces  of 
water.  The  apparatus  was  then  left  undisturbed,  and  kept  at  a 
constant  temperature  for  several  days.  At  the  end  of  the  re- 
quired time,  the  diilusion  was  interrupted  by  closing  the  mouth 
of  the  phial  with  a  ground-glass  plate,  and  the  amount  of  salt 
diffused  ascertained,  by  evaporating  the  water  in  the  jar  to  dry- 
ness, and  weighing  the  residue. 

From  these  experiments,  and  a  number  of  others  made  in  a 
similar  manner,  the  following  important  conclusions  have  been 
deduced. 

1.  With  solutions  of  the  same  substance,  but  of  different 
strengths,  the  quantity  of  salt  diffused  in  equal  times  is  propor- 
tioned to  the  quantity  in  solution.  For  example,  four  solutions 
of  conmion  salt  were  prepared,  containing,  respectively,  1,  2,  8, 
and  4  parts  of  salt  to  100  of  water.  The  experiments  continued 
for  eight  days,  and  the  quantities  diffused  were  respectively  2.78 
grains,  5.54  grains,  8.87  grains,  and  11.11  grains.  These  num- 
bers are  almost  exactly  proportional  to  the  first. 

2.  With  solutions  of  different  substances  of  the  same  strength, 
the  quantity  diffused  varies  with  the  chemical  natm*c  of  the  sub- 
stance. This  is  shown  by  the  following  table,  which  gives  the 
weight  in  grains  of  the  substance  diffused  in  eight  days,  from 
solutions  containing,  in  each  case,  20  parts  of  the  solid  dis- 
solved in  100  parts  of  water,  and  exposed  to  a  temperature 
of  60\6  F. 

Diffusion  of  Solids  in  Solution. 


Bnbtboieaf  med. 

8p.  Or.  at  QOo  F. 

Weight  In  Qttlnf  diSNmL 

Sulphate  of  l^Iagnesia, 

1.185 

27.42 

Chloride  of  Sodium, 

1.126 

58.68 

Nitrate  of  Soda, 

1.120 

51.56 

Oil  of  Vitriol, 

1.108 

69.82 

Sugar-Candy, 

1.070 

26.74 

Barley  Sugar, 

1.066 

26.21 

Starch  Sugar, 

1.061 

26.94 

Gum  Arabic, 

1.060 

18.24 

Albumen, 

1.058 

8.08 
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The  substances  have  been  arranged  in  the  order  of  the  specific 
gravities  of  the  solution,  and  the  table  also  shows  tliat  there  is 
uo  apparent  connection  between  the  amount  of  diffusion  and  the 
specific  gravity  of  the  solution. 

S.  If,  instead  of  comparing  together,  as  in  the  last  table,  the 
amounts  of  different  substances  difiused  in  equal  times,  we  couh 
pare  together  the  times  required  for  the  equal  diffusion  of  these 
same  substances,  we  discover  some  remarkable  numerical  rela- 
tions. There  exist  classes  of  equi-diffusive  substances,  and,  as  a 
general  rule,  those  substances  which  have  an  analogous  chemical 
composition,  and  crystallize  in  closely  allied  forms,  have  equal 
rates  of  diffusion.  Several  such  groups  have  been  distinguished, 
and  the  rate  of  division  in  each  group  is  connected  with  the  rate 
of  diffusion  in  the  other  groups  by  a  simple  numerical  relation, 
as  is  shown  in  the  following  table.  The  first  column  gives  the 
number  of  the  group,  with  the  name  of  the  most  characteristic 
substance  belonging  to  it.  The  second  gives  the  relative  diffu- 
sion of  these  substances  in  equal  times,  in  other  words,  the  rate 
of  diffusion.  The  third  gives  the  times  of  equal  diffusion ;  and 
the  fourth,  the  squares  of  these  times,  which  stand  to  each  other 
very  nearly  in  the  simple  relation  expressed  in  the  last  column. 

1.  Chlorohydric  Acid, 

2.  Hydrate  of  Potash, 
8.  Nitrate  of  Potash, 

4.  Nitrate  of  Soda, 

5.  Sulphate  of  Potash, 

6.  Sulphate  of  Soda, 

7.  Sulphate  of  Magnesia, 

4.  The  rate  of  diffusion  increases  with  the  temperature,  but 
inci*eases  in  an  equal  proportion  for  all  substances,  so  that  the 
ratio  between  the  difibsion  of  different  bodies  is  the  same  for  all 
temperatures. 

5.  If  two  substances,  which  do  not  combine  chemically  and 
have  different  rates  of  diffusion,  are  placed  in  the  diffusion-phial, 
they  may  be  partially  separated  by  the  process  of  diffusion,  since 
the  more  diffusible  passes  out  the  most  rapidly,  although  the 
relative  rate  of  dififiision  may  be  somewhat  changed. 

Chemical  decomposition  may  be  even  effected  in  this  way,  one 
ingredient  of  the  compound  diffusing  more  rapidly  than  the  other. 


Rate  of 
Ditlasion. 

Hmesof  XqiiAl 
Diffusion. 

Sqturae 
of  Times. 

ludo. 

1.000 

8.960 

15.682 

2 

0.800 

4.950 

24.502 

8 

0.565 

7.000 

49.000 

6 

0.462 

8.578 

78.496 

9 

0.400 

9.900 

98.010 

12 

0.326 

12.125 

147.015 

18 

0.200 

19.800 

892.040 
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From  a  solution  of  bigalphato  of  poUsh  saturated  at  20°  C  ,  there 
Tore  diffused  ia  fifty  days  81.8  parts  of  bieulpbate  of  potasli,  and 
12.8  parts  of  liydrated  sulphurio  acid.  From  a  solution  of  8 
parts  of  anhydrous  alum  in  100  parts  of  water  there  were  dif- 
fused in  eight  days,  at  17'.9  C,  5.S  parte  of  alum  and  2.2  parts  of 
Bulphata  of  potash  ;  and  other  edmilar  examples  mi^t  be  cited.* 

6.  The  diffusion  of  a  salt  into  the  solution  of  another  salt 
takes  place  with  nearly  the  same  velodty  as  into  pure  water,  at 
least  when  the  solutions  are  dilute.  Here,  as  in  all  experiments 
on  liquid  diffusion,  uniformity  of  action  takes  place  only  in  dilute 
solution.  As  the  solution  becomes  saturated,  the  cohesion  o(  the 
policies  of  the  solid  appears  te  introduce  irr^^larities. 

7.  "  The  Telocity  with  which  a  soluble  salt  diffuses  from  a 
stronger  into  a  weaker  solution,  is  proportional  to  the  difference 
of  concentration  between  two  contiguous  strata."  This  law  has 
been  experimentally  demonstrated  by  Frick  in  the  case  of  chlo- 
ride of  sodium,  but  it  cannot  as  yet  be  regarded  aa  completely 
eetablished.f 

(202.)  Otmote.  —  When  two  liquids  are  separated  by  a 
porous  diaphragm,  didusion  may  still 
take  place,  although  the  phenomena 
are  modified  in  a  remarkable  manner 
by  the  presence  of  the  septum.  This 
18  best  illastrated  by  means  of  the 
apparatus  called  an  osmometer.  It 
may  be  constructed  in  various  ways, 
but  as  represented  in  Pig.  880  it  con- 
sists of  a  membranous  bag  or  bladder 
opening  into  a  glass  tulie,  to  which  it 
is  fastened  hermetically.  The  bladder 
is  filled  with  a  concentrated  solution 
of  common  salt,  and  suspended  in  a 
jar  filled  with  pure  water.  Since  the 
animal  membrane  ia  readily  penetrat- 
ed by  the  water,  it  is  evident  that 
the  water  on  the  one  side,  and  the 

salt  solution  on  the  other,  must  be  in  

direct  contact,  and  hence  a  diffusion  of  fif.  bso. 

«  Gnbam'i  Chemiitrj,  ToL  XL  p.  SU.  t  Ibid.,  p.  610. 
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the  salt  must  take  place,  following  the  laws  of  liquid  diSusion 
enunciated  in  the  last  section.  We  should,  therefore,  expect 
that  the  salt  would  pass  out  into  the  water  of  the  jar,  as  we 
find  to  be  the  case ;  but  the  remarkable  fact  in  connection  with 
this  experiment  is,  that  a  volume  of  water  enters  the  bladder 
which  is  very  much  greater  than  could  be  introduced  by  simple 
liquid  diffusion,  amountmg  in  some  cases  to  several  hundred 
times  that  of  the  salt  displaced,  the  liquid  slowly  rising  in  the 
glass  tube  of  the  osmometer  until  it  attains  a  very  considerable 
height.  The  flow  of  water  through  the  membrane  is  termed 
osmose,  and  the  unknown  power  which  produces  it,  osmotic 
force.  It  is  a  force  of  great  intensity,  capable  of  supporting  a 
column  of  water  several  metres  high.  The  first  important  phe- 
nomenon to  be  studied  in  this  connection  is  this  remarkable  flow 
of  water.  The  movement  of  the  salt  in  the  opposite  direction 
appears  to  follow  the  laws  of  liquid  difiusion,  and,  according  to 
Graham's  experiments,  is  not  influenced  by  the  presence  of  the 
membrane,  unless  it  is  quite  thick. 

We  have  supposed  that  the  bladder  in  this  experiment  con- 
tained a  solution  of  common  salt ;  but  we  may  use  in  its  place 
alcohol,  or  solutions  of  cane  sugar,  of  Glauber's  salt,  and  of 
many  otlier  saline  bodies,  with  precisely  the  same  result.  The 
conditions  of  osmose  appear  to  be,  that  the  liquids  are  capable  of 
mixing,  and  that  the  membrane  or  septum  which  separates  them 
has  a  greater  adhesion  for  one  liquid  than  for  the  other. 

When  the  osmose  takes  place  between  Water  and  solutions  of 
salts,  the  quantity  of  salt  which  passes  through  the  membrane 
into  the  water  is  always  replaced  by  a  definite  quantity  of  water, 
and  the  ratio  obtained  by  dividing  the  last  quantity  by  the  first 
has  been  termed  the  osmotic  equivalent  of  the  salt.  This  ratio 
varies  with  the  nature  of  the  salt,  and  also,  to  some  extent  cer- 
tainly, with  that  of  tlie  membrane.  It  moreover  increases  with 
the  temperature,  but  it  appears  to  be  independent  of  the  density 
of  the  solution.  The  osmotic  equivalent  for  Glauber's  salts,  for 
example,  when  the  pericardium  of  the  calf  is  used  as  the  septum, 
was  found  by  Hoffmann  *  to  be  6.1. 

The  action  of  the  septum  in  osmose  has  been  explained  in 
various  ways.     The  simplest  explanation  which  has  been  given 

*  Untenachnngen  Uber  das  endosmotiacfae  Aeqaivalent  des  GlaabenudzeB.  Gieflsen, 
185S. 
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is  based  on  the  unequal  adhesion  of  the  two  liquids  to  the  porous 
septum.  Let  us  suppose  that  the  septum  is  a  piece  of  the  blad- 
der of  an  ox,  and  that  on  one  side  it  is  in  contact  with  alcohol, 
and  on  the  other  with  water.  As  was  stated  (194)  the  mem- 
brane has  a  very  much  greater  attraction  for  water  than  for 
alcohol,  and  would  therefore  absorb  the  first  to  the  entire  exclu- 
sion of  the  second,  were  it  not  for  the  adhesion  between  the  two 
liquids.  In  consequence  of  this,  the  alcohol  is  slowly  diffused 
through  the  water  contained  in  the  membrane,  which  thus  be- 
comes saturated  with  greatly  diluted  alcohol.  Hence,  on  the 
side  of  the  membrane  towards  tlie  alcohol,  nearly  pure  water  is 
in  contact  with  strong  alcohol,  and  a  rapid  diffusion  of  the  first 
into  the  last  necessarily  results.  The  place  of  the  water  thus 
escaping  is  supplied  by  fresh  water,  and  a  current  of  water  is 
thus  established  flowing  in  towards  the  alcohol.  On  the  side  of 
the  membrane  towards  the  water,  we  have,  on  the  other  hand, 
very  dilute  alcohol  in  contact  with  water,  so  that,  although  dif- 
fusion takes  place,  it  is  very  much  less  rapid  than  that  in  the 
opposite  direction.  The  flow  of  the  water  is  then  the  result  of 
two  forces,  —  first,  the  excess  of  the  attraction  of  the  bladder 
for  water  over  its  attraction  for  alcohol,  and,  secondly,  the  difiu- 
sive  force  between  the  two  liquids ;  while  the  flow  of  the  alcohol 
is  due  to  the  diflusive  force  alone,  and  must  therefore  be  less 
rapid. 

This  subject  of  osmotic  action  has  also  been  carefully  investigated 
by  Professor  Gitiham,  who  has  established  several  important  facts  in 
relation  to  it 

The  most  remarkable  conclusion  is,  that  all  substances  may  be  divided 
into  two  classes,  which  he  names  crystalloids  and  colloids.  The  first  class 
are  capable  of  crystallizing,  and  as  a  general  rule  they  form  perfectly 
fluid  solutions,  which  have  a  decided  taste.  The  second  class,  on  the  other 
hand,  are  incapable  of  crystallizing,  and  give  insipid  viscid  solutions, 
which  readily  form  into  jelly.  Hence  the  name  colloid,  from  iroXXi;,  glue. 
Moreover,  while  crystalloid  bodies,  like  sugar  or  salt,  diffuse  with  com- 
parative rapidity,  the  colloids,  such  as  gum,  starch,  caramel,  geladne,  and 
albumen,  are  characterized  by  a  remarkable  sluggishness  and  indisposi- 
tion to  diffusion.  This  fsict  is  made  evident  by  the  following  table,  and 
it  will  be  noticed  that  sulphate  of  magnesia  and  cane-sugar,  which  are 
among  the  least  diffusible  of  crystalline  bodies,  diffuse  seven  times  as 
rapidly  as  albumen,  and  fourteen  times  as  rapidly  as  caramel,  both  well- 
marked  colloids. 

33* 
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Approximate  Times  of  Equal  Diffusion. 

Hydrochloric  Acid 1. 

Chloride  of  Sodium 2.83 

Cane-Sugar 7. 

Sulphate  of  Magnesia    .        * 7. 

Albumen '     .  49. 

Caramel '  .        .      98. 

Upon  this  marked  difference  of  qualities,  Graham  has  based  a  most 
valuable  method  of  separating  the  two  classes  of  bodies  from  each  other, 
which  he  terms  dialytis,  A  shallow  tray  is  prepared  by  stretching  parch- 
ment paper  (which  is  itself  an  insoluble  colloid)  over  one  side  of  a  gutta- 
percha hoop,  and  holding  it  in  place  by  a  somewhat  larger  hoop  of  the 
same  material.  The  solution  to  be  dialysed  is  poured  into  this  tray,  which 
is  then  floated  on  pure  water  in  a  shallow  dish,  the  volume  of  the  water 
being  from  six  to  ten  times  greater  than  that  of  the  solution.  Under 
these  conditions,  the  crystalloid  will  diifuse  through  the  porous  septum 
into  the  water,  leaving  the  colloid  on  the  tray,  and  in  the  course  of  one 
or  two  days  the  separation  will  have  taken  place  more  or  less  completely. 

The  value  of  this  process,  both  in  chemistry  and  pharmacy,  can  be 
readily  understood.  In  examining  organic  mixtures  for  poisons,  it  affords 
a  ready  means  of  separating  the  mineral  adds  and  the  vegetable  alka- 
loids (all  crystalline  bodies)  from  the  vegetable  colloids,  with  which 
they  are  mixed,  and  which  would  obscure  their  chemical  reactions ;  and 
again  it  furnishes  an  equally  efficient  means  of  freeing  silicic  acid,  cara- 
mel, albumen,  and  other  colloid  bodies,  from  saline  impurities,  which  it  is 
very  difficult,  if  not  impossible,  to  remove  in  any  other  way.  It  is  not 
essential  for  the  success  of  this  process  that  the  solution  of  the  colloid 
should  remain  fluid,  for  even  after  the  solution  has  set  into  a  firm  jelly 
the  diffusion  will  continue  apparently  as  rapidly  as  before. 

The  best-known  colloid  bodies,  such  as  gum,  starch,  fruit-jelly,  and 
glue,  —  the  type  of  the  class,  —  are  substances  of  organic  origin,  and  this 
condition  of  matters  seems  to  be  especially  adapted  in  the  plan  of  crea- 
tion for  forming  the  tissues  of  living  beings ;  but  there  are  also  many 
inorganic  colloids,  and  one  at  least  which  plays  a  very  important  part  in 
the  mineral  kingdom.  The  soluble  form  of  silicic  acid  is  a  true  colloid. 
It  can  readily  be  obtained  by  pouring  a  solution  of  silicate  of  soda  into 
diluted  hydrochloric  acid,  the  acid  being  maintained  in  great  excess. 
When,  now,  the  resulting  liquid  is  placed  on  a  dialyser,  the  excess  of 
hydrochloric  acid  and  the  common  salt  formed  by  the  chemical  reactioui 
together  with  a  small  amount  of  silica,  diffuse  into  the  water  below,  leav- 
ing on  the  tray  a  solution  containing  the  great  mass  of  the  silica  in  a 
pure  condition. 
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Id  this  way  a  solution  can  readily  be  obtained  containing  10  or  12  per 
cent  of  silica.  Such  a  solution  gelatiies  spontaneously  in  a  few  hours 
even  at  the  ordinary  temperature,  and  immediately  when  heated.  The 
mora  dilute  the  solution  the  longer  it  can  be  kept  without  change,  and  a 
solution  holding  only  one  per  cent  of  silica  i*  practically  unaltiinble  by 
time.  In  a  like  manner  Profesmr  Graham  has  obtained  alumina,  sesqui- 
ozide  of  iron,  sesquioxide  of  chroiniuin,  and  stannic,  mela-stannic,  titanic, 
tangstic,  and  molybdic  acids,  diasoked  in  water  in  a  coloidal  condition, 
and  presenting  properties  similar  to  those  of  eilicic  acid  in  the  same  Btat& 
All  these  substances  usually  exist  in  the  crystalline  condition.  The  col- 
loid condilioo  is  an  abnormal  state,  and  in  all  coltoida  there  is  nsiually  a 
tendency  to  approach  the  crystalloid  form.  The  water  of  crystallization 
in  a  crystalloid  is  represented  in  a  colloid  by  what  has  been  called  water 
of  gelatinization. 
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which  is  carried  down  by  the  stream  of  water  into  the  reservoir  C, 
and  then  forced  through  the  tube  EFG  and  the  tupere  T  U 
into  the  crucible  of  the  forge.  The  stream  of  water  is  broken 
on  a  projecting  ledge,  and  escapes  by  the  opening  J).  By  rais- 
ing or  lowering  the  stopper  g*,  the  quantity  of  water  which 
falls,  and  hence  also  the  intensity  of  the  blast,  can  easily  bo 
regulated. 

An  aspirator  for  establishing  a  current  of  gas  through  various 
forms  of  chemical  apparatus,  founded  on  the  principle  of  this 
blast  machine,  has  been  described  by  M.  W.  Johnson.*  It  con- 
sists merely  of  a  tube  ten  or  twelve  inches  in  length,  attached  by 
means  of  an  india-rubber  connector  to  a  water-cock.  Near  the 
top  of  this  tube  there  is  a  lateral  tubulature,  which  is  connected 
by  an  india-rubber  hose  with  the  vessel  through  which  the  air  is 
to  be  drawn.  When  the  water-cock  is  partially  opened,  a  very 
uniform  and  abundant  current  of  gas  is  drawn  in  at  the  lateral 
opening,  and  its  velocity  can  be  regulated  by  varying  the  length 
of  the  tube. 

(204.)  Solution  of  Gases.  —  Another  effect  of  adhesion,  still 
more  important  in  its  chemical  relations  than  the  one  just  con- 
sidered, is  the  absorption  of  gases  by  water  aud  other  liquids. 
Water  has  the  power  of  dissolving  all  gases,  although  in  very 
different  proportions,  varying  from  one  thousand  times  its  own 
volume,  in  the  case  of  ammonia,  to  only  about  one  fiftieth  of  its 
volume,  in  that  of  nitrogen. 

The  amount  of  gas  dissolved  by  a  liquid  on  which  it  exerts  no 
chemical  action  depends  upon,  — 

1st.  The  peculiar  nature  of  the  gas  and  the  absorbing  liquid. 

2d.  The  pressure  to  which  the  gas  is  exposed. 

8d.  Tlie  temperature. 

The  volume  of  a  gas  (reduced  to  0*  and  to  76  c.  m.  pressure) 
which  is  absorbed  by  one  cubic  centimetre  of  a  liquid  under  the 
pressure  of  76  c.  m.  is  called  the  coefficient  of  absorption.  Tliis 
coefficient  of  absorption  varies  with  the  temperature,  but  for  any 
given  temperature  it  is  a  constant  quantity  for  the  same  gas  and 
liquid.  The  coefficients  of  absorption  at  0^  of  a  few  of  the  best 
known  gases  are  given  in  the  following  table,  both  for  water  and 
for  alcohol :  — 


*  Joiurnalof  the  Chemical  Society  of  London,  Vol.  lY.  p.  1S6. 
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Name  of  Gas. 

Nitrogen,        • 

Hjdrogen, 

Oxygen, 

Carbonic  Acid,  . 

Salphide  of  Hydrogen, 

Sulphurous  Acid, 

Ammonia, 


Volume  in  cT 

Water. 

0.02035 
.     0.01930 

0.04114 
.     1.79670 

4.37060 
.  68.86100 
1049.60000 


absorbed  by  one  e.  m."  of 
Alcohol. 

0.12634 

0.06925 

0.28397 

4.32950 

17.89100 

328.62000 


(205.)  Variation  of  the  Coefficient  of  Absorption  with  the 
Temperature. — In  a  solid,  the  force  which  the  solvent  power 
of  a  liquid  has  to  overcome  is  that  of  cohesion ;  in  a  gas,  on 
the  other  hand,  it  is  that  of  repulsion ;  and  we  should  therefore 
naturally  expect,  contrary  to  what  is  true  of  solids,  tliat  the  sol- 
ubility of  gases  would  diminish  with  the  increase  of  the  tempera- 
ture. This  we  find  to  be  the  case,  and,  with  a  few  exceptions, 
the  solubility  of  a  gas  is  greater  the  lower  the  temperature.  As 
in  the  case  of  solids,  however,  the  law  of  the  variation  depends 
upon  the  nature  of  the  gas,  and  must  therefore  be  determined  for 
each  special  case.  In  Table  VII.  of  the  Appendix,  the  coefficients 
of  solubility  of  the  most  familiar  gases  are  given  for  different  tem- 
peratures within  the  limits  of  ordinary  observation.  By  compar* 
ing  together  the  results  of  observation  at  different  temperatures, 
we  can  obtain,  as  in  the  case  of  the  solubility  of  solids,  interpo- 
lation formulae  by  means  of  which  the  coefficients  may  be  cal- 
culated for  other  temperatures  within  certain  restricted  limits. 
Thus  in  the  case  of  the  absorption  of  nitrogen  by  water,  tlie 
results  of  five  experiments  were  as  given  in  the  following  table 
from  Bunsen's  Gasometry.* 


Ko.ofttio 
Experiment. 

DSSr5St       CooilliBleiiti  foand. 

Coefllcfent  f^om 
VomulA. 

DUbranra. 

1 
2 
8 

4 
5 

4.0 
6.2 

12.6 
17.7 
23.7 

0.01848 
0.01761 
0.01520 
0.01486 
0.01892 

0.01887 
0U)1787 
0.01683 
0.01480 
0.01384 

— 0.00006 
—0.00014 
+0.00018 
— 0.00006 
— 0.00008 

By  combination  of  the  experiments  1,  2,  3 ;  2,  8,  4 ;  8,  4,  6,  wo 
obtain  the  interpolation  formula 


*  Gasometry,  by  Robert  Bunsea.    Translated  by  Roscoe.    London.    1897. 
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e  =  0.020846  —  0.00068887/  +  0.000011166  <*,         [131.] 

by  means  of  which  the  numbers  of  Table  VII.  may  be  calcu- 
lated. For  the  interpolation  formulas  by  trhich  the  .coefficients 
of  absorption  of  other  gases  may  be  calculated,  as  well  in  alcohol 
as  in  water,  we  must  refer  the  student  to  the  excellent  work 
of  Professor  Bunsen  already  cited,  from  which  Table  YII.  has 
been  taken. 

To  tlie  general  law  that  the  solubility  of  a  gas  diminishes 
with  the  increase  of  the  temperature,  there  are  several  excep- 
tions. Thus,  the  coefficient  of  absorption  of  oxygen  in  alcohol  is 
constant  at  0.28397  for  temperatures  between  0^  and  24"*,  and 
the  same  is  true  also  for  hydrogen  in  water.  So  also  one  toI- 
ume  of  water  at  6^  absorbs  less  chlorine  gas  than  at  8"* ;  but  here, 
as  in  similar  cases,  the  apparent  exception  to  the  law  is  caused 
by  the  intervention  of  chemical  affinity.  Chlorine  forms  at  0* 
a  definite  crystalline  compound  with  water,  and  the  solubility 
of  this  solid  increases  with  the  temperature  up  to  10**.  Above 
this  temperature  the  crystalline  hydrate  cannot  exist,  the  chlo- 
rine dissolves  as  a  gas,  and  its  solubility  follows  the  general 
law,  diminishing  with  the  temperature. 

Although  the  solubility  of  a  gas  increases  as  the  tempera- 
ture falls,  yet  at  the  moment  the  liquid  freezes,  the  absorbed 
gas  is  almost  entirely  set  free.  During  the  freezing  of  water 
the  air  dissolved  separates  from  it,  forming  bubbles  in  the  ice. 
So  also  the  oxygen  which  is  absorbed  in  large  quantity  by  melted 
silver  is  evolved  when  it  solidifies.  But  when  at  the  freezing 
point  the  dissolved  gas  forms  a  definite  compound  with  the 
water,  it  sometimes  happens  that  no  gas  is  evolved  when  the 
water  freezes,  as  is  the  case  with  the  solution  of  chlorine  just 
mentioned. 

(206.)  Variation  of  the  Solubility  of  a  Gas  with  the  Pres- 
sure, —  This  variation .  follows  a  very  simple  law.  Tlie  quan- 
tity of  gas  *  absorbed  by  a  liquid  varies  directly  as  the  pressure 
which  the  gas  exerts  upon  it.  If  now,  instead  of  considering 
the  quantity  of  gas  absorbed,  we  consider  the  volume  absorbed 
imder  any  given  pressure,  it  follows,  from  Mariotte's  law,  that 
this  volume  must  be  the  same  in  all  cases.  Thus,  for  example,  at 
0*  one  cubic  centimetre  of  water  absorbs  1.797  cTm.*  of  carbonic 


*  By  the  term  quantity  of  a  ga»  \b  always  to  be  nndenCood  the  number  of  cabic  ceii- 
timetres  measmred  at  0<>  C.  and  nnder  a  prenare  measured  by  76  c.  m.  of  mercury. 
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add  gas,  vhaterer  ma;  be  its  pressure.  If  the  pressure  is  76  c.  m., 
the  quantitj  of  gas  absorbed  measures,  at  the  standard  tempera- 
ture and  pressure,  exactlj  1.797  c.  m.'.  If  nov  the  pressure  ia 
doubled,  tlie  volume  of  gas  absorbed  is  the  same  as  before,  but 
the  quoHtUy  (measured  at  0°  0.  and  76  c.  m.)  will  be  found  equal 
to  twice  1.797  or  3.594  ^Tm.',  and  the  same  is  true  for  all  pres- 
sures within  the  limits  at  Thich  Mariotte's  law  holds  good. 
(165.)  It  is  true  that  the  law  has  not  been  demonstrated  ez- 
perimentallf  except  in  a  few  cases  and  within  very  restricted 
limits,  but  it  is  highly  probable  that  it  is  as  constant  as  that  of 
Mariotte.  Representing  by  V,  and  Vj  the  quatUities  o(  &  given 
gas  absorbed  by  a  giren  volume  of  liquid  corresponding  to  the 
pressures  H,  aud  J3,\  we  liave  for  tlie  mathematical  expression  of 
this  fundamental  law  of  gasometry  the  proportion 

r. :  V.'  =  H. :  H,'.  [1S2.] 

The  principles  of  this  section  are  illustrated  by  the  apparatus 
represented  in  Figs,  S32  and  838,  used  for  saturating  water  with 
carbonic  acid  gas  under 
pressure  (soda-water).  It 
is  made  of  earthenware ; 
and  the  two  chambers  A 
aud  B,  as  shown  in  the 
section,  are  connected  to- 
gether by  the  fine  tube 
a  b.  Tlirough  the  neck  of 
the  apparatus  at  u,  water  is 
introduced  into  the  upper 
chamber,  B,  which  is  tlien 
closed  by  a  screw  plug. 

Through  this  plug  passes  a  ^^  ^^^^ 

tube,  p  i,  closed  by  a  valve 

stopcock,  by  means  of  which  tho  water  may  be  drawn  off  wlien 
saturated  with  gas.  Through  a  tubulature  at  o,  which  can  also 
be  closed  by  a  screw  plug,  the  materials  for  making  carbonic 
acid  gas  (bicarbonate  of  soda,  tartaric  acid,  and  water)  are  in- 
troduced into  the  lower  chamber,  A.  The  gas,  as  it  is  evolved, 
escapes  through  the  tube  b  a  into  the  upp6r  part  of  the  chamber 
S,  vrhere  it  comes  in  contact  with  the  siirface  of  the  water,  and 
is  in  part  dissolved,  while  the  rest  exerts  a  pressure  upon  it 
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amounting  to  several  atmospheres.  On  opening  the  stopcock, 
the  water  charged  with  gas  is  driven  out  witli  force,  and  the 
amount  of  gas  dissolved  is  found  to  be  exactly  proportional  to 
the  pressure  which  it  exerted  on  the  surface  of  the  water. 
.  When  the  water  thus  surcharged  with  gas  is  drawn  out  into  a 
glass  tumbler,  the  excess  of  gas  escapes  with  effervescence.  K 
the  process  is  closely  examined,  it  will  be  noticed  that  the  bubbles 
of  gas  rise  from  the  sides  and  bottom  of  the  tumbler,  and  if,  while 
the  water  is  still  saturated,  we  drop  into  it  a  solid  body  with  a 
rough  surface,  a  piece  of  bread,  for  example,  there  will  ensue  a 
brisk  effervescence  around  the  body.  The  cause  of  this  phenom- 
enon is  thus  explained.  The  gas,  as  we  have  assumed,  is  held 
in  solution  by  the  adhesion  of  the  liquid  particles.  In  the  midst 
of  the  water  the  particles  of  carbonic  acid  are  surrounded  on  all 
sides  by  particles  of  liquid,  but  immediately  in  contact  with  the 
solid  they  are  only  attracted  on  one  side  by  the  liquid,  since  on 
the  other  they  are  in  contact  with  the  solid  surface.  It  is  evident 
that  the  adhesive  force,  and  hence  also  the  solvent  power,  must  be 
less  in  the  last  case  than  in  the  first,  so  that  the  particles  of  gas 
in  contact  with  the  solid  surfaces  will  be  the  first  to  assume 
the  aeriform  condition.  These  particles  uniting  together  form  a 
small  bubble  of  gas,  which,  as  it  rises  through  the  solution,  con- 
stantly enlarges,  and  acquires  a  considerable  size  before  it  breaks 
on  the  surface.  The  bubble  increases  in  size  as  it  ascends,  be- 
cause, as  is  evident,  it  must  have  the  same  effect  as  a  solid  body 
on  all  the  particles  of  the  solution  with  which  it  comes  in  contact, 
diminishing  the  adhesive  force  between  the  water  and  gas. 

If  water  saturated  with  carbonic  acid  is  placed  under  a  glass 
bell  resting  on  the  plate  of  an  air-pump,  the  carbonic  acid  wiU 
escape  from  the  solution,  and  collect  in  the  bell,  until  the  quantity 
remaining  in  solution  corresponds  to  the  pressure  exerted  by 
the  carbonic  acid  wliich  has  escaped.  The  presence  of  air  in 
the  bell  does  not  in  any  way  affect  the  final  result,  and  precisely 
the  same  quantity  of  carbonic  acid,  and  no  more,  would  rise  into 
the  bell  if  the  air  were  completely  removed.  It  is  true,  how- 
ever, that,  if  the  bell  were  exhausted,  this  quantity  would  escape 
instantaneously,  while,  if  it  is  fiUed  with  air,  the  equilibrium  is 
only  attained  after  a  considerable  time.  The  same  is  true  if  the 
bell  is  filled  with  other  gases  than  air.  Let  us  now  suppose  that, 
after  the  equilibrium  has  been  attained,  a  portion  of  the  mixture 
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of  carbonic  acid  and  air  is  removed  by  the  pump.  The  pressure 
which  the  carbonic  acid  exerts  on  the  solution  will  thus  be  di- 
minished, and  more  gas  will  escape  from  the  solution,  until  the 
equilibrium  between  the  gas  dissolved  and  the  pressure  of  gas  in 
the  bell  is  again  restored.  It  is  evident  that  the  whole  gas  can- 
not be  removed  from  a  solution  by  the  air-pump,  since  we  can 
never  remove  the  whole  of  the  gas  from  the  surface  of  the  liquid, 
and  cannot  therefore  entirely  remove  the  pressure  which  the  gas 
escaping  from  the  solution  exerts.  This  object,  however,  can 
be  readily  attained  by  placing  at  the  side  of  the  glass  holding  the 
solution  another  glass,  containing  some  chemical  reagent  which 
has  the  power  of  absorbing  the  gas.  Thus,  if  we  place  under 
the  same  bell  containing  a  solution  of  carbonic  acid  a  concen- 
trated solution  of  caustic  potash,  this  reagent  will  keep  the  bell 
free  from  carbonic  acid,  and  reduce  the  pressure  it  exerts  to 
nothing,  so  that  the  gas  will  continue  to  escape  from  the  solution 
until  the  whole  is  removed.  If  at  the  same  time  we  exhaust  the 
air  with  the  pump,  we  shall  greatly  hasten  the  process,  although 
the  final  result  is  not  affected  by  the  presence  of  the  air,  or  any 
other  chemically  inactive  gas. 

The  amount  of  carbonic  acid  present  in  the  atmosphere  is  so 
small,  that  it  exerts  no  appreciable  pressure  ;  so  that,  if  a  solu- 
tion of  this  gas  is  exposed  to  the  atmosphere,  the  whole  of  the  gas 
should  according  to  the  law  escape.  This  we  find  to  be  the  case, 
although,  on  account  of  the  slow  diffusion  of  carbonic  acid  into 
air,  it  requires  a  long  time  before  the  whole  has  disappeared. 
The  same  must,  of  course,  also  be  true  of  solutions  of  all  gases 
with  the  exception  of  tliose  composing  the  atmosphere. 

The  most  available  means  of  driving  out  a  gas  from  a  solution 
is  boiling.  The  high  temperature  diminishes  the  coefiicient  of 
absorption,  and  moreover  the  escaping  vapor  carries  away  with 
it  the  gas  from  the  surface  of  the  liquid,  so  that  the  pressure 
which  the  gas  exerts  on  this  surface  is  constantly  diminishing, 
and  with  it  also  the  amount  of  the  gas  which  the  liquid  can  hold 
in  solution.  On  this  same  principle,  protoxide  of  nitrogen  can 
be  entirely  removed  from  water  by  passing  through  it  a  current 

of  air. 

There  are  a  few  gases,  such  as  chlorohydric  acid,  which  have 
80  strong  an  affinity  for  water  that  they  cannot  be  removed  by 
boiling,  since,  after  the  solution  is  reduced  to  a  certain  degree 

84 
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of  concentration,  the  liquid  and  gas  evaporate  together  as  a 
whole. 

(207.)  As  a  general  rule,  the  solubility  of  a  gas  is  diminished 
by  the  presence  of  other  substances  in  the  solution.  Thus,  for 
example,  water  containing  sulphuric  acid  or  any  salt  will  absorb, 
in  most  cases,  less  gas  than  when  pure.  As  a  necessary  conse- 
quence, the  gas  which  water  holds  in  solution  can  in  great  meas- 
ure be  driven  out  by  the  addition  of  oil  of  vitriol,  or  by  dissolving 
in  it  some  salt.  So  also  melted  silver,  which  absorbs  from  the 
atmosphere  a  large  volume  of  oxygen,  disengages  with  efferves- 
cence the  whole  of  the  dissolved  gas,  on  the  addition  of  an  equal 
weight  of  melted  gold. 

Whenever,  on  the  other  hand,  as  is  sometimes  the  case,  ttie 
solubility  of  a  gas  is  increased  by  the  presence  of  salts  or  other 
substances  in  solution,  this  exception  to  the  general  rule  is  appar- 
ently caused  by  the  chemical  affinity  of  the  dissolved  substance. 
The  presence  of  phosphate  of  soda  increases  greatly  the  solubility 
of  carbonic  acid,  and  the  presence  of  sulphate  of  copper  and  sul- 
phate of  protoxide  of  iron,  the  solubility  of  oxide  of  carbon  and 
deutoxide  of  nitrogen,  respectively.  It  is  true  that  in  all  these 
cases  the  gas  can  be  driven  out  of  the  solution  by  boiling,  but 
nevertheless  it  is  probable  that  unstable  compounds  are  in  each 
case  formed;  and  this  opinion  is  substantiated  in  tlie  last  case  by 
the  very  remarkable  change  of  color  which  the  solution  of  green 
vitriol  undergoes  by  absorbing  deutoxide  of  nitrogen  gas. 

The  principles  of  this  section,  it  should  be  noticed,  apply  only 
to  solid  and  liquid  bodies,  since  the  coefficient  of  absorption  of 
one  gas  is  not  apparently  influenced  by  the  presence  in  Uie  soH- 
tion  of  another  gas  on  which  it  is  chemically  inactive.  This  last 
principle  will  be  considered  in  detail  in  section  (209). 

(208.)  Determination  of  the  Coefficient  of  Absorption. — As  has 
been  already  stated,  the  coefficient  of  absorption  is  the  volume  of 
gas  (measured  in  cubic  centimetres  at  0^  and  76  c.  m.)  absorbed 
by  one  cubic  centimetre  of  liquid.  Since  this  coefficient  varies  with 
the  temperature,  it  must  be  determined  for  each  temperature,  or 
we  may  determine  it  with  accuracy  for  several  temperatures  at 
suitable  intervals,  and  then  from  these  results  deduce  an  interpo- 
lation formula  by  which  we  may  calculate  the  coefficient  for  all 
intermediate  temperatures,  and  prepare  tables  like  Table  YIL 
of  the  Appendix.    It  is  only  then  necessary  to  inquire  how  the 
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coefficient  ia  determined  for  any  given  temperature,  (.    There  we, 
In  general,  two  methods  which  are  used  for  this  purpose. 

First  Method.  —  The  first  method  consists  in  passing  a  current 
of  the  gas  through  the  liquid  under  experiment,  until  the  last  is 


saturated;  then,  having  carefully  ohserred  the  temperature  of 
the  BoluUon,  transferring  vith  proper  precautions  a  measured 
volume  to  a  glass  beaker,  and  determining  the  weight  of  the  dis- 
solved gas  hy  some  process  of  chemical  analysis.  This  method 
will  be  better  understood  if  illustrated  by  an  example,  and  we 
will  select  for  the  purpose  the  determination  of  the  coefficient  of 
absorption  of  suIpMde  of  hydrogen  in  alcohol,  which  was  made 
by  Drs.  Schonfeld  and  Carius,  with  the  apparatus  represented  in 
Fig.  334.» 

The  flask  a  a  is  closed  by  a  tight  cork,  through  which  four 
holes  have  been  bored.    Through  the  first  of  these  passes  a  ther- 

*  Bm  BniuHi'i  QaMomeaj,  p«ge  160. 
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mometer,  b ;  through  the  Becond,  the  tube,  c,  conducting  the  gas; 
through  the  third,  a  short  tube,  dj  serving  as  a  vent  to  the  gas, 
and  ending  in  a  small  india-rubber  tube,  which  can  be  easily 
closed  by  a  glass  rod ;  lastly,  through  the  fourth  hole  passes  a 
siphon  tube,  e.  These  tubes  exactly  fit  the  holes  in  the  cork,  so 
that  if  the  tube  d  is  closed  while  the  current  of  gas  is  flowing 
into  the  flask  through  the  tube  c,  the  solution  will  be  forced  out 
through  this  siphon  tube,  e. 

In  making  the  determination,  the  sulphide  of  hydrogen  was 
generated  from  sulphide  of  iron  and  dilute  sulphuric  acid,  and, 
having  been  washed  with  water,  was  passed  through  alcohol  in 
the  flask,  which  had  been  previously  boiled  in  order  to  expel  all 
the  air  it  contained  in  solution.  The  alcohol  in  the  mean  time 
was  kept  at  a  constant  temperature  by  placing  the  flask  in  a  wa- 
ter-bath, and  this  temperature,  which  was  carefully  observed  by 
the  thermometer  b,  we  will  call  f".  The  tube  d  was  also  left 
open,  so  that  the  sulphide  of  hydrogen  gas,  which  filled  the  upper 
part  of  the  flask,  exerted  the  same  pressure  on  the  surface  of  the 
alcohol  as  that  indicated  by  the  barometer  at  the  time  of  the 
experiment.  We  will  represent  this  by  H.  At  the  end  of  two 
hours,  when  it  was  assumed  that  the  liquid  was  saturated  with 
the  gas,  the  india-rubber  connector  at  d  was  closed  by  a  glass 
rod,  and  the  solution,  as  it  was  forced  out  through  the  siphon  e, 
collected  in  a  measuring-glass.  The  tube  e  was  so  adjusted  as 
to  reach  to  the  bottom  of  the  measuring-^ lass,  and  after  the  glass 
was  full,  the  solution  was  permitted  to  overflow  the  mouth  for 
some  time,  and  until  the  upper  layers  of  the  liquid,  which  had 
been  exposed  to  the  air,  and  consequently  lost  a  portion  of  their 
gas,  had  been  replaced  by  the  saturated  solution  rising  from 
below.  The  glass  was  then  quickly  closed  by  its  stopper,  and  its 
contents  immediately  after  transferred  to  a  beaker  containing  a 
solution  of  chloride  of  copper.  The  volume  of  the  solution  used 
was,  of  course,  the  same  as  that  of  the  measuring-^ lass,  and  we 
will  represent  it  by  F.  Lastly,  the  sulphur  of  the  precipitated 
sulphide  of  copper  was  converted  into  sulphuric  acid  by  nitric 
acid,  and  weighed  in  the  usual  way  as  sulphate  of  baryta.  From 
the  weight  of  sulphate  of  baryta  the  weight  of  sulphide  of  hydro- 
gen contained  in  the  solution  was  easily  calculated.  Represent 
this  weight  by  TT,  and  the  known  weight  of  one  cubic  centimetre 
of  sulphide  of  hydrogen  gas  at  0^  and  76  c.  m.  by  w  (Table  11.) , 
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and  we  haye  all  the  data  for  calculating  the  coefficient  of  absorp- 
tion at  the  temperature  of  the  experiment. 

y  ns  Tolume  of  solution  saturated  with  H  S  at  ^  and  JT"  c  m. 
TT  wm  weight  of  H  S  in  ditto,  at  f  and  J?*  c  m. 

Then  by  [132], 

W-jt  =  weight  of  II S  in  ditto  at  ^  and  76  cm. 

Dividing  by  tct,  wo  get 

W    76 

—  ,  j^=  volume  of  H  S  (measured  at  0^  and  76  cm.)  dissolved  at 

^      ^  <«  and  76  c  m. 

It  was  assumed  in  this  determination  that  the  volume  of  alcohol 

underwent  no  change  by  absorbing  sulphide  of  hydrogen,  so  that 

V  represents  not  only  the  volume  of  the  solution,  but  also  the 

Tolume  of  the  alcohol  it  contained.    Hence,  F  cubic  centime- 

W    76 

tres  of  alcohol  at  f*  dissolve  —  .  ^  cubic  centimetres  of  sulphide 

of  hydrogen,  measured  at  0*  and  76  c.  m.  Consequently,  the 
coefficient  of  absorption,  or 

As  is  evident,  this  formula  is  not  only  applicable  to  the  particu- 
lar case  under  consideration,  but  may  also  be  used  in  all  similar 
cases,  in  which  the  volume  of  the  liquid  is  not  sensibly  altered 
by  dissolving  a  gas. 

If,  however,  we  seek  to  determine  the  solubility  of  sulphurous 
acid  gas  in  alcohol  by  the  same  method,  it  will  be  found  that  the 
assumption  made  in  the  last  example  is  no  longer  correct,  and 
that  it  is  essential  to  pay  regard  to  the  change  of  volume.  As 
for  the  rest,  the  determination  may  be  conducted  in  precisely 
the  same  maimer,  only  the  weight,  W^  of  sulphurous  acid  gas 
contained  in  a  measured  volume,  F,  of  the  solution,  must  be  de- 
termined by  some  special  method  of  chemical  analysis.  As  we 
cannot  conveniently  measure  the  volume  of  alcohol  before  the  ab- 
sorption corresponding  to  the  measured  volume,  F,  of  the  solution, 
WB  determine  carefiilly  the  specific  gravity  of  the  alcohol  and 
of  the  solution,  and  thus  obtain  all  the  data  for  our  calculation. 

84» 
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V  ^  Tolume  of  alcohol  saturated  with  S  Os  at  ^^  and  J7  c  m. 

(S^.  Or,)         -i-  specific  gravity  of  ditto. 

V.  (i^.  Or.)  —  weight  of  ditto.     See  [56]. 

W  "=  weight  of  S  0|  dissolved  at  f  and  JJc  m.  in  FcTm.'  of 

solution. 
.  V .  {Sp.  Or.)  —  IT—  weight  of  alcohol  in  Fern.'  of  solution. 
(Sp,  Or.y        —  specific  gravity  of  alcohol  before  absorption. 

Hence  by  [66], 

— '-^^^—^-l-. =  volume  of  alcohol  in  Vc^m,^  of  saturated  solution. 

(i^.  Gr,y 

w  -i-  weight  of  one  cubic  centimetre  of  S  Q^  gas  measured  at  0^ 

and  76  c.  m. 

—  ma  volume  of  S  O'  (measured  at  0**  and  76  c.  m.)  dissolved  in 

V  c7m*  of  solution  at  1f^  and  ZTc.  m. 

W     76 

—  •  -Fr  ""  volume  of  ditto  dissolved  in  FcTm.*  of  solution  at  f  and  76  cm. 
w      H 

V  (So  Or  ^  —^  W 

Hence  — ^%*  ^^  y cTm]'  of  alcohol  dissolve,  at  f  and  76 

c.  m.,    —  •  -^  cTm.'  of  S  0|  gas. 
Whence 

This  formula  may  be  used  in  all  similar  determinations  of  the 
coefficient  of  absorption,  where  the  volume  of  the  liquid  is  sensibly 
changed  by  the  absorption  of  the  gas.    When  there  is  no  change 

of  volume,  F=  "(^  r^y 9  which,  substituted  in  [134], 

reduces  it  to  [133] . 

The  method  of  determining  the  coefficient  of  absorption  just 
described  is  the  best  whenever  the  gas  dissolves  in  large  quanti- 
ties in  the  liquid,  and  when  it  is  of  such  a  nature  that  the 
amount  in  solution  can  be  readily  determined  by  the  methods  of 
chemical  analysis.  In  the  practical  application  of  this  method, 
peculiar  precautions  are  required  in  each  special  case.  For  a 
description  of  these,  we  must  refer  the  student  to  the  work  of 
Professor  Bunsen,  already  noticed. 

Second  Method.  —  The  second  method  of  determining  the  co- 
efficient of  absorption  consists  in  shaking  up  in  a  graduated  glass 
tube  a  measured  volume  of  gas  with  a  measured  volume  of 
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liquid,  and  carefully  observing  the  volume  of  gas  absorbed.     A 
Tery  elegant  apparatus  for  this  purpose,  called   an  absorption- 
metre,  is  described  and  figured  by  Bunsen  in  his  vork  on  Gawm- 
etiy,  and  a  diagram  illustrating  its  principle  is  given  here  in  Fig. 
835.     The  gas  is  collected  in  the  gradu- 
ated glass  tube  a  a  over  a  mercury  pneu- 
matic  trough,  and  its  volume  carefully 
determined.     "We  will   call   this  volume 
corrected   for  temperature,  P^.     At    the 
same  time,  we  observe  the  height  of  the 
barometer,  and  the  height  of  the  surface 
of  the  mercury  in  the  tube  above  the 
surface  of  the  mercury  in  the  pneumatic 
trough.     The  difference  of  these  heights 
gives  us  a  quantity,  H,  which  is  the  pres- 
sure to  which  the  gas  confined  in  the 
tube  is  exposed  (169).    Next,  a  volume 
of  liquid  from  which  all  the  air  has  been 
expelled  by  boiling  is  passed  up  Into  the  '  f 

tube,   still   standing    over    the    mercury  rig.  sss. 

trough.  This  volume  is  also  carefully  observed,  and  wo  will 
represent  it  by  V,  The  tube  is  now  closed  by  screwing  on 
to  tlie  iron  ring  e  c  (which  is  cemented  to  Uie  tube  a  short  dis- 
tance from  its  mouth)  the  iron  cap  bbdd.  The  surface  dd\s 
covered  with  a  piece  of  sheet  india-rubber,  wluch  is  pressed  by 
the  screw  against  the  mouth  of  the  tube,  and  hermetically  closes 
it.  The  tube  (tilled  with  mercury,  gas,  and  tlie  liquid)  is  now 
transferred  to  the  glass  cylinder  gg.  This  cylinder  is  cemented 
to  a  base  h,  and  a  rectangular  projection/,  at  the  bottom  of  the 
iron  cap,  exactly  fits  a  corresponding  hole  in  the  upper  surface 
of  the  base.  The  cylinder  may  be  closed  by  an  iron  lid,  which 
turns  on  a  hinge  t,  and  which  may  be  fastened  by  the  thumb- 
screw n.  To  the  under  surface  of  the  cover  a  piece  of  india- 
rubber,  m,  is  cemented,  which,  when  the  cover  is  closed,  presses 
against  the  top  of  the  glass  tube  and  keeps  it  in  place.  The 
graduated  tube  having  been  introduced  and  adjusted,  mercury  is 
poured  into  the  cylinder  until  it  covers  the  bottom  to  the  depth  of 
several  centimetres,  and  the  rest  of  the  cylinder  is  then  filled  with 
water.  The  cover  is  now  closed  and  fastened,  and  the  whole 
apparatus  violently  shaken  in  order  to  facilitate  the  solution  of 
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the  gas.  The  lid  is  next  opened,  and  by  taming  the  tube  the 
cap  is  unscrewed,  and  the  mouth  of  the  tube  opened  under  the 
mercury,  which  rises  to  take  the  place  of  the  gas  which  has  been 
absorbed.  By  turning  the  tube  in  the  reverse  direction  the 
mouth  is  now  closed,  and,  the  cover  having  been  shut  down  and 
fastened,  the  apparatus  is  again  shaken ;  and  this  process  is 
repeated  until  no  further  absorption  of  gas  is  perceptible.  When 
the  absorption  is  completed,  the  volume  of  gas  remaining  in  the 
tube  is  carefully  observed.  This  volume  corrected  for  tempera- 
ture we  will  call  F'o.  The  pressure  H%  to  which  the  gas  is 
exposed,  can  now  be  calculated  fix>m  the  height  of  the  barometer, 
the  difference  of  level  of  the  mercury  in  the  tube  and  in  the  cyt 
iuder,  and,  lastly,  the  heights  of  the  columns  of  water  in  the  two 
vessels.  These  quantities  having  been  carefully  observed,  we 
commence  the  calculation  by  finding  from  Table  XIX.  the  eqtiiv- 
alents  of  the  two  water  columns  in  centimetres  of  mercury. 
Representing  these  values  by  A'  and  A",  the  difference  of  level 
of  the  mercury  by  A,  and  the  height  of  the  bcurometer  by  H^  we 
have  for  the  value  of  the  pressure  H*  =  H —  A  +  (A'  —  A")« 
A  thermometer  placed  within  the  cylinder  gives  the  temperature 
of  the  water,  and  hence  the  temperature  at  which  the  coefficient 
is  determined.  We  have  now  determined  all  the  data  required 
for  calculating  the  coefficient. 

Vo        =  vdume  of  gas  before  absorption,  at  0®  and  pressure  iT*  c.  m. 
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Pi  =-  —  ^i  i^E  —  reduced  volume  of  gas  absorbcdimderthepreasure-fl'. 
76  76 

By  [132], 

V  H 

-Ip--  —  Vq'  =  reduced  volume  of  gas  absorbed  under  the  pressure  76 

c  m.  by  f^cTm.*  of  liquid. 

In  making  determinations  of  the  coefficient  of  absorption  by 
this  method,  it  is  necessary  to  correct  the  measured  tensions  df 
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gas  bofh  for  temperature  and  for  the  tension  of  vapor,  and  to 
reduce  the  measured  columns  of  mercury  to  0**  C.  The  method 
bj  which  these  reductions  are  made  will  be  explained  in  the  next 
chapter,  and  examples  illustrating  the  whole  subject  will  be 
found  in  Bunsen's  work  on  Gasometry,  already  noticed,  to  whieh 
we  must  refer  for  further  details. 

(209.)  Partial  Pressure.  —  If  we  conceive  of  three  masses  of 
different  gases,  occupying  the  volumes  v^  rg,  t;»,  and  each  exertuig 
a  pressure  measured  by  If,  and  then  suppose  that  the  diaphragms 
which  separate  them  are  removed,  the  three  gases  will  mis;  per* 
fectly  togedier,  as  is  well  known,  until  each  is  equally  difibsed 
through  the  whole  space  F,  which  equals  v^^  v^'\-  v^y  and 
the  mixture  will  then  exert  the  same  pressure  as  that  exerted  by 
each  gas  separately,  or  H.  It  is  evident,  then,  from  Mariotte's 
law  (163),  that  each  gas  of  this  mixture  must  exert,  by  itself, 
a  pressure  which  bears  the  same  relation  to  the  whole  pressure 
that  the  original  volume  of  this  gas  bears  to  its  expanded  vol- 
umes. It  is  easy,  then,  to  calculate  that  the  pressures  exerted  by 
the  three  gases  of  the  mixture  are  respectively 

— p-?'-,—  H,    — p-*^-  H,  and  — j-'^i-j—  H.    [136.] 

Tliese  pressures  are  called  partial  pressures ^  in  distinction  from 
the  total  pressure  J  which  is  equal  to  the  sum  of  these  partial 
pressures,  or 

If  now  a  volume  of  liquid,  which  we  will  represent  by  F;  ,  is 
exposed  to  this  gaseous  mixture,  it  will  absorb  of  each  gas  a 
quantity  which  is  exactly  proportional  to  the  partial  pressure 
which  this  gas  exerts.  In  other  words,  the  law  of  (206)  holds 
true  in  regard  to  each  gas,  and  the  solubility  of  one  gas  is  not 
influenced  by  the  presence  of  tlie  rest. 

Representing  then  by  C|,  Ca,  and  c^  the  coefficients  of  absorp- 
tion of  the  three  gases  respectively,  and  assuming  that  the  total 
volume  of  the  mixture  is  so  large,  or  so  frequently  renewed,  that 
the  partial  pressures  are  not  altered  by  the  absorption,  we  can 
easily  calculate  that  the  absolute  volume  of  each  gas  in  cubic 
centimetres  absorbed  by  the  given  voliune,  Ft,  of  the  liquid, 
will  be,  respectively, 


i 
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•'1   '^1  Z     FT.     nr   •Way  ^t  'i 


and  r.  JJ  [138.] 

""»     'v,^v,  +  v,  '76'  ^ 

The  sum  of  these  quantities,  or  the  total  Yolume  of  mixed  gases* 
absorbed,  is 

^'  «,.-t-j|,-t-t.,  .  -fl  (<^.  f.  +  c, ».  +  c. ».).         [139.] 

Dividing  each  of  the  quantities  [138]  by  this  sum,  we  shall  ob- 
tain the  composition  of  the  absorbed  gas,  or,  in  other  words,  the 
amount  of  each  gas  composing  one  volume  of  the  mixed  gases 
dissolved.    These  are 

^ ^i  ^i    Uasss ^a^i ' 

^-  .  [140.] 

K  there  were  but  two  gases,  the  values  v^^Utj  and  Cg  must  evi- 
dently be  cancelled  in  all  the  above  equations ;  and,  on  the  other 
hand,  the  formula  may  readily  be  extended  to  any  number  of 
gases  by  introducing  additional  terms.  » 

The  solution  of  atmospheric  air  in  water  furnishes  a  good  illus- 
tration of  the  principles  of  this  section.  Let  it  be  required  to 
determine  the  absolute  volumes  of  oxygen  and  nitrogen  absorbed 
by  Fj  volume  of  water  at  the  temperature  of  15^.  The  air  is  a 
mixture  of  oxygen  and  nitrogen,  exerting  on  the  water  a  variable 
pressure,  which  we  will  assume,  at  the  time  of  the  determination, 
is  76  c.  m. ;  and  its  mean  composition  in  volume  is 

Oxygen, 0.2096 

Nitrogen, 0.7904         [141.] 

1.0000 

The  coefficients  of  absorption  at  16**  are,  by  Table  VII.,  of 
oxygen  0.02989,  and  of  nitrogen  0.01478.  The  absolute  vol- 
umes of  the  two  gases  absorbed  by  F|  volume  of  water  are,  then, 
of  oxygen, 

0.02989  F|  X  0.2096  =  0.006265  V, ; 
and  of  nitrogen, 

0.01478  F,  X  0.7904  =  0.011682  V,. 

The  composition  of  the  dissolved  gas  in  one  volume  is,  then, 
by  [140], 
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Oxygen, 0.8491 

Nitrogen, 0.6509         [142.] 

1.0000 

We  can  also,  evidentlj,  reyerse  the  above  calculation,  and  from 
the  composition  of  the  dissolved  gas  calculate  the  composition  of 
the  gaseous  mixture  to  which  the  liquid  has  been  exposed.  Rep- 
resenting the  denominators  of  the  fractions  [140]  bj  Aj  we 
easily  obtain  the  values, 

t;i  =  ~*il,         v,  =  ^^,       and         r,  =  ^.l,       [143.] 

1  _ 

which  are  the  volumes  of  the  respective  gases  composing  Fcm.* 

of  the  mixture.     Dividing  each  of  these  quantities  by  the  sum 

of  the  whole,  we  obtain  the  composition  of  one  volume  of  the 

mixture.* 

Ill  ttt 

ci  a 

Wv  = >  tr,  — 


!!i  4- ~  4- —  !fL  4.  !fl  +  !!1 

and  !!»  [144.] 

C3 

tr,  =  • 

tti        ua^    ,   ti3 
ei        eg        c% 

From  the  composition  of  the  mixture  of  oxygen  and  nitrogen 
dissolved  in  rain-water,  we  can  easily  calculate,  by  these  formulas, 
the  composition  of  the  air.  Evidently,  when  there  are  only  two 
gases,  the  tliird  value,  tr,,  and  the  last  term  of  the  denominators 
of  Wx  and  w^  are  cancelled. 

All  the  above  formulas  are  based  upon  the  siipposition,  that  the 
volume  of  the  gaseous  mixture  is  so  large  that  the  partial  pres- 
sures of  its  constituent  gases  are  not  essentially  changed  by 
the  absorption.  This  is  true  in  regard  to  the  atmosphere,  as 
already  stated;  but  when  we  experiment  upon  a  very  limited 
volume  of  a  gaseous  mixture,  as  in  the  absorption-tube  of  appa- 
ratus (Fig.  835),  such  an  assumption  is  far  from  being  correct, 
and  we  must  then  pay  regard  to  the  change  of  composition  and 
of  pressure  in  the  gaseous  mixture.  In  order  to  make  the  case 
as  simple  as  possible,  let  us  take  a  mixture  of  only  two  gases,  and 
consider  the  changes  it  will  undergo  by  absorption  if  in  contact 

*  It  will  afford  the  student  astistance,  in  following  out  tlie  covrse  of  reasoning  in  tfaia 
section,  to  remember  that,  in  the  notation  adopted,  vx-^-vi-^-vi^  FeTml'  of  the  mixed 
gases  before  solution,  «i  +  us  +  «9  *»  1  «<m.'  of  the  mixed  gases  in  solution,  and 
vi  -h  u^  +  «^  ~  1  cTm.'  of  the  mixed  gases  before  solution. 
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with  a  Yolume  of  liquid,  adopting  for  tlie  purpose  the  following 
notation,  and  assuming  that  the  volumes  of  all  the  gases  entering 
into  the  calculation  are  measured  at  0"". 

F      =  volume  of  mixed  gases  before  absorption,  measured  at  pres- 
sure H. 
V     =  volume  of  mixed  gases  after  absorption,  measured  at  pressure  M\ 
Vi      =  volume  of  absorbing  liquid. 
v^  rg  ==  volumes  respectively  of  the  two  gases  in  the  unit  volume  of  the 

mixed  gases  before  absorption,  so  that  Vi-\-v^=il  cm.', 
tfj,  «,  =  volumes  respectively  of  the  two  gases  in  the  unit  volume  of  the 
mixed  gases  remaining  unabsorbed,  so  that  u |  -|-  u^  =  1  cTm.'* 
Cif  c,  =  coefficients  of  absorption  of  the  two  gases  respectivelj. 

It  is  now  evident  that  the  volume  V  of  the  mixed  gases  con- 
tains t?i  VcTm?  of  the  first  gas  measured  under  the  pressure  IT. 
Under  a  pressure  of  76  c  m.  this  same  volume  would  measure. 

^y  [98]  >  ^1  ^  7fi  cTm.'  By  the  absorption,  this  qtuttUUf/ of  gas 
is  divided  into  two  parts :  first,  a  quantity^  Xy ,  which  remains  un- 
dissolved ;  second,  a  quantity,  x^ ,  which  dissolves  in  the  liquid ; 

so  that  we  have  a:i  -j-  ^  =  ^i  '^  .=-p  •     The  value  of  a;,  may  now 

readily  be  determined  by  the  laws  of  absorption,  since  we  know 
the  coefficient  of  absorption  Ci,  and  can  easily  calculate  the  par- 
tial pressure  which  the  gas  exerts  on  the  liquid  after  the  absorp- 
tion.    The  quantity  Xy  of  gas,  if  measured  at  the  pressure  H'y 

would  equal  Xy  -y, ;  and  since  the  whole  volume  of  mixed  gases 

remaining  unabsorbed,  or  F',  exerts  a  pressure  H' ,  the  partial 

76  X 

pressure  of  the  portion  of  this  volume  Xi   jr,   must  be    -p;  76. 

At  the  pressure  of  76  c.  m.,  we  know  that  V^  cm.'  of  liquid  ab- 
sorbs Ci  Vi  cTmL'  of  the  gas.     Hence,  under  tlie  pressure  of 

Y^  76  c.  m.,  the  same  volume  of  liquid  will  absorb        '      cm.* 

of  gas.  This  is  the  value  of  x^ ;  and  substituting  it  above, 
we  obtain 

«.  +  ~vr^  =  »,  F  -     ,     or     a;,  =  — p — p-.    [145.] 

^  76  (l+^) 

By  a  similar  course  of  reasoning,  we  should  obtain,  for  the  vol- 
ume of  the  second  gas  remaining  unabsorbed,  the  value 
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VtVS 


ifi  — 


76 


(« + ^y 


If,  for  the  sake  of  abbreviation,  we  put  Ai  =  Vi  V H  and  A^  = 
v^VH,  also  B,=  {l+^^^  and  £.  =  (l  +  ^^^») ,  we  shaU 

have  Xi  =  fa^  ^^^  V^  =  76"7j!  *"^^  irom  these  we  can  easily 
calculate  the  composition  of  the  unit  of  volume  of  the  unab> 
sorbed  gas,  which  we  shall  find  to  be 

_^      X\      _^ Ax  B% 

""'  "■  iT-fyl  ~  A,  b,~+a;^b,  » 

and  ,  J,  [146.] 

^  —  x,  +  i^,  —  AB,+AB,' 

(210.)  Analysis  of  a  Mixture  of  two  Gases  by  the  Absorption 
Meter.  —  It  is  evident,  from  the  computations  of  the  last  section, 
that  we  can  even  determine  the  unknown  composition  of  a  gase- 
ous mixture  from  the  change  of  volume  it  undei^oes  bj  absorp- 
tion in  a  known  volume  of  liquid.  This  leads  us  to  a  metliod  of 
gas  analysis,  which,  under  certain  circumstances,  admits  of  great 
accuracy,  and  enables  us  to  solve  problems  which  cannot  be  r^ 
solved  by  the  ordinary  methods  of  chemical  investigation.  Let 
us  suppose,  then,  that  we  have  given  the  following  data,  all 
reduced  to  0**  C,  as  before. 

V     =  the  original  volume  of  the  gaseous  miztnre,  measured  under  the 

pressure  Hi 
V*    =  the  volume  of  the  mixture  after  absorption,  measured  under  the 

pressure  JST'. 
Vi     =  the  volume  of  absorbing  liquid. 

Ciy  c^  =  the  coefficients  of  absorption  of  the  two  gases  composing  the 

mixture. 

It  is  required,  from  these  data,  to  determine  the  relative  pro- 
portions of  the  two  gases  in  the  original  mixture.  Let  us  repre- 
sent, then,  by  the  unknown  quantities  x  and  y  the  volumes  of 
the  two  constituent  gases  measured  under  the  pressure  1 ;  by  x' 
and  y*j  the  volumes  of  these  gases  after  absorption  measured 
under  the  same  pressure. 

It  follows  directly  from  the  law  of  Mariotte,  that  the  volume 

0/,  if  measured  under  the  pressure  H'j  would  be  -07 ;  and  since 

85 
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this  Yolume,  after  the  absorption,  is  expanded  through  the  whole 
Tolume  V'j  it  is  evident  that  the  partial  pressure  it  then  exerts  on 

the  absorbing  liquid  is  as  much  less  than  H'  as  w,  is  less  than 

V'j  and  must  therefore  be  equal  to  -p, .     The  volume  of  the 

first  gas  which  would  be  absorbed  by  Fj  cTml*  of  liquid  under 
tlie  pressure  of  76  c.  m.  and  at  0^  (when  measured  at  0^  and 
76  c.  m.)  is  C|F1.     As  after  the  absorption  the  pressure  exerted 

by  the  first  gas  on  the  liquid  is  -pr, ,  the  volume  which  is  actu- 
ally absorbed  (measured  at  0^   and  76  c.  m.)  is,  by  [132], 

e  V  x*  . 

~-U^ .     If  this  volume  is  measured  under  the  pressure  1  c.  m., 

it  will  become  C|  F^  -7^ .    Hence  we  have 

x* 
Ci  F|  pr^  =  t^  volume  ofjint  gas  absorbed  measured  under  the  pressure  1. 

Hence,  also, 

x=a:'  +  c.r.  J,=^(l+'-^^^),  or  ^^=/  _Je.FA'  [147-1 

V  +  >/ 
From  this  value  of  x!  we  can  easily  calculate  the  partial  pres- 
sure which  the  unabsorbed  portion  of  the  first  gas  exerts  on  the 
absorbing  liquid.     If  measured  under  tlie  pressure  IT',  the  vol- 
ume [147]  becomes 


and  the  partial  pressure  it  exerts  is  as  much  less  than  H'  as 
this  volume  is  less  than  V*.    A  simple  proportion  gives  us,  for 

the  value  of  this  pressure,  y,  x — p^  •  In  like  manner,  by  a 
precisely  similar  course  of  reasoning,  we  shall  obtain,  for  the  par- 
tial pressure  exerted  by  the  unabsorbed  portion  of  the  second  gas, 

VrX — V '     -^^^j  Ana^  it  is  these  two  pressures  which  make  up 

the  observed  total  pressure  IT',  we  have 

Returning  now  to  the  condition  of  the  gas  before  absorption, 
it  is  evident  that  the  volume  of  the  first  gas,  which  measures  x 
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tinder  the  pressure  1,  would  measure  -^  under  the  pressure  H. 
Hence  the  partial  pressure  which  this  gas  exerted  before  the 
absorption  was  as  much  less  than  H  as  the  volume  -jr  is  less  than 
Vf  and  must  therefore  have  been  y .  In  like  manner,  we  find 
that  the  partial  pressure  exerted  by  the  second  gas  was  -y- ;  so 
that  we  also  have 

^=f+f.  [149.] 

It  will  be  noticed  that  equation  [149]  may  be  derived  directly 
from  [148],  by  making  c,  and  c,  equal  to  zero,  which  would  be 
the  case  where  there  was  no  absorption.  These  equations  may 
also  be  written  in  the  forms 

^  ^  {V'  +  c,  VO  W  +  (7'  +  c,K0^'' 

1  —  -^    4-     y 
^  ~   VH^  ITS' 

If  for  the  sake  of  abbreviation  we  put 

» 

A  =(F'  +  c.  Fi)  ff>, 
B  =  {V'  +  cV,)  H', 

the  equations  become 

By  combining  the  two,  we  easily  obtain 

X  W—  B     A 


J  ~  T^^W  '  B' 
or,  calculating  the  percentage  composition, 


[150.] 


As  an  example  of  this  method  of  analysis,  we  will  take  the 
data  obtained  in  an  experiment  with  the  absorption-meter  on  a 
mixture  of  carbonic  acid  gas  and  hydrogen,  as  given  by  Bunsen. 


412  CHEMICAL  PHYSICS. 


Volume. 

PruBinre. 

Temp, 
o 

ToIomeatOo. 

Gas  before  absorption, 

180.94 

63.68 

15.4 

171.29 

Gas  after  absorption, 

122.01 

68.09 

5.5 

119.61 

Volume  of  water, 

•        • 

•        ■ 

856.7 

• 

•        • 

• 

356.1 

Mean, 

•        • 

a                  . 

356.4 

Hence  we  obtain 

ff  —       53.6800, 

V  = 

171.290, 

If'  =        68.0900, 

V'  = 

119.610, 

Ci   =          1.4199, 

v,= 

356.400, 

cj  =          0.0193, 

w  = 

9194.847, 

A  =  42591.3250, 

B  = 

8612.568. 

And  by  substituting  these  values  in  [151],  we  get  the  following 
percentage  composition :  — 

By  Abeorptlon.       Bj  Eudkmietor. 

Hydrogen, 0.9206  0.9246 

Carbonic  Acid,  ....         0^0794  0.0754 

1.0000  1.0000 

And  it  will  be  noticed  how  closely  these  results  agree  with  those 
obtained  by  chemical  analysis  with  the  eudiometer,  which  are 
given  at  the  side  for  comparison. 

By  substituting  the  numerical  values  in  [146],  it  will  be  found 
that  the  percentage  composition  of  the  gas  remaining  unab- 
sorbed  is, 

Hydrogen, 0.9829 

Carbonic  acid, 0.0171 

i.oobo 

The  same  method  of  gas  analysis  may  be  extended  to  mixtures 
of  three  or  more  gases  ;  but  when  the  number  of  gases  exceeds 
two,  the  formulas  become  quite  complex,  and  the  results  less 
accurate. 

Gases  on  Gases. 

(211.)  Effusion.  —  It  has  been  found  by  Professor  Graham  * 
that  the  velocities  with  which  different  gases,  when  under  pressure, 
flow  through  a  minute  aperture  in  a  metallic  plate,  are  closely 

*  PhiloBophical  Tnmsactioiis,  1846»  p.  574. 
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related  to  their  specific  gravities ;  and  to  these  phenomena  has  been 
given  the  name  of  effusion.  In  his  experiments,  the  gases  were 
made  to  flow  through  an  aperture  in  a  very  thin  metallic  plate, 
not  more  than  one  Ihree-hundredth  of  an  inch  in  diameter,  into 
a  beUrglass  on  the  plate  of  an  air-pump,  which  was  kept  vacuous 
by  continued  exhaustion.  The  velocity  of  the  flow  was  found 
to  increase  with  the  degree  of  exhaustion,  (that  is,  with  the  pres- 
sure,) until  it  amounted  to  about  one  tliird  of  an  atmosphere ; 
but  higher  degrees  of  exhaustion  were  not  found  to  produce  a 
corresponding  increase  of  velocity ;  and  when  the  vacuum  was 
nearly  perfect,  a  difference  of  one  inch  in  the  height  of  the  mer- 
cury cohunn  of  the  pump^uge  scarcely  affected  the  rate  at 
wliich  the  gas  entered  the  bell.  Through  an  aperture  in  a  thin 
plate,  such  as  described,  sixty  cubic  inches  of  dry  air  were  found 
to  enter  the  vacuous  or  nearly  vacuous  receiver  in  one  thousand 
seconds,  and  in  successive  experiments  the  time  of  passage  did 
not  vary  more  than  one  or  two  seconds.  The  times  required  for 
equal  volumes  of  different  gases  to  flow  tlirough  this  aperture 
were  found  to  be  very  nearly  proportional  to  the  square  roots  of 
their  specific  gravities.  Thus,  the  time  required  for  sixty  cubic 
inches  of  oxygen  to  flow  through  the  aperture  was  observed  to  be 
1,051.9, 1,051.9, 1,050.6,  1,050.2  seconds,  in  four  different  ex- 
periments. The  mean  of  these  numbers  is  1,051.1,  whiqh  bears 
almost  precisely  the  same  relation  to  1,000,  the  time  occupied 
by  the  same  volume  of  air,  as  1.0515,  the  square  root  of  the  spe- 
cific gravity  of  oxygen,  bears  to  1,  the  square  root  of  the  specific 
gravity  of  air. 

Since  the  times  occupied  by  equal  volumes  of  different  gases 
in  flowing  through  a  fine  aperture  are  proportional  to  the  square 
roots  of  their  specific  gravities,  it  follows  that  the  velocity  of 
the  flow  must  be  inversely  proportional  to  the  square  roots  of  the 
specific  gravities,  or  directly  proportional  to  the  reciprocals  of 
these  quantities.  Representing,  then,  by  T  and  T',  the  nimiber 
of  seconds  required  by  equal  volumes  of  two  gases  in  flowing 
into  a  vacuum,  we  have 

T  :  T'  =  V(%  Gr.)  :  V(^>.  Gr.y.  [152.] 

Also  representing  by  t)  and  ij'  the  velocity  of  the  flow,  (that  is, 
the  volume  of  gas  entering  tlie  vacuxmi  in  one  second,)  we  have, 
since  T:  r'  =  t)':b, 

86» 
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tJ  :  b'  =  VCSi-.  Or.y  :  V(*.  Gr.)  =  ;^7^  :  ;^7j^.  [168.] 

If  we  assume  that  the  velocitj  of  air  is  uiiitj,  it  follows  from 
[153],  that  the  velocity  of  any  other  gas,  as  compared  with  air, 
must  be  the  reciprocal  of  the  square  root  of  its  specific  gravity, 
if  the  principle  just  enunciated  is  correct.  That  this  is  really 
the  case  is  shown  by  the  following  table,  taken  from  -  Miller's 
Chemical  Physics.  Jn  the  last  column  of  this  table,  headed 
^'  Rate  of  Effusion,"  the  velocities  of  different  gases  compared 
with  air  as  unity  are  given,  as  deduced  from  the  experiments  of 
Professor  Graham ;  and  it  will  be  noticed  that  they  very  closely 
coincide  with  the  reciprocals  of  the  square  roots  of  the  specific 
gravities  given  in  the  fourth  column.  The  coincidence  is  almost 
absolute  in  the  case  of  those  gases  whose  specific  gravities  vary 
but  slightly  from  that  of  the  air.  With  very  light  or  very  heavy 
gases  the  deviation  is  much  greater ;  but  this  can  be  shown 
to  be  occasioned  by  the  tubularity  of  the  aperture,  arising  from 
the  unavoidable  thickness  of  the  metallic  plate. 

JEffunon  of  Gfases. 


Gm. 

8p.  Or. 

1 

Velocity  of 

Rate  of 
Sffiudoo. 

«/8p.  Or. 

V^8p.  Or. 

Hydrogen, 

0.06926 

0.2682 

8.7994 

8.8300 

8.6180 

Mareh  Gras, 

0.65900 

0.7476 

1.3376 

1.8440 

1.3220 

Steam,   .... 

0.62S&0 

0.7896 

1.2664 

Carbonic  Oxide, 

0.967S0 

0.9887 

1.0166 

1.0149 

1.0128 

Nitrogen, 

0.97130 

0.9836 

1.0147 

1.0143 

1.0164 

Olefiant  Gas,      . 

0.97S00 

0.9889 

1.0112 

1.0191 

1.0128 

Binoxide  of  Nitrogen,    . 

1.03900 

1.0196 

0.9808 

Oxjgen,     . 

1.10660 

1.0616 

0.9510 

0.9487 

0.9500 

Sulphoretted  Hydrogen, 

1.19120 

1.0914 

0.9162 

0.9500 

Protoxide  of  Nitrogen, 

1.62700 

1.2867 

0.8092 

0.8200 

0.8340 

Carbonic  Acid, 

1.62901 

1.2866 

0.8087 

0.8120 

0.8210 

Solpboroufl  Acid, 

2.24700 

1.4991 

0.6671 

0.6800 

(212.)  Application  of  the  Law  of  Effusion.  —  The  law  of  eflu- 
sion,  which  was  verified  experimentallj  by  Graham  in  the  case 
of  gases,  is  true  generally  of  the  flow  of  all  fluids,  under  pres- 
sure, through  an  aperture  in  a  very  thin  plate.  It  has  been 
applied  by  Bunsen*  in  a  process  of  determining  the  specific 


*  Btinaen'f  Gaflomeby,  p.  12L 
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gravity  of  gases,  vhich  is  exceedingly  simple,  and  of  especial  value 
There  only  a  small  quantity  of  the  gaa  can  be  obtained.  The 
process  consists  in  observing  carefully  the  times  required  by  the 
same  volumes  of  any  given  gas  and  air  in  flowing  through  a  fine 
aperture  in  a  thin  plate  when  under  the  same  pressure.  Repro- 
senting  these  times  by  T  and  T\  we  have,  from  [152], 

(j^.GV.)  :  C^.Gr.y  =  T*  :  T"; 

since  air  is  the  standard  of  specific  gravity,  (^Sp.  Gr.y  =  1 ;  and 
we  easily  obtain 

(*(?,.)=    y^.  [154.] 

Tlie  apparatus  used  by  Bunsen  in  these  deter- 
minations is  represented  in  Fig.  S36.  It  consiEts 
of  a  glass  bell,  a  a,  holding  about  seventy  cubic  cen- 
timetres, and  closed  above  by  the  glass  stopcock  c. 
To  the  neck  of  the  bell,  at  d,  there  is  adjusted,  by 
grinding  with  emery,  the  short  tube  e,  and  to  the 
top  of  this  tube  tiiere  is  cenieuted  a  small  piece  of 
platinum-foil,  in  which  a  very  fine  hole  has  been 
perforated.  In  order  that  the  plate  should  be  as 
thin,  and  the  hole  as  fine,  as  possible,  the  platinum- 
foil  is  first  pierced  with  a  very  fine  cambric  needle, 
and  then  hammered  out  with  a  polished  hammer 
on  a  polislied  anvil,  imtil  the  hole  is  no  longer 
perceptible  to  the  naked  eye,  and  can  only  be  seen 
when  the  plate  is  held  between  the  eye  and  a 
bright  light.  The  edges  of  the  plate  are  next  cut 
away,  so  as  to  leave  a  small  round  disk.  Laving 
the  hole  in  its  centre.  The  diameter  of  this  disk 
should  be  a  little  less  than  that  of  the  top  of  the 
tube,  to  which  it  can  easily  be  cemented  with  a 
blowpipe.  Within  the  bell,  when  in  use,  is  placed 
the  glass  float,  b  b,  made  of  thin  glass,  in  order 
that  it  may  be  as  light  as  possible.  At  the  top  of 
this  float  there  is  a  small  knob  of  black  glass,  j3, 
surmounted  by  a  thread  of  white  glass ;  and  at 
the  points  j3i  and  jSi  two  black  glass  threads  are 
melted  around'the  stem  of  the  float,  which  serve 
as  index-marks.  '*  ^ 
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In  using  this  instrument,  the  glass  bell,  filled  with  the  gas 
whose  specific  gravity  is  to  be  determined,  is  depressed  in  a 
mercury  trough  until  the  index-mark  p^,  on  its  side,  is  on  a 
level  with  the  surface  of  the  mercury.  This  index-mark  is  so 
placed  that,  when  the  bell,  previously  filled  with  gas,  is  de- 
pressed as  just  described,  the  float  will  be  below  the  surface  of 
the  mercury  in  the  trough.  The  bell  is  now  fastened  securely  in 
this  position,  and  the  telescope  of  a  cathetometer  so  adjusted  that 
its  axis  sliall  graze  the  surface  of  the  mercury  in  the  trough,  one 
side  of  which,  being  made  of  glass,  enables  the  observer,  looking 
through  the  telescope,  to  see  the  bell  distinctly.  The  apparatus 
being  thus  arranged,  the  observer  opens  the  stopcock  c,  and  then 
closely  watches  the  tube  through  the  telescope.  After  some  time, 
the  white  thread  of  the  float  rises  into  the  field,  and  forewarns 
the  observer  that  the  black  knob  will  soon  appear.  The  moment 
this  is  seen,  he  commences  his  observation,  and  notes  the  exact 
number  of  seconds  before  the  index-mark  j3j  appears  in  the  field 
of  his  telescope,  of  the  approach  of  which  he  is  forewarned  by 
previously  seeing  the  mark  ^,. 

From  the  construction  of  the  instrument,  it  is  evident  that  the 
time  thus  observed  is  the  time  required  for  the  flow,  through  the 
fine  hole  in  the  plate  e,  of  a  given  volume  of  gas,  under  a  given, 
although  varying,  pressure ;  and,  moreover,  that  this  volume  and 
pressure  must  be  the  same  in  all  experiments  with  the  same 
instrument.  Hence  the  squares  of  the  times,  in  the  case  of  dif- 
ferent gases,  must  be  proportional  to  their  specific  gravities ;  so 
that,  having  once  for  all  determined  the  time  required  by  air,  we 
can  easily,  by  means  of  [154],  calculate  the  specific  gravity  of 
any  given  gas  from  a  single  observation  of  the  time  of  its  efiusion. 
It  is  always  best,  however,  to  repeat  the  observation  several  times, 
and  take  the  mean  of  tlie  results. 

The  following  table  will  give  an  idea  of  the  degree  of  accuracy 
which  can  be  attained  by  this  process.  Column  I.  gives  the 
mean  specific  gravities  calctdated  from  several  efiusion  experi- 
ments on  each  gas,  and  Column  11.  the  specific  gravities  of  the 
same  gases  calculated  from  their  chemical  equivalents. 

The  agreement  between  the  calculated  and  the  observed  re- 
sults is  very  satisfactory ;  so  that,  although  this  process  is  not 
comparable  in  accuracy  with  the  direct  method  of  determining 
specific  gravities  hereafter  to  be  described,  it  is  nevertheless,  oa 
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account  of  its  great  simplicity,  recommended  bj  Bunsen  for  use 
in  the  arts  when  onlj  approximate  results  are  required. 


w 

I. 

TL 

DlflUWIOM. 

Air, 

Carbonic  Acid,    .... 
1  Yol.  CO  +  iToLCCH,  .  . 

Oxygen, 

1  ▼ol.  0  +  2  ToL  H,      . 
Hydrogen, 

1.000 
1.535 
1.208 
1.118 
0.414 
0.079 

1.000 
1.520 
1.244 
1.106 
0.415 
0.069 

+0.015 
—0.041 
+0.012 
—0.001 
+0.010 

(218.)  transpiration.  —  The  flow  of  gases  under  pressure 
through  long  capillary  tubes  presents  a  class  of  phenomena  en- 
tirely different  from  those  of  effusion,  and  has  been  termed  by 
Graham  TVanspiration.  With  a  tube  of  a  given  diameter,  Gra- 
ham found  that  the  shorter  the  tube,  the  more  nearly  the  rate  of 
transpiration  approximates  to  the  rate  of  effusion  ;  while,  on  the 
other  hand,  as  the  tube  was  lengthened,  he  observed  a  deviation 
firom  the  effusion  rate,  which  was  very  rapid  with  the  first  increase 
of  length,  but  became  gradually  less,  and  reached  a  maximum 
when  a  certain  length  had  been  attained.  It  was  therefore  neces- 
sary, in  order  to  eliminate  the  effects  of  effusion  from  experiments 
on  transpiration,  to  employ  a  considerable  length  of  tube ;  and 
when  this  precaution  was  observed,  uniform  results  were  obtained. 
The  length  required  in  any  case  was  found  to  vary  with  the 
diameter  of  the  tube,  and  also,  tp  a  certain  extent,  with  the  nar 
ture  of  the  gas.  The  most  important  conclusions  which  have 
been  deduced  from  the  researches  hitherto  made  on  transpirar 
tion  are  as  follows :  — 

*  •  « 

First.  The  velocity  of  transpiration  of  a  given  gas  through  a 
given  capillary  tube  increases  directly  with  the  pressure.  For 
example,  a  litre  of  air  of  double  the  density  of  the  atmosphere, 
and  therefore  exerting  twice  the  pressure,  will  pass  through  a 
capillary  tube  into  a  vacuum  in  one  half  of  the  time  required  by 
the  same  volume  of  air  of  its  natural  density.  This  is  a  very 
remarkable  fact,  and  it  shows  that  the  process  of  transpiration 
differs  very  greatly  in  character  from  efiusion. 

Secondly.  With  tubes  of  the  same,  diameter,  the  velocity  of 
transpiration  of  a  given  gas  is  inversely  as  the  length  of  the 
tube.  For  example,  if  one  hundred  cubic  centimetres  of  air  will 
pass  through  a  capillary  tube  two  metres  long  in  ten  minutes^  a 
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tube  of  the  Bame  diameter  four  metres  long  would  allow  the 
passage  of  only  fifty  cubic  centimetres  in  the  same  time. 

Thirdly.  The  velocity  of  transpiration  of  equal  volumes,  c€e^erts 
paribus^  diminishes  as  the  temperature  rises. 

Fourthly.  The  velocity  of  transpiration  was  found  to  be  the 
same,  whether  the  tubes  were  of  copper  or  of  glass,  or  even  when 
a  porous  mass  of  stucco  was  used. 

Fifthly.  The  velocity  of  transpiration  varies  with  different 
gases,  and  appears  to  be  a  constitutional  property  of  an  aeriform 
substance,  like  the  density  or  the  specific  heat,  not  depending,  as 
is  the  case  with,  efiusion,  on  the  specific  gravity. 

Of  all  gases  which  have  been  tried,  oxygen  has  the  slowest  rate  of 
transpiration ;  and  hence  it  may  be  conveniently  taken  as  a  stand- 
ard of  comparison  for  the  other  gases.  In  the  first  column  of  the 
following  table,  the  times  of  transpiration  of  equal  volumes  of  the 
best-known  gases  are  given,  as  compared  with  that  of  oxygen ; 
and  in  the  second  colunm,  the  corresponding  velocities  of  trane- 
piration,  which  are  the  reciprocals  of  the  first  quantities.  In  each 
case  the  gas  was  transpired  through  the  same  tube,  and  under 
precisely  the  same  circumstances  of  temperature  and  pressure. 

TrampirMUty  of  Gases. 


Ox^rgcn,    .... 
Air,       .       .       .       .       . 

r  Nitrogen, 

•<  Binoxide  of  Nitrogen, 

(  Carbonic  Oxide,    . 

r  Protoxide  of  Nitrogen, 

•<  Hydrochloric  Add, 

(  Carbonic  Acid,  .       •        . 
Chlorine,    .... 
Sulphnroos  Acid,  . 
Snlphoretted  Hydrogen,    . 
Light  Carbnretted  Hjdrogeni 
Ammonia, 

Cyanogen,     .       .        .       . 
OlefiantGaa,     . 
Hydrogen,     .... 


Times  for 
TnaflptmiOD  of 
•qnlVoli 


1.0000 
0.90S0 
0.S768 
0.8764 
0.8787 
0.7408 
0.788S 
0.7800 
0.6664 
0.6500 
0.6195 
a5510 
0.5115 
0.6060 
0.5051 
0.4870 


Tdoeitfor 


1.0000 
1.1074 
1.1410 
1.1410 
1.1440 
141840 
1.8610 
1.8690 
1.5000 
1.5880 
1.6140 
1.S160 
1.9850 
1.9760 
1.9600 
S.8SS0 


Some  Tory  simple  relations  in  flie  transpirability  of  different 
gases  may  be  discorered  by  examining  the  aboye  table.    Thus, 
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equal  weights  of  oxygen,  nitrogen,  air,  and  carbonic  oxide  are 
transpired  in  equal  times ;  the  velocities  of  nitrogen,  binoxide  of 
nitrogen,  and  carbonic  oxide,  are  equal ;  the  velocity  of  hydro^ 
gen  is  double  that  of  the  three  just  mentioned ;  the  velocities 
of  chlorine  and  of  oxygen  are  as  three  to  two.  Many  other 
similar  cases  might  be  cited ;  but  these  relations  seem  to  be 
merely  accidental,  and  have  not  as  yet  been  connected  with  the 
other  properties  of  the  substances.  ^^  Professor  Graham  consid- 
ers, at  present,  that  it  is  most  probable  that  the  rate  of  transpi* 
ration  is  the  resultant  of  a  kind  of  elasticity  depending  upon  the 
absolute  quantity  of  heat,  latent  as  well  as  sensible,  which  differ- 
ent gases  contain  under  the  same  volume,  and  therefore  that  it 
will  be  found  to  be  connected  more  immediately  with  the  specific 
heat  than  with  any  other  property  of  gases."  * 

Lastly.  The  velocity  of  transpiration  of  a  mixture  of  equal 
volumes  of  two  gases  is  not  always  the  mean  of  the  velocities  of 
the  two  gases  when  separate.  For  example,  the  velocity  of  a 
mixture  of  equal  volumes  of  oxygen  and  hydrogen  is  1.110,  in- 
stead of  1.388,  which  would  be  the  mean  velocity  of  the  two 
gases. 

(214.)  Diffusion.  —  The  tendency  of  gases  to  mix  with  each 
other  is  so  strong,  that  it  will  overcome  the 
greatest  differences  of  specific  gravity;  and, 
contrary  to  what  a  superficial  consideration 
would  lead  us  to  expect,  the  more  widely 
two  gases  differ  in  specific  gravity,  the  more' 
rapid  is  the  process  of  intermixture.  This 
process  is  termed  diffusion^  and  may  be 
illustrated  by  means  of  the  apparatus  rep- 
resented in  Fig.  887,  consisting  simply  of 
two  bottles,  A  and  JET,  connected  together 
by  a  long  glass  tube.  If  we  fill  the  upper 
bottle  wi^  hydrogen  and  the  lower  bottle 
with  chlorine,  we  shall  find,  in  the  course 
of  a  few  hours,  that  the  two  gases  have  been 
perfectly  mixed  together,  although  the  ra- 
tio of  their  q)ecific  gravities  is  three  times 
as  great  as  the  ratio  of  the  specific  grav- 
ity of   mercury  to  that  of  water.     The  ng.m. 


*  Miller's  Elements  of  Chemistiy,  Part  L  p.  8S. 
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chlorine,  a]thoagh  thir^-eiz  times  heavier  than  hydrogen,  will 
be  found  to  have  made  its  vaj  into  the  npper  bottle,  as  maj 
be  seen  by  its  green  color,  while  the  hydrogen  will  have  passed 
downwards  into  the  lower  one ;  and  when  once  mixed,  the  two 
gases  will  nerer  separate,  however  long  they  may  remain  at 
rest. 

What  has  been  shown  to  be  tme  of  hydrogen  and  chlorine  is 
equally  tme  of  all  other  gases  and  vapors,  which  do  not  act  chem- 
ically on  each  other.  The  only  difTereiices  observed  with  difler- 
ent  substances  are  the  times  required  to  effect  a  perfect  miztare; 
but  when  once  made,  this  mixture,  in  all  cases,  continnes  uni- 
form and  permanent.  This  subject  may  be  still  further  illus- 
trated by  filUng  two  tall,  narrow  glass  bells  of  eqnal  diametera 
over  a  pneumatic  trough,  the  one  half  full  of  hydrogen,  and  the 
other  half  full  of  air,  so  that  the  water  shall  stand  at  the  same 
level  in  both.  If,  now,  we  pass  up  a  few  drops  of  ether  into  each 
jar,  the  same  quantity  of  ether  will  evaporate  in  both,  and  cause, 
ultimately,  the  same  depression  of  the  water-level ;  but  the  ex- 
pansion of  the  hydrogen  will  take  place  much  the  soonest, 
because,  being  fourteen  and  a  half  times  lighter  than  air,  the 
heavy  ether  vapor  will  mis  with  it  more  rapidly. 

The  law  which  governs  the  rapidity  of  gaseous  diffusion  was 
discovered  by  Oraham,  by  means  of  the  apparatus  represented 
in  Fig.  838,  and  called  by  him 
a  dilution  tube.     It  consisls  of 
a  glass  tube  thirty  or  forty  cen- 
timetres   in   length,  one  end  of 
which   is   closed    by   a  ping  of 
plaster  of  Paris,   which   should 
be  as  thin  as  is  consistent  with 
strength.    Tliis  tube  serves  as  a 
boll  for  holding  tlie  gas  under 
experimfflit  over  the  water  con- 
tained m   a  tall  glass  jar;  and 
it  may  be  easily  filled  without 
wetting  the  porous  diaphragm, 
by  means  of  a  glass  siphon-tube, 
as  represented  in  the  figure.    Wliile  filling  the  tube,  the  top  is 
closed  by  means  of  a  glass  plate,  which  has  previously  been  care- 
fully ground  with  emery  on  to  the  upper  edge  above  the  plaster 
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diaphragm.  The  tube,  when  filled  with  gas,  should  be  so  sup- 
ported that  the  water  may  be  on  the  same  level  within  and 
without  the  tube.  If  then  the  glass  covering-plate  is  removed, 
the  gas  will  be  found  to  mix  with  the  air  through  the  thin 
plaster  diaphragm,  the  gas  passing  out  into  tlie  atmosphere,  and 
the  air,  on  the  other  hand,  entering  the  tube.  The  relative  ve- 
locity of  the  two  currents  will  be  found  to  depend  on  the  relative 
density  of  the  gas  as  compared  with  air.  If  the  gas  is  lighter 
than  air,  the  outer  current  will  be  the  most  rapid,  and  the  water 
column  will  rise  in  the  tube  to  supply  the  vacuum  thus  formed  ; 
while,  on  the  other  hand,  if  the  gas  is  heavier  than  air,  the 
inward  current  will  be  the  most  rapid,  and  the  water  column  will 
be  depressed.  If  the  gas  is  hydrogen,  which  is  fourteen  and  a 
half  times  lighter  than  air,  the  outer  current  will  be  so  much  the 
most  rapid,  that  in  tlie  course  of  a  few  minutes  the  water  colunm, 
under  favorable  circumstances,  will  rise  to  over  one  half  the 
height  of  the  tube.  In  all  cases,  after  a  certain  time,  varying 
with  the  specific  gravity  of  the  gas  and  the  tluckness  of  the  dia- 
phragm, the  gas  in  the  tube  will  have  been  replaced  entirely  by 
a  volume  of  air,  which  will  be  greater  or  less  tlian  the  original 
volume  of  gas,  according  as  the  velocity  of  diffusion  of  the  air  is 
greater  or  less  than  that  of  the  gas.  By  comparing,  then,  the 
original  volume  of  the  gas  with  the  volume  of  the  air  remaining 
in  the  tube  at  the  close  of  the  experiment,  we  shall  have  at  once 
the  relative  velocity  of  diffusion  of  the  two  gases.  In  making 
experiments  for  the  purpose  of  determining  the  velocity  of  diffu- 
sion, it  is  evidently  essential  to  maintain  the  water  at  the  same 
level,  both  within  and  without  the  tube,  since  otherwise  the  effects 
of  diffusion  would  be  modified  by  the  hydrostatic  pressure. 

As  an  illustration  of  the  method  of  determining  the  velocity  of 
diffusion,  let  us  suppose  that  the  tube  was  filled  with  100  cTm!*  of 
hydrogen  gas,  and  that  at  the  end  of  the  experiment,  during 
which  the  surface  of  the  water  within  and  without  the  tube  was 
carefully  maintained  at  the  same  level,  there  remained  in  the 
tube  26.1  cTm.'  of  air.  It  is  evident,  then,  that  during  the  time 
100  cTm.'  of  hydrogen  escaped  from  the  tube  through  the  porous 
diaphragm,  26.1  cTm.^  of  air  entered.  Hence,  the  velocity  of 
the  difftision  of  hydrogen  is  8.83  times  (equal  to  100  -f-  26.1) 
more  rapid  than  that  of  air.  In  the  same  way,  all  the  numbers 
in  the  column  of  the  following  table  headed  ^^  Velocity  of  Difiu- 
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fiion "  "were  found.  They  in  each  case  indicate  the  velocity  of 
diffusion  as  compared  with  air ;  and  it  will  be  noticed  that  they 
lery  nearly  coincide  with  the  velocity  of  e£Eusion. 

Diffusion  of  Gases, 


Qu. 

8p.0r. 

1 

Tatodtyof 

Bate  or 

^8p.  Or. 

'</8p.  Or. 

Hydrogen,      •       •       • 

0.06926 

0.2682 

8.7994 

8.8300 

8.6180 

Manh  Gas, 

0.55900 

0.7476 

1.8375 

1.8440 

1.3220 

Steam,   .        .        •       • 

0.62350 

0.7896 

1.2664 

\ 

Caii>onic  Oxide, 

0.96780 

0.9887 

1.0165 

1.0149 

1.0128 

^trogen,               •        . 

0.97130 

0.9856 

1.0147 

1.0148 

1.0164 

Oleaant  Gas, 

0.97800 

0.9889 

1.0118 

1.0191 

1.0128 

Binoxide  of  Nitrogen,   . 

1.08900 

1.0196 

0.9808 

Oxygen, 

1.10560 

1.0515 

0.9510 

0.9487 

0.9500 

Snlphinetted  Hydrogen, 

1.19120 

1.0914 

0.9168 

0.9500 

Flrotoxi^  of  Nitrogen, 

1.58700 

1.2857 

0.8098 

0.8200 

0.8840 

Carbonic  Acid, 

1.52901 

1.2865 

0.8067 

0.8120 

0.8210 

Snlphorous  Acid, 

2.24700 

1.4991 

0.6671 

0.6800 

It  appears,  then,  that  the  velocity  of  difiusion  of  a  gas  is  the 
teme  as  the  velocity  of  effusion,  and  hence,  like  the  latter,  is 
inversely  proportional  to  the  square  root  of  its  specific  gravity. 
In  other  words,  gases  expand  into  each  other  according  to  the  same 
law  whi(i(i  they  obey  in  expanding  freely  into  a  vacuum.  This  fact 
has  been  thought  to  support  the  theory  of  Dr.  Dalton,  that  gases 
are  inelastic  towards  each  other,  one  gas  offering  no  more  per- 
manent resistance  to  the  expansion  of  another  gas  than  would 
be  presented  by  a  vacuum.  Thus,  in  the  experiment  with,  the 
two  bottles  (Fig.  837),  Dalton  supposed  that  the.  hydrogen  ex- 
panded through  the  space  occupied  by  the  chlorine  just  as  if  the 
space  were  entirely  empty;  and  he  explained  why  the  expan- 
sion was  not  instantaneous  by  the  supposition  that  the  particles 
of  chlorine  offer  the  same  sort  of  resistance  to  the  motion  of 
hydrogen  as  is  offered  by  the  stones  on  the  bed  of  a  brook  to 
the  running  of  water.  There  can  be  no  question  that  the  ulti- 
mate result  of  difiiision  is  always  in  conformity  with  Dalton'^ 
theory ;  and  although  we  may  hesitate  to  assume  that  gases  are 
in  all  respects  vacua  to  each  other,  yet  this  theory  is  at  pres- 
ent the  most  convenient  mode  of  expressing  the  phenomena  of 

diffusion. 

If,  instead  of  using  a  homogeneous  gas,  we  introduce  a  mixture 
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of  tvo  or  more  gases  into  the  difTosion-tabe,  each  gas  will  be 
feuad  to  preserve  its  own  rate  of  diffusion.  Thus,  if  the  mixture 
coosists  of  hjdn^iea  and  carbonic  acid,  the  b^dri^n  vill  escape 
&om  the  tube  much  more  ra^dly  tlian  the  carbonic  acid,  and  a 
partial  mechanical  separation  of  the  two  gases  may  thufi  be 
effected. 

It  is  not  essential  that  the  top  of  the  difiusion-tube  should  be 
closed  with  plaster  of  Paris.  An;  dr;  porous  Bubstance,  such  as 
charcoal,  wood,  ungtazed  earthen-ware,  or  dried  bladder,  may  be 
substituted  for  the  stucco ;  but  few  of  tliem  answer  so  well.*  The 
diapliragm  is  best  prepared  by  casting  a  very  thin  disk  of  plaster 
on  a  glass  plate,  and,  after  it  is  thorouglily  dried,  cutting  it  to 
the  required  size  with  a  sharp  knife,  and  cementing  tlie  edges 
with  sealing-wax  to  tlie  inner  rim  of  the  tube. 

The  ascent  of  a  column  of  water  in  the  tube,  when  hydrogen 
is  digiised,  forms  a  very  striking  experiment.  This  may  read- 
ily be  shown  to  an  audience  with  a  Gra- 
ham's diffusion-tube  abont  a  metre  in  height 
and  four  or  five  centimetres  in  diameter, 
resting  the  bottom  in  a  pan  of  colored 
water.  The  tube  can  easily  be  filled  with 
hydn^n  by  displacement,  and  the  gas  re- 
tained in  its  place  by  covering  the  top  with 
a  ground-glass  plate,  which  should  be  re- 
moved at  the  time  of  the  experiment.  The 
same  principle  can  be  even  more  strikingly 
illustrated  by  means  of  an  apparatus  de- 
scribed by  Professor  SUliman,  Jr.,  and 
represented  in  Fig.  3S9.  It  is  made  by 
cementing  the  open  mouth  of  a  porous 
eartlien-ware  cell  (such  as  are  used  in  a 
galvanic  battery^  to  the  mouth  of  a  glass 
funnel,  and  then  lengthening  Uie  spout  by 
attaching  to  it  a  long  glass  tube  of  tlie 
same  diameter.  When  in  use,  the  appa- 
ratus is  suf^rted  aa  represented  in  the  itrua 
figure,  so  that  the  end  of  the  tube  shall  dip 
into  a  glass  filled  with  colored  water.     If,  now,  we  hold  over  the 

*  Later  experimcnti  bavc  ehown  that  ihe  beat  material  U  compresied  plumbago. 
A  film  of  collodion  on  paper  aUo  gives  excellent  result). 
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porous  cell  a  bell-glass  filled  with  hydrogen,  there  will  be  an 
immediate  rush  of  air  from  the  tube  through  the  water,  because 
the  hydrogen  difiuses  into  the  cell  nearly  four  times  as  rapidly  as 
the  air  passes  out ;  but  upon  removing  the  bell  of  hydrogen  the 
conditions  are  reversed,  —  the  hydrogen,  which  the  cell  now  con- 
tains, diffiises  into  the  atmosphere,  and  the  colored  water  imme- 
diately rises  into  the  tube. 

As  all  gases  are  expanded  by  heat,  and  therefore  rendered 
specifically  lighter,  it  follows  that  the  absoltUe  velocity  of  difiii- 
sion  of  any  gas  (measured  by  volume)  increases  with  an  increase 
of  temperature ;  but  since  an  elevation  of  temperature  does  not 
increase  the  rate  of  difiusion  as  rapidly  as  it  does  the  volume  of 
a  gas,  it  is  also  true  that  the  same  weight  of  any  gas  will  be  dif- 
fused more  rapidly  at  a  low  than  at  a  high  temperature.  It  will 
hereafter  be  shown  that  heat  expands  all  gases  equally,  so  that 
their  relative  densities  are  preserved,  however  great  the  change  of 
temperature.  Hence  the  relative  velocities  of  difiusion,  which 
are  given  in  the  table  on  p.  422,  are  the  same  for  all  tempera- 
tures, provided,  of  course,  the  gases  be  heated  equally. 

This  difiusive  power  of  gases  is  of  the  greatest  importance  in 
preserving  the  purity  of  our  atmosphere.  As  it  is,  the  noxious 
carbonic  acid  from  our  lungs,  the  deleterious  fumes  from  our 
factories,  and  the  miasmatic  emanations  from  the  marshes,  are 
rapidly  spread  through  the  atmosphere  and  rendered  harmless  by 
extreme  dilution,  until  they  can  be  removed  by  the  beneficent 
means  appointed  for  this  end.  Moreover,  the  more  they  difier 
in  density  from  the  air,  and  the  more,  therefore,  they  would  tend 
to  separate  from  it,  the  stronger  is  the  force  by  which  they  are 
compelled  to  mix.  Were  it  not  for  this  provision  in  the  consti- 
tution of  gases,  these  injurious  substances  would  remain  where 
they  were  formed,  and  might  produce  the  most  disastrous  Conse- 
quences. If  we  consider,  also,  the  oxygen  and  nitrogen  of  which 
the  atmosphere  essentially  consists,  they  difier  in  density  in  the 
proportions  of  1105  to  971 ;  but  yet  they  are  so  perfectly  mixed, 
that  the  most  accurate  chemical  analysis  has  been  able  to  detect 
no  difierenco  between  the  air  brought  from  the  top  of  Mont 
Blanc  and  that  from  the  deepest  mine  of  Cornwall.  Were  the 
force  of  difiusion  much  less  than  it  is,  these  two  gases  would  sep- 
arate partially,  and  the  atmosphere  be  unfitted  for  many  of  its 
important  functions. 
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fiunsen/  who  has  more  recently  studied  the  phenomena  of 
gaseous  difiusion,  has  obtained  results  which  do  not  coincide  with 
the  simple  law  discoyered  by  Graham,  and  enunciated  above. 
The  discrepancy  between  the  results  of  these  two  eminent  observ- 
ers probably  arises  from  the  great  thickness  of  the  plaster  dia^ 
phragm  in  tlie  apparatus  used  by  Bunsen ;  in  consequence  of 
which  the  phenomena  of  diffusion  were  modified  by  those  of 
transpiration.  Compare  (213).  The  same  must  be  true,  to  a 
certain  extent,  of  the  diffusion-tube  of  Graham  ;  and  the  experi- 
mental results  will  probably  approach  the  law  in  proportion  as 
the  thickness  of  the  diaphragm  is  diminished,  actually  coinciding 
with  it  only  when  the  diaphragm  is  entirely  removed  and  the 
gases  expand  freely  into  each  other. 

(215.)  Passage  of  Gases  through  Membranes,  —  If  a  bladder 
half  filled  with  air,  and  having  its  mouth  tied,  is  passed  up  into 
a  bell-glass  of  carbonic  acid  standing  over  water,  it  will  become, 
in  the  course  of  twenty-four  hours,  fully  distended,  and  may  even 
burst,  owing  to  the  passage  of  carbonic  acid  gas  through  the 
pores  of  the  bladder.  This  is  not,  however,  a  simple  phenom- 
enon of  diffusion,  since  the  carbonic  acid  enters  the  bladder  as  a 
liquid  dissolved  in  the  water  permeating  the  substance  of  the 
membrane,  and  evaporates  from  the  inner  surface  of  tlie  bladder 
like  any  other  volatile  liquid.  A  similar  transfer  takes  place 
with  a  jar  of  gas  standing  on  the  shelf  of  a  pneumatic  trough. 
The  water  dissolves,  to  a  slight  extent,  the  gases  of  the  atmos- 
phere, which  subsequently  evaporate  into  the  jar,  while  at  the 
same  time  the  gas  in  the  jar  slowly  passes  out,  in  a  similar  way, 
into  the  atmosphere.  For  this  reason,  gases  confined  over  water 
cannot  be  kept  pure  for  any  length  of  time.  Analogous  phenom- 
ena have  been  observed  with  membranes  of  indiarrubber,  a  sub- 
stance which  has  the  power  of  absorbing  many  gases  to  a  remark- 
able extent,  especially  those  which  are  more  easily  liquefied.  It 
is  probable  that  the  gases  are  always  liquefied  in  the  india-rubber, 
and  pass  through  it  in  this  condition,  evaporating  subsequently 
on  tlie  interior  surface  of  the  membrane.  A  similar  absorption 
must  take  place,  to  a  greater  or  less  extent,  with  any  diaphragm ; 
even  with  plaster  of  Paris  it  is  appreciable,  and  slightly  modifies 
the  experimental  results  of  diffusion. 

•  Banten*!  Gaaometry,  p.  198. 
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CHAPTER  IV 


HEAT. 


.  (215  &t8.)  Theory  of  HecA.  —  All  natural  substances  are,  in 
eertain  conditions,  capable  of  produoing  on  our  bodiea  peculiar 
sensations,  which  we  designate  by  the  words  hetft  and  cold.  These 
sensations  may  result  from  direct  contact  with  the  substance,  as 
when  we  touch  a  heated  stove;  or  tbey  may  be  produced  at  a 
great  distance  from  it,  as  when  we  are  warmed  by  the  radiation 
from  burning  fuel  or  by  the  rays  of  the  sun. 

To  the  cause  of  these  effects  we  give  the  name  of  heat;  but 
according  to  the  most  generally  received  theory  heat  is  not  a  dis- 
tinct agent,  but  merely  an  affection  of  matter,  and  the  phenomena 
of  heat  are  thought  to  be  caused  by  the  motion  of  the  molecules 
of  which  all  matter  must  be  supposed  to  consist.  Not  only  are 
tibe  molecules  of  all  bodies  assumed  to  be  in  rapid  motion  among 
themselves,  but  the  motion  of  the  molecules  is  supposed  to  obey 
the  same  laws  as  the  motion  of  large  masses  of  matter.  More- 
over, the  molecules  are  assumed  to  be  perfectly  elastic,  so  that 
motion  may  be  transferred  from  one  molecule,  to  another,  as  from 
one  billiard-ball  to  another.  Again,  when  a  moving  body  is 
suddenly  arrested,  it  is  supposed  Uiat  the  motion  of  the  body  is 
distributed  among  the  surrounding  atoms ;  and  on  the  other  hand 
it  is  inferred  that  moving  atoms  may  transfer  their  motion  ta 
masses  of  matter,  and  the  atoms  of  steam,  it  is  thought,  thus 
impart  motion  to  the  piston  of  the  steam-engine. . 

According,  then,  to  this  view,  a  heated  body  differs  from  a  cold 
body  only  in  the  fact  that  its  moleaules  are  moving  more  rapidly 
within  its  mass.  The  moving  power  of  the  individual  molecules 
represents  what  we  call  the  temperature,  and  this  is  the  measure 
of  the  force  with  which  they  would  impress  the  nerves  of  feeling. 
The  higher  the  temperature,  the  greater  is  the  moving  power,  and 
for  the  same  temperature  the  molecules  of  all  bodies  are  assumed, 
to  have  the  same  moving  power.  The  zero  of  absolute  cold  would 
be  the  temperature  at  which  the  molecules  are  at  rest,  but  such  a 


HEAT.  427 

point  has  never  been  reached,  even  if  it  is  a  possible  condition  of 
matter.  While  the  moving  power  of  the  individual  molecules 
represents  the  temperature  of  a  body,  the  total  moving  power  of 
all  the  molecules  represents  the  amount  of  heat  which  it  contains. 
Quantity  of  heat,  then,  is  simply  quantity  of  motion ;  and,  as  we 
shall  hereafter  see,  the  quantity  of  motion  corresponding  to  each 
heat  unit  is  capable  of  exact  measurement. 

The  transfer  of  heat  from  one  body  to  another  is  simply  the 
transfer  of  motion  from  the  molecules  of  the  one  body  to  the 
molecules  of  the  other.  This  transfer  may  result  either  from 
the  direct  collision  of  the  molecules,  as  when  one  ivory  ball 
strikes  another,  or  it  may  be  effected  through  the  intervention 
of  the  ether  atoms  by  which  the  molecules  of  all  bodies  are 
assumed  to  be  surrounded,  the  line  of  ether  atoms  along  which 
the  motion  may  be  supposed  to  be  transmitted,  as  along  a  line  of 
ivory  balls,  representing  the  rays  of  heat.  Such  is  thought  to  be 
the  difference  between  the  conduction  and  the  radiation  of  heat ; 
although  it  may  be  that  motion  cannot  pass  even  from  molecule 
to  molecule  except  through  the  contiguous  atoms  of  ether. 

The  difference  between  tlie  three  states  of  aggregation  of  mat- 
ter, according  to  the  theory  we  are  considering,  depends  upon 
the  relative  freedom  of  motion  of  the  material  molecules.  In  a 
gas  this  motion  is  wholly  unrestrained,  and  the  tension  of  tlie  gas 
is  supposed  to  be  due  to  the  collision  of  the  atoms  against  the 
walls  of  the  containing  vessel.  If  the  walls  are  unyielding,  the 
atoms  recoil  without  losing  any  moving  power,  as  any  elastic  ball 
would  rebound  from  a  fixed  obstacle  (109).  When,  however, 
the  walls  yield  to  the  atomic  blows,  then  the  atoms  lose  a  portion 
of  their  moving  power,  and  a  lower  temperature  is  the  result.  In 
both  solids  and  liquids  the  motion  is  supposed  to  be  more  or  less 
circumscribed  by  the  molecular  forces,  just  as  the  force  of  gravita- 
tion restrains  the  motion  of  the  planets  and  keeps  each  in  a  fixed 
orbit.  In  the  solid  the  motion  is  more  circumscribed  than  in 
the  liquid,  but  in  regard  to  the  mode  of  motion  in  either  case 
there  is  no  uniformity  of  opinion.  As  the  temperature  of  a  body 
increases,  the  moving  power  of  its  molecules  may  become  great 
enough  to  overcome  the  molecular  forces,  and  then  the  molecules, 
freed  from  the  restraint  which  bound  them,  will  move  among  each 
other  with  more  or  less  freedom,  the  solid  changing  first  into  a 
liquid  and  afterwards  into  a  gas.    Since,  however,  the  molecular 
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forces  can  only  be  overcome  by  the  expenditure  of  moying  power, 
such  a  change  must  be  attended  with  the  absorption  of  heat ;  and 
when,  on  the  other  hand,  in  consequence  of  the  reduction  of  tem- 
perature, and  consequently  of  the  moving  power  of  the  molecules, 
these  are  brought  again  under  the  influence  of  the  molecular 
forces,  an  equivalent  amount  of  heat  is  set  free ;  just  as  a  stone, 
which,  thrown  from  the  earth,  falls  again  to  the  ground,  acquires, 
while  falling,  the  same  momentum  which  it  lost  while  rising. 

It  will  hereafter  appear  that  the  change  of  state  of  aggregation 
is  always  accompanied  by  such  an  absorption  or  evolution  of  heat 
as  the  theory  predicts.  Moreover,  it  will  also  appear  that  the 
arrest  of  motion  is  always  attended  with  the  evolution  of  heat, 
and  that  the  amount  of  heat  evolved  is  the  exact  equivalent  of  the 
moving  power  which  has  disappeared ;  as  must  necessarily  be  the 
case,  if,  as  the  theory  assumes,  the  moving  power  is  transferred  to 
the  neighboring  molecules  at  the  moment  of  collision,  and  their 
motion  manifests  itself  in  the  phenomena  of  heat. 

According  to  the  modem  theory  of  chemistry,  equal  volumes 
of  all  substances  in  the  state  of  gas  contain  precisely  the  same 
number  of  molecules,  or,  what  amounts  to  the  same  thing,  the 
molecules  of  all  bodies  in  the  state  of  gas  occupy  exactly  equal 
volumes.  Hence  it  follows  that  the  weights  of  the  molecules  of 
any  two  substances  must  be  to  each  other  in  the  same  proportion 
as  the  specific  gravities  of  these  substances  when  in  the  state  of 
gas,  or 

m  :  m,  =  Sp.  Gr.  :  Sp.  Gr.' 

If,  then,  we  assume  that  the  hydrogen  molecule  shall  be  the  unit 
in  our  system  of  molecular  weights,  we  can  easily  calculate  the 
molecular  weights  of  all  other  bodies  as  compared  with  that  of 
hydrogen.  The  molecular  weights  thus  obtained  are  either  the 
same  numbera  as  those  which  express  in  chemistry  the  combining 
proportions  of  the  different  elements,  or  else  they  are  some  simple 
multiple  of  these  numbers. 

If,  now,  we  represent  by  Fand  Vi  the  velocities  with  which  the 
molecules  of  any  two  substances  in  the  state  of  gas  are  moving  at 
any  given  temperature,  for  example,  0^  Centigrade,  then,  since, 
according  to  our  theory,  the  moving  power  of  any  two  such  mole- 
cules must  be  the  same  at  the  same  temperature,  we  shall  have 
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and  from  this  we  can  readily  deduce  the  proportion 

that  is,  the  velocities  of  the  motion  of  the  molecules  of  anj  two 
substances  in  the  state  of  gas  are  inyerselj  proportional  to  the 
square  roots  of  the  weights  of  these  molecules,  or  to  the  square 
roots  of  the  specific  grayities  of  the  gases.  The  difilision  of  gases 
(214)  is  eyidentlj  a  necessary  result  of  molecular  motion,  and 
the  relative  velocity  of  difiTusion  must  be  the  same  as  the  relative 
velocity  of  the  molecular  motion,  and  hence  must  be  inversely 
proportional  to  the  square  roots  of  the  specific  gravities  of  the 
difierent  gases.  This  is  the  simple  law  already  enunciated  on 
page  422. 

According  to  the  theory  here  adopted,  the  value  \  m  F^,  which 
represents  both  the  moving  power  of  a  given  molecule  and  the 
temperature  of  the  body  of  which  the  molecule  is  a  part,  repre- 
sents also  the  quantity  of  heat  which  that  molecule  contains. 
Hence,  as  all  molecules  at  the  same  temperature  have  the  same 
moving  power,  they  must  have  also  the  same  quantity  of  heat. 
It  must,  therefore,  require  the  same  quantity  of  heat  to  raise  the 
temperature  of  a  single  molecule  of  any  substance  the  same  num- 
ber of  degrees.  And  if  this  is  true  of  single  molecules^  it  must  be 
true  of  equal  numbers  of  such  molecules,  or,  in  other  words,  of 
weights  of  difierent  substances  which  bear  to  each  other  the  same 
relation  as  the  weights  of  their  respective  molecules.  If,  then, 
the  weights  of  two  substances,  ilf  and  M',  are  to  each  other  in  the 
same  proportion  as  the  weights  of  the  molecules  of  these  sub- 
stances, m  and  m\  then  the  same  quantity  of  heat  will  raise  the 
temperature  of  the  unequal  weights  ilf  and  M'  the  same  number 
of  degrees.  Or,  if  we  represent  by  8  and  8  the  quantities  of  heat 
which  are  required  to  raise  the  temperature  of  one  kilogramme 
of  each  of  two  substances  one  degree,  and  by  m  and  m!  the  relative 

weights  of  their  respective  molecules,  then  -  and  —,  will  represent 

WW 

the  relative  number  of  molecules  of  each  substance  in  one  kilo- 
gramme ;  and  since  the  quantity  of  heat  required  must  be  pro- 
portional to  the  number  of  molecules,  we  shall  have 

m    ml  ' 

The  quantities  S  and  8  are  called  the  specific  heats  of  the 
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substances;  and  hence,  according  to  {he  theory,  the  products 
obtained  bj  multiplying  together  the  specific  heats  of  different 
substances  and  their  molecular  weights  (or  combining  propor- 
tions) should  be  equal.  In  the  case  of  the  chemical  elements 
this  is  very  nearly  true ;  and  it  would  probably  be  found  precisely 
true  for  all  substances,  could  the  comparison  always  be  made 
under  precisely  the  same  conditions,  and  when  the  substances 
were  in  the  state  of  gas. 

Again,  since  equal  volumes  of  different  gases  always  contain 
the  same  number  of  molecules,  our  theory  would  lead  us  to 
anticipate  that  equal  quantities  of  heat  would  raise  the  tem- 
perature of  the  same  Volume  of  any  gas  to  an  equal  extent.  This 
also  we  find  to  be  true  of  the  permanent  gases ;  and  although  in 
the  case  of  the  vapors  the  deviations  from  this  law  are  apparently 
very  great,  yet  such  deviations  are  probably  owing,  in  part  at 
least,  to  the  imperfect  aeriform  condition  of  these  bodies,  and  also 
perhaps  to  the  mechanical  condition  of  the  molecules  themselves, 
of  which  our  theory  has  as  yet  taken  no  account. 

Of  the  various  theories  which  have  been  proposed  to  explain 
the  phenomena  of  heat,  the  one  here  stated  is  the  simplest  and 
the  most  intelligible,  predicting,  as  well  as  could  be  expected,  the 
general  order  of  the  phenomena.  It  must  be  admitted,  however, 
that,  as  here  stated,  this  theory  is  open  to  grave  objections,  and, 
like  all  theories  in  science,  it  should  be  regarded  as  a  provisional 
expedient,  and  not  as  an  established  principle.  That  the  phe- 
nomena of  heat  have  a  purely  mechanical  cause  is  most  probable, 
but  the  mode  or  the  seat  of  the  motion  which  causes  them  is 
wholly  a  matter  of  conjecture.  We  shall  discuss  the  phenomena 
of  heat  in  this  chapter  as  far  as  is  possible  independently  of  any 
theory,  using  for  the  purpose  the  ordinary  language  of  science. 
It  must  be  remembered,  however,  that  much  of  this  language  is 
based  on  the  old  theory,  now  rapidly  passing  away,  which  re- 
garded heat  as  a  material,  although  an  imponderable  agent.  No 
difficulty,  however,  will  arise,  if  it  is  remembered  that  quan- 
tity of  heat  means  simply  quantity  of  motion,  and  that  all  terms 
relating  to  quantity  are  as  strictly  applicable  to  motion  as  they 
are  to  matter. 

(216.)  The  Action  qf  Heat  (m  Matter.  —  The  mechanical  effects 
of  heat  on  matter  may  be  all  explained  by  assuming  that  heat 
acts  as  a  repulsive  force  between  the  particles,  and  theref(»re 
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opposes  the  attractive  force  of  cohesion.  The  first  effect  of  heat 
on  matter,  in  either  of  its  three  states,  is  to  expand  it.  This 
may  be  iUu^tra4<ed  bj  a  great  variety  of  familiar  facts  and  experi- 
jxieutsu  A  ball  ^f  metal,  whiph  exactly  fits  a  ring  when  cold, 
irill  not  pass  through  it  when  heated.  The  parts  of  a  wheel  ar0 
.bound  together  by  the  contraction  of  the  tire,  which  is  put  on 
while  Ihot.  €locks  go  slower  i^  summer  than  in  winter,  becaiise 
the.  pendulum  iis  lengthened  by  the  heat. 

Different  substances  expand  unequally  for  the  same  increase  of 
temperature.  We  estimate  th0  expansion  either  by  measuring  the 
increase  of  length  or  the  inci;ease  of  bulk.  The  first  is  called  the 
linear  ezpanstoUy  the  second  ^lie  cubic  expansion.  In  the  case  of 
solids  we  generally  measura  solely  the  linear  expansion,  while 
in  tlie  case  of  liquids  and  gases  we  as  generally  measure  solely 
the  cubic  expansion.  The  one,  however,  can  easily  be  calculated 
from  the  other,  since  tiie  cubic  expansion  is  about  three  times  ^s 
great  as  the  linear  expansion.  The  following  table  will  give 
an  idea  of  the  amount  of  .expansion  in  different  substances, 
and  will  show  that  gases  expand  very  much  more  than  liquids, 
and  liquids  very  much  more  than  solids. 

Between  the  Freezing  find  Boiling  Points  6f  Water  : 

A  rod  of  zinc  increases  in  leng^th  -^^  that  is,  323  c  m.  becopae  324 
«        lead        «  **  jii,      "        851     «  "       852. 

«        tin  ^  ««  ^1^,      «        616    «         «       517. 

«        sHver      «  "^  ^      ^Ji,      *«        524    «  «       525. 

• 

«        glass  (crown)  «    .    ^^^,      *«      1142     «  «      1143. 

Alcohol  increases  in  volume  "  j-,  that  is,  9^  ^Tm*.'  become  10. 
Water.  "     ,  **  sV*  "         23    "  «         24. 

Meromy        «  '   '^  .   tV*  .«         5&    «  «         56. 

1  

Air  and  the  ^permanent  gases  expand  ^,  that  is,  30  cTmi*  become  41. 

.Before,  however,  we  study  the  phenomena  of  expansion  in 
detail,  it  is  important  to  examine  the  various  means  by  which  the 
efi^ts.of  expapsiou  ai^  used  as  a  measure  of  temperature. 
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THEBMOMETEBS. 

(217.)  Mercurial  Thermometer. ^^It  is  obvious  that  we  might 
use,  as  the  measure  of  temperature,  the  efifect  caused  by  heat  in 
expanding  either  solids,  liquids,  or  gases,  and  thermometers 
hare  been  constructed  of  each  of  these  three  forms  of  matter. 
The  expansion  of  solids,  however,  is  so  small,  and  that  of  gases 
so  difficult  to  measure,  that  their  indications  are  not  available  for 
the  ordinary  purposes  for  which  a  thermometer  is  required; 
while  liquids,  on  the  other  hand,  having  an  intermediate  degree 
of  expansibility,  and  their  changes  of  volume  being  readily  meas- 
ured, are  well  suited  for  thermometrical  uses.  Of  the  various 
liquids  which  might  be  employed,  mercury  is  much  the  best,  not 
only  on  account  of  the  great  range  of  temperature  between  its 
freezing  and  boiling  points,  but  also  because  its  increase  of  vol- 
ume is  very  nearly  proportional  to  the  increase  of  temperature. 

In  order  to  make  a  mercury  thermometer,  a  capillary  glass  tube 
is  first  selected,  whose  bore  is  of  the  same  calibre  throughout,  so 
that  equal  lengths  of  the  tube  will  contain  equal  volumes  of 
mercury.  The  uniformity  of  the  bore  is  readily  tested  by  intro- 
ducing into  the  tube  a  small  amount  of  mercury,  and  moving 
this  short  column  gradually  from  one  end  to  the  other,  measuring 
its  length  in  each  successive  position.  This  should,  of  course,  be 
the  same  in  every  case ;  and  if  not,  the  tube  must  be  rejected. 

The  glass  tube  having  been  selected,  and  cut  off  to  the  required 
length,  a  bulb  is  blown  upon  the  end  by  the  usual  method  of 
glass-blowing,  using,  however,  an  india-rubber  bag  instead  of  the 
mouth,  in  order  to  avoid  moisture.  The  size  of  the  bulb  is  varied 
according  to  the  degree  of  sensibility  required  in  the  instrument ; 
but  it  is  always  made  large  in  comparison  wiUi  the  tube,  so  that 
a  slight  expansion  of  the  enclosed  liquid  will  cause  it  to  fill  a 
considerable  length  of  the  bore.  The  form  of  the  bulb  may  be 
either  spherical  or  cylindrical.  The  first  is  most  easily  made ; 
but  the  last,  from  exposing  a  greater  surface,  is  niore  readily 
affected  by  changes  of  temperature.  To  facilitate  the  introduc- 
tion of  the  mercury,  a  oup  is  sometimes  cemented  to  the  open 
end  of  the  tube,  although  a  paper  funnel  fastened  with  twine  will 
answer  every  purpose. 

The  tube  thus  prepared  is  now  easily  filled  with  mercury. 
Holding  the  tube  in  a  vertical  position!  we  pour  mercury  into  the 
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onp,  and  heat  the  bulb  with  a  lamp  in  order  to  expel  a  portion  of 
the  air.  On  removing  the  lamp  the  glass  soon  cools,  and  the 
mercury  is  forced  in  by  the  pressure  of 
the  atmosphere,  partially  filling  the 
bulb.  We  now  again  apply  the  lamp, 
as  represented  in  Fig.  840,  until  the 
mercury  boils ;  and  eontinue  the  boil- 
ing for  several  miniites,  in  order  that 
the  mercuxy  vapor  may  drive  out  aU 
the  air  and  moisture.  The  lamp  is  thcM 
again  removed,  when  the  mercury, 
pressed  in  by  the  atmosphere,  descends 
and  fills  completely  the  whole  apparar 
tus.  The  cup  is  then  emptied  oif  the 
excess  of  mercury,  and  tbrts  tube  just 
below  it  drawn  out  to  a  narrow  neck 
in  the  flame  of  a  blowpipe^  when  thQ 
onp  may  be  broken  off. 

As  the  tube  is  now  filled  with  mer« 
cury,  a  greater  or  less  portion  of  it 
must  be  removed,  depending  on  the 
range  to  be  given  to  the  instrument. 
This  is  accomplished  by  heating  the 
bulb  to  the  highest  temperature  which 

the  thermometer  is  expected  to  measure,  when  the  excess  of 
mercury  is  expelled  through  the  minute  aperture  left  in  the  neck 
of  the  tube.  The  source  of  heat  is  now  withdrawn ;  and  the 
moment  the  column  of  mercury  begins  to  descend,  the  flame  of  a 
blowpipe  directed  against  the  end  of  the  stem  hermetically  seals 
the  tube.    It  remains  then  only  to  graduate  the  instrument. 

(218.)  CrrackuUian  of  the  Thermometer.  —  If  the  bore  is  uni- 
form, it  is  evident  that  the  rise  of  the  mereury  in  the  tube  will 
be  proportional  to  the  expansion,  so  that  we  have  in  the  ther- 
mometer an  instrument  with  which  we  can  measure  any  change 
of  volume  of  the  included  liquid ;  and  if  we  assume  timt  the 
expansion  is  proportional  to  the  increase  of  temperature,  it  is 
evident  that  it  wUl  giso  serve  as  a  very  delicate  measure  of  tem- 
perature. 

The  thermometer  is  always  graduated  by  means  of  two  fixed 
temperaturesi — those  of  melting  ice  and  of  boiling  water.    The 
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bulb  and  the  portion  of  the  tube  filled  with  mercnry  are  first  sat- 
rounded  b;  ptilrerized  ice,  and  tlie  point  to  which  the  mercurj  ialls 
IE  marked  vith  a  file  on  the  stem  (Fig. 
841).  The  thermometer  is  next  immersed 
in  steam  escaping  freely  into  the  atmos- 
phere, and  the  point  to  which  the  mercury 
rises  marked  as  before.  The  temperature 
of  free  steam  is  always  approzimatively 
the  same  as  that  of  boiling  water,  and  even 
more  constant,  not  being  afibcted  by  many 
circumstances,  such  as  the  nature  of  tbe 
vessel  and  the  presence  of  impurities,  which 
may  change  slightly  the  boiling-point. 

The  apparatus  represented  in  Figs.  842 
and  343,  invented  by'Begnault,  is  admi- 
rably adapted  for  fixing  the  boiling-point 
Its  construction  is  sufficiently  evident 
fh>m  the  drawing,  and  does  not,  there- 
fore, require  description.  The  steam  ris- 
ing from  the  boiling  water  circulates  in  the  direction  of  the 
arrows,  escaping  by  the  tube  D;  and  the  object  of  the  doable 
envelope  is  merely  to  prevent  the  steam  from  condenaiug  ia  the 
inner  cylinder  A. 
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Since  the  temperature  of  boiling  water  and  of  the  steam  escap- 
ing from  it  varies  with  the  atmospheric  pressure,  it  is  evidently 
essential  to  pay  regard  to  this  circumstance  in  graduating  the 
thermometer.  The  fixed  point  adopted  for  the  graduation  is  the 
temperature  at  which  water  boils  under  a  pressure  of  76  c.  m. ; 
and  if  tlie  barometer,  at  the  time  of  graduation,  indicates  a  dif- 
ferent pressure,  it  is  necessary  to  make  a  correction  accordingly. 
This  correction  is  easily  calculated,  since  WoUaston  determined 
that  the  boiling-point  of  water  increases  one  Centigrade  degree 
for  every  increase  of  pressure  measured  by  2.7  c.  m.  of  mercury 
column.  In  determining  the  boiling-point  with  Begnault's  ap- 
paratus, it  is  necessary  to  guard  against  any  accidental  variation 
of  pressure  in  the  interior ;  and  for  this  reason,  it  is  furnished 
with  the  manometeMube  m. 

The  two  fixed  points  having  been  marked  on  the  tube,  the 
distance  between  them  is  next  divided  into  equal  parts,  called 
degrees.  Two  diflerent  scales  are  used  in  this  country.  In  the 
Centigrade  scale,  which  is  the  one  most  generally  used  for  scien- 
tific purposes,  the  distance  is  divided  into  one  hundred  degrees, 
which  are  numbered  from  the  freezing-point  of  water.  These 
divisions  are  continued  of  the  same  size  both  above  100^  and 
below  0^,  the  last  being  distinguished  by  a  minus  sign ;  thus, 
— ^10^  stands  for  ten  degrees  below  zero.  In  the  Fahrenheit  scale, 
which  is  used  almost  exclusively  in  common  life,  the  distance 
is  divided  into  one  hundred  and  eighty  degrees,  which  are  num- 
bered from  a  point  thirty-two  degrees  below  the  freezing-point  of 
water ;  so  that  on  this  scale  the  freezing-point  of  water  is  at 
82*,  and  the  boiling-point  at  82*  +  ISO*  =  212*. 

The  Fahrenheit  scale  originated  with  an  instrument-maker  of 
Dantzic,  from  whom  it  is  named,  and  appears  to  have  been  based 
on  some  theoretical  views  in  regard  to  the  expansion  of  mercury 
which  have  long  since  been  forgotten.  It  is  supposed  that  the 
zero  was  chosen  as  marking  the  greatest  cold  which  had  been 
observed  at  Dantzic,  and  which  Fahrenheit  regarded  as  the  great- 
est possible.  We  are  now,  however,  able  to  reduce  the  tempera- 
ture of  bodies  at  least  one  hundred  and  fifty  degrees  below  the 
zero  of  Fahrenheit,  so  that  this  zero  is  far  from  marking  the 
greatest  possible  cold ;  moreover,  since  cold  is  merely  the  absence 
of  heat,  and  since  we  cannot  remove  all  the  heat  from  matter, 
we  can  never  expect  to  reach  the  absolute  *  zero.    Indeed,  the 
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whole  thermometric  scale  is  to  be  regarded  ^s  purely  arbitnqy, 
and  may  be  compared  to  a  chain,  extending  indefinitely  both  up- 
wards and  downwards.  We  select  some  point  on  the  chain,  and 
begin  to  count  the  degrees  from  that.  We  fix  the  length  of  our 
degrees  by  selecting  a  second  point,  at  a  convenient  distance 
aboYe  the  first,  and  dividing  the  intervening  length  into  av^  arbi- 
trary number  of  equal  parts.  Thus  all  is  arbitrary ;  and  th^re 
is  no  peculiar  virtue  in  the  two  points  which  have  been  chosen, 
other  tlian  that  they  can  be  easily  deter^^ned  with  accuracy,  and 
include  between  theni  the  range  of  temperature  with  which  w^ 
are  usually  most  concerned. 

The  Centigrade  scale  has  been  adopted  in  this  work,  not  onl;^ 
because  it  has  a  decimal  subdivision,  but  also  because  it  is  the  one 
most  generally  adopted  in  the  scientific  works  both  of  this  coun- 
try and  of  Europe.  At  t1\e  end  of  the  book  there  will  bo  found 
a  table  by  which  the  degrees  of  the  Cent^ade  scale  may  be  con- 
verted  into  those  of  the  Fahrenlieit.  This  reduction  can  easily 
be  made  mentally,  since  100^  C.  «;=  180*  P.,  or  6*  0.  ?=  9"  P.; 
hence  P."*  =  f  G.**  +  32.  The  82  is  added,  because  the  zero  of 
Fahrenheit  is.  82  Fahrenheit  degrees  below  the  zero  of  the  Centi- 
grade. An  easy  rule  for  mental  calculation  is,  Double  the  number 
of  Centigrade  degrees^  subtract  one  tenth  of  the  tahole^  and  add 
thirty-two.  When  the  Centigrade  degrees  are  below  zero,  they 
are  marked  with  a  minus  sign  ;  and  this  sign  mi\st  be  regarded 
in  using  the  aboYC  rule. 

Besides  the  two  just  mentioned,  the  scale  of  Reaumur  is  also 
used  in  some  countries  of  Europe.  On  this  scale  the  distance 
between  the  freezing  and  boiling  points  of  water  is  divided  into 
eighty  equal  parts,  but  the  zero  is  the  same  as  on  the  Centigrade. 
It  is,  however,  never  used  in  this  country,  iind  is  seldom  referred 
to  in  scientific  works. 

In  all  thermometers,  after  the  length  of  a  degree,  has  beea 
ascertained  by  dividing  the  distance  between  the  fireezing  and 
boiling  points  of  water  inta  equal  parts^  the  divisions  are  con- 
tinued of  the  same  size  beyond  the  two  fixed  points  on  either 
side.  This  method  of  graduation  oociksio9a  a  defect  in  the 
instrument  which  must  now  bo  noticed. 

(219.)  Defects  of  the  Mercury  Thermometer,  -r-  It  will  be 
obvious,  fropi  a  Buomont's  reflection,  that  we  do  not  observe  in  a 
tb^iiwomot^r-tube^  tlie  9))^lu^  expansion  of  mercury,  but  oul/ 
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the  relative  expansion  as  compared  with  that  of  the  glass  bnlb. 
Did  the  glass  expand  as  much  as  the  mercury,  tlie  column  of 
liquid  would  eyidently  remain  stationary  at  all  temperatures. 
If  it  expanded  more  than  the  mercury,  &n  increase  of  tempera- 
ture would  cause  the  column  to  fall.  In  fact,  the  expansion  of 
mercury  is  seven  times  greater  than  that  of  glass ;  so  that  its 
apparent  expansion,  when  enclosed  in  a  glass  vessel,  is  about  one 
seventh  less  than  the  absolute  expansion.  The  rise  of  the  column 
of  mereury  in  a  thermometer-tube  is,  then,  a  mixed  eflfect  of  the 
expansion  of  the  enclosed  mercury  and  of  the  glass  envelope. 

It  is  further  evident,  that  the  whole  value  of  the  thermometer, 
as  a  measure  of  temperature,  rests  upon  the  assumption  that  the 
expansion  of  a  given  quantity  of  mercury  is  exactly  proportional 
to  the  amount  of  heat  which  enters  it.  If,  for  example,  a  given 
amount  of  heat,  entering  the  mercury  of  k  thermometer,  causes 
it  to  expand  0.001  of  its  volume,  and  consequently  to  rise  in 
the  stem  one  centimetre,  it  is  assumed  that  twice,  three  times, 
etc.  as  much  heat  will  cause  it  to  expand  0.002,  0.003,  etc.  of 
its  Volume,  and  to  rise  in  the  stem  2,  8,  etc.  centimetres.  This 
assumption  is  not,  however,  absolutely  correct,  for  the  rate  of 
expansion  of  mercury  gradually  increases  with  the  tempera- 
ture ;  60  that,  in  the  example  just  cited^  twice  as  much  heat  will 
cause  tlie  mercury  to  expand  a  little  more  than  0.002,  and  three 
times  as  much  heat  a  little  hiore  than  0.008  of  its  original  vol- 
ume. Or,  to  take  another  illustratioui  let  us  syppose  that  a 
certain  amount  of  heat,  entering  the  mercury  of  a  thermometer, 
causes  the  column  to  rise  in  the  stem  one  centimetre,  which  we 
tnay  suppose,  in  a  given  case,  to  be  the  length  of  one  Centigrade 
degree ;  and  let  us  also  suppose  that  exactly  equal  amounts  of 
heat  enter  the  same  thermometer  during  successive  intervals  of 
time.  If  the  rate  of  expansion  of  mercury  were  uniform,  each 
addition  of  heat  Vrould  cause  the  mercury  to  rise  exactly  one 
centimetre ;  so  that^  if  the  stem  were  divided  into  centimetres, 
each  of  these  would  indicate  the  same  accettsioii  of  heat.  As  it 
iS)  however,  the  additioii  of  the  second  quantity  of  heat  causes 
the  mercury  to  rise  a  little  more  than  it  centimetre,  the  addition 
of  the  third  quantity  causes  a  rise  still  gi^ater  than  before,  and 
so  on.  Hence,  in  order  thdt  the  degrees  of  the  thermometer 
may  indicate  equal  accessions  of  heat,  they  should  slowly  in- 
crease in  length  from  sero  up»    In  tlie  case  of  mercury,  the  rate 
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of  expansion  changes  so  slowly,  tlmt  the  increaaa 
in  the  length  of  the  d^rees  would  not  be  pet^ 
ceptible  to  the  eye  within  the  usual  range  of  the 
scale  }  but  if  the  thermometer  la  filled  with 
water,  whose  rate  of  expansion  increases  very 
rapidly,  the  effect  becomes  Tery  evident.  The 
water  thermometer,  represented  in  Fig.  &44,  is 
EO  graduated  that  each  diTision  on  the  scale 
corresponds  to  an  equal  amount  of  heat ;  and  it 
will  he  noticed  tliat  the  degrees  near  the  top  of 
the  scale  are  seTeral  times  longer  than  those 
near  the  zero  point.  This,  then,  is  an  exagger- 
ated representation  of  the  way  in  which  a  mer- 
cury thermometer  should  be  graduated,  in  order 
to  he  perfectly  accurate;  the  length  of  the  de- 
grees should  slowly  increase  from  the  zero  point 
up.  In  practice,  however,  as  has  been  described, 
they  are  made  of  the  same  length.  Tho  error, 
thus  caused,  is  not  important  between  the  two 
fixed  points ;  since,  by  diridiiig  the  given  dis- 
tance into  equal  parts,  we  obtain  a  mean  length 
for  tlie  d^ree,  whicli,  aUboogh  too  long  for  the 
d^^reee  near  the  freezing-point,  and  too  short 
for  the  d^rees  near  the  boiling-point,  is  exact 
for  tlie  intermediate  d^rees,  and  very  nearly 
correct  for  all.  But  above  the  boiling-point  tlie 
same  is  not  the  cose  ;  for  wliile  the  d^rees 
marked  on  the  scale  bare  the  same  length  as 
those  below,  the  true  length  of  the  degree  is 
constantly  increasing,  luitil  the  difference  be- 
comes very  considerable.  Hence  a  thermometer 
above  the  boiling-point  always  indicates  too  high 
a  temperature  ;  and,  for  the  same  reason,  bdow 
the  freezing-point  indicates  too  Iowa  temperature. 
The  value  of  the  mercury  thermometer  as  an 
accurate  instrument  would  not  be  materially  im- 
paired by  the  facts  stated  above,  since  it  would 
always  be  possible  to  estimate  the  amount  of 
deviation  in  any  case,  and  apply  the  correction 
to  the  observed  results.    Unfortunately,  however. 
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its  indications  are  also  affected  bj  the  unequal  expansion  of  the 
glass  envelope.  It  so  happens  that  the  rate  of  expansion  of  glass 
increases  quite  as  rapidlj  as  that  of  mercury ;  so  that  the  error 
induced  by  the  increased  rate  of  expansion  of  mercury  is  in  part 
corrected,  indeed  sometimes  over-corrected,  by  the  increasing 
capacity  of  the  glass  bulb.  Unfortunately,  the  rate  of  expansion 
differs  very  considerably  in  different  kinds  of  glass,  and  even  in 
the  sanle  glass  under  different  circumstances  ;  so  much  so,  that 
two  thermometers,  even  when  constructed  with  the  greatest  care, 
seldom  agree  for  temperatures  very  much  above  or  below  the 
fixed  points.  It  is  thus  evident,  that,  while  the  expansion  of 
the  glass  tends  to  correct  the  error  which  would  be  caused  by 
tlie  unequal  expansion  of  mercury,  it  nevertheless  renders  the 
indications  of  the  thermometer  uncertain  to  a  slight  extent,  and 
sufficiently  to  deprive  the  instrument  of  tliat  accuracy  which  is 
desirable  in  a  scientific  investigation. 

The  facts  stated  in  this  section  are  illustrated  by  the  following 
table,  from  the  well*known  memoir  of  Begnault  *  on  this  subject. 

Comparison  of  Different  ThermomeUn. 


AlrTlMffiDMaAtar. 

Trw  Tcxn|Mr»- 

tara. 

wllhontOtaM. 

ThermooMtor, 

ruofr^iMt. 

ThOTBMOMtor, 
CrowB-glMi. 

>lon  oi  MMvofy. 

o 
0 

0 

o 
0 

o 
0 

0.000  1790 

60.00 

49.65 

50.20 

0.000  1815 

100.00 

100.00 

100.00 

100.00 

0.000  1880 

120.00 

120.88 

120.12 

119.95 

0.000  1860 

140.00 

140.78 

140.29 

189.85 

0.000  1861 

180.00 

161.88 

160.52 

159.74 

0.000  1871 

180.00 

182.00 

180.80 

179.68 

0.000  1881 

200.00 

202.78 

201.25 

199.70 

0.000  1891 

220.00 

228.67 

221.82 

219.80 

0.000  1901 

240.00 

244.67 

242.55 

239.90 

0.000  1911 

246.80 

246.80 

260.00 

265.78 

268.44 

260.20 

0.000  1921 

280.00 

287.00 

284.48 

280.52 

0.000  1981 

800.00 

808.84 

805.72 

801.08 

0.000  1941 

820.00 

829.79 

827.25 

821.80 

0.000  1951 

840.00 

851.84 

849^80 

848.00 

0.000  1962 

Column  1  gives  the  temperatures  of  the  air  thermometer  taken 
as  the  standard,  which  may  be  regarded  as  very  close  approxima* 
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tions  to  the  trae  temperature.  Column  2  gires  the  correspondiug 
temperatures  whidi  would  be  indicated  by  a  mercury  thermome- 
ter, graduated  in  the  usual  way,  if  the  glass  did  not  expand  at  all; 
showing  the  error  which  would  be  caused  by  the  varying  rate  of 
expansion  of  the  mercury  alone.  Column  8  giFels  the  correspond- 
ing temperatures  indicated  by  a  mercury  tli^mOmeter  made  of 
flint-glass  (cristal  de  Choissy-le-Roi),  showing  tliat  this  error  is 
in  part  corrected  by  the  unequal  expansion  of  the  glass  bulb. 
Column  4  gives  the  corresponding  temperatures  indicated  by  a 
thermometer  of  crown-glass  (verre  ordinaire  do  Faris),  showing 
that  the  indications  of  thermometers  made  with  different  varieties 
of  glass  do  not  necessarily  accord.  Finally,  column  5,  giving  the 
coefficients  of  expansion  of  mercury  at  each  temperature  (250), 
is  added,  in  order  to  show  how  rapidly  the  rate  of  expansion  in- 
creases wiU)  the  temperature. 

It  will  be  noticed  that  the  thermometers  agree  perfectly  at  the 
two  fixed  points  to  which  tliey  are  graduated.  Moreover^  be- 
tween Aese  two  points  tlie  differences  are  comparatively  small^ 
since  from  the  very  method  of  graduation  the  errors  are  distrib- 
uted ;  but  above  100^  the  differences  between  the  indications  of 
the  mercury  thermometers  and  the  true  temperatures  are  contin- 
ually increasing.  The^variations  from  the  true  temperature  in 
the  case  of  the  theoretical  thermometer  without  glass  are  very 
large.  In  the  flint-glass  thermometer  the  differences  are  less, 
because  the  varjring  rate  of  expansion  of  mercury  is  partially 
corrected  by  that  of  the  glass.  In  the  case  of  the  crown-^lass 
thermometer,  there  is  a  singular  anomaly.  This,  on  account  of 
the  remarkable  law  of  expansion  which  crown-glass  obejTs,  keeps 
nearly  in  accord  with  the  air  thermometer  up  to  246'*.S0,  at 
which  point  it  coincides  with  it ;  but  above  this  point,  at  which 
they  separate,  the  differences  between  the  two  rapidly  increase. 
It  will  also  be  noticed,  that  the  differences  between  the  temper- 
atures indicated  by  the  thermometers  of  flint  and  crown  glass 
are  quite  large ;  and  it  is  evident  that  the  last  are  greatly  to  be 
preferred  in  all  scientific  investigations.  Smaller  difibrences 
have  been  observed  between  thermometers  made  of  varieties  of 
crown-glass  ;  but  they  are  not  of  practical  importance  when 
neither  of  the  varieties  contains  lead. 

The  fects  just  stated  will  be  rendered  clearer  by  Fig.  845, 
which  is  a  geometrical  construction  of  the  results  given  in  the 


table  on  pige  439.  The  fignres  on  &e  horisootal  line,  m*  iixiB  of 
absoisBU,  Btaud  for  the  temperatureB  of  an  air  thermometer; 
thoGe  on  the  vertical  line,  or  axie  of  ordinatee,  Cor  the  differences 
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between  the  iodicationB  of  this  thermometer  and  of  different 
mercury  thermometers.  The  curve  On  am  ehowB  the  varior 
tions  from  the  true  temperature  of  the  theoretical  thermometer 
irithoat  glass ;  and  the  curves  Onac,  Onav,  Onas,  Onao, 
the  variations  of  thermometers  made  with  fiint-glass  of  Choiesjr* 
le-Boi,  green  gloss,  Swedish  glass,  and  "  verro  ordinaire  de 
Paris,"  respectively.  The  anomaly  in  tlie  case  of  the  thermom- 
eter made  with  the  common  Paris  glass  is  beautifully  illustrated 
by  the  last  curve. 

(220.)  Change  of  the  Zero  PoitU.  —  Mercury  thermometers, 
even  when  constructed  with  the  greatest  care,  are  liable  to  error 
from  another  cause,  which  cannot  be  so  easily  explained  as  the 
one  just  considered.  The  sero-point  of  the  tliermometer  fre- 
quently rises  on  the  scale,  the  displacement  amounting  at  times 
even  to  two  degrees.  By  this  is  meant,  tliat  wlien  the  thermom- 
eter is  surrounded  by  melting  ice,  as  in  Fig.  841,  the  mercury 
Till  not  sink  to  tlie  original  zero,  but  only  to  a  point  possibly 
even  two  degrees  above  it.  According  to  Despretz,  tliis  change 
may  continue  for  an  indefinite  period  ;  and  it  is  therefore  impor- 
tant to  verify  the  position  of  the  zero-point  of  a  thermometer 
before  using  it  in  an  observation  where  great  accuracy  is  required. 
If  the  point  has  been  displaced,  the  amount  of  the  displacement 
must  be  subtracted  from  the  observed  temperatures. 

BeBides  this  slow  rising  of  the  zero-point,  sudden  variations  in 
its  position  have  boon  noticed  after  the  thermometer  has  been  ex- 
posed to  a  higher  temperature.  These  variatiooB  are  sometimeB 
permanent,  and  at  oUier  times  merely  transient,  the  zero-point 
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returning  to  its  original  position  after  the  instrument  has  been 
cooled  for  some  time.  All  these  facts  tend  to  show,  that  determi- 
nations of  temperature  with  a  mercury  thermometer  are  liable 
to  sources  of  error  which  cannot  always  be  guarded  against;  and 
it  is  therefore  best,  when  great  accuracy  is  required,  to  substitute 
for  the  mercury  thermometer  the  air  tliermometer  of  Regnault, 
which  will  be  described  in  a  future  section. 

(221.)  Standard  Thermometers.  —  The  causes  of  error  in  the 
mercurial  thermometer  already  noticed  arise  from  the  very  na- 
ture of  the  materials,  and  are  inseparably  connected  even  with 
such  instruments  as  have  been  constructed  with  all  the  refine- 
ments of  modem  science.  Ordinary  thermometers  are  liable  to 
errors  of  construction  of  a  far  greater  magnitude.  It  is  evident, 
from  the  theory  of  the  instrument,  that  unless  tlie  boro  of  the 
tube  has  the  same  calibro  throughout,  equal  increments  in  the 
volume  of  the  mercury  will  not  cause  an  equal  rise  of  the  colunm 
in  all  its  parts ;  and  the  indications  of  the  instrument,  graduated 
in  the  usual  way,  will  be  moro  or  less  erroneous.  Now  it  is 
seldom,  and  probably  never,  the  case,  that  a  thermometer-tube 
has  an  absolutely  uniform  bore.  Hence,  in  making  a  standard 
instrument,  it  is  essential  that  the  tube  should  be  calibrated 
throughout,  and  the  size  of  the  dcgroes  proportioned  to  the  vary- 
ing diameter  of  the  tube.  This  is  done  by  introducing  a  short 
column  of  mercury  into  the  tube,  gradually  moving  it  from  one 
end  to  tlie  other  by  means  of  a  small  elastic  bag  tied  to  the  open 
mouth,  and  dividing  the  tube  into  lengths  equal  to  the  lengths  of 
the  mercury-column.  This  length  is  taken  so  short  that  the 
diameter  of  the  tube  may  be  assumed,  without  appreciable  error, 
not  to  vary  throughout  the  short  distance ;  and  when  the  tube  is 
graduated,  each  of  tliese  lengths  is  divided  into  the  same  number 
of  equal  parts. 

Regnault,  who  has  very  greatly  improved  the  methods  of  grad- 
uating standard  thermometers,  uses  for  the  purpose  a  dividing 
engine,  similar  to  the  one  represented  in  Fig.  846,  wliich  is  con- 
structed by  M.  Duboscq,  of  Paris.  It  consists  of  the  iron  frame 
A  Q,  in  which  is  mounted  the  long  steel  screw  H.  This  screw 
is  confined  at  its  two  ends  by  brass  collars,  in  which  it  turns 
freely.  On  the  top  of  tlie  iron  frame  moves  the  carriage  J5,  to 
which  the  tube  to  be  divided  is  fastened.  Motion  is  communi- 
cated to  this  carriage  by  the  scrow  11^  which  plays  through  a 
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socket  fastened  to  tlie  under  side,  and  therefore  invisible  ia  tbe 
drawing.  By  turning  the  scraw,  the  carriage  ft,  and  tlie  tube 
fiutened  upon  it,  are  moved  forward  under  the  graver,  a,  which 


is  attached  to  a  very  ingenious  apparatus  for  regulating  the 
lengths  of  the  division-lines,  making  evety  Hftti  and  tentli  line 
longer  than  the  rest.  Tliis  dividing  apparatus  is  supported  on 
the  upright  piece  of  iron,  P,  which  is  itself  firmljr  fastened  to  tlie 
Irame  of  the  engine. 

The  whole  value  of  the  apparatus  depends  on  the  long  screw, 
which  is  made  with  great  care,  and  its  threads  so  adjusted  that 
one  revolution  moves  forward  tiie  carriage  exactly  one  milli- 
metre. Uotion  is  communicated  to  the  screw  hj  the  handle  M, 
acting  through  the  cogs  m  and  n  oit  the  broad  wheel  opr,  and 
this,  in  its  turn,  on  a  ratchet-wheel  fastened  to  the  head  of  the 
screw,  and  moving  within  the  first.  Tlie  wheel  opr  can  revolve 
in  one  direction  iudopendeutly  of  the  ratchet-wheel  and  the 
screw ;  but  when  turned  in  the  opposite  direction,  a  small  detent, 
fastened  to  the  inner  sux&ce  of  its  rim,  catches  in  the  teeth,  and 
mores  the  ratchet-wheel  and  screw  with  it.  The  rim  of  the 
wheel  opr  is  divided  on  both  sides  into  degrees,  and  by  means 
of  a  set  of  stops  its  motion  can  be  limited  to  aaj  mmiber  of  rev* 
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olutions,  or  to  any  fraction  of  a  revolution.  Let  us  suppose  tiiat 
the  stops  are  so  adjusted  that  the  wheel  opr  can  turn  through 
two  rcTolutions  and  ^V*  Starting,  then,  from  the  first  stopv  and 
turning  the  handle  M  until  the  motion  is  arrested  by  the  second 
stop,  the  screw  jffwill  be  revolved  twice  and  ^^.  Consequently, 
the  carriage  B  will '  be  moved  foi^ward  2.54  millimetres.  On 
now  turning  the  handle  M  in  the  opposite  direction,  the  wheel 
opr  will  be  turned  back  to  its  first  position,  without  moving  the 
screw,  and  then,  on  reversing  the  motion,  the  carriage  will  be 
moved  forward  2.54  m.  m.,  as  before,  and  so  on  indefinitely.  If 
at  each  advance  we  make  a  mark  with  the  graver,  a,  it  is  evident 
that  our  tube  will  be  divided  into  lengths  of  2.54  m.  m.,  or  into 
any  other  lengths  for  which  we  may  choose  to  acyust  the  stops. 

This  engine  may  also  be  used  for  measuring  the  length  of  di- 
visions already  made  \  only  for  this  purpose  a  small  microscope, 
furnished  with  cross-wires,  should  be  attached  to  the  upright,  P, 
at  the  side  of  the  graver.  The  microscope  having  been  adjusted 
so  that  the  cross-wire  is  just  over  the  first  mark  on  the  tube,  and 
the  stops  which  limit  the  motion  of  the  wheel  opr  having  been 
removed,  the  handle  M  is  turned  uhtil  the  cross-wire  is  exactly 
over  the  second  mark,  the  observer  carefully  noting  the  number 
of  revolutions  and  fraction  of  a  revolution  required,  by  means  of 
an  index  provided  for  the  purpose.  Let  Us  Suppose  lO.tS  invo- 
lutions are  required ;  then^  evidently,  the  length  of  the  division 
is  10.75  millimetrOB. 

In  using  the  dividing  engine  for  calibrating  a  thermometer,  the 
tube  is  adjusted  on  the  carriage  B  so  that  its  axis  shall  be  per* 
fectly  parallel  to  the  axis  of  the  long  screw  H.  A  short  column 
of  mercury  having  been  previously  introduced  into  oiie  end,  the 
length  of  this  column  is  careftUly  measured  as  just  described, 
and  the  position  of  its  two  exti*emities  marked  with  a  fine  hair- 
pencil  on  the  tube.  Adjusting  the  cross-wire  of  the  microscope 
to  the  head  of  the  mercury-column,  this  is  next  pushed  forwiud 
in  the  tube  through  exactly  its  own  length.  The  length  is 
again  measured^  and  the  position  of  the  head  of  the  mercury- 
column  having  been  marked  as  before,  the  same  process  is  re- 
peated until  the  tube  is  divided  into  lengths  of  isqual  capacity^ 
and  their  value  known.  Each  of  these  lengths  is  next  to  b6 
divided  into  the  same  number  of  equal  parts,  and  any  coilVenient 
nutubei^  is  selected,  which  shall  give  to  the  degrees  as  nearly  U 
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possible  the  size  required.  In  order  to  illustrate  the  method,  let 
118  suppose  that  the  lengths  between  the  pencil-marks  are  respect- 
ively as  follows :  — ^ 

18.45  m.ixuy    18.39  Bi..Hin    18.S2m.ai.y    18.24  m-ia.,    18.15  m.nLy 

and  that  it  is  decided  to  divide  each  length  into  thirty  degrees. 
The  lengths  of  the  degrees  in  the  different  divisions  will  then  be^ 
reiqwctively, 

0.615  m-m.,     0.613  m.m.,     0.611  m.m.,     0.608  m.m.,     0.605  m.m. 

This  calculation  having  been  made,  the  tube  is  covered  with  a 
varnish  such  as  is  used  in  etching,  and  the  stops  on  the  wheel 
opr  (Fig.  346)  so  adjusted  as  to  limit  its  motion  to  0^615  of  one 
revolution.  The  point  of  the  graver  is  also  adjusted  to  the  first 
pencil-mark,  and  a  cut  made  through  the  varnish,  exposing  the 
glass.  The  handle  M  is  now  turned  until  its  motion  is  arrested 
by  the  stop,  and  another  cut  made.  The  motion  of  the  handle 
having  been  reversed,  the  same  process  is  repeated  thirty  times, 
when  the  point  of  the  graver  will  have  reached  the  second  pencil- 
mark,  a^d  thirty  degrees,  each  0.615  m.  m.  in  length,  are  marked 
on  the  tube.  Tbo  adjustment  of  the  stop  must  now  be  changed, 
so  as  to  limit  the  motion  of  the  wheel  to  0.613  of  a  revolution, 
and  thirty  more  divisions  made ;  and  so  on  until  the  graduation 
is  completed,  when  the  tube  is  removed  from  the  engine,  and  the 
figures  which  serve  to  number  the;  divisions  are  marked  in  with 
the  hand.  It  ouly  remains,  now,  to  expose  the-  tube  to  the  vapor 
of  fluohydric  acid,  which  corrodes  the  glass  wherever  the  graver 
has  exposed  its  surface,  and  subsequently  to  verify  the  work  by 
passing  another  column  of  mercury  through  the  tube.  This 
should  cover  the  same  number  of  divisions  in  any  position,  and 
will  do  so  if  the  graduation  has  been  carefully  performed. 

The  stem  of  the  thermometer  thus  adjusted,  a  bulb  is  blown 
upon  the  end,  or,  what  is  better,  a  cylindrical  reservoir  previously 
prepared  is  cemented  to  it  with  a  blowpipe.  The  capacity  of  this 
reservoir  must  be  proportional  to  the  size  of  the  tube,  and  to  the 
tange  of  temperature  which  the  thermometer  is  intended  to 
cover.  Let  us  suppose  that  it  is  required  that  N  divisions  of 
ibe  thenQometer  should  eorrespond  to  100^  0.,  and  we  wish  to 
know  what  must  be  the  siae  of  the  reservoir  for  iv  given  graduated 
tube.    W^  first  weigh  tibe  tube,  both  when  empty  and  when  conr 

88 
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taining  a  column  of  mercury  which  covers  an  observed  number  of 
divisions.     This  gives  us  the  weight  of  mercury,  tr,  occupying  n 

divisions  of  the  tube.     From  this  we  obtain  N — ,  the  weight  of 

mercury  which  will  fill  JV  divisions,  and  by  [56]  N    /^  y^uy 

the  corresponding  volume.  But  this  volume  represents  the  ex* 
pansion  which  the  mercury  in  the  reservdlr  of  our  proposed  ther- 
mometer must  undergo  when  lieated  from  0**  to  100*.  Now  we 
know  that  the  apparent  expansion  of  mercury,  under  these  cir- 
cumstances, is  ^V  ^f  ^^  volume  at  0"*.  Representing,  then,  by  V 
the  unknown  volume  of  the  reservoir,  we  shall  have 

If  the  reservoir  is  spherical,  F=  J  tt  -D*,  from  which  we  can 
calculate  the  required  diameter ;  and  if  it  is  cylindrical, 
F=  ^  TT  D*  A,  from  which  we  can  approximativcly  determine 
the  required  length.  A,  when  the  diameter  is  known. 

The  tube  and  bulb  are  now  filled  with  perfectly  pure  mercury, 
and  the  fixed  points  marked  upon  it  in  the  usual  way,  when  the 
thermometer  is  finished  and  ready  for  use.  The  divisions  marked 
upon  a  thermometer  so  constructed  are  not,  of  course,  degrees  of 
either  of  the  three  scales  mentioned  in  (218)  ;  but  it  is  always 
easy  to  calculate  from  the  indications  of  this  arbitrary  scale  the 
corresponding  degrees  of  the  Centigrade  scale.  We  ascertain,  by 
observation,  the  number  of  divisions  on  the  thermometer  between 
the  freezing  and  boiling  points,  which  we  may  represent  by  iV, 
and  also  tlie  number  of  the  divisions  on  the  arbitrary  scale  corre- 
sponding to  the  freezing-point  (the  zero  of  the  Centigrade  scale). 
Represent  this  number  by  n,  the  degrees  of  the  Centigrade  scale 
by  C*,  and  those  of  the  arbitrary  scale  by  il*.    We  have,  then, 

J\r=  100*  C,  and  C?**  =  ^  (il*  —  n):     Suppose,  for  example, 

that  there  are  854  divisions  on  the  arbitrary  scale  between  the 
fixed  points,  and  that  the  freezing-point  is  at  the  182d  division 
from  the  bottom  of  the  scale ;  and  let  it  be  required  to  determine 
to  what  temperature  the  280th  division  corresponds  in  Centi- 
grade degrees.  We  shall  have,  C'^m  (230—132)  =  27.68. 
It  is  usual  to  prepare  a  table  for  each  thermometer  thus  con- 
structed, giving  the  temperature  in  Centigrade  degrees  corre- 
sponding to  every  division  of  the  tube. 
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The  scale  of  a  standard  thermometer  should  always  bo  en- 
graved on  the  glass  stem,  as  in  Fig.  347  ;  since,  if  it  is  engraved 
on  a  strip  of  metal  or  ivorjr  fastened  to  the 
tube,  the  expansion  of  the  scale  introduces  new 
sources  of  error  into  the  instrument.  It  is  also 
essential  for  a  good  standard,  that  it  should  in- 
clude the  boiling  and  fi*eezing  points  upon  its 
scale.  Where  a  large  range  is  required,  the 
great  length  which  this  involves  may  bo  best 
avoided  by  making  several  thermometers  with 
continuous  scales,  and  enlarging  the  tube  of  each 
instrument  at  those  parts  which  are  covered  by 
the  scales  of  the  other  thermometers  of  the  set. 
A  thermometer  so  constructed  is  represented  in 
Fig.  848,  although  the  enlargement  is  very  greatly 
exaggerated.  It  is  possible  in  this  way  to  di- 
vide each  Centigrade  degree  into  twenty  parts, 
and  yet  include  both  of  the  fixed  points  on  tho 
scale. 

The  length  of  the  degrees  of  a  thermometer, 
and  hence  its  sensibility  to  small  differences  of 
temperature,  depends  upon  the  size  of  the  reser- 
voir as  compared  with  that  of  the  tube,  and  can 
be  increased  by  the  maker  at  pleasure.  No 
advantage,  however,  is  gained  by  increasing  the 
length  of  the  degrees  on  the  stem  beyond  a  lim- 
ited extent ;  since,  on  account  of  the  imperfec- 
tions of  the  instruments  noticed  in  the  last  section,  it  is  useless 
to  subdivide  the  Centigrade  degree  into  more  than  twenty  parts, 
and  only  the  most  carefully  constructed  standards  will  bear  as 
great  a  subdivision  as  this.  Even  when  the  scale  is  graduated  to 
twentieths,  it  is  possible  for  a  practised  eye  to  estimate  the  hun- 
dredth of  a  Centigrade  degree. 

It  is  evident  that  the  smaller  the  absolute  size  of  the  bulb,  the 
more  rapidly  a  thermometer  will  be  affected  by  changes  of  tem- 
perature ;  and  hence  it  is  always  best  to  make  the  bulb  as  small 
as  circumstances  will  permit,  and  also  to  give  to  it  a  long  cylin- 
drical shape,  which,  for  the  same  volume,  exposes  a  much  greater 
surface  for  the  entrance  of  heat  than  a  sphere. 

The  size  of  the  column  of  mercury  in  the  stem  of  a  thermom- 
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eter  is  so  small,  as  compared  with  that  of  the  stem  itself,  that  it 
is  essential,  in  order  to  avoid  the  parallax  caused  hj  the  thick- 
ness of  the  glass,  to  plaoe  the  eye  in  reading'  on  a  level  with  the 
surface  of  the  column.  The  scale  of  a  ddicate.  thermometer  is 
always  best  read  through  the  telescope  of  a  cathetometer  (Fig. 
260),  placed  at  a  sufficient  distance  to  preTent  the  heat  of  the 
body  from  affecting  the  instrument. 

(222.)  In  using  a  standard  thermometer,  it  is  important  to 
immerse  both  the  bulb  and  the  stem  in  the  medium  whose  teok^ 
perature  is  to  be  measured ;  for  if  the  stem  of  the  thermometer 
is  exposed  to  a  lower  temperature  than  the  biUb,  the  whole  of  the 
mercury  will  not  be  equally  expanded,  and  the  thermometer  will 
indicate  too  low  a  temperature.  Since  in  testing  the  tempera- 
ture of  a  small  quantity  of  liquid  this  complete  immersion  of  the 
thermometer  is  impossible,  it  is  necessary  in  such  cases  to  add  to 
the  observed  temperature  a  small  correction,  which  becomes  very 
important  when  the  temperature  of  the  medium  greatly  exceeds 
that  of  the  air. 

In  order  to  illustrate  the  method  of  calculating  the  correction, 
let  us  suppose  that  the  thermometer  i»  used  for  testing  the  tem- 
perature of  an  oil-bath ;  and  that,  while  the  bulb  and  a  portion 
of  the  stem  are  immersed,  the  greater  piurt  of  the  mercury- 
column  is  above  the  surface  of  the  liquid^  as  represented  in  Fig. 
401.  It  is  now  required  to  determine  how  much  higher  the  ther- 
mometer would  stand  if  the  whole  column  were  exposed  to  the 
same  temperature  as  the  bulb.  For  this  purpose,  we  will  repre- 
sent the  different  quantities  entering  into  the  calculations  as 
foUows :  — ^ 

X         =  the  unknown  temperature  of  the  bath. 

f         =  the  temperature  indicated  by  the  thermometer. 

I,®  =  the  mean  temperature  of  the  mercury  in  the  stem,  asoertained 
by  placing  in  contact  wiUi  it  the  bulb  of  a  small  thermome- 
ter at  about  mid-height  of  the  column. 

S  =:  the  number  of  degrees  which  the  portion  of  the  mercary-colttmn 
above  the  sur&oe  of  the  bath  oocupies  in  the  thermometer- 
tube^ 

f^^t^^^^Uti^  difference  of  temperature  between  t}iQ  bulb  and  the  stem 
approximatively. 

It  is  evident  that,  if  tiie  tempatature  of  the  inereary  above 
the  Burfhce  of  the  bath  were  increased  i^  «^fi^^  the.  thermometer 
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would  indicate  the  true  temperature ;  so  that,  to  find  the  cor- 
rection required,  we  have  only  to  calculate  how  much  a  column 
of  mercury  measuring  0  degrees  on  the  scale  will  increase  in 
length  when  its  temperature  is  raised  f  —  ^,^.  The  apparent 
expansion  in  glass  of  a  given  volume  of  mercurj,  amounting  for 
each  degree  of  temperature  to  t^W*  will  amount  for  f*  —  ti"*  to 

^    J^    of  the  whole.    Hence,  a  quantity  of  mercury  which  fills 

one  degree  of  a  thermometer-tube  will  fill  1  +    gQ^.^'   degrees 

of  the  same  tube  after  its  temperature  has  risen  f*  —  ii* ;  and  in 
like  manner  a  quantity  of  mercury  which  fills  $  degrees  of  a 
thermometer-tube  wiU  fill,  after  the  same  rise  of  temperature, 

0  -| — --/;qqa~  degrees.  In  otlier  words,  the  column  of  mer- 
cury  above  the  surface  of  the  bath  would  rise  thho  ^^ 
grees,  if  its  temperature  were  raised  to  that  of  the  bath.  This, 
then,  is  the  correction  required,  and  we  have,  in  any  case, 

Since  the  mean  temperature  of  the  mercury-oolumn  can  never 
be  accurately  determined,  there  is  always  an  luicertainty  in  re- 
gard to  the  value  of  the  correction  ;  and  it  is  therefore  best,  when 
practicable,  to  avoid  the  necessity  of  any  by  immersing  the  whole 
stem  in  the  bath. 

(223.)  A  thermometer  indicates  temperature  by  either  receiv- 
ing or  imparting  heat  until  its  own  temperature  is  the  same  as 
that  of  the  body  tested.  It  is  therefore  evident  that,  unless  the 
temperature  of  the  body  is  maintained  constant  by  accessions  of 
heat  from  some  external  source,  a  thermometer  will  give  correct 
indications  only  when  its  own  mass  bears  a  very  inconsiderable 
proportion  to  that  of  the  body.  This  very  obvious  fact  must  be 
oarefully  borne  in  mind  while  using  the  instrument ;  and  when 
the  quantity  of  heat  which  the  thermometer  receives  or  imparts 
is  appreciable,  the  change  of  temperature  which  is  thus  caused 
in  the  body  must  be  cedoulated,  and  the  observations  corrected 
accordingly.  The  student  will  be  able  to  devise  methods  by 
which  the  correction  can  in  any  given  case  be  estimated,  after 
studying  the  sections  on  Specific  Heat. 

For  further  information  in  regard  to  the  construction  and  use  of 
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standard  thermometers,  ve  voald  refer  the  student  to  the  vol- 
ume of  memoirs  of  Regnault  already  noticed,  and  to  a  note  by 
J.  I.  Pierre,  published  in  the  Annalet  de  Chimie  et  de  Physique, 
S'  Serie,  Tom.  V.  p.  428. 

(224.)  floKse  Tkermometers. — The  scales  of  ordinary  ther- 
mometers are  graduated  on  strips  of  wood,  metal,  or  ivory,  to 
which  the  tube  is  subsequently  attached  (Fig.  349). 
Such  thermometers  are  less  fragile  and  more  easily 
read  than  tliose  graduated  on  the  stem,  and  at  the 
same  time  are  sufficiently  accurate  for  determining 
the  temperature  of  a  bath  or  of  &  room,  and  for  most 
meteorological  observations.  They  are  not,  however, 
usually  graduated  from  the  two  fixed  points,  as  de- 
scribed in  (218),  but  by  comparison  with  a  standard 
thermometer.  For  this  purpose,  the  instrument  to  be 
graduated  and  the  standard  are  dipped  together  into 
a  bath  of  water.  Care  being  taken  to  muntaiu  the 
water  at  the  same  temperature  for  some  time,  the 
number  of  degrees  indicated  by  the  standard  is  then 
marked  on  the  stem  of  tlie  new  instrument  at  the 
level  of  the  mercury-column.  In  the  same  way,  by 
changing'the  temperature  of  the  bath,  several  other 
points  are  determined.  These  are  subsequently 
transferred  to  the  strip  on  which  tlie  scale  is  to  be 
engraved,  and  the  distance  between  them  divided 
into  the  number  of  degrees  required. 

It  has  l)eQn  found  almost  impossible  to  maintain 
a  liquid  bath  at  the  same  temperature  in  all  its  parts 
for  any  length  of  time,  when  this  temperature  con- 
siderably exceeds  that  of  the  air  ;  so  that  we  cannot 
be  certain  that  two  thermometers,  dipped  into  the 
bath  side  by  side,  have  been  exposed  to  exactly  the 
same  degree  of  heat.    The  method  of  graduation 
just  described  ought,  therefore,  never  to  be  used  for  an  instra- 
ment  of  precision ;  but  it  is  sufficiently  accurate  for  common 
house  thermometers.    These  instruments,  when  well  made,  may 
be  rehed  upon  to  within  a  Fahrenheit  degree  between  the  two 
fixed  points ;  but  beyond  these  points,  and  especially  below  the 
freezing-point,  they  are  frequently  very  erroneous.    Two  ther- 
mometers  hanging  side  by  side,  which  have  been  made  by  the  best 
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makers  with  their  usual  care,  will  not  unfrequentlj  differ  several 
degrees  when  the  temperature  is  below  0"*  F.,  —  a  fact  which 
accounts  for  the  great  discrepancies  in  the  observations  of  low 
temperatures. 

(225.)  Thermometers  filled  with  other  Liquids.  —  Mercury 
boils  at  360^  C.  and  freezes  at  — 40"",  and  the  range  of  a  mer- 
cury thermometer  is  necessarily  confined  within  these  limits  of 
temperature.  Moreover,  near  its  freezing-point  the  rate  of  ex- 
pansion of  mercury  becomes  very  irregular,  and  its  indications 
cannot  be  relied  upon  below  — 86®,  or  even  — 36**  C.  Degrees 
of  temperature  above  860"*  are  measured  by  means  of  a  class  of 
instruments  called  pyrometers,  which  will  be  described  in  con- 
nection with  the  laws  of  expansion  of  solids  and  gases  ;  while 
for  temperatures  below  — SS"*,  we  use  thermometers  filled  with 
alcohol,  or  other  liquids  which  do  not  freeze  even  at  these  great 
degrees  of  cold. 

There  is  no  other  liquid  which  Can  be  compared  with  mercury 
in  its  fitness  for  filling  thermometers.  The  great  range  of  tem- 
perature between  its  freezing  and  boiling  points,  the  fact  that  it 
does  not  adhere  to  the  surface  of  glass,  and  that  it  can  readily 
be  obtained  perfectly  pure,  are  all  circumstances  which  pecu- 
liarly adapt  it  to  thermometric  purposes.  It  is  true,  as  we  have 
seen,  that^'the  rate  of  its  expansion  increases  with  the  tempera- 
ture ;  still,  between  the  two  fixed  points  the  change  is  so  slight 
that  the  indications  of  the  thermometer  are  not  perceptibly  af- 
fected by  it.  This  is  not  true  of  thermometers  filled  with  any 
other  liquid.  Such  thermometers,  when  graduated  on  the  same 
principle  as  the  mercury  thermometer,  give  residts  which  are 
entirely  at  variance  both  with  it  and  with  themselves.  For  ex- 
ample, Deluc  obtained  the  following  comparative  results  with 
thermometers  filled  with  mercury,  oil,  alcohol,  and  water.  The 
numbers  in  the  same  vertical  column  of  the  table  are  the  tem- 
peratures indicated  by  these  several  thermometers  when  immersed 
in  the  same  bath. 


Herctny, 

—12.5    — 6^25 

O 

0 

25!o 

5o!o 

75!o 

100 

Oil, 

0 

24.1 

49.0 

74.1 

100 

Akohd, 

— 9.«    — i.90 

0 

20.6 

43.9 

70.2 

100 

Water, 

0 

5.1 

25.6 

57.2 

100 
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Similar  results  were  also  obtamed  by  M.  Pierre,  in  his  yery 
extended  inyefitigation  of  the  expansion  of  liquids,  during  which 
he  compared  thermometers  containing  twelve  different  liquids 
with  the  mercury  thermometer.  As  is  shown  by  the  above  ta- 
ble, he  found  the  water  thermometer  the  most  defective.  Ther- 
mometers filled  with  alcohol  or  with  sulphide  of  carbon  gave 
less  erroneous  results  ;  but  of  all  the  liquids  he  examined,  com- 
mon ether,  chloride  of  etliyle,  and  bromide  of  ethyle,  were  least 
irregular  in  their  rate  of  expansion,  and  are  therefore  best 
adapted,  after  mercury,  for  filling  thermometers. 

Nevertheless,  alcohol  thermometers  are  generally  used  for 
measuring  very  low  temperatures.  They  are  graduated  by  com- 
parison with  standard  mercury  thermometers,  in  the  way  described 
in  the  last  section,  taking  care  to  have  a  large  number  of  points 
of  comparison,  which  should  be  as  near  together  as  possible.  But 
even  when  graduated  with  the  greatest  care,  such  thermometers 
do  not  give  indications  which  accord  with  each  other,  or  with  a 
mercury  thermometer.  Captain  Parry,  in  his  Arctic  voyages,  ob- 
served differences  of  10^  0.  between  alcohol  thermometers  of  the 
best  makers;  and  similar  facts  wore  noticed  both  by  Franklin  and 
by  Kane.  These  discrepancies  unquestionably  originated  in  part 
from  the  impurity  of  the  alcohol,  or  firom  other  errors  of  con- 
struction ;  but  they  are  also,  to  a  certain  degree,  inlierent  in  the 
thermometer  itself.  An  accurate  instrument  for  measuring  low 
temperatures  is  still  one  of  tlie  great  desiderata  of  science. 

(226.)  Maximum  and  Minimum  Thermometers.  —  It  is  fr^ 
quently  desirable  to  have  the  means  of  deternuning,  without  the 
aid  of  an  observer,  the  highest  or  lowest  temperature  which  has 
occurred  during  the  night,  or  any  other  interval  of  time ;  and 
for  this  purpose  a  great  variety  of  self-registering  thermometers 
have  been  invented.  One  of  the  simplest  is  that  of  Rutherford 
(Fig.  850).  This  consists  of  two  thermometers,  fastened  to  a 
plate  of  wood,  or  some  other  material.  The  tubes  of  the  thep- 
momctors  are  bent  at,  right  angles  just  above  the  bulbs,  as  rep- 
resented in  the  figure,  and  the  instrument  when  in  use  is 
suspended  by  a  cord,  so  that  the  two  stems  shall  be  in  a  horizontal 
position.  The  upper  thermometer  is  filled  with  mercury,  and  in 
front  of  the  mercury-column  a  short  piece  of  iron  wire  is  placed 
in  the  tube  (seen  at  -4),  which  is  pushed  forward  by  the  mercniy 
and  left  at  the  highest  point  which  the  column  reaches,  thus  indi- 
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eating  the  maximum  temperatare.  The  lower  thermometer  is 
filled  with  alcohol,  and  the  tube  contains  a  small  enamel  cylinder 
(seen  at  £),  surrounded  hj  the  liquid.  As  the  alcohol  expands, 
it  readily  passes  by  the  enamel  cylinder ;  but  when  it  contracts, 
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tlie  cylinder  is  drawn  back  with  the  receding  column,  and  left  at 
the  lowest  point,  indicating  the  minimum  temperature  during  the 
same  period.  After  each  obsenration,  the  enamel  cylinder  is 
brought  to  the  end  of  the  alcohol-column  by  inclining  the  instru- 
ment ;  and  in  like  manner  the  iron  wire  is  restored  to  the  end 
of  tlio  mercury-column  by  means  of  a  magneL 

The  iron  wire  in  the  tube  of  Rutherford's  maximum  thermopa- 
cter  is  liable  to  become  immersed  in  the  mercury,  if  the  instru- 
ment is  not  carefully  handled ;  and  when  this  accident  occurs,  it 
is  very  difficult  to  remedy  the  evil  without  refilling  the  tube. 
iKegretti  and  Zambra  have  invented  a  maximum  thermometer 
which  is  not  open  to  the  same  objections*    Between  the  bend  d 
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and  the  bulb  (Fig.  851)  they  insert  into  the  tube  of  the  the^ 
mometer  a  small  rod  of  glass,  a  &,  which  nearly  fills  the  bore. 
When  the  mercury  expands,  it  pushes  by  this  obstruction ;  but 
when  it  contracts,  the  column  breaks,  leaving  tlie  head  of  the 


454  CHEMICAL  PHTBICS. 

column  at  the  highest  point  it  had  attained.    On  taming  tlie 
thermometer,  so  that  its  stem  shall  have  a  vertical  position,  the 
mercury  readily  passes  back  to  the  bulb,  in  virtue  of  its  weight 
Walferdin's  maximum  thermometer  is  represented  in  Fig.  352. 
It  is  made  like  an  ordinary  mercury  thermometer,  only  the  upper 
part  of  its  stem  is  surrounded  by  a  reservoir  contaming 
A        mercury,  which  is  so  arranged  that,  when  the  instrument 
\A       is  inverted,  the  end  of  its  tube  dips  under  the  mercury 
to  w     in  the  reservoir.    No  graduation  on  the  stem  is  neces- 
sary ;  but  before  the  instrument  is  to  be  used,  the  bulb 
must  be  heated  until  the  mercury  overflows  the  end  of  the 
tube.    It  is  then  inverted ;  when,  on  cooling,  the  mercury 
rises  from  the  reservoir  by  mechanical  adhesion,  com- 
pletely filling  the  stem.     If  the  thermometer  is  now 
replaced  in  position,  its  bulb  and  tube  being  full  of 
mercury,  it  is  evident  that,  as  the  temperature  rises,  the 
mercury  will  gradually  flow  over  from  the  tube  into  the 
reservoir ;  and  when  the  temperature  subsequently  falls, 
the  mercury,  contracting,  will  leave  an  empty  space  at 
the  top  of  the  tube.     The  highest  temperature  to  which 
the  instrument  has  been  exposed  is,  then,  that  at  which 
the  mercury  remaming  in  the  bulb  and  stem  just  fills 
them  both  completely ;  and  this  can  be  ascertained  by 
comparison  with  a  standard  thermometer,  placing  both 

I  in  a  water-bath,  gradually  heating  it,  and  observing  the 
temperature  indicated  by  the  standard  when  the  mercu- 
rial column  reaches  the  top  of  the  stem. 
The  same  principle  has  been  applied  by  Walferdin  for 
Fig.  862.  measuring  very  small  differences  of  temperature.  The 
thermometer  for  this  purpose  may  be  constructed  in  pre- 
cisely the  same  way,  only  it  is  made  extremely  sensitive,  so  that 
an  expansion  corresponding  to  four  Centigrade  degrees  would 
raise  the  mercury-column  through  the  whole  length  of  the 
stem.  The  stem  is,  moreover,  very  carefully  graduated  into 
parts  of  equal  capacity,  each  division  corresponding  to  a  very 
small  fraction  of  a  degree.  To  show  how  this  thermometer  is 
used,  let  us  suppose  that  we  wish  to  observe  the  temperature  at 
which  water  boils  under  different  atmospheric  pressures,  where 
the  whole  possible  variation  is  between  101^  and  98^.  We  should, 
in  the  first  place,  expose  the  instnunent  to  a  temperature  of  101^, 
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as  indicated  by  a  standard  thennometer,  and  wait  until  the  ex- 
cess of  mercury  had  overflowed  into  the  upper  reservoir.  On 
now  allowing  the  temperature  to  fall,  the  mercury-column 
will  rapidly  sink  in  the  tube,  and  at  97''  will  already  have 
receded  into  the  bulb.  The  thermometer  is  now  in  con- 
dition to  measure  with  great  accuracy  differences  of  tem- 
perature between  98^  and  101"* ;  and  in  like  manner  it 
may  be  adjusted  to  any  other  range  of  four  degrees.  If, 
for  example,  the  division  on  the  stem  correspond  to 
thousandths  of  a  Centigrade  degree,  and  we  observe  a 
difference  in  the  boiling-point  of  water  under  two  differ- 
ent pressures  equal  to  fifteen  of  these  divisions,  we  con- 
clude that  the  temperature  is  0.015  of  a  degree  higher 
in  one  case  than  in  the  other.  Since  the  quantity  of 
mercury  which  forms  the  thermometer  differs  with  the 
range  of  the  instrument,  it  is  evidently  necessary  to  de- 
termine the  value,  in  fractions  of  a  Centigrade  degree,  of 
one  of  its  divisions  after  each  adjustment.  The  form  of 
reservoir  represented  in  Fig.  852  is  difficult  to  make,  and 
there  is  generally  substituted  for  it  a  simple  enlargement 
of  the  upper  end  of  the  tube,  as  represented  in  Fig.  853. 
The  neck  of  the  bulb  B  is  strangled  at  C,  so  that  a 
slight  tap  given  to  the  tube  while  the  instrument  is  cool- 
ing causes  the  column  to  break  at  that  point,  leaving  the  ng.  ass. 
excess  of  mercury  in  the  bulb. 
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THEBMOSCOPES. 

(227.)  Air  Thermometers.  —  The  name  thermoscope  (Oepii/ri^ 
aKoirkcoi)  is  a  convenient  designation  for  a  class  of  instruments 
which  are  used  chiefly  for  detecting  slight  changes  of  temper- 
ature, and  not,  like  the  thermometer  {^Bepfiffy  M^rpoi^),  for  de- 
termining its  value  in  degrees.  In  a  large  number  of  thermo- 
scopes,  these  variations  are  indicated  by  the  change  in  volume 
of  confined  air,  which  not  only  expands  very  regularly  and 
quickly,  but  also  to  a  very  much  greater  degree  than  liquids,  for 
tiiB  same  increase  of  temperature.  Such  instruments  are  fre- 
quently called  air  tliermometers ;  but  they  must  not  be  con- 
founded with  the  air  thermometer  of  Begnault,  which  gives  the 
most  accurate  measures  of  temperature  that  we  can  attain. 
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The  air  thormometer  represented  in  Fig.  S54  is  nscribed  to 
Sanctorius,  an  Italian  philosopher  of  the  seventeonth  century, 
and  is  supposed  hy  some  to  have  been  tha  first  instrument  used  for 
measuring  temperature.  It  consists  of  a  bulbed  tube,  whose  ex- 
tremity rests  in  &n  open  Teasel  containing  colored  vater,  irhich 
also  partJallj  fills  the  tube.  When  the  bulb  is 
heated,  the  liquid  falls  in  the  tube,  and  rises 
Then  the  bulb  is  cooled.  Tbe  tube  is  generally 
&6tencd  to  an  upright  piece  of  wood,  on  which 
B  scale  of  equal  parts  is  painted.  In  another 
form  of  the  same  instrument  (Fig.  365),  the 
expansion  of  the  air  is  indicated  by  the  motion 
of  a  drop  of  colored  liquid  in  the  stem  at  A. 

i      These  instruments  are  eridently  affected  by 
the  Tarying  pressure  of  the  atmosphere,  and 
are  necessarily  imperfect. 
The  same  objection  does  not  apply  to  the  dif- 
ferential thermometer  of  Leslie,  used  by  him 
i%.Ki.      ivw-     ''^  ^'^  experiments  on  tbe  radiation  of  heat. 
This  consists  (Fig.  856)  of  two  bulbs  con- 
nected tf^ther  by  a  glass  tube  bent  twice  at  right  angles.     The 
bulbs  contain  air,  and  the  coonecting  tube  is  half  fiUed  with  col- 
ored liquid,  which,  when  the  thermometer  is  at  rest,  stands  at  the 


same  height  in  the  two  limbs  of  the  sipnon,  and  remains  in  this 
position  BO  long  as  the  two  bulbs  are  equally  heated.  Any  dif- 
ference in  the  temperature  of  the  two  bulbs,  however,  is  at  once 
indicated,  as  represented  in  the  figure,  by  a  difibrence  of  lovel  in 
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<he  two  liquid  columns,  and  can  be  measured  by  means  of  the 
scales  painted  on  the  wooden  frame  which  supports  the  tube. 
This  is  tlie  only  thermoscope,  of  its  class,  of  any  scientific  yalue. 
In  a  limited  number  of  cases  it  furnishes  an  instrument  of  great 
utility  and  delicacy,  and  its  indications  are  comparable  with  each 
other. 

Rumford's  differential  thermometer  (Fig.  857)  is  merely  a 
slight  variation  of  Leslie's,  the  difference  in  the  temperature  of 
the  two  bulbs  being  indicated  by  the  motion  of  a  drop  of  sul- 
phuric acid  along  the  horizontal  tube,  which  is  made  somewhat 
longer  than  in  Leslie's  instrument,  and  surmounted  by  a  scale  of 
equal  parts.  There  are  several  other  forms  of  air  thermometers, 
but  they  are  not  of  sufficient  importance  to  require  notice. 

(228.)  ThemuHnultiplier. — But  of  all  instruments  for  detect- 
ing and  measuring  slight  differences  of  temperature,  by  far  the 
most  delicate  and  accurate  is  the  thermo-multiplier  of  Nobili  and 
McUoni.  The  principle  on  which  this  instrument  is  based  was 
discovered  by  Seebeck,  of  Berlin,  in  1822,  and  may  be  briefly 
stated  thus. 

If  two  metallic  bars,  of  different  crystalline  texture  and  unequal 
conducting  powers,  are  united  at  one  end  by  solder,  and  the  point 
of  junction  heated,  a  current  of  electricity  is  ex- 
cited, which  flows  from  the  point  of  junction  to- 
wards the  poorer  conductor.  Thus,  if  tlie  junction 
of  two  bars  of  bismuth  and  antimony  (Fig.  858) 
is  heated,  and  their  free  ends  are  connected  by 
wires,  the  current  flows  from  the  antimony  to  the 
bismuth  at  the  jimction,  and  from'  the  bismuth  to 
the  antimony  on  the  conducting-wire  connecting  _  ^ 

the  free  ends  of  the  bars.  If  cold,  instead  of  heat, 
is  applied  to  the  junction,  a  current  is  also  established,  but  in  the 
opposite  direction.  Similar  results  can  be  obtained  with  other 
metals,  which  may  Ife  arranged  in  a  thermo-electric  series  in  the 
following  order  :  bismuth,  platinum,  lead,  tin,  copper  or  silver, 
zinc,  iron,  antimony.  The  most  powerful  combination  is  formed 
of  those  metals  which  are  most  distant  from  each  other  in  tlie 
li8t,1iind  in  every  case,  when  the  junction  is  heated,  the  current 
flows  through  the  conducting-wire  from  those  which  stand  first 
to  those  which  stand  last. 

The  most  powerful  current  is  produced,  as  the  above  teries 
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shows,  by  the  combination  of  bismuth  and  antimony ;  but  a  single 
pair  of  bars,  even  of  these  metals,  produces  only  a  very  feeble 
effect  The  force  of  the  electric  current  can,  however,  be  very 
greatly  increased  by  uniting  together  several  pairs  of  these  bars, 
as  represented  at  a  6,  Fig.  359,  and  connecting  together  the  free 
end  of  the  fii*st  bismuth  bar  with  that  of  the  last  antimony  bar. 
Such  an  arrangement  is  called  a  thermo-electric  pile.    Since  the 
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force  of  the  current  is  not  found  to  depend  on  the  size  of  the  bars, 
they  may  be  made  very  small ;  in  Melloni's  thermo-multiplier 
thirty  pairs  of  bismuth  and  antimony  bars  are  packed  away  in  the 
small  brass  case,  c  e/.  Fig.  859,  not  more  than  two  or  three  centime- 
tres long.  The  soldered  ends  of  these  pairs,  called  the  faces  of 
the  pilCy  are  seen  at  c  and  d;  and  the  two  cups,  o,  o',  called  the 
poles  of  the  pilCy  are  directly  connected  with  the  free  ends  of  the 
two  terminal  bars.  Finally,  the  faces  of  the  pile  are  protected  from 
any  lateral  action  by  a  brass  cap,  t^  blackened  inside,  and  having 
a  movable  screen,  e,  in  front,  or  by  a  brass  cone  polished  on  its 
interior  surface,  which  serves  to  concentrate  the  rays  of  heat. 

When  the  two  faces  of  the  thermo-electric  pile  are  equally 
heated,  no  electrical  disturbance  results  ;  but  the  slightest  differ- 
ence of  temperature  causes  a  flow  of  electricity  through  the  wire 
connecting  the  two  poles.  The  direction  of  the  current  is  deter- 
mined by  the  relative  positions  of  the  bars,  always  following  the 
rule  stated  above.  The  force  of  this  current,  although  much 
greater  than  that  of  the  current  from  a  single  pair  of  bars,  is 
still  feeble,  and  can  only  be  detected  by  a  very  delicate  galva- 
nometer.   This  instrument  will  be  described  in  detail  hereafter. 
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It  is  sufficient,  for.  the  present,  to  state  that  it  is  an  application 
of  the  remarkable  facts  discovered  by  Oersted  in  1820.  This 
eminent  physicist  observed,  that,  if  a  conducting-wiro  through 
which  an  electric  current  is  passing  is  placed  directly  over  and 
parallel  to  a  magnetic  needle 
(Fig.  861),  the  north  pole  of 
the  needle  is  deflected  to  the 
right  or  to  the  left,  ac9ording  ^ 
to  the  direction  of  the  current. 
If  the  conducting-wire  is  placed 
under  the  needle,  it  is  also 
deflected,  but  in  the  opposite 
direction.  Hence,  if  the  con- 
ducting-wire is  formed  into  a 
loop,  and  placed  around  the 
needle,  and  at  the  same  time  parallel  to  it,  in  such  a  manner  that 
the  current  may  flow  from  north  to  south  above  the  needle,  and 
from  south  to  north  below  it,  the  two  portions  of  the  wire  will 
conspire  to  deflect  the  needle,  and  the  efiect  of  one  and  the  same 
current  will  be  doubled.  By  turning  the  wire  again  round  the 
needle,  the  efiect  of  the  same  current  will  be  quadrupled,  and  by 
repeating  the  turns,  as  in  Fig.  362,  the  deflecting  force  may  be 
multiplied  to  a  very  great  extent ;  and  thus  the  deflections  of  a 
magnetic  needle  may  become  the  means  of  detecting  a  very  feeble 
electric  current.  The  galvanometer  represented  in  Fig.  360  is  a 
direct  application  of  this  principle.  The 
conducting-wire,  which  is  covered  with  silk, 
is  wound  round  the  ivory  frame  ab  n,  great 
'  number  of  times,  and  terminates  at  the  two 
ends,  n,  n'.  The  magnetic  needle  is  sus- 
pended, so  as  to  oscillate  freely  within  the 
ivory  frame,  by  means  of  a  single  strand  of 
raw  silk,/;  and  when  at  rest,  its  axis  is  parallel  to  the  turns  of 
the  conducting-wire.  Parallel  to  the  first  needle,  and  immovably 
connected  with  it,  is  a  second  needle,  /,  which  oscillates  just  above 
a  graduated  arc,  and  thus  indicates  the  amount  of  deflection. 
This  needle  also  serves  another  purpose.  Its  north  pole  is  placed 
directly  over  the  south  pole  of  the  first  needle,  and,  both  being 
of  equal  force,  tlie  action  of  the  earth's  magnetism  on  one  is  bal- 
anced by  its  action  on  the  other.    A  needle  so  arranged  is  termed 
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astatic,  and  will  remain  in  any  po«tiOD  in  which  it  mfty  ba  placed. 
Moreover,  tlid  action  of  an  electric  current  upon  it  is  not  influ- 
enced by  the  magnetism  of  the  earth.  The  graduated  disk  just 
referred  to  rests  on  the  ivory  frame,  and  is  made  of  coffer,  which 
has  the  effect  of  deadening  the  oscillations  of  the  needle.  When 
in  use,  the  two  poles  of  the  thermo-electric  pile  (o,  o'.  Fig.  359) 
are  connected  with  the  ends  (n,  n',  Fig.  360)  of  the  conducting- 
wire,  which  is  wound  round  the  Irame  of  the  galvanometer. 


The  apparatus  is  so  delicate,  that  the  heat  of  the  hand,  placed 
several  feet  in  front  of  the  conical  cap  G,  will  be  at  once  percep- 
tible, by  deflecting  the  needle.  Moreover,  when  the  deflection  is 
not  greater  than  twenty  degrees,  the  angle  of  deviation  is  propor- 
tional to  the  di^erence  of  temperature  between  the  faces  of  the 
pile,  and  may  therefore  be  used  as  a  measure  of  the  intensity  of 
the  caloriflc  eflect  produced  on  one  fece  when  the  other  is  exposed 
to  a  constant  temperature.  Beyond  twenty  degrees,  the  angle 
of  deviation  is  no  longer  proportional  to  the  temperature ;  but 
a  table  can  be  easily  constructed  for  each  instrument,  in  which, 
for  each  degree  of  deviation,  are  given  the  corresponding  diOhr- 
ences  of  temperature  of  the  two  faces.  Uelloni  does  not  extend 
tiiQse  tables  beyond  thirty-five  degrees,  because  the  slightest 
change  in  the  position  of  tlie  axis  of  suspension  of  the  needle 
would  cause  a  great  error  in  its  indications.  A  deflection  of 
thirty-five  degrees  corresponds  to  a  difference  of  from  six  to  eight 
degrees  in  the  temperature  of  Uie  two  faces  of  the  pile.  The 
instrument,  as  mounted  for  use,  with  its  various  soreene  aad 
appendages,  is  represented  in  Fig.  863. 
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Thermometers. 

872.  It  18  required  to  change  into  Fahrenhdt  and  Beaomar  degrees  tbe 
following  temperatures  in  Centigrade  degrees:  — 

Temperature  of  maximnm  density  of  water,     ....  +  3^*37  C. 

BoUing^poiiit  of  liquid  ammoniA, -"40 

"  "       folphnrons  add, — 10 

«  '*        alcohol, +75 

phosphonif, S90 

mercoiy, 360 

273.  It  is  required  to  change  into  Centigrade  and  Beaumur  degrees  the 
following  temperatures  in  Fahrenheit  degrees :  — 

Melting-point  of  menury, —40^  F« 

"  "        bromine, —  4 

"  •'        white  wax, +158 

"  "        Bodiom, 194 

"  "tin, 442.4 

"  "        antimonj,   . 771.8 

Incipient  red  hea^ 977 

Clear  oben-y-red^  heat, 1,833 

Dazzling  white  heat, 9,732 

274  How  many  degrees  Centigrade  and  Beaumur  are  n^  Fahrenheit? 

275.  How  many  degrees  Fahrenheit  and  Beaumur  are  n^  Centigrade  ? 

276.  At  what  temperatures  do  — x^  C.  equal  — x^  F.  ?  —x^  B.  equal 
—a?*'  F.?  —a?**  C.  equal  -j-o:**  F. ?  and  —a?**  R  equal  +«**  F.? 

'277.  The  boiling*point  was  marked  on  the  stem  of  a  mercurial  ther- 
mometer when  the  barometer  stood  at  74.65  c  m. ;  the  distance  between 
this  point  and  the  freezing-point,  previously  determined,  was  found  to  be 
21.54  cm*  It  is  required  to  determine  the  position  of  the  true  boiling- 
point  on  the  stem  with  reference  to  the  first 

278.  Solve  the  same  problem,  representing  the  height  of  the  barometer 
by  fff  and  the  distance  between  the  freeadng-point  and  the  boiling-point 
byil 

279.  Jn  order  that  a  mercurial  thermometer  may  measure  temperatures 
between  — 40^  and  -j-300**,  how  many  times  must  the  capacity  of  the  bulb 
be  greater  than  that  of  the  tube  ? 

280.  A  thermometer-tube  was  divided  into  1,500  parts  of  equal  ca- 
pacity, as  described  in  (221).  It  was  then  weighed,  first  when  empty, 
and  afterwards  when  eontaining  a  quantity  of  mercury  occupying  73  di- 
visions. The  difference  of  these  weights  was  0.008  grammes.  It  is 
desired  that  the  distance  between  the  fixed  points  should  be  divided  into 
about  1,000  parts,  and  it  is  required  to  find  tiie  volume  of  the  reservoir 

89* 


462  CHEMICAL  PHYSICS. 

necessary  to  effect  this  object  If  the  reservoir  is  spherical,  what  most 
be  its  diameter  ?  If  it  is  cylindrical,  what  must  be  its  length,  assuming 
that  its  diameter  is  0.52  cm.? 

281.  Afler  the  thermometer  of  the  last  problem  was  made,  it  was  found 
that  the  zero-point  corresponded  to  the  230th  division  from  the  bottom  of 
the  scale,  and  the  boiling-point  to  the  1,223d.  To  what  temperature  does 
the  765th  division  correspond  ?  Prepare  a  table  giving  the  temperature 
in  Centigrade  degrees  corresponding  to  every  tenth  division  on  the  tube. 

282.  A  thermometer  was  graduated  with  an  arbitrary  scale,  as  above ; 
the  zero-point  was  subsequently  found  to  coincide  with  the  56th  division, 
and  the  boiling-point  with  the  245th  division  of  this  scale,  when  the 
barometer  stood  at  74.25.  It  is  required  to  prepare  a  table,  giving  the 
temperature  in  Centigrade  degrees  corresponding  to  each  division  of  the 
scale. 

283.  The  temperature  of  an  oil-bath  was  observed  with  a  mercury- 
thermometer  graduated  to  Centigrade  degrees  to  be  260' ;  the  portion  of 
the  mercury-column  in  the  stem  not  immersed  occupied  190**,  and  the 
mean  temperature  of  this  column  was  94**.  Required  the  true  tempera- 
ture of  the  bath. 

284.  When  the  thermometer  of  problem  281  was  immersed  in  an  oQ- 
bath,  the  mercury  rose  to  the  500th  division  of  the  scale  ;  the  portion  of 
the  mercury-column  in  the  stem  not  immersed  occupied  390  divisions,  and 
its  mean  temperature  was  8^,4.    Required  the  true  temperature  of  the  bath. 

285.  Reduce  the  following  temperatures,  observed  with  a  mercury- 
thermometer  made  of  crown-glass,  to  degrees  of  the  air-thermometer :  260', 
180',  230',  200',  800',  and  320'. 

286.  The  coefficient  of  expansion  of  glass  for  one  Centigrade  degree 
is  0.0000088482.  How  great  is  it  for  one  Fahrenheit  degree  ?  How 
great  for  one  Reaumur  degree  ? 

287.  The  French  unit  of  heat  is  the  amount  of  heat  required  to  raise 
the  temperature  of  one  kilognunme  of  water  from  0'  C.  to  1'  C. ;  the 
English  unit  is  the  amount  of  heat  required  to  raise  the  temperature  of  one 
avoirdupois  pound  of  water  from  59'  F.  to  60'  F.  What  is  the  relatioD 
between  the  two  ?    (See  table,  p.  472.) 

288.  Convert  into  French  units  of  heat  7.843 ;  234.62 ;  and  52.796 
English  units. 

289.  Reduce  to  English  units  52.34 ;  1,964.72 ;  0.6845 ;  and  3247 
French  units  of  heat 

290.  Two  thermometers  are  made  of  the  same  glass ;  the  spherical 
bulb  of  the  first  has  an  interior  diameter  of  7.5  m.m.,  and  its  tube  a  diam- 
eter of  0.25  m.  m. ;  the  bulb  of  the  second  has  a  diameter  of  6.2  m.  m^ 
and  its  tube  a  diameter  of  0.15  m*  m*  Required  the  relative  size  of  a 
degree  on  each. 
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SPECIFIC   HEAT. 

(229.)  Temperature.  —  The  amount  of  expansion  which  a  hot 
body  is  capable  of  producing  in  the  air  or  mercury  of  a  ther- 
mometer measures  what  we  term  its  temperature.  This  eflect 
is  only  indirectly  connected  with  the  amount  of  heat  which  the 
body  contains.  If  different  masses  of  water,  of  mercury,  of  iron, 
or  of  wood  produce  each  the  same  expansion  in  the  air  or  mer- 
cury of  the  thermometer,  we  say  that  they  all  have  the  same 
temperature,  although,  as  we  shall  hereafter  see,  they  may  con- 
tain very  different  amounts  of  heat.  The  thermometer,  there- 
fore, is  an  instrument  for  measuring  the  temperature  of  a  body, 
and  not  the  amount  of  heat  which  it  contains.  It  gives  us, 
though  more  accurately,  the  same  kind  of  information  as  the 
sense  of  touch,  indicating  that  condition  of  a  body  which  pro- 
duces the  sensation  of  heat  and  cold.  It  gives  that  information 
which  is  alone  wanted  in  the  practical  affairs  of  life  ;  for  it  does 
not  concern  us  generally,  how  much  heat  a  body  contains,  but 
only  what  eflFect  its  heat  will  produce  on  our  bodies. 

The  temperature  of  a  body  depends  on  two  conditions :  first, 
on  the  amount  of  heat  which  the  body  contains ;  secondly,  on  the 
affinity  of  the  body  for  heat,  or,  in  other  words,  on  the  power 
with  which  it  holds  the  heat.  In  illustration  of  these  principles, 
several  well-known  facts  may  be  adduced.  Two  thermometers  in- 
troduced, the  one  into  a  wine-glass  and  the  other  into  a  pail,  each 
of  which  is  filled  witli  water  just  drawn  from  a  well,  will  indicate 
the  same  temperature  in  both  ;  simply  because,  although  the 
water  in  the  pail  contains  several  hundred  times  as  much  heat 
as  the  water  in  the  wine-glass,  it  also  holds  the  heat  with  a  pro- 
portionally greater  force,  and  therefore  gives  up  no  more  to  the 
bulb  of  the  thermometer  than  the  smaller  amount  of  water  in  the 
wine-glass.  Again,  two  thermometers,  introduced,  the  one  into 
a  glass  containing  a  kilogramme  of  water,  and  the  other  into  a 
glass  containing  a  kilogramme  of  mercury,  the  glasses  having 
been  standing  together  for  some  time,  will,  in  like  manner,  indi- 
cate the  same  temperature  in  both  ;  for  although,  as  will  soon  be 
shown,  the  water  contains  thirty  times  as  much  heat  as  the  mer- 
cury, it  holds  it  with  thirty  times  as  much  power. 

(280.)  Thermal  Equilibrium.  —  If,  as  is  sometimes  the  case 
in  a  room,  the  beat  is  distributed  through  the  different  articles 
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of  furniture  in  proportion  to  their  affinity  for  the  imponderable 
agent,  it  is  evident  that  we  shall  have  a  condition  of  thermal 
equilibrium ;  for  there  will  be  no  tendeiicj  for  the  heat  to  pass 
from  one  body  to  another*  If  we  now  bring  a  Uiermometer  in 
contact  with  the  various  articles  of  furniture,  we  shall  find  that 
they  all  have  the  same  temperature.  Let  us  next  suppose  that 
the  stove  suddenly  receives  an  accession  of  heat ;  we  shall  then 
find  that  it  will  indicate  a  higher  temperature  than  before,  be- 
cause it  is  in  a  condition  to  impart  more  heat  to  the  mercury  of 
the  thermometer.  In  the  course  of  a  short  time,  however,  this 
accession  of  heat  will  be  distributed  in  various  ways  through  the 
different  bodies  in  the  room,  in  proportion  to  their  relative  affini« 
ties,  when  it  will  be  found  that  all  again  have  the  same  tempera- 
ture, although  a  little  higher  than  before.  It  therefore  appears, 
first,  that  when  bodies  are  at  the  same  temperature  they  are  in  a 
state  of  thermal  equilibrium ;  secondly,  that  when  they  are  at 
different  temperatures,  the  warmer  will  impart  heat  to  the  colder 
until  an  equilibrium  of  temperature  has  been  established ;  that 
is,  until  the  heat  has  been  dbtributed  through  all  in  proportion 
to  their  relative  affinities. 

(231.)  Unit  of  Heat.  —  In  one  condition  only  the  thermom^ 
eter  becomes  a  direct  measure  of  the  amount  of  heat ;  and  that 
is  in  the  case  of  the  same  weight  of  the  same  substance.  Thus, 
if  we  take  one  kilogramme  of  water,  it  is  true  that,  if  a  given 
amount  of  heat  will  raise  its  temperature  one  degree,  twice  the 
amount  of  heat  will  raise  its  temperature  two  degrees,  etc. 
Here,  then,  we  have  a  unit  for  measuring  amounts  of  heat; 
and  it  has  been  generally  agreed  to .  assume,  as  the  unit  of  heatj 
the  amount  of  heat  required  to  raise  the  temperature  of  one 
kilogramme  of  water  one  Centigrade  degree,  in  the  same  way 
that  a  metre  has  been  taken  as  a  unit  of  length,  and  a  minute  a« 
a  unit  of  time. 

(282.)  Specific  Heat.  —  Assuming,  then,  this  unit  of  heat,  we 
shall  be  able  to  ascertain  the  relative  amounts  of  heat  which  difier- 
ent  substances  contain  at  the  same  temperature,  or,  what  amounts 
to  the  same  thing,  their  relative  affinities  for  heat.  For  this  pui^ 
pose,  let  us  in  the  first  place  take  two  vessels,  one  containing 
one  kilogramme  and  the  other  ten  kilogrammes  of  water,  and  let 
us  expose  them  both  to  such  a  source  of  heat  that  equal  quan- 
tities of  heat  must  enter  each  vessel  during  the  same  time.    W^ 
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shall  find  that,  when  a  thermometer  in  the  first  vessel  indicates 
that  the  temperature  of  the  one  kilogramme  of  water  has  risen 
ten  degrees,  a  thermometer  in  the  second  vessel  will  have  risen 
onlj  one  degree.  Since  ten  units  of  heat  have,  by  our  assump- 
tion, entered  the  water  in  each  vessel,  it  follows  that  it  requires 
ten  times  as  much  heat  to  raise  the  temperature  of  ten  kilo- 
grammes of  water  one  degree  as  is  required  to  raise  the  temper^ 
ature  of  one  kilogramme  of  water  to  the  same  extent.  Sim- 
ilar results  would  be  obtained  with  anj  other  substance,  and 
hence  we  maj  conclude  that  the  amounts  of  heat  required  to 
raise  the  temperature  of  unequal  weights  of  the  same  substance 
one  degree,  are  proportional  to  these  weights. 

As  a  second  experiment,  we  will  take  five  vessels,  containing 
respectively  one  kilogramme  of  water,  one  kilogramme  of  sul- 
phur, one  kilogramme  of  iron,  one  kilogramme  of  silver,  one 
kilogramme  of  mercury,  and  we  will  expose  them  all  to  such 
a  source  of  heat  that  equal  amounts  must  enter  each  vessel 
during  the  same  interval.  If,  now,  we  observe  tliermometers 
placed  in  these  vessels,  we  shall  find,  when  the  temperature  of 
the  water  has  risen  one  degree  and  consequently  when  one 
unit  of  heat  has  entered  each  vessel,  that  the  temperatures  of  the 
other  substances  have  increased  by  the  number  of  degrees  given 
in  the  second  column  of  the  following  tabic.  By  the  principle 
just  established,  it  follows  that,  if  one  unit  of  heat  will  raise  the 
temperature  of  one  kilogramme  of  mercury  thirty  degrees,  it  will 
only  require  one  thirtieth  as  much,  or  0.088  of  a  unit  of  heat, 
to  raise  the  temperature  of  the  same  weight  one  degree.  In 
like  manner,  the  fractional  parts  of  a  unit  of  heat  required  to 
raise  the  temperatures  of  one  kilogramme  of  each  of  the  other 
substances  one  degree  can  be  easily  calculated,  and  are  given  in 
the  third  column  of  the  table.  This  fraction  is  commonly  called 
the  specific  heai  of  the  substance. 

Topaitasi.  UnltofHwI. 

Water, 1°0  1.000 

Sulphur,      .        .        .         .        •  4.9  0.203 

Iron, 8.8  0.114 

Silver, 17.5  0.057 

Mercury, 80.0  0.088 

Water,  then,  at  the  same  temperature,  contains  4.9  times  as 
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much  heat  as  the  same  weight  of  sulphur,  8.8  times  as  much 
as  the  same  weight  of  iron,  17.6  times  as  much  as  the  same 
weight  of  silver,  and  80  times  as  much  as  the  same  weight  of 
mercury ;  and  in  like  manner  we  should  find  that,  at  the  same 
temperature  and  for  equal  weights,  water  contains  more  heat 
than  any  solid  or  liquid  known.  Hence,  the  specific  heat  of 
solid  or  liquid  substances  is  always  expressed  by  fractions. 
These  fractions,  as  determined  by  Begnault  for  the  chemical  ele- 
ments, are  given  in  the  following  table.  The  numbers  in  each 
case  denote  the  fractional  part  of  a  unit  of  heat  required  to  raise 
the  temperature  of  one  kilogramme  of  the  substance  one  degree. 
They  also  represent  the  relative  proportions  in  which  heat  is  dis- 
tributed among  equal  weights  of  these  substances  when  in  the 
state  of  thermal  equilibrium,  and  therefore  indicate  their  relative 
affinities  for  the  imponderable  agent. 


Specific  Heai  ofth$  Ehmenti. 


Ni 


of  8' 


Brass,  . 

Glass, 


iroii|    • 
Zinc, 
Copper, 
Mercaiy,  • 
Solid  Mercnij, 
Cadmium, 
Silver,  . 
Arsenic,   • 
Lead,    . 
Bismath,  . 
Antimonj,  . 
Tin, 
Nickel, 
Cobalt,     . 


EptiMoBmL 


Ni 


Prdiminary  Data. 

0.098910     I    Water, 

0.197680     I    Oil  of  Tuipentinei  • 

EiementM. 


0.118790 
0.095560 
0.096160 
0.038820 
0.082410 
0.056690 
0.057010 
0.081400 
0.081400 
0.080640 
0.050770 
0.056280 
0.108680 
0.106960 


PUtinnm  plate, 

"        sponge,    . 
Palladimn^ 
Gold.      . 
Sulphar,     . 
Selenium, 
Tellufiam, . 
Potassium, 
Bromine,  Uqnid, 

solid  (— 28«) 
Iodine, 

Carbon,  ... 
Fhosphoms, 


8p«dfleHiat 


1.008000 
0.425980 


0.082480 
0.032980 
0.059270 
0.082440 
0.202590 
0.088700 
0.051560 
0.169660 
0.110940 
0.064820 
0.054120 
0.241110 
0.188700 


(238.)  Determination  of  the  Specific  Heat  of  Solids  and 
Liquids,  —  There  are  two  methods  usually  employed  for  this 
purpose.     The  first  method  is  called  the  method  of  coolings 
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Bud  is  based  upon  the  axiom,  that  the  time  required  for  equal 
weights  of  different  substances  to  cool  through  the  same  num- 
ber of  degrees,  under  exactly  the  same  conditions,  will  be  pro- 
portional to  the  quantity  of  heat  which  thejrespectiyelj  contain, 
or,  in  other  words,  to  their  specific  heat.  The  only  difficulty  in 
applying  this  principle  to  practice  consists  in  securing  precisely 
the  same  conditions  for  all  substances.  In  order  to  attain  this 
object,  Regnault  contrived  a  very  ingenious  apparatus,  which  is 
described  at  length  in  the  Annales  de  Chimie  et  de  Physique^ 
8*  Sdrie,  Tom.  IX. ;  but  notwithstanding  the  utmost  precautions 
and  most  perseyering  efforts,  this  very  skilful  experimenter  could 
not  obtain  satisfetctory- results  by  this  method.  We  shall  not, 
therefore,  enlarge  upon  it  here. 

The  second  method,  which  is  called  the  method  of  mixture^ 
consists  in  heating  a  substance  to  a  known  temperature,  and 
then  throwing  it  into  a  ressel  containing  a  known  weight  of 
cold  water.  The  amount  of  heat  communicated  to  the  water 
will  be  proportional  to  the  specific  heat  of  the  given  substance, 
and  gives  us  the  data  for  calculating  it.  This  last  method,  which 
is  by  far  the  most  accurate  of  all  the  methods  yet  devised,  r^ 
qtdres  further  illustration. 

Example  1.  If  we  mix  one  kilogramme  of  mercury  at  20^ 
with  one  kilogramme  of  water  at  0^,  we  shall  find  that  the 
temperature  of  the  mixture  will  be  0*.689.  The  water,  there- 
fore, has  gained  0.639  of  a  unit  of  heat.  This  amount  of  heat, 
also,  is  evidently  sufficient  to  raise  the  temperature  of  one  kilo- 
gramme of  mercury  firom  0**.689  to  20%  that  is,  through  19^.861. 
Hence,  the  amount  of  heat  required  to  raise  the  temperature 
of  one  kilogramme  of  mercury  one  degree  must  be  equal  to 
^^  =s  0.088  of  one  unit. 

Example  2.  If  we  mix  0.685  of  a  kilogramme  of  sulphur  at  60* 
with  4.578  kilogrammes  of  water  at  12*,  we  shall  find  that  the 
temperature  of  the  mixture  will  be  18* .42.  The  temperature 
of  4.578  kilogrammes  of  water  has  risen  1*.42,  and  hence  the 
water  has  acquired  4.578  X  1.42  «=  6.498  units  of  heat.  These 
6.498  units  of  heat  were  sufficient  to  raise  the  temperature  of 
0.685  of  a  kil(^ramme  of  sulphur  from  18* .42  to  60*,  or  through 
46*.58.  They  would,  therefore,  raise  the  temperature  of  one  kilo- 
gramme of  sulphur  through  46*.58  X  0.685  es  81*.9.  Hence,  it 
would  require  |^  ^  0.208  of  a  unit  of  heat  to  raise  the  tempers- 
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ture  of  one  kilogramme  of  sulphur  oue  degree.    In  like  manner 
all  similar  problems  may  be  solved. 

These  solutions  may  easily  be  made  general,  and  reduced  to 
an  algebraic  form,  in  tlie  following  way.    Let 


W  ^  weight  of  water. 
t"  =  temperature  of  water. 
fi*  =  temperature  of  mixture. 


w   =  weight  of  substance. 
T®  =  temperature  of  substance. 
=  specific  heat  required. 


X 


Then  we  shall  have, 


W 


tax 


:^  units  of  heat  required  to  raise  temperature  of  water 
used  one  degree. 

=  units  of  heat  required  to  raise  temperature  of  sub- 
stance used  one  degree. 

=  number  of  degrees  through  which  temperature  of  water 
has  been  raised. 

=  number  of  degrees  through  which  temperature  of  sub- 
stance has  fallen. 
(B  —  ty  W    =  units  of  heat  water  has  gained. 
(T —  By  wxz=i  units  of  heat  substance  has  lost 

Since  the  gain  and  the  loss  must  be  equal,  it  follows  that 

(T—Bywx  =  {B  —  jyW; 


(B  -  ry 

(T—By 


whence 


(0  -jrYTT 


[157.] 


The  results  obtained  from  this  formula  would  be  accurate, 
were  it  not  for  the  fact,  that  the  vessel  which  holds  tlie  water 
changes  its  temperature  with  that  of  the  water,  so  that  tlie  heat 
lost  by  the  substance  not  only  raises  the  temperature  of  the  water 
(0  —  t)^,  but  also  the  temperature  of  the  vessel,  by  the  same 
amount.  If  we  know  the  weight  of  th^  vessel  and  the  specific 
heat  of  the  substance  of  which  it  is  made,  we  can  easily  estimate 
the  amount  of  heat  required  for  this  purpose.  The  vessel  used 
is  generally  made  of  brass  or  silver,  very  light  and  brightly  pol- 
ished, so  that  these  data  can  be  readily  obtained. 

Let  to'  OS  weight  of  the  vessel,  and  c  s=  specific  heat  of  the 
vessel;  then 

vf'c  =  amount  of  heat  required  to  raise  its  temperature  one  de- 

gree. 
{B  —  tyvf'e  =  amount  of  heat  required  to  raise  its  temperature  {B — T)^ 
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Sinco  the  heat  lost  bj  the  substance  is  equal  to  that  gained  by  the 
water  plus  the  amount  gained  by  the  vessel,  it  follows  that 

{T—eywx={B—xy  r+(^— t)*w'c=(^— T)*»(r+tr'c); 

kenoe,  x  =  !^$^^+^> .  [158.] 

If,  as  is  usually  the  case,  the  substance  is  enclosed  in  a  glass 
tube  on  a  small  basket  of  wire-work,  it  is  also  necessary  to  pay 
regard  to  the  weight  and  specific  heat  of  these  envelopes  in  the 
calculation.  Representing,  then,  by  w"  and  &  the  weight  and 
specific  heat  of  the  envelope  respectively,  we  shall  have,  evi- 
dently, 

(T  —  oy  w^'d  =  units  of  heat  the  envelope  has  lost 

Hence  we  obtain, 

{T—eyvf^'&  +  {T—ey^x  =  {B—xy  (TT+it'c), 

and  also 

^  ^  {B-xy{W+w'€)-{T-Br'w"i^ 

X  —  (T^By'ta '         L^^^- J 

The  above  method  of  determining  the  specific  heat  of  solids 
and  liquids  admits  of  great  accuracy,  but  its  practical  appli- 
cation requires  many  precautions  and  great  delicacy  of  ma- 
nipulation. Regnault,  who  adopted  this  method  in  his  very 
extended  investigations  on  specific  heat,  used,  in  making  the 
determinations,  the  apparatus  represented  in  Fig.  864.*  This 
apparatus  consists,  first,  of  the  vessel  m,  in  which  tlie  heated 
substance  is  mixed  with  water ;  secondly,  of  a  peculiarly  con- 
structed steam-bath,  VP  F,  by  which  the  substance  is  previously 
heated  to  a  known  temperature  of  about  100**. 

The  substance  to  be  examined  is  placed  in  a  small  basket  of 
brass  wire,  P.  If  it  is  solid,  it  is  broken  into  small  lumps  ;  but 
if  liquid,  it  is  enclosed  in  tubes  of  glass,  whose  weight  and  spe- 
cific heat  are  known.  In  the  axis  of  the  basket  there  is  fastened 
a  small  cylinder  of  wire-nettifig,  which  receives  the  bulb  of  a 
delicate  thermometer  for  determining  the  temperature  of  the 
basket  and  its  contents.  During  the  process  of  heating,  the 
basket  is  suspended  by  means  of  silk  cords  in  the  interior  of  a 

*  Annales  de  Chiinie  et  de  Physique,  2«  S^rie,  Tom.  LXXIIL  p.  80. 
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steam-bath,  formed  of  three  ctMicentric  cylinders  of  tin  plBte. 
The  space  P,  in  which  the  basket  is  Buspended,  is  filled  with  air, 
and  opens  below  into  the  chamber  M  by  means  of  the  slide  rr, 
which  can  be  withdrawn  at  pleasure.    The  space  V  is  filled  with 


steam,  which  is  constantly  supplied  from  the  boiler  C,  and  after- 
wards condensed  in  tlie  worm  s ;  and,  lastly,  tlie  space  between 
the  steam-chamber  and  the  outer  cylinder  is  filled  with  air,  which, 
being  a  non-conductor,  diminishes  the  loss  of  heat  by  the  bath, 
and  thus  tends  to  keep  its  temperature  constent. 

A  cylindrical  vessel,  m,  made  of  very  tliin  sheet-brass,  contains 
the  water  with  which  the  substance  is  to  be  mixed.  It  is  sus- 
pended, by  means  of  silk  cords,  to  a  movable  support,  which 
•lides  in  a  groove,  so  that  the  vessel  may  be  readily  moved  into 
the  chamber  M,  under  tlie  steam-batli.  A  delicate  thermometer, 
if  gives  very  accurately  the  temperature  of  ttie  water,  and  a 
second  thermometer,  T,  that  of  the  air.  These  tliermometers 
are  observed  by  means  of  a  telescope  placed  several  feet  distent, 
and  every  precaution  is  taken  to  protect  them  from  extraneous 
influences. 

In  making  a  determination  of  the  specific  heat  of  a  substance, 
we  wait  until  the  thermometer  P  indicates  a  constant  tempera- 
ture, which  requires  about  two  hours.  Then,  in  order  to  be  sure 
that  the  substance  has  tlie  same  temperature  tluoughout,  we 
wait  at  least  an  hour  longer,  and  carefully  observe  the  thermom- 
eters t  and  T.  Having  removed  the  screen  e,  we  now  push  the 
vessel  m  into  the  chamber  M,  and,  withdrawing  the  slide  r  r, 
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quickly  drop  the  basket  containing  the  substance  into  the  water. 
The  vessel  is  then  at  once  returned  to  its  former  position,  and, 
while  an  assistant  stirs  up  the  water,  we  observe  tlie  elevation  of 
temperature  indicated  bj  the  thermometer  ty  which  reaches  its 
maximum  in  one  or  two  minutes. 

In  calculating  tlie  specific  heat  of  a  substance  from  these 
results  by  means  of  [159],  it  is  necessary  to  take  into  the  ac- 
count the  quantity  of  heat  received  by  the  vessel  m  from  the  air 
or  neighboring  bodies  during  the  course  of  the  experiment,  83 
well  as  that  which  it  loses  during  the  same  time.  The  variation 
of  temperature  arising  from  this  cause  is  ascertained  by  means 
of  a  series  of  preliminaiy  experiments,  made  under  the  same 
conditions  as  the  final  determination,  and  the  observed  tempera- 
ture of  t  corrected  accordingly  ;  but  as  the  value  of  this  correo- 
tiou  is  necessarily  somewhat  uncertain,  it  is  made  very  small  by 
reducing  as  much  as  possible  the  duration  of  the  experiments, 
and  also  by  so  regulating  the  temperature  of  the  water  that  it 
may  be  for  an  equal  length  of  time  above  and  below  the  temper* 
aturo  of  the  air.  Moreover,  during  the  few  seconds  that  the 
vessel  of  water  is  in  the  chamber  ilf,  it  is  protected  from  the  heat 
of  the  steam-bath  by  the  cold  water  which  fills  the  space  within 
the  hollow  walls  D  D;  and  when  outside  of  the  chamber,  it  is 
also  protected  by  the  screen  e. 

In  order  to  test  the  accuracy  of  this  process,  Regnault  deter^ 
mined  the  specific  heat  of  water  with  the  apparatus  just  described. 
In  two  experiments,  in  which  the  liquid  was  heated  to  97*,  he 
obtained  the  values  1.00709  and  1.00890,  thus  showing  that  the 
specific  heat  of  water  increases  with  the  temperature,  and  also 
confirming  the  accuracy  of  the  method. 

(234.)  General  Results.  —  From  the  numerous  investigations 
which  have  been  made  on  the  specific  heat  of  solid  and  liquid 
substances,  several  important  general  truths  have  been  deduced. 

First.  The  specific  heat  of  substances  is  a  distinguishing  prop- 
erty, closely  connected  with  their  atomic  weights  or  combining 
proportionals.  The  relation  which  exists  between  these  two 
qualities  of  matter  has  already  been  discussed  in  (215  its)  and 
will  also  appear  on  solving  Prob,  292. 

Secondly.  The  specific  heat  of  the  same  substance  increases 
with  the  temperature.  Tliis  is  true  even  in  the  case  of  water, 
which  has  been  selected  as  the  standard  to  which  the  specific 
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heat  of  other  substances  is  referred.  The  unit  of  heat,  it  will 
be  remembered,  is  the  quantity  of  heat  required  to  raise  the 
temperature  of  one  kilogramme  of  water  one  Centigrade  degree. 
Now  it  might  be  supposed  that  the  same  quantity  of  heat  would 
raise  the  temperature  of  a  kilogramme  of  water  one  degree  at  all 
parts  of  the  thermometric  scale ;.  but  this  is  not  the  case  :  to 
raise  the  temperature  of  one  kilogramme  of  water  from  100"*  to 
101**  requires,  for  example,  1.0180  units  of  heat,  and,  as  a  general 
rule,  the  amount  required  is  greater  tlie  higher  the  temperature. 
This  is  shown  by  the  following  table.  In  the  second  column, 
headed  c,  opposite  to  each  temperature,  is  given  the  specific  heat 
of  water  at  that  temperature ;  in  other  words,  the  number  of 
units  of  heat  required  to  raise  the  temperature  of  one  kilo- 
gramme of  water  from  f*  to  (^  + 1)".  In  the  third  column, 
headed  C,  are  given  the  mean  specific  heats  for  the  interval  of 
temperature  between  0^  and  C 


1. 

e. 

C 

u 

e. 

C. 

e 

0 
20 

40 
60 
80 

1.0000 
1.0012 
1.0080 
1.0056 
1.0089 

1.0000 
1.0005 
1.0018 
1.0023 
1.0085 

100 
120 
140 
160 
180 

1.0180 
1.0177 
1.0282 
1.0294 
1.0364 

1.0050 
1.0067 
1.0087 
1.0109 
1.0133 

It  will  be  noticed  that,  within  the  ordinary  range  of  atmos- 
pheric temperatures,  the  specific  heat  of  water  increases  only 
very  slightly ;  so  that,  in  determinations  of  the  specific  heat  of 
otlier  substances  by  the  method  of  mixtures,  that  of  water  may 
be  regarded  as  constant  between  0^  and  20^.  But  above  tliis 
temperature  the  increase  of  the  specific  heat  of  water  can  no 
longer  be  disregarded,  and  we  must  therefore  modify  slightly  our 
definition  of  the  unit  of  heat.  Accurately  speaking,  the  unit 
of  heat  is  the  quantity  of  heat  required  to  raise  the  temperature 
of  a  kilogramme  of  water  from  0®  to  V. 

What  is  shown  by  the  above  table  to  be  true  of  water,  is  also 
true  of  all  other  solids  and  liquids.  Dulong  and  Petit  made 
experiments .  on  a  number  of  metals  up  to  SOO"*,  employing  the 
method  of  mixtures,  and  obtained  the  results  given  in  the  follow- 
ing table :  — 
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NaiMor 

Metal. 

How  Spodfle  Boat. 

r. 

Name  of 
UetaL 

Mean  Specific  Heat 

r. 

Between  1  Between 
(f*kl(X3P   (fkSXf, 

Between 
OPklOOP. 

Between 

IroD, 
Mercwy, 
Zinc, 
Antimonj, 

0.1098 
0.0830 
0.0927 
0.0507 

0.1218 
0.0350 
0.1015 
0.0549 

882!2 
318.2 
828.5 
324.8 

Silver, 
Copper, 
Platinnm, 
GlaflSy 

0.0557 
0.0949 
0.0355 
0.1770 

0.0611 
0.1013 
0.0355 
0.1990 

829!8 
320.0 
317.9 
822.2 

In  equation  [159],  the  temperature  T  is  supposed  to  be  given, 
and  from  it  we  can  calculate  the  specific  heat  of  the  substance ; 
but  we  may  evidently  reverse  this  calculation,  and,  when  the 
specific  heat  of  the  substance  is  known,  use  the  method  of  mix- 
tures for  determining  its  temperature.  Thus  this  method  fur- 
nishes a  very  simple  means  of  measuring  high  temperatures.  If, 
for  example,  we  wish  to  measure  the  temperature  of  a  furnace, 
we  expose  to  it  a  mass  of  platinum  of  known  weight ;  and  when 
the  mass  has  acquired  the  temperature  of  the  furnace,  we  transfer 
it  to  the  brass  vessel  m  (Fig.  864),  containing  a  known  weight  of 
water,  and  observe  the  elevation,  taking  all  the  precautions  men- 
tioned in  the  previous  section.  If  the  specific  heat  of  the  plati- 
num is  known,  we  then  have  all  the  elements  for  calculating  the 
temperature.  If  it  is  not  known,  we  can  make  two  determina- 
tions with  unequal  quantities  both  of  platinum  and  water,  and 
thus  obtain  two  equations,  from  which  wo  can  eliminate  tlie 
specific  heat.  Or,  since  the  mean  specific  heat  of  platinum  is 
known  between  0"*  and  different  high  temperatures,  we  can  also 
calculate  the  temperature  of  the  furnace  from  an  estimate  of  the 
value  of  the  specific  heat  for  the  unknown  temperature,  and 
afterwards  use  the  specific  heat  corresponding  to  the  tempera- 
ture thus  obtained  for  calculating  a  new  value  of  the  temperature, 
which  will  be  more  exact.  In  order  to  furnish  the  data  for  such 
calculation,  M.  Pouillet  has  determined  by  experiment  the  mean 
specific  heat  of  platinum  between  0''  and  different  high  tempera- 
tares,  measured  by  the  air  thermometer.  His  results,  which 
are  given  in  the  following  table,  were  obtained  by  the  method 

of  mixtures. 

Mean  Specific  Heat  of  Platinum. 


o 

0 

to    100 

0.03350 

0 

0 

to    1000 

0.03728 

0 

«     300 

0.03434 

0 

«    1200 

0.03818 

0 

«     600 

0.03518 

0 

«    1500 

0.03938 

0 

«     700 

0.08602 
40* 
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The  change  of  the  specific  heat  with  the  temperature  becomes 
rerj  marked  as  the  solid  approaches  its  melting  point ;  and  this 
is  especially  the  case  with  those  solids  which  soften  before  they 
melt.  Hence,  in  stating  the  specific  heat  of  a  substance,  it  is 
important  to  name  the  temperatures  between  which  the  deter- 
mination was  made. 

The  specific  heat  of  liquids  varies  with  the  temperature  to  a 
much  greater  extent  than  that  of  solids.  Thus  bromine,  according 
to  Regnault,  has  the  specific  heats  0.10513,  0.11094,  0.11294, 
between  the  temperatures  —6**  and  +10%  ir  and  48%  13^  and 
68**,  respectively.  So,  also,  oil  of  turpentine  has  the  specific  heat 
of  0.426  between  15*  and  20%  and  0.4672  between  15*  and  100*. 

Regnault*  has  also  determined  the  specific  heat  of  a  large 
number  of  other  liquids  by  the  method  of  coolinffj  which,  as  he 
found,  gives  more  accurate  results  with  liquid  than  with  solid 
substances.  Some  of  the  most  important  of  his  results  are  given 
in  the  following  table.  As  a  general  rule,  they  show  that  the 
specific  heat  increases  with  the  temperature.  But  the  difference 
between  the  extreme  temperatures  is  so  small,  that  the  sHght 
increase  of  the  specific  heat  is,  in  some  cases,  more  than  over- 
balanced by  variations  arising  from  other  and  accidental  causes. 


NamM  of  Liquidi. 

Mean  Spedflo  Haat. 

6«  to  10". 

ICrtoW. 

iiytoVf. 

Mercury, 

Alcohol  at  36<=>, 
Mcthylic  Alcohol, 
Oxido  of  Ethylc,     . 
Bromido  of  Ethyle,    . 
Iodide  of  Ethyle,    . 
Sttlphido  of  Ethyle,    . 
Terebcno,        .... 
Oil  of  Citron,      .... 
Bichloride  of  Tin,  . 
Chloride  of  Silicon,    . 
Chloride  of  Pbosphonu, 
Salphido  of  Carbon,  . 

0.0282 
0.6588 
0.5901 
0.5207 
0.2164 
0.1587 
0.4715 
0.4154 
0.4489 
0.1421 
0.1914 
0.2017 
0.2179 

0.0283 
0.6651 
0.5863 
0.5158 
0.2133 
0.1584 
0.4653 
0.4156 
0.4424 
0.1402 
0.1904 
0.1987 
0.2183 

0.0290 
0.6725 
0.6009 
0.5157 
0.2153 
0.1581 
0.4772 
0.4267 
0.4501 
0.U16 
0.1904 
0.1991 
0.2206 

It  will  be  noticed  that  the  increase  of  the  specific  heat  with 
the  temperature  corresponds  to  the  increase  of  the  rate  of  expan- 
sion, and  it  is  probable  that  the  two  classes  of  plienomena  are 


*  Annales  de  Chimio  et  de  Physique,  3*  Sdrio,  Tom.  IX.  p.  336. 
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closely  connected  together.  The  best  explanation  which  we  can 
give  of  the  facts  is  this.  K  the  volume  of  a  solid  or  liquid  mass 
of  matter  remained  the  same  at  all  temperatures,  it  is  probable 
that  it  would  require  exactly  the  same  quantity  of  heat  to  raise 
its  temperature  one  degree  at  all  parts  of  the  thermometrio  scale. 
As,  however,  both  solid  and  liquid  matter  are  expanded  by  heat 
with  an  irresistible  force,  a  portion  of  tlie  quantity  of  heat  re- 
quired to  raise  tlie  temperature  of  a  given  mass  one  degree  is 
rendered  latent  in  producing  this  mechanical  effect ;  and  since 
the  rate  of  expansion  increases  with  the  temperature,  the  quan- 
tity of  heat  thus  rendered  latent,  and' hence  also  the  specific 
heat,  must  be  greater  at  high  than  at  low  temperatures. 

Thirdly.  All  substances  have  a  greater  specific  heat  in  the 
liquid  than  in  the  solid  state.  This  truth,  which  is  rendered 
evident  by  the  following  table,  is  probably  connected  with  the 
fact  that  the  rate  of  expansion  of  liquids  is  greater  than  that  of 
solids,  and  hence  the  quantity  of  heat  absorbed  in  producing  this 
mechanical  effect  is  also  greater. 


Solid. 

liquid. 

Kftni*  of  ftulmliiUHiA. 

Interral  of 
Tempemtan. 

BpecUto 

iDterral  of 
TempentUTB. 

BiMCillO 
HMt. 

Lead, 

o'to    lOo' 

0.0814 

850°  to  450'' 

0.0402 

Bromine, .... 

-78    u   -20 

0.08482 

10    u      48 

0.1108 

Iodine,         .... 

0    «    100 

0.06412 

0.10822 

Mercury 

-78    «  -40 

0.0247 

0    u    100 

0.0383 

Solphar,      .... 

0    tf    100 

0.2026 

120    tt    160 

0.284 

Bismath,  .... 

0    u    100 

0.08084 

2S0    u    880 

0.0868 

Zinc, 

0    u    100 

0.0956 

Tin,          .... 

0    «    100 

0.0562 

260    u    850 

0.0687 

Phosphorus, 

10    a     80 

0.1887 

60    u    100 

0.212 

Water,      .... 

under    0 

0.502 

0    u      20 

1.0000 

Chlorido  of  Calciam  (cryst), 

«       0 

0.845 

88    a      80 

0.665 

Nitrate  of  Soda, 

0  to  100 

0.27821 

820    M    480 

0.418 

Nitrate  of  Potassa, 

0   M    100 

0.23876 

850    «    486 

,  0.8819 

Fourthly.  The  specific  heat  varies  with  the  molecular  condi- 
tion of  a  substance,  and  we  can  say,  in  general,  that  all  causes 
which  increase  the  density  of  a  solid  diminish  its  specific  heat. 
Thus  the  specific  heat  of  artificially  prepared  sesquioxide  of  iron 
diminishes  in  proportion  as  its  density  is  increased  by  calcination, 
and  finally  becomes  equal  to  that  of  the  natural  iron  glance.  So 
also  copper,  when  annealed,  has  a  specific  heat  equal  to  0.09501; 
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but  after  its  density  has  been  increased  by  hammering,  the  spe- 
cific heat  is  found  to  be  only  0.09360.  On  the  other  hand,  tlie 
specific  heat  of  tin  or  lead  is  not  increased  by  mechanical  pre^ 
sure  ;  but  then  their  density  also  remains  unchanged. 

The  specific  heat  of  a  substance,  moreover,  is  not  the  same  in 
its  difierent  allotropic  modifications.  The  specific  heat  of  car- 
bon, for  example,  difiers  very  greatly  in  its  three  allotropic  condi- 
tions, as  is  shown  by  the  following  results  of  Begnault.  It  will 
be  noticed  that  in  these  cases,  also,  the  specific  heat  diminishes 
with  the  density.  Similar  facts  were  observed  by  Begnault  *  in 
the  case  of  sulphur  and  carbonate  of  lime. 

Spedflc  GzsTlty.    Spedlle  Umt, 

Wood  Charcoal,        ....     0.800  0.2415 

Graphite, 2.300  0.2027 

Diamond,  .....     8.500  0.1469 

Fifthly.  By  referring  to  the  tables  on  pages  466, 475,  it  will  be 
seen  that  liquid  water  has  the  greatest  specific  heat  of  any  of  the 
substances  mentioned.  In  fact,  for  the  same  temperature,  it 
contains  the  greatest  amount  of  heat  of  any  solid  or  liquid 
known.  This  property  of  water  makes  the  oceans  of  the  globe 
great  reservoirs  of  heat,  and  hence  the  important  influence  which 
they  exert  in  moderating  and  equalizing  the  climate  of  islands 
and  continents. 

On  the  other  hand,  it  will  be  noticed  that  mercury  has  a  very 
small  specific  heat.  It  is  therefore  rapidly  heated  or  cooled,  and 
is  in  this  respect  also,  as  in  others  (225),  well  adapted  for  its 
use  in  tlie  thermometer. 

(285.)  Specific  Heat  of  Gases.  —  The  determination  of  the 
specific  heat  of  gases  involves  the  greatest  practical  difiiculties, 
and  although  sevei*al  extended  investigations  of  the  subject  have 
been  made  by  eminent  physicists,  yet  the  results  obtained  have 
been  generally  very  erroneous.  Within  a  few  years,  the  subject 
has  been  reinvestigated  by  Begnault,  and  his  determinations  of 
the  specific  heat  of  the  gases  are,  unquestionably,  far  more  accu- 
rate than  those  of  any  previous  experimenter.  Unfortunately, 
however,  as  no  description  of  the  process  employed  by  Begnaidt 
has  yet  been  published,  we  can  only  state  the  general  results  at 
which  he  has  arrived. 

The  specific  heat  of  a  gas  may  be  defined  in  two  ways :  first, 

*  Annales  de  Chimie  et  de  Physique,  3*  Serie,  Tom.  I.  pp.  162  and  203. 
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as  the  amount  of  heat  required  to  raise  the  temperature  of  one 
kilogramme  of  the  gas  from  0*  to  1°,  allowing  the  gas  to  expand 
freely  and  ^  in  such  a  manner  that  it  shall  preserve  a  constant 
elasticity ;  and,  secondly,  as  the  amount  of  heat  required  to 
raise  the  temperature  of  one  kilogramme  of  the  gas  from  0**  to 
1®  when  the  gas  is  compelled  to  preserve  a  constant  volume,  the 
tension  of  course  increasing.  We  may  distinguish  the  specilSc 
heats  under  these  two  conditions  as  the  specific  heat  under  con- 
stant pressure^  and  specific  heat  under  constant  volume.  In  the 
case  of  liquids  and  solids  we  can  only  determine  the  specific 
heat  under  constant  pressure,  and  in  the  case  of  gases  it  is  only 
this  value  which  can  be  determined  by  direct  experiment. 

(236.)  Specific  Heat  of  Gases  under  Constant  Pressure.  —  As 
preliminary  to  the  determination  of  the  specific  lieats  of  the  sepa- 
rate gases,  Regnault  has  established  two  important  principles :  — 

First.  The  specific  heat  of  a  gas  does  not  vary  sensibly  with 
the  temperature.  This  is  illustrated  by  the  following  table,  which 
gives  the  specific  heat  of  air  between  different  limits  of  temperature. 

InterTBl  of  TsmpentoTe.  Specific  Heat. 

—30''    to    +10**  0.2377 

lO'*     «       100**  0.2379 

100*     «       225*  0.2376 

It  will  be  noticed  that  tlie  differences  are  inconsiderable,  and  the 
same  was  found  to  be  true  of  other  gases. 

Secondly.  The  specific  heat  of  a  gas  does  not  vary  with  the 
pressure^  and  hence  is  the  same  for  all  densities.  Regnault  ex- 
perimented on  air  and  on  other  gases  under  pressures  which 
varied  from  one  to  ten  atmospheres,  and  found  no  sensible  differ- 
ence in  the  quantity  of  heat  which  the  same  weight  of  a  gas 
lost,  when  under  these  different  pressures,  in  cooling  the  same 
number  of  degrees.  Nevertheless,  he  thinks  it  possible  tliat 
slight  differences  may  exist. 

The  specific  heats  of  tlie  different  gases  and  vapors,  as  do* 
termined  by  Regnault,  are  given  in  the  following  table.  The 
numbers  in  the  colimm  headed  "  Specific  Heat  by  Weight " 
correspond  to  those  given  in  all  the  preceding  tables  of  specific 
heats,  and  denote  in  each  case  the  number  of  units  of  heat  re- 
quired to  raise  the  temperature  of  one  kilogramme  of  the  gas 
from  0*  to  l"*,  assuming  that  the  gas  is  allowed  to  expand  freely, 
and  that  the  pressure  is  constant. 
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Specific  Beat  of  Gtuee  and  Vapon. 


BpeelfloHoot 

NaiM  of  Gm  or  Vapor. 

SpecHIo 

ByWoiglit. 

Bj  Volmno. 

SimpU  Gaaa, 

Air. 

0.2877 

0.2877 

1.0000 

Oxygen,         .... 

0.2182 

0.2412 

1.1056 

Nitrogen,    .        •       •        •       • 

0.2440 

0.2870 

0.9718 

Hydrogen^      •        .        •        . 

8.4046 

0.2856 

0.0692 

Chlorine,    .        •       •        .        . 

0.1214 

0.2962 

2.4400 

Bromine,         •       •       •        • 

0.0552 

0.2992 

6^9           1 

Gmtj 

oound  GaaeSi 

Protoxide  of  Nitrogen, 

0.2288 

0.8418 

1.5250 

Dentoxide  of  Nitrogen,  . 

0.2315 

0.2406 

1.0390 

Oxide  of  Cartmn, 

0.2479 

0.2899 

0.9674 

Carbonic  Acid, 

0.2164 

0.8808 

1.6290 

Solpliide  of  Carbon,  . 

0.1676 

0.4146 

2.6325 

SulphurooB  Acid,    .       • 

0.1653 

0.8489 

2.2470 

Chlorohydric  Acid,    . 

0.1845 

0.2802 

1.2474 

Sulphohydric  Acid, 

0.2428 

0.2886 

1.1912 

Ammonia  Oat,   •        •       .        • 

0.6080 

0.2994 

0.6894 

Karsh  Gas,     .... 

0.6929 

0.8277 

0.5527 

defiant  Oaa,      .... 

0.8694 

Vtqxfn. 

0.8672 

0.9678 

Water, 

0.4750 

0.2950 

0.6210 

Alcohol,         •        •       •       • 

0.4518 

0.7171 

1.5890 

Ether, 

0.4810 

1.8296 

2.5563 

Cyanohydric  Ether, 

0.4256 

0.8298 

1.9021 

Chlorohydric  Ether,  . 

0.2737 

0.6117 

2.2850 

Bromohydric  Ether, 

0.1816 

0.6777 

8.7S16 

Solphohydric  Add|    . 

0.4005 

1.2568 

8.1880 

Acetic  Acid,    •       •       •       • 

0.4006 

1.2184 

8.0400 

Chloroform,        •       •        •        • 

0.1668 

0.8810 

6.80 

Datch  Liqnid, 

0.2298 

0.7911 

8.46 

Acetone, 

0.4125 

0.8841 

2.0220 

Beniole,         .       •       •       • 

0.8746 

1.0114 

2.6913 

Oil  of  Turpentine,     « 

0.6061 

2.8776 

4.6978 

Terehloride  of  Phosphomf ,    • 

0.1846 

0.6886 

4.7445 

Terchloride  of  Arsenic, 

0.1122 

0.7018 

6.2510 

Chloride  of  Silicon, 

0.1829 

0.7788 

5.86 

Bichloride  of  Tin,      « 

0.0989 

0.6689 

9.2 

Bichloride  of  Titanimn,  • 

0.1268 

0.8684 

6.8300 
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The  specific  heat  of  a  substance,  whether  it  be  a  solid,  a  liquid, 
or  a  gas,  is  always,  properly  speaking,  tlie  number  of  units  of 
heat  required  to  raise  the  temperature  of  one  kilogramme  from 
0"  to  1^ ;  and  the  term  is  invariably  used  in  this  sense  in  relation 
to  both  solids  and  liquids.  But  in  the  case  of  gases  some  im- 
portant truths  have  been  discovered  by  comparing  together  the 
amounts  of  heat  required  to  raise  tlie  temperature  of  equal  vol- 
umes from  0"  to  1®,  irrespective  of  their  weight.  The  number  of 
units  required  can  in  any  case  be  readily  calculated  from  the 
specific  heat  and  the  specific  gravity  of  the  gas,  and  this  quantity 
is  usually  called  the  specific  heat  by  volume. 

By  referring  to  Table  II.,  it  will  be  found  that  one  cubic  metro 
of  air  at  0",  and  under  a  pressure  of  76  c.  m.,  weighs  1.29206 
kilogrammes.  Hence,  by  [100],  one  cubic  metre  of  air  at  O'', 
and  imder  a  pressure  of  58.75  c.  m.,  will  weigh  exactly  one  kilo- 
gramme ;  and  one  cubic  metre  of  any  other  gas  as  much  more 
or  less  than  one  kilogramme  as  its  specific  gravity  is  greater  or 
less  than  1.  In  other  words,  the  number  which  stands  for  the 
specific  gravity  also  expresses  the  weight  of  one  cubic  metre 
under  the  above  conditions  of  temperature  and  pressure.  Now, 
since  the  quantity  of  heat  required  to  raise  the  temperature  of 
any  mass  of  matter  from  0^  to  V  may  be  found  by  multiplying 
the  specific  heat  of  the  substance  by  its  height  (232),  it  is  evi- 
dent tliat  we  can  find  the  quantity  of  heat  required  to  raise  firom 
0**  to  V  the  'temperature  of  one  cubic  metre  of  any  gas  under 
the  pressure  of  58.75  c.  m.,  by  multiplying  together  the  specific 
heat  of  the  gas  and  the  niunber  representing  its  specific  gravity. 
For  example,  the  specific  heat  of  hydrogen  is  8.4046,  and  its 
specific  gravity  0.0692.  The  product  of  these  two  numbers 
equals  0.2356,  which  is  the  fractional  part  of  a  unit  of  heat 
required  to  raise  the  temperature  of  one  cubic  metre  of  hydro- 
gen, measured  under  a  pressure  of  58.75  c.  m.,  from  0**  to  l"*. 
In  like  manner  all  the  numbers  in  the  column  of  the  last  table 
headed  "  Specific  Heat  by  Volume "  were  obtained.  These 
numbers  evidently  represent  the  relative  quantities  of  heat  re- 
quired to  raise  tlie  temperature  of  equal  volumes  of  difibrcnt 
gases  from  O""  to  l"*,  and  the  absolute  nimiber  of  units  of  heat 
required  to  raise  the  temperature  of  one  cubic  metre  of  the  dif- 
ferent gases  measured  under  a  pressure  of  58.75  c.  m.  irom 

(T  to  r. 
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By  comparing  the  numbers,  it  will  be  seen  that  the  specific 
heats  by  volume  of  the  simple  gases  differ  but  slightly  from  each 
other.  Indeed,  the  difference  is  so  small,  that  some  experiment- 
ers have  concluded  that  the  specific  heats  of  all  the  simple  gases 
are  the  same.  The  results  of  Rcgnault  do  not  confirm  this 
theory ;  for  although  the  specific  heats  by  volume  of  oxygen, 
nitrogen,  and  hydrogen  are  by  his  determinations  very  nearly 
equal,  those  of  chlorine  and  bromine  are  much  greater  than  the 
rest,  although  equal  to  each  other.  These  differences,  moreover, 
are  too  large  to  be  accounted  for  by  errors  of  observation,  and 
probably  depend  on  inherent  qualities  of  the  gases  themselves. 

(287.)  ^ecific  Heat  of  Gases  under  Constant  Volume.  —  It 
was  stated  in  (234),  that  a  portion  of  the  quantity  of  heat  re- 
quired to  raise  the  temperature  of  a  given  mass  of  matter  one 
degree  was  rendered  latent  in  producing  the  mechanical  effect 
of  expansion,  and  that,  if  this  expansion  could  be  prevented,  the 
same  quantity  of  heat  would  probably  cause  the  same  elevation 
of  temperature  at  all  parts  of  the  thermometer-scale.  In  the 
case  of  solids  and  liquids  it  is  evidently  impossible  to  verify  this 
theory,  since  they  expand  with  an  irresistible  force.  We  do  not 
meet  with  the  same  difficulty  in  the  case  of  gases.  They  are 
easily  compressed,  so  that  their  volume  can  be  kept  constant 
by  enclosing  them  in  an  unyielding  vessel ;  and  we  should  there- 
fore naturally  expect  to  be  able  to  put  our  theory  to  the  test  of 
experiment.  Now  it  is  a  perfectly  well-known  fact,  that  a  cer- 
tain amount  of  heat  is  rendered  latent  in  producing  the  expansion 
of  a  given  mass  of  gas,  and  that,  on  condensing  the  gas  to  its 
original  volume,  the  same  amoimt  of  heat  is  set  free.  Indeed, 
the  temperature  of  a  confined  mass  of  air  can  be  raised  by  sudden 
mechanical  condensation  sufficiently  high  to  ignite  tinder. 

If  we  could  measure,  then,  the  quantity  of  heat  set  free  by 
mechanical  condensation,  we  should  be  able  to  determine  the 
quantity  absorbed  during  the  equivalent  expansion;  and  since 
we  know  the  quantity  of  heat  required  to  raise  the  temperature 
of  one  kilogramme  of  gas  firom  (f  to  V  when  allowed  to  expand 
freely,  we  should  be  able  to  determine  the  quantity  of  heat  re- 
quired to  raise  its  temperature  from  O"*  to  V  when  confined  and 
not  allowed  to  expand,  by  simply  subtracting  the  amount  ab- 
sorbed during  expansion. 

It  has  been  stated  that  at  0*,  and  under  a  pressure  of  68.75 
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cm.,  one  Cubic  metre  of  air  weighs  one  kilogramme ;  and  it  has 
been  shown  that,  in  order  to  r^ise  the  temperature  of  tliis  mass 
of  air  one  degree,  (the  pressure  remaining  the  same,)  we  must 
impart  to  it  0.2377  unit  of  heat.  But  it  is  also  true  that,  in 
consequence  of  the  increase  of  temperature,  the  volume  of  tlie 
one  kilogramme  has  increased  ^1^,  that  is,  from  1  to  l^^^  cubio 
metres  (216).  If  now,  by  increasing  the  pressure,  we  condense 
the  gas  to  its  initial  volimie  of  one  cubic  metre,  a  certaiil  amount 
of  heat  will  be  set  free,  sufficient,  as  we  will  assume,  to  raise  the 
temperature  of  tlie  kilogramme  of  air  from  1**  to  1*'.42.  This 
shows  that  although  0.2877  unit  of  heat  will  raise  the  tempera^- 
ture  of  one  kilogramme  of  air  only  one  degree,  when  allowed  to 
expand  under  a  constant  pressure j  it  will  raise  the  temperature 
of  the  same  mass  of  air  1°.42  when  confined  and  preserving  a 
constant  volume.  If,  then,  0.2377  unit  of  heat  will  raise  the 
temperature  of  one  kilogramme  of  air  1''.42,  it  is  easy  to  calcu- 
late how  much  will  be  required  to  raise  its  temperature  one  de- 
gree by  means  of  the  proportion  1.42 : 1  =  0.2377  :  x  =  0.1674. 
This  quantity  is  the  specific  heat  of  air  under  constant  volume, 
and  the  difference  between  0.1674  and  0.2377,  or  0.0703  unit,  is 
the  amount  of  heat  rendered  latent  in  producing  the  expansion 
when  the  air  is  under  constant  pressure. 

It  is  evident  from  the  above  illustration,  that,  if  wo  represent 
by  S  the  specific  heat  of  a  gas  under  constant  pressure,  and  by  t 
the  small  increase  of  temperature  which  a  mass  of  gas  undergoes 
when  condensed  ^^  of  its  volume^  we  can  always  calculate  the 
specific  heat  tmder  constant  volume,  or  jS',  by  the  proportion 
1  -|-  ^  :  1  =3  5 :  iS',  which  gives  for  the  value  of  8\ 

An  obvious  method  of  determining  experimentally  the  specific 
heat  of  a  gas  under  constant  volume  would  then  be  to  condense 
the  gas  by  mechanical  means,  and  observe  the  increase  of  tem- 
perature. Such  experiments  have  been  made,  but  the  results 
have  been  in  all  cases  ei^roneous,  in  consequence  of  the  uMvoid- 
able  loss  of  heat,  which  wad  absorbed  by  the  walls  of  the  con- 
taining vessel.  -^  In  Uke  manner,  when  we  attempt  to  determine 
the  specific  heat  of  gases  under  constant  volume  by  other  direct 
aiethods,  we  are  met  at  once  by  practical  difficulties  of  a  similar 
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kind,  and  no  process  has  as  yet  been  discovered  which  will  give 
accurate  results.  We  are  therefore  obliged  to  resort  to  indirect 
methods;  and  fortunately  such  a  method  is  furnished  by  the 
principles  of  acoustics. 

By  analyzing  the  condition  of  an  elastic  fluid  during  the  trans- 
mission of  a  sonorous  wave,  Newton  obtained,  for  the  value  of  the 
velocity  of  sound  in  any  gas,  the  expression 

in  which  g*  represents  the  intensity  of  gravity,  H  the  height  of 
the  barometer,  and  d  the  specific  gravity  of  the  gas  referred  to 
mercury  as  unity.  This  formula  gives  for  the  velocity  of  sound 
in  dry  air,  at  0^  and  when  ir  =  76  c.  m.,  the  value  b  =  279.8 
metres,  which  is  less  than  382.25  metres,  the  true  value  as  ascer* 
tained  by  experiment,  by  over  one  sixth  of  the  whole.  The  cause 
of  this  great  discrepancy  between  the  observed  and  calculated 
velocity  remained  for  a  long  time  unexplained,  until  Laplace 
showed  that  the  alternate  expansion  and  contraction  of  the 
elastic  fluid,  constituting  the  sound-wave,  must  produce  a  change 
of  temperature,  which  would  increase  the  velocity  of  the  trans- 
mission of  the  wave  itself.    In  order  to  take  into  account  the 

effect  thus  produced,  Laplace  multiplied  the  quantity  g* .  -^  in 

Of 

the  formula  of  Newton  by  the  quotient  ■^,  obtained  by  dividing 

the  specific  heat  of  the  gas  under  constant  pressure  by  the  spe- 
cific heat  under  constant  volume.  >  As  thus  corrected,  the  formula 
of  Newton  becomes 

By  transformation,  we  easily  obtain  from  this  equation  the  ex- 
pression, 

8'  =«■-•  ^--?,  [163.] 

by  which  we  can  calculate  the  specific  heat  of  a  gas  under  con* 
stant  volume,  when  the  velocity  of  sound  in  the  medium  and 
the  other  constants  are  known.  Now  the  velocity  of  sound  in 
air  has  been  several  times  carefully  determined  by  direct  experi- 
ment, and  is  probably  known  within  a  metre ;  and  starting  from 
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the  velocity  in  air,  the  science  of  aconstics  furnishes  the  means 
of  determining  the  Telocity  in  other  gases.  Thus  it  is  that  we 
have  been  able  to  determine  some  of  the  most  refined  data  con- 
nected with  the  thermal  condition  of  matter,  by  means  of  phe- 
nomena wliich  at  first  sight  seem  entirely  independent  of  the 
action  of  heat. 

The  specific  heat  under  constant  volume  of  several  gases,  as 
determined  by  Dulong  by  means  of  the  method  just  described, 
is  given  in  the  second  column  of  the  following  table ;  but  these 
values  must  be  regarded  as  only  approximations.  The  corre- 
sponding values  of  specific  heat  under  constant  pressure  are 
given  in'  the  first  column,  repeated  from  the  table  on  page  472, 
for  the  sake  of  comparison.  The  third  column  shows  the  differ- 
ence between  the  specific  heat  under  the  two  circumstances,  and 
the  last  gives  the  value  of  1  -j-  /  in  formula  [160]. 

Specific  Seat  of  Eqaal  Volumes. 


Hi 


of  Om. 


Air,    . 
Oxygen, 
Hydrogen,  . 
Oxide  of  Caibon, 
Carbonic  Acid,  . 
Olefiant  Gfl8,» . 


Under  Con-       Under  Cod' 

•Unt  Prasura. '  ituit  Y  olome. 

5.  B, 


0.2377 
0.2412 
0.2356 
0.2399 
0.8306 
0.8672 


0.1673  • 

0.1705 

0.1676 

0.1681 

0.2472 

0.2880 


Dtflerenoe* 


0.0704 
0.0707 
0.0681 
0.0718 
0.0886 
0.0692 


14-1. 


1.421 
1.415 
1.407 
1.428 
1.388 
1.240 


The  numbers  in  the  first  column  of  the  above  table  repre- 
sent the  fractional  part  of  one  imit  of  heat  required  to  raise  the 
temperature  of  one  cubic  metre  of  each  gas  (measured  under 
a  pressure  of  68.76  c.  m.)  from  0"*  to  1**,  the  pressure  remain- 
ing constant,  the  gas  being  allowed  to  expand  freely,  and  in- 
creasing in  volume  ^f?  of  a  cubic  metre.  The  numbers  in  the 
second  column  represent  the  corresponding  quantity  of  heat 
required  when  the  volume  is  kept  constant  by  increasing  the 
pressure.  The  difierence  of  these  quantities,  or  jS —  iS',  is,  then, 
the  quantity  of  heat  absorbed  by  one  cubic  metre  of  each  gas, 
measured  as  above  described,  in  expanding  g^^  of  its  initial 
volume. 


*  By  asing  the  more  recently  determined  constants,  we  should  obtain,  for  the  Talne 
«f  ^,  0.1678,  and  for  I  +  ( the  Talne  1.417. 
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By  comparing  the  quantity  of  beat  thus  rondered  latent  in 
tl)e  case  of  air  with  tltat  which  remains  free,  and  consequently 
raises  the  temperature  of  the  gas,  it  will  be  found  that  they  stand 
to  each  other  very  nearly  in  the  proportion  of  2  to  5.  Hence,  ol 
■even  units  of  heat  imparted  to  a  mass  of  free  air  for  the  pur- 
pose of  increasing  its  temperature, —  as,  for  example,  in  warming 
the  air  of  a  room,  —  two  units  are  absorbed  in  expanding  the 
air,  so  that  the  eleyation  of  temperature  results  entirely  from 
the  remaining  five. 

By  comparing  the  values  of  £ —  S\  it  will  be  noticed  that  the 
quantity  of  heat  absorbed  by  equal  volumes  of  these  different 
gases,  in  expanding  to  an  equal  extent,  is  very  nearly  the  same 
in  all  cases.  Dulong  has  verified  this  principle  in  the  case  of  a 
large  number  of  gases  not  included  in  the  above  table,  and  haa 
stated  the  law  in  the. following  simple  terms :  — 

1.  Equal  volumes  of  all  gases^  measured  at  the  same  tempered 
ture  and  pressure j  set  free  or  absorb  the  same  quantity  of  heat 
when  they  are  compressed  or  expanded  the  same  fractional  pari 
of  their  volume. 

If  the  specific  heat  of  the  gases  were  all  equal,  the  same 
change  of  volume,  and  consequently  the  same  absorption  or 
liberation  of  heat,  would  cause  the  same  change  of  temperature. 
This,  however,  is  not  the  case,  except  with  oxygen,  hydrogen,  and 
nitrogen.  The  specific  heats  of  the  compound  gases  differ  verj 
considerably  from  each  other,  and  the  change  of  temperature 
caused  by  the  same  change  of  volume  is  smaller  in  proportion  as 
the  specific  heat  of  the  gas  is  greater.  Hence  the  second  law  of 
Dulong,  which  should  be  read  in  connection  with  the  first. 

2.  The  variations  of  temperature  which  result  are  in  the  w- 
verse  ratio  of  the  specific  heats  under  constant  volume. 

Whether  these  empirical  laws  of  Dulong  are  tlie  exact  expres- 
sions of  the  truth,  or  whether  they  are  merely  close  approximar 
tions,  remains  yet  to  be  ascertained  by  farther  investigation. 

(288.)  Mechanical  Equivalent  of  Heat.  —  The  doctrine  of  the 
eonservation  of  the  physical  forces  has  ftimished,  through  flie 
investigations  of  Joule  on  the  mechanical  equivalent  of  heat,  a 
most  remarkable  confirmation  of  the  results  of  the  last  section. 
According  to  tliis  doctrine,  there  is  an  exact  equivalency  of  cause 
and  effect  between  all  the  forces  of  nature.  Thus,  in  the  case 
of  heat,  it  would  assmne  that  a  given  moehamcal  effeet  woald^ 
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tinder  all  dreomstances,  be  accompanied  hj  ihe  absorption  of 
the  same  amount  of  heat ;  and  conTersely,  that  the  same  quantity 
of  beat  should,  under  all  conditions,  do  tlie  same  amount  of 
mechanical  work  —  for  example,  should  raise  a  giren  weight 
through  the  same  height  —  in  whatever  way  it  may  be  applied. 
It  is  a  well-known  fact,  that  friction  is,  under  all  circum* 
stances,  attended  with  evolution  of  heat.  Now,  since  friction 
represents  the  expenditure  of  force,  it  follows  tliat  tlie  quantity 
of  heat  evolved  by  friction  is  the  equivalent  of  the  mechanical 
force  expended  in  overcoming  it.  Joule  was  therefore  able  to 
fix  the  mechanical  equivalent  of  heat,  by  measuring  die  quantity 

of  heat  generated  by  friction,  and  comparing 
this  with  the  power  (42)  expended  in  over- 
coming the  friction.    The  heat  was  generated 
by  the  friction  of  water,  and  the  apparatus  he 
used  for  the  purpose  is  represented  in  Fig. 
865.     It  consisted  of  a  brass  paddle-wheel, 
furnished  with  eight  sets  of  revolving  arms, 
working  between  four  sets  of  stationary  vanei 
affixed  to  a  framework,  also  of  sheet-brass. 
This  frame  fitted  firmly  into  a  copper  vessel 
containing  from  six  to  seven  kilogrammes  of 
water.    In  the  lid  of  the  vessel  there  were  two  necks,  tlie  first  for 
the  axis  to  revolve  in  witliout  touching,  the  second  for  the  insen^ 
tion  of  the  thermometer.    The  paddle-wheel  was  set  in  motion 


flg.866. 


ftf.  S06. 


by  means  of  two  weights  connected  with  its  axis  by  a  system  of 
cords  and  pulleys,  as  represented  in  Fig.  866.  In  making  the 
experiments,  the  weights  were  wound  up  by  means  of  the  handle 
9^  attached  to  tlie  wooden  cylinder  t; «,  and  after  observing  the 
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temperature  of  the  water  in  the  vessel,  the  cylinder  was  fixed  to 
tlie  axis  of  tlie  paddle,  which  was  tlien  made  to  revolve  by  the  fall 
of  Hie  weights  to  the  floor  of  tlie  laboratory,  causing  a  friction 
against  the  water  in  tlie  vessel.  The  cylinder  was  then  removed 
from  the  axis,  the  weights  wound  up  again,  and  the  friction  re- 
newed. After  this  had  been  repeated  twenty  times,  the  experi- 
ment was  concluded  with  another  observation  of  the  temperature 
of  the  water.  The  mean  temperature  of  the  laboratory  was 
determined  by  observations  made  at  the  beginning,  middle,  and 
end  of  the  experiment,  and  the  quantity  of  heat  which  the  vessel 
lost  by  radiation  and  other  causes  was  determined  in  every  case 
by  means  of  a  second  experiment,  made  under  precisely  tlie  same 
circumstances  as  the  first,  witli  the  apparatus  at  rest.  It  was 
then  easy  to  calculate,  by  means  of  [159],  tlie  number  of  units 
of  heat  developed  by  tlie  friction  of  the  water,  since  the  weights 
of  the  copper  vessel,  of  the  brass  paddle  and  frame,  and  of  the 
water,  as  well  as  their  several  capacities  for  heat,  and  the  increase 
of  temperature  caused  by  the  friction  of  the  particles  of  water, 
were  known.  This  quantity  of  heat  was,  then,  evidently  the 
equivalent  of  the  mechanical  force  expended  in  moving  the 
paddles  and  overcoming  the  friction.  In  order  to  estimate 
the  mechanical  force  tiius  expended,  the  value  of  the  weights, 
the  height  through  which  they  feU,  and  the  velocity  of  the 
fall,  were  accurately  measured. 

In  one  series  of  experiments,  the  value  of  the  weights  was 
406,152  grains,  the  total  fall  in  inches  1,260.248,  and  the  v^ 
locity  2.42  inches  per  second.  The  weight,  starting  from  the  state 
of  rest,  soon  acquired  the  velocity  of  2.42  inches,  and  afterwards 
moved  with  a  uniform  motion  until  it  reached  the  ground,  where 
the  velocity  was  destroyed.  During  the  uniform  motion,  it  is 
evident  that  the  intensity  of  the  force  of  gravity  acting  on  the 
weights  was  entirely  expended  in  overcoming  the  friction  of  the 
water  (42) ;  but  before  the  motion  became  uniform,  a  portion 
of  tlie  force  was  expended  in  imparting  velocity  to  the  weights. 
The  whole  mechanical  power  expended  in  overcoming  the  irio- 
tion  of  the  water,  and  thus  generating  heat,  is  then  the  power  gen- 
erated by  the  force  of  gravity  acting  on  the  mass  of  the  weights 
through  the  whole  distance  fallen,  less  the  power  generated  by 
the  same  force  acting  through  the  distance  required  to  impart 
a  velocity  of  2.42  inches.    By  [6],  we  find  that  a  fall  through 
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0.0076  of  an  inch  would  impart  a  Telocity  of  2.42 ;  and  since  the 
weights  were  wound  up  twenty  times  in  each  experiment,  a  fall 
through  twenty  times  0.0076,  or  0.152  inch,  would .  represent 
the  entire  loss  due  to  the  increase  of  velocity.  Hence  the  me- 
chanical power  expended  in  overcoming  the  friction  of  the  water 
was  a  force  having  the  intensity  of  406,152  grains,  acting  through 
1,260.096  inches.     Compare  (63). 

We  have  assumed,  in  this  estimate,  that  the  intensity  of  the 
force  of  gravity  was  entirely  expended  in  overcoming  the  friction 
of  the  whole ;  but  this  was  not  the  case,  for  a  portion  of  the  force 
was  used  in  overcoming  the  friction  of  die  pulleys  and  the  rigid- 
ity of  the  cord.  This  was  ascertained  by  a  separate  experiment, 
in  which  the  pulleys  and  cord  were  disconnected  from  the  paddle- 
wheel,  to  be  equal  to  2,837  grains  acting  during  the  whole  time, 
which,  deducted  from  the  value  of  the  weights,  gives  403,815 
grains  for  the  actual  force  overcome  by  the  friction.  This 
force,  acting  through  1,260.096  inches,  is  equivalent  to  a  force  of 
6,050.186  pounds  acting  through  one  foot,  or,  using  the  technical 
expression,  to  6,050.186  foot-pounds.  But  in  order  to  obtain  the 
whole  power  overcome  by  the  friction,  we  must  add  to  this  amount 
16.928  foot-pounds  for  tlie  force  developed  by  the  elasticity  of 
the  string  after  the  weights  touched  the  ground,  making  the 
whole  mechanical  force  expended  in  overcoming  friction,  and 
thus  developing  heat,  equal  to  6,067.114  foot-pounds,  as  the  mean 
of  all  tlie  experiments  of  the  series.  The  same  series  of  experi- 
ments gave,  for  the  mean  value  of  the  quantity  of  heat  evolved, 
7.842299  English  units  ;  •  and  hence,  \^^  =  778.64  foot- 
pounds  will  be  the  force  which  is  equivalent  to  one  Englbh 
imit  of  heat. 

In  these  experiments  a  portion  of  the  force  is  used  in  over- 
coming the  resistance  of  the  air,  and,  making  the  correction 
necessary  to  reduce  the  results  to  a  vacuum,  and  omitting  the 
fraction,  we  get  772  foot-pounds  as  the  mechanical  equivalent, 
which  Joule  regards  as  the  most  probable  value.  Similar  experi- 
ments, in  which  the  friction  was  produced  by  an  iron  paddle- 
wheel  revolving  in  mercury,  and  others,  in  which  it  was  produced 
by  two  cast-iron  wheels,  gave  for  the  mechanical  equivalent  of  heat 
774  foot-pounds, — a  number  which  is  surprisingly  near  the  first. 

*  The  English  unit  of  heat  is  the  quantity  of  heat  required  to  raise  one  aToirdupoif 
pound  of  water  one  Fahrenheit  degree  between  55^  and  60^. 
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Wo  have  given  the  above  calculation  in  English  weights  and 
measures,  because  it  Is  so  given  in  the  original  memoir,*  tp 
which  we  would  refer  £ur  furttier  details.  In  the  French  system, 
these  results  correspond  to  428  and  424  kilogramme-metres, 
or,  in  other  words,  the  unit  of  heat  is  equivalent  to  a  force  of 
423  kilogrammes  acting  through  one  metre. 

Let  us  now  see  in  what  way  these  results  of  Joule  confirm 
iliose  stated  in  the  last  section.  It  will  be  remembered  that  the 
value  of  tlie  specific  heat  of  air  under  constant  volume  was  de- 
duced from  the  velocity  of  sound.  This  value  furnishes  us  with 
all  the  data  required  for  calculating  the  mechanical  equivalent 
of  heat ;  and  if  the  doctrine  of  the  conservation  of  forces  is  cor- 
rect, the  equivalent  calculated  from  the  velocity  of  sound  ought 
to  agree  with  that  determined  by  Joule  from  Ms  experiments  on 
friction.  Such  an  agreement  would  not  only  confiirm  tlie  value 
which  has  been  assigned  to  the  specific  heat  of  air,  but  it  would 
also  tend  to  confirm  Uie  doctrine  in  question. 

Let  us  suppose  that  we  have  a  cylinder,  the  area  of  whose  base 
equals  1  cTm.*,  filled  to  the  lieight  of  278  c.  m.  with  air  at  O"*  and 
under  a  pressure  of  76  c.  m.  By  Table  II.  the  weight  of  tliis 
mass  of  air  would  bo  equal  to  0.8531  gramme*  If  we  raise  tlie 
temperature  of  this  air  from  0^  to  1^,  it  will  expand  7^3  of  its 
volume,  and  will  rise  in  the  cylinder  one  centimetre,  thus  lift- 
ing the  weight  of  Uie  atmosphere  on  the  base  of  the  cylinder  — 
1,033.8  grammes — through  this  distance.  The  quantity  of  heat 
required  to  raise  the  temperature  of  0.3527  gramme  of  air  from 
0**  to  1**  is,  by  (236),  equal  to  0.3527  X  0.000837,  or  0.0000836 
unit.  Of  this  amount,  a  part  only  is  oonsun^ed  in  expanding 
tlie  air,  the  rest  remaining  free  and  increasing  the  temperature 
of  the  mass  of  gas.  By  (287),  the  part  which  docs  the  mechan- 
ical work  is  equal  to  the  difiference  between  the  specific  heat  under 
constant  pressure  and  the  specific  heat  under  constant  volume. 
Hence,  in  the  present  case,  it  is  equal  to  [160] 

0.0000836  —  (0.0000836  -*-  1.417)  =  0.0000246  unit  of  heat 

It  follows,  then,  that  in  the  expansion  of  air  0.0000246  unit  of 
heat  will  raise  1,038.8  grammes  one  centimetre,  or,  what  is  equiv- 
alent to  this,  one  unit  of  heat  will  raise  419  kilogrammes  cue 

*  Philosophical  Transactions,  London,  1850,  Part  I.  p.  61. 
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metre.  The  difference  between  this  yalae  of  the  mechanical 
equivalent  of  heat  and  that  obtained  by  Joule  (428  kilogramme- 
metres)  is  very  small,  considering  the  entirely  heterogeneous 
data  which  enter  into  the  calculation. 

Assuming,  then,  that  the  doctrine  of  the  mechanical  equiva- 
lency of  heat  is  established,  it  follows  tliat  tlie  law  of  Dulong 
(237)  holds  in  all  cases  where  the  same  mechanical  power,  act- 
ing on  equal  voliimes  of  different  gases,  causes  the  same  amount 
of  condensation.  But,  as  we  have  seen,  this  is  i\ot  always  the 
case ;  hence  the  law  of  Dulong  must  be  subject  to  the  same  limi- 
tation as  tliat  of  Mariotte  (165).  Indeed,  the  law  of  Dulong  is 
probably  only  eajL  imperfect  expression  of  the  mechanical  equiva- 
lency of  heat,  and  is  true  so  far  as  the  same  expansion  or  com- 
pression represents  the  same  amount  of  mechanical  work. 

PROBLEMS. 

Specific  Heat, 

S91.  How  much  heat  is  required  to  raise  the  temperature  of 
500  kiiognunmes  of  water      from        4^  C  to      94^  ? 
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(( 

\d9% 

292.  Calculate  the  quantity  of  heat  which  is  required  to  raise  the  tern- 
peratnre  of  the  weight  of  the  different  elements  represented  by  their  chem- 
ical equivalents  one  degree. 

29d«  The  following  quantities  of  water  were  mixed  together :  — 

5  kilogrammes  of  water  at  10^  C, 

6  *«  "  "        SO^, 

e        "        •♦       "      8o<>, 
7         "        "        *'      lao. 

What  was  the  temperature  of  the  mixture  ? 

294.  The  quantities  of  water  Wiy  w%j  w^y  w^j  9X  the  respectiye  tempera- 
tures of  i^i  tf*f  tti  t^i  were  mixed  together.  What  was  the  tempera- 
tore  of  the  mixture  ? 

295.  How  much  water  at  99^  and  how  much  water  at  1 1^  must  be 
ipixed  together,  in  order  to  obtain  20  kilogrammes  of  water  at  80**  ? 

296.  Determine  the  temperature  of  a  mixture  of  one  kilogramme  of 
water  at  100^  and  one  kilogramme  of  mercury  at  0^ ;  also  of  one  kilo- 
gramme of  mercury  at  100**  and  one  kilogramme  of  water  at  0°. 

297.  How  many  kUogrammes  of  mercury  at  100®  muiit  be  added  to  one 
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kilogramme  of  water  at  0^  in  order  that  the  temperature  of  the  mixture 
may  be  50**  ?  Also,  how  much  water  at  100^  must  be  added  to  one  kilo- 
gramme of  mercury  at  0**  to  raise  its  temperature  to  50^  ? 

298.  Equal  volumes  of  mercury  at  100°  and  water  at  0^  are  mixed 
together.     Required  the  temperature  of  the  mixture. 

299.  A  mass  of  matter  weighing  6.17  kilogrammes  at  the  temperature 
of  80°  is  mixed  with  25.45  kilogrammes  of  water  at  the  temperature  of 
12°.5.  The  mixture  is  found  to  have  the  temperature  of  14°.17.  What 
is  the  specific  heat  of  the  body  ? 

dOO.  How  many  kilogrammes  of  gold  at  45°  would  be  required  to  raise 
the  temperature  of  1,000  grammes  of  water  from  12°.3  to  15°.7  ? 

301.  The  specific  heat  of  an  alloy  containing  one  equivalent  of  lead 
(103.6  parts)  and  one  equivalent  of  tin  (58.8  parts)  was  found  by  experi- 
ment to  be  0.0407.  How  does  this  value  correspond  with  that  which  majr 
be  calculated  on  the  assumption  that  the  alloy  is  a  mechanical  mixture  of 
the  two  metals  ? 

302.  The  specific  heat  of  sulphide  of  mercury  (Hg  S)  was  found  bjr 
experiment  to  be  0.0512.  How  does  this  value  agree  with  that  calculated 
on  the  assumption  made  in  the  last  problem  ? 

303.  A  piece  of  iron  weighing  20  grammes  at  the  temperature  of  98^ 
is  dropped  into  a  glass  vessel  weighing  12  grammes,  and  containing  150 
grammes  of  water  at  10°.  The  temperature  of  the  water  is  thus  raised  to 
11°.29.  Required  the  specific  heat  of  iron,  knowing  that  the  specific  heat 
of  glass  is  0.19768. 

304.  The  weights  of  different  substances,  tr,,  t^g,  !£?«,  w^,  at  the  re- 
spective temperatures  <i°,  ^°,  ^°,  ^4°»  and  having  the  respective  specific 
heats  C|,  Cs,  03,  ^4,  are  supposed  to  be  mixed  together.  Required  the  tem- 
perature of  the  mixture  in  terms  of  the  other  values. 

305.  Calculate  the  specific  heat  of  oil  of  turpentine  from  the  follow- 
ing data :  42.57  grammes  of  the  oil  at  33°.7  were  mixed  with  470.3 
grammes  of  water  at  12°.23  ;  the  temperature  of  the  mixture  was  found 
to  be  13°.07 ;  the  oil  was  enclosed  in  a  glass  tube  weighing  5.25  grammes 
and  having  a  specific  heat  equal  to  0.177 ;  lastly,  the  water  was  contained 
in  a  copper  vessel  weighing  45.25  grammes,  and  having  a  specific  heat 
equal  to  0.095. 

306.  A  platinum  ball  weighing  150  grammes  is  heated  to  1,000°,  and 
then  plunged  into  one  kilogramme  of  water  at  10°.  After  an  equilibrium 
is  established,  how  high  is  the  temperature  of  the  water,  assunung  that 
the  water  receives  all  the  heat  which  the  platinum  ball  loses  ?  If  the 
water  is  contained  in  a  brass  vessel  weighing  200  grammes,  how  high 
would  be  the  temperature  of  the  water  ? 

307.  A  platinum  ball  weighing  100  grammes,  after  havinor  been  ex- 
posed for  some  time  to  the  heat  of  a  furnace,  is  thrown  into  a  brass  vessel 
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eontaining  750  grammes  of  water  at  5^.  The  weight  of  the  hrass 
amounted  to  150  grammes,  and  the  temperature  of  the  water  afler  the 
equilibrium  was  established  to  15^.  What  was  the  temperature  of  the 
foniace,  assuming  that  no  heat  was  lost  from  the  vessel  and  water  during 
the  experiment? 

808.  How  much  heat  is  required  to  raise  the  temperature  of  one  cubic 
metre  each  of  air,  oxjgen,  carbonic  acid,  and  hydrogen  from  0^  to  15^,  as- 
suming that  the  gas  is  allowed  to  expand  freely,  and  that  the  pressure  is 
constant  at  76  c  m. 

309.  A  room  measures  7  metres  bj  6  on  the  floor,  and  is  4  metres  high. 
How  much  heat  is  required  to  raise  the  temperature  of  the  air  in  that 
room  from  5^  to  18^  when  the  barometer  stands  at  76  c  m.  ?  How  much 
heat  is  lost  in  expanding  the  air  of  the  room  ? 

810.  How  much  heat  would  be  required  to  raise  1,000  kilogrammes  of 
water  100  metres,  if  the  full  effect  of  the  heat  were  realized? 


EXPANSION. 

(239.)  Coefficient  of  Escpansion.  —  It  has  already  been  stated 
(216)  that  the  first  effect  of  heat  on  matter,  in  either  of  its  three 
states,  is  to  expand  it ;  and  we  have  also  examined  the  most 
important  means  by  which  the  effects  of  expansion  are  used  as  a 
measure  of  temperature.  We  will  now  study  the  phenomena  of 
expansion  more  in  detail ;  but,  first,  we  will  establish  a  few  for- 
mulae by  which  the  amount  of  expansion  can  be,  in  any  case, 
readily  calculated. 

Linear  Expansion.  —  The  small  fraction  of  its  length  by 
which  a  rod  of  iron,  or  of  any  other  solid,  one  metre  long, 
expands,  when  heated  from  0**  to  1**,  is  called  the  Coefficient  of 
Linear  Expansion  of  the  solid.  A  bar  of  iron  one  metre  long  at 
0**  becomes  1.0000122  at  1%  and  the  small  fraction  0.0000122  is 
the  coefficient  of  linear  expansion  of  iron.  If  we  assume  that 
the  expansion  is  proportional  to  the  temperature,  then  a  bar  of 
iron  one  metre  long  at  0^  becomes  1.00122  metres  long  at 
100%  1.00244  at  200%  1.0061  at  600%  etc.  Hence  a  bar  of 
iron  26.354  metres  long  at  0**  would  become  1.0061  X  26.354 
s=s  26.515  at  500^.  To  make  the  solution  general,  let  A:  =  co- 
officient  of  expansion  ;  then  1  -f-  A:  ==  increased  length  of  a  rod 
"which  is  one  metre  long  at  0**,  when  heated  to  1",  and  (1  -(-/  A:)  = 
increased  length  at  t"*.    Hence  /  (1  -|-  /  A;)  =  increased  length  of 
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a  rod  at  f  which  is  I  metres  long  at  0**.  Eepresenting,  then,  by 
f ,  this  increased  length,  we  have 

Z'  ««  /  (1  +  ^  A)  ;  [164.] 

by  which  we  can  easily  calculate  the  length  of  a  rod  of  any 
metal  at  t^j  when  its  length  at  0"*  and  its  coefficient  of  expansion 
are  given.  The  coefficients  of  expansion  of  the  solids  most  fre- 
quently used  in  the  arts  are  given  in  Table  XV. 

It  is  frequently  the  case  that  we  do  not  know  the  length  of 
the  rod  at  0^,  but  only  at  some  other  temperature,  ty  and  it  is 
required  to  determine  the  length  at  a  second  temperature,  i'j 
which  may  be  either  higlier  or  lower  than  t.  To  obtain  a  formula 
for  the  purpose,  denote  by  /  the  unknown  length  of  the  rod  at  0**, 
by  /'  the  known  length  at  f^  and  by  /"  the  required  length  at  f*. 
We  have  then,  as  above, 

/'==/(!  +  /&),         and         Z"  =  /  (1  +  V  K) . 

By  combining  these  equations,  we  obtain 

^"  =  ''  (f+Tl)  =  /'  [1  +  A  r^' - 0  +  Ac.]       [165.] 

All  the  terms  of  the  quotient  after  the  first  may  be  neglected, 
because  they  contain  powers  of  the  already  very  small  fraction  k. 

We  have  assumed  that  the  expansion  of  solids  is  proportional 
to  tlie  temperature,  but  this  is  not  strictly  true ;  for  the  rate 
of  expansion  of  solids,  like  that  of  mercury  (219),  increases, 
although  but  very  slightly,  as  the  temperature  rises.  The  co- 
efficient of  expansion  is  not,  therefore,  absolutely  the  same  at 
all  parts  of  the  thermometer-scale ;  but  the  diffi^rence  is  so  small 
that  we  can  neglect  it,  except  in  the  most  refined  investiga- 
tions, more  especially  if  we  use,  not  the  coefficient  observed  at 
any  particular  temperature,  but  a  mean  coefficient  obtained  by 
dividing  by  100  the  total  amount  of  expansion  between  ©•  and 
100*,  by  which  means  we  average  the  error. 

Cubic  Expansion.  —  The  small  fraction  of  its  volume  by 
which  one  cubic  centimetre  of  a  solid,  liquid,  or  gas  increases 
when  heated  from  0*  to  1*,  is  called  the  Coefficient  of  Cubic 
Expansion  of  tliat  substance.  The  coefficient  of  expansion  of 
mercury,  for  example,  is  0.00018  ;  that  is,  one  cubic  centimetre 
of  mercury  at  0*  becomes  1.00018  i^S?  at  1".     Assuming  then 
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that  the  expansion  is  proportional  to  the  temperature,  we  obtain, 
hj  the  same  course  of  reasoning  as  above,  the  formula 

F'=  r(l  +  ^Jr);  [166.] 

by  which  the  increased  volume  (  F')  of  any  mass  of  matter  may 
be  calculated,  when  the  volume  at  0*  (F),  the  temperature  (0> 
and  the  coefficient  of  cubic  expansion  (£^),  are  known.  In  like 
manner  we  easily  obtain  the  formula 

F"  =  F'  [1  +  JT  (/^  —  0],  [167.] 

which  will  enable  us  to  calculate  the  volume  of  a  body  at  /'**  from 
the  volume  at  T  and  the  coefficient  of  expansion. 

(240.)  The  Coefficient  of  Cubic  Expansion  is  three  times  as 
great  as  the  CoefficieiU  of  Linear  Eacpansion.  — The  trutli  of  this 
simple  principle,  which  enables  us  to  calculate  one  coefficient 
when  tlie  other  is  given,  can  easily  be  proved.  For  this  purpose, 
let  us  suppose  that  we  have  a  cube  of  glass  measuring  one  cen- 
timetre on  each  edge  at  0"* ;  and  let  us  inquire  what  will  be  its 
increased  volume  at  1^,  assuming  that  the  coefficient  of  linear 
expansion  is  known.  At  1^  each  edge  of  this  glass  cube  will 
be  (1  -f-  ^)  c.  m.  long.  Hence  the  ijMsreased  volume  of  the  cube 
wiU  be  equal  to  (1  +  A)'  =  1  +  8  *  +  8  A»  +  A» ;  but  as  A 
is  an  exceedingly  small  fraction,  A*  and  1^  may  be  neglected 
in  comparison  without  any  eenaible  error,  so  that  the  volume 
of  a  cube  of  glass  which  is  one  cubic  centimetre  at  0^  becomes 
(1  -}-  3  ft)  cTm.'  at  1**.  Since  by  [166]  the  volume  of  this  same 
cube  at  1*  would  also  be  expressed  by  (1  -{•  K')  cTS',  it  follows 
that  ir=  8  A,  which  was  to  be  proved. 

(241.)  The  increased  capacity  of  a  hollow  vessel,  in  conse- 
quence of  the  expansion  of  its  waJly  may  be  found  by  calculat- 
ing the  increased  volume  of  a  solid  mass  of  the  same  substance 
which  would  just  fill  the  interior  of  the  vessel.  —  A  moment's 
reflection  will  show  the  truth  oi  this  statement*  Let  the  hollow 
vessel  be  a  glass  globe,  and  let  us  conceive  of  it  as  filled  with  a 
solid  globe  of  glass.  If  this  mass  be  heated,  it  is  evident  that 
the  glass  vessel  will  expand  just  as  if  it  formed  the  outside  shell 
of  a  solid  globe ;  the  same  must  be  true  when  the  interior  core  is 
not  present. 

42 
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Expansiott  of  Solid$. 

(242.)  Measurement  of  Linear  Expansion.  —  The  earliest 
accurate  determinations  of  tbo  coefficients  of  linear  ezpaoEion  of 
solids  were  made  by  Lavoisier  and  Laplace  with  the  apparatus 
represented  in  perspective  b;  Fig.  867,  and  in  section  by  Fig.  368. 
This  apparatus  consisted  of  two  parts :  first,  of  a  copper  tank, 
in  which  a  bar  made  of  tba  solid  whose  coefficient  was  to  be 
determined  was  heated  to  a  uniform  temperature  by  immersing 
it  in  heated  oil  or  water ;  and,  secondly,  of  four  stone  posts  sup- 
porting an  ingenious  contrivance  for  measunng  the  increase  of 


length.  The  solid  bar,  about  two  metres  in  length,  rested  in  the 
tank  on  rollers,  with  one  end  bearing  against  an  upright  immov- 
able glass  bar,  ^  (see  Fig.  368),  firmly  fastened  by  croee-pieces  to 
the  two  stone  posts  on  the  left-hand  side  of  Fig.  867,  and  with 
the  other  end  bearing  against  the  lever,  D.    The  upper  end  of 


this  lever  was  attached  to  a  horizontal  axis  turning  in  sockets 
inserted  into  the  two  stone  pillars  on  the  right  of  Fig.  867,  and 
having  at  one  end  the  telescope,  G,  adjusted  with  its  axis  perpen- 
dicular to  the  lever  D.  The  telescope  was  furnished  witii  a 
micrometer  eye-piece,  and  as  it  was  turned  by  the  expansion  of 
the  bar,  the  cross-wires  moved  over  the  divisions  of  a  scale,  A  B, 
placed  in  a  vertical  position  at  the  distance  of  filty  metres  or 
more  from  the  instrument. 
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The  apparatus  was  used  in  the  following  manner.  The  bar 
having  been  placed  in  position,  the  tank  was  filled  with  ice-cold 
water,  and  the  observer  noted  the  division  of  the  scale  on  which 
the  cros&-wire  of  the  telescope  was  projected.  The  cold  water 
was  then  withdrawn  by  a  stopcock,  and  its  place  supplied  with 
boiling  water.  The  temperature  soon  became  stationary  and 
was  ascertained  by  thermometers  placed  at  the  side  of  the  bar, 
when  the  observer  again  noted  the  division  on  the  scale  with 
which  the  cross-wire  of  tlie  telescope  coincided.  Knowing,  now, 
the  distance  A  B  on  the  scale  over  which  tlie  cross-wire  had 
moved,  also  the  distance  A  G  oi  the  scale  from  the  axis  of  ro- 
tation of  the  telescope,  and,  lastly,  the  length  of  the  lever  G  IT, 
it  was  easy  to  determine  the  value  of  H  C,  the  elongation  of. 
the  bar.  The  two  trianglfes  AB  G  and  HC G  are  similar 
by  construction,  and  we  have  H  C  :  H  G  ^s^  A  B  :  A  Gj  or 

H C  =i  AB  -j-Q.    The  value  of  -j-77  depends,  evidently,  on 

the  dimensions  of  the  apparatus.     In  that  used  by   Lavoisier 

A  B 
and  Laplace  it  was  about  rir,  so  that  HC=:  =ij,  and  hence 

any  error  in  the  measurement  of  -4  JB  was  divided  744  times  in 
the  result. 

The  length  of  the  bar  at  0"*  being  known,  and  the  elongation 
corresponding  to  an  observed  number  of  degrees  having  been 
measured  as  just  described,  it  was  easy  to  determine  the  coeffi- 
cient of  expansion  by  dividing  the  elongation  in  fractions  of  a 
metre  by  the  length  of  the  bar  in  metres  and  by  the  number  of 
degrees.  For  example,  let  us  suppose  that  the  length  of  the  bar 
at  0®  was  1.786  m.,  and  that  the  elongation  corresponding  to  80^ 
was  0.004 ;  the  coefficient  of  expansion  would  then  be  0.004  -i- 
(1.786  X  80)  =  0.000028. 

Since  the  experiments  of  Lavoisier  and  Laplace,  the  linear 
coefficient  of  expansion  of  glass  and  of  the  metals  most  used  in 
the  arts  has  been  redetermined  by  a  number  of  physicists,  and 
with  various  methods ;  but  as  these  methods  do  not  involve  the 
application  of  any  new  principle,  it  is  not  important  to  describe 
them. 

(243.)  Determination  of  Coefficient  of  Cubic  Expansion,  — 
We  have  already  seen  that  the  coefficient  of  cubic  expansion  is 
three  times  that  of  linear  expansion,  so  that  the  cubic  expansion 
of  a  homogeneous  solid  can  always  be  easily  calculated  from  the 
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linear  expansion.  In  manj  cases,  however,  the  coefficient  of 
cubic  expansion  can  be  measured  with  more  accuracy  than  the 
other,  and  it  is  then  best  to  reverse  the  calculation.  The  eoeffi* 
cient  of  cubic  expansion  of  several  solids  can  be  determined  with 
great  accuracy,  by  means  of  a  process  based  on  the  apparent 
expansion  of  mercury,  which  will  be  described  in  (254)  •  It  caa 
also  be  determined  in  the  following  manner  from  the  specific 
gravity  of  the  solid  taken  at  different  temperatures :  — 

Let  (Sp.  Gr.)  and  («^.  Gr,)'  represent  the  specific  gravity  of  the  solid 
at  the  temperatures  t  and  f  respectively.  Aho  let  W  represent  the 
weight  of  the  solid  mass  used  in  the  experiment,  V  the  volume  at  0^, 
and  K  the  unknown  coefficient  which  we  wish  to  determine.  We  have 
Ihen,  by  [166],  for  the  volume  of  the  solid  body  at  ^  and  if^^  the  values 
F(l  -f-  <  K)  and  ^"(1  -\-f  K)  ;  by  substituting  these  values  in  [55]  wo 
obtain,  for  the  value  of  the  specific  gravity  at  the  two  temperatores, 

(Sp.GV.)=p(j^p^,    and    (^.  Gr.)' =»  j^^^prr^  . 

ComlH&ing  these  two  equations,  and  reducing,  we  get  for  the  value  of  the 
coefficient  of  cubic  expansion, 

^  —  (Sp.Gr.yf  —  {Sp.Gr.)r  Llt>»-J 

Kopp  has  detenmned,  by  the  above  method,  the  coefficient 
of  cubic  expansion  of  a  number  of  solids,  and  his  results  are 
included  in  Table  XY. 

(244.)  General  Results.  —  By  examining  Table  XV,  it  will 
be  seen  that  the  increase  of  length  which  a  solid  bar  undei^oes 
when  heated  from  0^  to  lOO"*  is  at  most  very  small,  amounting  in. 
the  case  of  zinc,  the  most  expansible  of  all  solids  hitherto  oIh 
served,  to  only  triv  of  the  length  at  zero.  The  difference^  how- 
ever, between  different  solids  is  very  great,  zinc  expanding  over 
three  times  as  much  as  glass  for  the  same  increase  of  temper* 
ature. 

The  relative  expansibility  of  solids  seems  to  be  more  nearly 
related  to  their  relative  compressibility  than  to  any  other  physical 
quality ;  for  we  find,  as  a  general  rule,  that  those  metals  are 
the  most  expansible  which  have  the  smallest  coefficients  of  elas- 
ticity (101)  and  are  therefore  most  easily  compressed.  This^ 
fact   is   shown   by  the  two'  following   series,  in  which   the- 


HEAT.  497 

metals  are  arranged  in  the  order  of  expansibilitj  and  compre»> 
sibility  :  — 

Zinc,  Lead,  Tin,  Silver,  Gold,  Palladium,  Copper,  Platinum,  Steel,  Iron, 
Glass. 

Lead,  Tin,  Gold,  Silyer,  Zinc,  Palladium,  Platinum,  Copper,  Steel,  Iron, 
Glass. 

Although  these  two  series  are  not  perfectly  parallel,  thej  are 
sufficiently  so  to  indicate  a  close  conncKction  between  tlie  two 
properties.  This  connection  is  also  seen  in  the  fact,  that  the 
diminution  of  the  coefficient  of  elasticity  with  the  increase  of 
temperature,  already  noticed  (101),  is  accompanied  with  a  cor- 
responding increase  of  the  rate  of  expansion. 

The  increase  of  the  coefficient  of  expansion  between  0^  and 
100^  is  hardly  perceptible  in  solids ;  but  when  the  change  of 
temperature  amounts  to  several  hundred  degrees,  it  is  necessary 
to  take  account  of  it  in  delicate  physical  measurements.  This 
is  especially  the  case  with  tlie  glass  vessels  which  are  used  for 
air  thermometers  or  in  determining  the  specific  gravity  of  var 
pors ;  and  in  order  to  furnish  the  necessary  data  for  such  experi- 
ments, Regnault  has  determined  the  mean  coefficients  of  cubic 
expansion  of  the  common  Paris  glass,  when  blown  into  hollow 
ware,  between  zero  and  diOerent  tempen^turcs.  His  results  are 
as  follows :  — 

Between  0**  and  100^        .        .        .  Jr=  0.0000  276. 

«       «        «     150  .        .        ;  «     0.0000  284. 

**       «       **     200  ..."     0.0000291. 

**       «       «     250  .        .        .  «    0.0000  298. 

«        «       «     800  ..."     0.0000306. 

«       «       «     850  .        .        .  «*    0.0000  818. 

From  {he  &ct  that  the  rate  of  expansion  of  a  solid  increases 
with  the  temperature,  we  should  naturally  infer  that  the  rate  for 
any  given  solid  would  be  greatest  just  below  its  melting-point ; 
and  of  several  solids  taken  at  the  temperature  of  the  air,  we 
should  expect,  other  things  being  equal,  that  those  would  be  the 
most  expansible  which  are  nearest  their  melting-points  at  this 
temperature,  or,  in  other  words,  which  are  the  most  fusible. 
This  we  find,  as  a  general  rule,  to  be  true ;  the  easily  fusible 
solids,  like   zinc  and  lead,  being  more  expansible  than  the 

42* 
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difficulUj  fusible,  like  iron  and  platinum :  but  there  is  hj  no 
means  a  perfect  parallelism  between  the  order  of  fusibility  and 
that  of  expansibility ;  nor  ought  we  to  expect  it,  for  different 
metals  are  not  equally  expansible  at  temperatures  equally  dis- 
tant from  their  melting-points. 

(245.)  Expansion  of  Orystah.  — We  have  hitherto  assumed 
that  solid  bodies  expand  equally  in  all  directions,  and  this  is 
true  of  all  homogeneous  solids  ;  but  it  is  not  necessarily  the  case 
with  crystals.  Only  tltose  crystals  which  belong  to  the  Regular 
System  expand  equally  in  all  directions.  Those  belonging  to 
the  other  systems  expand  unequally  in  the  direction  of  the  un- 
equal axes.  This  inequality  in  the  expansion  of  crystals  in  the 
directions  of  unequal  axes  can  be  readily  detected,  because  an 
alteration  in  the  relative  length  of  the  axes  must  change  the  inter- 
facial  angles  of  the  crystal,  which  can  be  measured  with  great 
accuracy  (96).  Professor  Mitscherlich,*  of  Berlin,  who  has  very 
carefully  studied  this  subject,  found  that  the  interfacial  angles  of 
all  crystals,  except  those  belonging  to  the  regular  system,  were 
slightly  affected  by  changes  of  temperature.  The  rhombohedral 
angle  of  calc-spar,  for  example,  (page  150,)  varies  eight  and  a 
half  minutes  between  the  freezing  and  boiling  points  of  water. 
Indeed,  Mitscherlich  has  shown  that,  while  a  crystal  is  expanding 
in  length  by  heat,  it  may  actually  be  contracting  in  another  di- 
mension. These  facts  are  in  entire  harmony  with  the  principles 
of  the  last  section  ;  for,  since  the  elasticity  of  crystals  is  different 
in  different  directions  (108),  we  should  naturally  expect  that  the 
rate  of  expansion  would  be  different  also. 

In  investigating  the  laws  of  expansion  of  solids,  it  is  evidently 
advisable  to  make  choice  of  crystallized  bodies ;  for  when  the 
substance  is  not  crystallized,  the  expansion  of  different  specimens 
may  not  be  precisely  the  same,  owing  to  variations  of  internal 
structure.  This  is  probably  the  cause  of  the  discrepancies  which 
we  find  between  the  coefficients  of  expansion  of  the  same  sub- 
stance as  given  by  different  experimenters.  These  discrepancies, 
indeed,  are  the  most  marked  in  the  case  of  substances  like  glass, 
in  which  we  should  naturally  expect  the  greatest  variations  of 
structure. 

The  expansion  of  glass  has  been  more  carefully  studied  than 

•  Poggendorff'B  Annalen,  1. 125,  X  137,  XLI.  21S. 
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that  of  anj  other  substance,  on  account  of  its  use  in  physical 
apparatus.  Begnault  has  found,  not  onlj  that  the  expansion  of 
glass  varies  with  its  composition,  but  also  that  it  varies  with  the 
manner  in  which  it  has  been  worked.  Thus,  the  same  glass  ex- 
pands more  in  the  form  of  a  solid  rod  than  in  that  of  a  tube,  and 
a  large  vessel  frequently  expands  at  a  different  rate  from  a  small 
vessel  made  of  precisely  the  same  material.  Indeed,  Regnault 
has  shown  that  the  coefficient  of  the  same  glass  vessel  is  not 
always  absolutely  the  same  between  the  same  limits  of  temper- 
ature, especially  if  between  two  observations  it  has  been  exposed 
to  great  and  sudden  thermal  changes.  These  variations  are 
probably  due  to  changes  in  the  molecular  condition  of  the  glass, 
and  are  similar  to  those  which  cause  the  change  in  the  zero  point 
of  the  thermometer  (220). 

It  follows  from  the  above  facts,  that,  where  very  great  accuracy 
is  required,  it  is  important  to  determine  the  rate  of  expansion  of 
the  actual  vessel  which  is  to  be  used  in  the  experiment. 

(246.)  Force  of  Expansion.  —  The  force  with  which  a  body 
expands  is  equal  to  the  resistance  which  it  would  oppose  to  a 
compression  of  an  equal  amount ;  we  have  already  seen  (101) 
how  very  great  this  resistance  is.  ^  A  bar  of  iron  one  metre  long 
expands  0.0012  m.  if  heated  lOO"*.  If  now  we  assume  that  the 
area  of  the  section  of  the  bar  is  equal  to  2,500  mTm.',  and  that 
the  coefficient  of  elasticity  of  iron  is  equal  in  round  numbers  to 
21,000,  we  can  readily  calculate  by  [66]  the  weight  which  would 
be  required  to  compress  the  bar  0.0012.  This  weight  would  be 
21,000  X  2,500  X  0.0012  =  63,000  kilogrammes,  and  it  would 
be  necessary  to  apply  tliis  enormous  force  in  order  to  prevent 
a  bar  of  iron  measuring  5  c.  m.  on  each  side  from  expanding, 
when  heated  from  0^  to  100^.  It  is  not,  therefore,  at  all  won- 
derful that  iron  bars  used  in  buildings  frequently  destroy  the 
masonry  they  were  intended  to  strengthen,  where  care  has  not 
been  taken  to  allow  for  the  expansion. 

The  force  with  which  a  solid  contracts  when  cooled  is  equal  to 
that  with  which  it  expands  when  heated.  This  force  was  first 
used  at  the  Conservatoire  des  Arts  et  MStiers,  in  Paris,  for  draw- 
ing together  the  walls  of  an  arched  gallery  which  had  bulged 
outward  from  the  pressure  of  the  roof,  and  the  experiment  has 
since  been  successfully  repeated  in  several  other  buildings. 
Stout  iron  rods  were  placed  across  the  building,  and  their  ends 
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secured  to  the  outside  of  the  walls  hy  means  of  plates  and  nuts. 
Half  of  the  number  of  rods  were  then  strongly  heated  by  char- 
coal furnaces,  and  when  they  were  expanded  the  plates  were 
screwed  firmly  up  to  the  walls.  As  the  bars  cooled,  they  con- 
tracted and  drew  the  walls  somewhat  nearer  together.  The  same 
process  was  then  repeated  with  the  other  half  of  the  rods,  and 
so  continued  until  the  walls  were  restored  to  a  perpendicular 
position. 

Applications  of  this  same  force  may  be  seen  in  many  of  the 
trades.  The  wheelwright  binds  the  parts  of  a  wheel  together  by 
putting  on  the  iron  tire  while  hot,  and  allowing  it  to  contract 
round  the  wood ;  and  even  the  large  wrought-iron  tires  round 
the  wheels  of  locomotive  engines  are  fastened  in  the  same  way. 
The  cooper  insures  the  tightness  of  a  cask  by  surrounding  it 
with  heated  iron  hoops,  which,  by  contracting,  unite  the  staves 
more  firmly ;  and  steam-boilers  are  riveted  with  red-hot  rivets, 
which,  on  cooling,  draw  the  plates  together  more  securely  than 
any  other  means  could. 

(247.)  Illustrations.  —  The  expansion  of  solids  by  heat  may 
be  illustrated  by  a  great  variety  of  experiments,  but  we  shall 

only  be  able  to  describe  a  few  of  the 
most  striking. 

The  cubic  expansion  may  be  shown 
by  means  of  the  apparatus  represent* 
ed  in  Fig.  869.  The  brass  ball  a  is 
made  so  that  it  will  just  pass  through 
Ihe  ring  m,  when  both  have  the  same 
temperature.  If  then  we  heat  the 
ball,  it  will  no  longer  pass  through  in 
fif  8a».  s^7  position,  tlius  indicating  an  in- 

crease of  volume. 
In  order  to  illustrate  the  linear  expansion  of  solids,  we  make 
use  of  a  class  of  instruments  called  pyrometers.  One  of  the 
simplest  and  most  convenient  of  these  is  represented  in  Fig.  370. 
It  consists  essentially  of  the  metallic  rod  Ay  one  end  of  which  is 
firmly  secured  to  a  brass  pillar  by  means  of  the  clamp«crew  JS, 
while  the  other  end,  which  is  free  to  expand,  plays  against  the 
shorter  arm  of  a  needle,  Kj  moving  on  a  graduated  arc.  Tlie 
rod  is  heated  by  an  alcohol  lamp  of  peculiar  construction,  and 
its  expansion  is  rendered  visible  by  the  motion  of  tiie  needle  over 
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the  graduated  arc.  iDetniments  coturtructed  on  the  same  prin- 
ciple have  beeo  employed  by  Daniels  and  others  for  measuring 
high  temperatures  ;  but  since  they  have  been  superseded  by  the 


for  more  accurate  methods  of  the  present  day,  it  is  not  necessary 
to  describe  tliem  iu  detwl. 

The  unequal  expansion  of  different  metals  is  best  illustrated 
by  a  compound  bar,  made  by  riveting  together  tvo  bars  of  iron 
and  copper  at  different  points 
through  their  vhole  length,  as  ni.  <tl 

represented  in  Fig.  871.    When      -  ■'  •  ■'  '  j  ■  f  i".j..'_j__:,j_~ 
such  a  bar  is  heated,  the  copper 
expands    more    than  the   iron. 


and   t)iQ   bar  curves,   as   repr&-  vii.sii 

eented  in  Fig.  3T2,  in  order  to 

accommodate  the  inequality  of  length  which  thus  results.     If  the 

bar  is  cooled,  it  again  curves,  but  in  the  opposite  direction. 

Tlio  expansion  of  solids  is  also  illustrated  by  many  phe- 
nomena of  every-day  life.  A  nail  driven  into  a  brick  wall  be- 
comes loose  after  a  time,  because  the  iron  expands  in  summer 
and  contracts  in  winter  more  than  the  mortar,  and  Uius  the 
opening  is  eulaif;ed.  Clocks  go  faster  in  winter  and  slower 
in  Eummor,  because  tlie  pendulum  elongates  iu  summer,  and 
consequently  vibrates  more  slowly  ;  while  in  winter  it  becomes 
shorter,  and  vibrates  more  rapidly.  The  pitehof  a  piano  or  harp 
rises  in  a  cold  room,  in  consequence  of  the  coatracUon  of  the 
metallic  strings.  A  closely-fitting  iron  gate,  which  can  be  easily 
opened  on  a  cold  day,  can  only  be  opened  with  difficulty  on  a 
warm  day,  because  both  the  gate  and  the  adjoining  railings  have 
become  expanded  by  the  beat.     Wlieu  iron  pipes  are  employed 
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to  conduct  steam  through  a  factory,  they  are  never  allowed  to 
abut  against  a  wall  or  other  obstacle,  which  they  might  injure  in 
expanding ;  and,  for  the  same  reasons,  the  rails  of  a  railroad  are 
always  laid  at  a  little  distance  apart.  A'  kilometre  of  rails 
expands  seven  metres  between  — 20**  and  40**,  and  this  allow- 
ance must  be  made  in  the  construction  of  the  road.  When  a 
metal  is  soil,  and  its  expansion  or  contraction  at  all  resisted,  it 
may  become  permanently  expanded  when  repeatedly  heated.  A 
waste  steam-pipe  of  lead  has  been  elongated  several  inches  in  a 
few  weeks,  and  the  zinc  or  lead  linings  of  bath  tubs  are  fre- 
quently gathered  in  ridges  from  the  same  cause. 

The  walls  of  buildings  are  also  sensibly  expanded  by  the  action 
of  the  Sim's  rays.  Bunker  Hill  Monument,  an  obelisk  of  granite 
two  hundred  and  twenty-one  feet  high,  moves  at  the  top  so  as  to 
describe  an  irregular  ellipse  with  the  sun's  motion.  Professor 
Horsford,  who  had  an  opportunity  of  studying  the  action  of  the 
sun's  rays  on  this  structure,  noticed  tliat  the  movement  com- 
menced early  in  the  morning  on  a  simny  day,  and  attained  its 
maximum  in  the  afternoon.  In  a  cloudy  day  no  motion  takes 
place,  and  a  shower  restores  the  shaft  to  its  position,  —  showing 
that  the  heat  which  produces  the  deflection  penetrates  but  a  short 
distance.*  A  similar  fact  is  also  noticed  when  astronomical  in- 
struments are  placed  on  elevated  buildings,  from  the  derangement 
which  they  undergo  by  the  unequal  expansion  of  the  walls. 

When  hot  water  is  poured  on  a  thick  plate  of  glass,  the  upper 
surface  is  expanded  before  the  heat  reaches  the  under  surface  of 
the  plate.  Tliere  is,  therefore,  an  unequal  expansion,  and  the 
plate  tends  to  bend,  like  the  compound  bar,  with  the  hot  surface 
on  the  outside  of  the  curve  ;  and  since  the  particles  of  glass  do 
not  readily  yield  to  such  displacement,  the  glass  breaks.  Hence 
is  explained  the  fact,  that  hot  vessels  of  glass  or  porcelain  are 
liable  to  break  when  cold  water  is  poured  into  them,  or  when  set 
down  on  a  cold  surface  which  is  at  the  same  time  a  good  con- 
ductor of  heat.  Such  accidents  are  avoided  by  resting  the  vessel 
on  rings  of  straw,  or  other  poor  conductors,  and  having  them 
made  as  thin  on  the  bottom  as  is  consistent  with  the  necessary 
strength. 

This  effect  of  heat  on  glass  is  used  in  the  laboratory  for  dividing 

•  SilUman*!  Fhilosophj,  p.  329. 
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glass  vessels  which  have  been  cracked  or  otherwise  damaged, 
since  a  ci*ack  once  started  may  be  conducted  in  any  direction 
by  means  of  an  iron  rod  heated  to  redness,  or,  still  better,  by 
means  of  a  burning  slow-match  prepared  expressly  for  the  pur- 
pose.* In  like  manner  the  round  necks  of  glass  retorts,  flasks, 
and  other  chemical  vessels,  can  be  cut  off  by  means  of  an  iron 
ring,  which  is  first  heated  to  a  red  heat  in  a  furnace,  and  then 
held  for  a  few  moments  around  the  neck.  As  soon  as  the  neck 
is  thus  heated,  a  few  drops  of  water  let  fall  upon  the  heated  part 
will  cause  the  neck  to  crack  off. 

But  by  far  the  most  remarkable  illustration  of  the  expansion 
of  solids  by  heat  is  furnished  by  the  Britannia  Tubular  Bridge. 
This  bridge  consists  of  two  rectangular  iron  tubes  (made  of  boiler 
plates  firmly  riveted  together)  1,510  feet  1)  inches  long  at  32''  F., 
and  varying  from  23  feet  in  height  at  either  end  to  30  feet  at  the 
centre.  These  tubes,  which  are  placed  parallel  to  each  other, 
are  secured  permanently  to  the  central  stone  pier  of  the  bridge, 
called  the  Britannia  Tower  ;  but  at  the  other  points  of  support 
they  rest  on  friction  rollers,  and  the  free  ends  move  backwards 
or  forwards  as  the  length  of  each  tube  changes  with  the  tem- 
perature. An  increase  of  temperature  of  26'',  viz.  from  32^  to 
58"*  F.,  gives  an  increase  of  3^  inches  in  the  whole  length  of  the 
bridge,  and  the  daily  expansion  and  contraction  varies  from  half 
an  inch  to  three  inches,  usually  attaining  its  maximum  and 
minimum  about  three  o'clock  in  the  afternoon  and  morning. 
Since  the  tubes  are  inmioTably  secured  in  the  centre,  only  one 
half  of  this  motion  is  visible  at  either  end.  ^'  But  the  most  in- 
teresting effect  is  that  produced  by  the  sun  shining  on  one  side 
of  the  tube  or  on  the  top,  while  the  opposite  side  and  the  bottom 
remain  shaded  and  comparatively  cool.  The  heated  portions  of 
the  tube  expand,  and  thereby  warp  or  bend  the  tube  towards  the 
heated  side,  tlie  motion  being  sometimes  as  much  as  two  and  a 
half  inches  vertically  and  two  and  a  half  inches  laterally."  f  The 
same  phenomena  may  be  seen  at  the  Victoria  Tubular  Bridge, 
recently  built  at  Montreal ;  but  as  the  tubes  of  this  bridge  are 

*  For  a  recipe  bj  which  tboM  ilow-matcbes  maj  ^  prepared,  lae  Mohr*!  Phai^ 
macy. 

t  For  a  rtry  interesting  and  detailed  account  of  them)  phenomena,  see  the  lai^ge  woik 
on  the  Britannia  and  Conway  Tubalar  Bridges,  by  Edwin  Claris,  Resident  Engineer. 
2  vols,  and  Atlas,  London,  1856. 
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mnch  shorter  tbaa  those  of  the  Britannia  bridge,  the  extent  of 
the  motion  ie  not  so  great 

(248.)  Applications  of  the  firpanfiom  of  Solidt.  —  Br^ne^s 
motalUc  thermometer  (Fig.  873)  is  an  apfJication  of  the  principle 
of  the  compound  bar.  The  essen- 
tial part  of  the  instrument  is  a 
spiral,  formed  of  a  metallic  ribbon 
which  is  constructed  in  the  fol- 
lowing way.  Three  small  bars, 
one  each  of  platinum,  gold,  and 
silver,  are,  in  the  first  place,  sol- 
dered tc^ttier  throughout  their 
whole  length.  This  compound 
bar  is  next  rolled  out  in  a  folling- 
mill  until  it  is  reduced  to  a  rib> 
bon  not  more  than  one  sixtieth 
,  of  a  millimetre  in  thic^ess,  and 
ti-  fis-  from  one  to  two  millimetres  broad. 

The  ribbon  thus  prepared  is  wound 
into  a  spiral,  having  the  silver  face  towards  the  interior,  and  this 
spiral  is  suspended  to  the  upright  arm  of  the  insb-umeut. '  To 
its  lower  end  there  is  fastened  a  needle,  which  traverses  an  arc 
graduated  into  Centigrade  degrees,  and  the  whole  instrument  is 
covered  with  a  glass  bell  for  protection. 

Although  the  ribbon  is  rolled  out  to  the  extreme  degree  of 
thinness  just  stated,  yet  the  continuity  of  the  three  metals  re- 
mains unbroken  ;  so  that  the  spiral  may  be  regarded  as  consist- 
ing of  three  spirals  of  different  metals  united  throughout  their 
whole  length.  Tlio  silver  spiral,  which  is  the  most  dilatable,  is 
surrounded,  first,  by  a  gold  spiral,  which  expands  less  than  the 
silver,  and  lastly  by  a  platinum  spiral,  which  expands  the  least 
of  ail.  As  the  temperature  rises,  the  silver  expanding  more  thaa 
the  platinum  or  the  gold,  each  coil  of  the  spiral  tends  to  unbend, 
and  the  effect  is  evidently  partially  to  uncoil  the  whole,  causing 
the  needle  to  move  over  the  graduated  arc  from  left  to  right  ia 
the  above  figure.  The  opposite  effect  ensues  when  the  tempers- 
tare  falls.  The  gold  band  is  placed  between  the  two  others, 
because  it  has  an  intermediate  rate  of  expansion.  Were  plati- 
num and  silver  used  alone,  tlie  great  inequality  of  their  rates 
of  expansion  might  cause  the  bands  to   separate.    On  account 
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of  the  Binall  mass  of  metal  of  irhich  the  spiral  consists,  Br^guet's 
thermometer  is  exceedingly  seositife  to  verj  sUght  changes  of 
temperature,  and  may  be  iised  ia  some  cases  with  great  ad- 
yantage. 

Some  of  the  most  ingenious  applications  of  the  expansion  of 
metals  are  to  be  found  among  the  numerous  contrivances  for 
retaining  the  pendulums  of  clocks  of 
an  invariable  length  at  all  tempera- 
tures. One  of  tliese,  called  Harrison's 
gridiron  pendulum,  is  repreEented  in 
Fig.  374.  The  large  disk  of  this  pen- 
dulum is  suspended  by  a  series  of  steel  • 
and  brass  rods,  alternating  with  each 
other,  and  connected  at  the  ends  by 
cross-pieces.  The  manner  in  vhich 
these  are  arranged  vill  be  best  under- 
stood by  studying  the  figure,  in  which 
the  Btecl  rods  are  distinguished  from 
the  brass  by  being  shaded.  Tho  length 
of  the  pendulum  is  evidently  equal  to 
the  sum  of  the  lengths  of  the  steel  rods, 
inchiding  the  steel  ribbon,  &,  which  sup- 
ports the  whole  pendulum  and  bends  at 
each  oscillation,  less  tlie  sum  of  the 
lengths  of  the  brass  rods.  Moreover, 
it  will  also  bo  seen,  by  examining  the 
figure,  that,  while  the  expansion  of  the 
steel  rods  lengthens  the  pendulum,  the 
expansion  of  the  braes  rods  shortens  it. 

If,  then,  tl)0  lengths  of  tlie  rods  are  so  tig  v.*        , 

adjusted  tliat  the  expansion  in  one  di- 
rection will  just  balance  that  in  the  other,  the  pendulum  will 
remain  of  an  invariable  length.      It  is  easy  to  determine,  ap- 
proximatively,  the  length   required   to    produce   this  compcu- 
satioQ. 

Representing  by  L  and  1/  the  sum  of  the  lengtba  of  the  steel  and  the 
brass  roda  respectively,  and  by  k  end  i^  their  coefficients  of  expansion,  ve 
should  have,  since  the  amount  of  expansion  is  the  same  in  both, 

48 
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Moreover,  since  at  the  latitude  of  Paris  the  length  of  the  seconds  pendu- 
lum is  0.99394  metre  (58),  we  must  also  have 

L  —  L'  =  0.99394. 

Combining  these  two  equations,  and  substituting  for  h  and  h  their  values 
from  Table  XV.,  we  should  find  that  the  pendulum  would  remain  of  an 
invariable  length  when  the  sum  of  the  lengths  of  the  steel  rods,  or 
i,  z=  2.31919  metres,  and  when  the  sum  of  the  lengths  of  the  brass  rods, 
or  L'y  =  1.32525  metres.  It  is  evident,  therefore,  that  compensation 
could  not  be  effected  with  fewer  rods  than  are  represented  in  the  figure, 
namely,  three  of  steel  and  two  of  brass. 

The  above  calculation,  however,  only  gives  approximate  re- 
sults, since  the  virtual  length  of  the  pendulum  depends  on  the 
position  of  the  centre  of  oscillation,  and  may  vary,  even  when  the 
apparent  length  remains  the  same  (54).  In  practice,  the  rods 
are  constructed  as  nearly  as  possible  of  the  required  length,  and 
the  compensation  is  afterwards  completed  by  varying  the  position 
of  the  weight  o^  until,  after  successive  trials,  the  right  point  is 
attained. 

A  clockmaker  by  the  name  of  Martin  effected  the  compensar 
tion  in  pendulums  by  means  of  a  compound  bar  of  iron  and 
copper,  fixed  transversely  on  the  pendulum  rod,  as  represented 
in  Fig.  375.  To  the  ends  of  this  compound  bar  small  weights 
are  attached,  movable  on  a  screw,  and  the  bar  is  so  placed  that 
the  copper  is  lowest.    Hence,  when  the  temperature  rises,  its  ends 


Fig.  876. 


Fig.  876. 


Fig.  877. 


curve  upwards,  as  represented  in  Fig.  876  ;  and,  on  the  other 
hand,  they  curve  downwards,  as  in  Fig.  377,  when  the  tempera- 
ture falls.  The  rising  and  falling  of  these  masses  of  matter  will 
evidently  change  the  virtual  length  of  the  pendulum,  by  raising  or 
lowering  the  centre  of  oscillation.  Moreover,  this  change  will  be 
just  the  reverse  of  that  caused  by  the  action  of  heat  on  the  pen- 
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dulum  itself ;  and,  bj  yarying  the  position  of  the  small  weights 
on  the  transverse  bar,  the  two  changes  maj  be  made  exactly  to 
counteract  each  other. 

An  arrangement  precisely  similar  to  that  of  Martin  has  long 
been  employed  for  compensating  the  balance-wheels  of  chronom- 
eters and  watches.  It  is  well  known  that  the 
motion  of  a  watch  is  regulated  by  a  balance- 
wheel,  as  that  of  a  clock  is  by  the  pendulum, 
and  that  the  oscillations  of  this  balance-wheel 
are  maintained  by  a  fine  spiral  spring,  whose 
elasticity  takes  the  place  of  the  force  of  grav- 
ity acting  on  the  pendulum  of  the  clc^k.  Now, 
the  duration  of  an  oscillation  of  a  balance-  ng.  878. 

wheel  depends  on  the  elasticity  of  the  spring, 
on  the  radius  of  the  wheel,  and  on  the  mass  of  matter  in  its  rim. 
The  effect  of  heat  is  to  increase  the  radius,  and  thus  to  retard 
the  watch  by  increasing  the  duration  of  each  oscillation.  This 
effect,  however,  can  be  entirely  counteracted  by  the  arrangement 
represented  in  Fig.  878.  The  three  metallic  arcs,  a,  a,  a,  are  each 
made  of  two  metals,  the  most  expansible  being  placed  outside ; 
and  as  the  temperature  rises,  they  curve  in  and  carry  the  three 
small  masses  of  matter,  n,  n,  n,  nearer  to  the  axis  of  the  wheel, 
thus  diminishing  the  virtual  length  of  the  radius  as  much  as  the 
expansion  increased  it.  The  position  of  the  small  masses  n,  fi,  n, 
in  which  the  effect  of  expansion  is  just  compensated,  is  found  by 
trial ;  and  they  are  adjusted  by  turning  them  on  the  small  screws 
which  form  the  extremities  of  the  arcs. 

Escpansion  of  Liquids. 

(249.)  Absolute  and  Apparent  Expansion.  —  In  considering 
the  expansion  of  a  liquid,  it  is  important  to  distinguish  between 
the  absolute  expansion  and  the  apparent  expansion  when  the 
liquid  is  enclosed  in  a  glass  vessel.  From  the  very  nature  of  a 
liquid,  it  is  evident  that  its  absolute  expansion  cannot  be  directly 
observed,  but  must  be  determined  by  indirect  methods.  It  is 
also  evident,  that  the  absolute  expansion  must  be  equal,  in  any 
case,  to  the  apparent  expansion,  increased  by  the  amount  of  ex- 
pansion of  the  glass  vessel  containing  the  liquid;  compare  (219) 
and  (241) ;  and  hence,  when  any  two  of  these  quantities  aio 
known,  the  third  can  always  be  calculated. 
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(250.)  Absolute  Expansion  of  Mercury.  —  The  coefficient  of 
absolute  expulsion  of  mercury  ia  one  of  the  most  important 
constants  of  physics ;  for  not  only  does  it  enter  indirectly  into  the 
determination  of  the  expansion  of  most  other  substances, — solids, 
liquids,  and  gases  (254),  —  but  it  also  has  a  direct  bearing  on 
the  theory  and  use  of  both  the  thermometer  and  barometer 
(219)  and  (160).  It  is  therefore  essential  that  tlib  constant 
should  be  determined  witli  the  greatest  care. 

The  most  accurate  method  of  determining  the  coefficient  of 
absolute  expansion  of  mercury  is  based  upon  the  principle  in 
hydrostatics  (131),  that,  when  two  tubes  filled  with  different 
liquids  communicate  together,  the  heiglits  of  the  two  liquid  col- 
umns if  in  equilibrium  are  inversely  proportional  to  the  specific 
gravities  of  the  liquids.  What  is  true  of  different  liquids  must 
also  be  true  of  the  same  liquid  at  different  temperatures ;  and 
we  can  therefore  determine  the  relative  specific  gravity  of  mer^ 
cury  at  such  temperatures  by  measuring  the  heights  of  the  mer- 
cury-columns in  the  legs  of  an  inverted  siplion,  so  arranged 
that  each  column  may  be  exposed  to  the  temperature  required. 
When  tlie  specific  gravity  at  two  difierent  t£mperatures  has  been 
thus  determined,  we  can  easily  calculate  the  coefiBcient  of  ezpan- 
don  by  [168]. 

The  apparatus  used  by  Dulong  and  Petit,  who  determined  the 
absolute  expansion  of  mercury  by  the  hydrostatic  method,  ia 


represented  in  Fig.  3T9.  It  consisted  of  two  glass  tubes,  A  and 
B,  supported  vertically  on  an  iron  basement,  and  united  below 
by  a  capillary  tube,  so  as  to  form  together  an  inverted  siphon. 
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The  two  tabes  were  each  enclosed  in  a  metallic  vessel.  The 
^ifiallest  of  these,  D,  was  filled  with  pulverized  ice,  and  the  other, 
Ej  contained  oil,  which  was  gradually  heated  by  a  small  fur- 
nace, which  the  figure  represents  in  section,  in  order  to  show  the 
construction.  Lastly,  the  tubes  were  filled  with  mercury,  which 
preserved  the  same  level  in  both  as  long  as  the  tubes  were  ex- 
posed to  the  same  temperature,  but  which  rose  in  the  tube  B  in 
proportion  as  it  was  heated.  In  making  an  observation  with  tliis 
apparatus,  the  bath  was  first  heated  to  the  required  temperature, 
which  was  indicated  by  the  thermometer  P,  and  then  the  heights 
of  the  two  colunms  were  measured  by  the  cathetometer  K. 

In  order  to  calculate  from  such  an  observation  the  coefficient 
of  absolute  expansion,  let  us  represent  by  H  and  (^I^.Gfr.')  the 
height  and  specific  gravity  of  the  mercury-column  ^  at  0^,  and 
by  H^  and  (S/?.Gr.)'  the  height  and  specific  gravity  of  the  mer- 
cury-column B  at  f*.  Then  we  have,  by  [81],  H .  (^Sp. Gr.')  = 
H'  (^Sp.  Gr.y,  Moreover,  representing  the  coefficient  of  absolute 
expansion  of  mercury  by  JT,  we  have,  by  [166]  and  [66], 

iSp.Gr.)  =  (^Sp.GT.y  (1  +  Kf).  [169.] 

Combining  the  two  equations,  we  obtain,  for  the  value  of  JT, 

By  this  method,  Dulong  and  Petit  found  that  the  mean  abso- 
lute expansion  of  mercury  between  0**  and  100**  was  ^A^  = 
0.00018018.  Regnault  has  since  redetermined  this  coefficient 
with  an  apparatus  based  on  the  same  principle,  but  very  greatly 
improved,  and  has  obtained,  for  the  mean  value  between  0"*  and 
100**,  0.000 18153,  a  number  which  differs  but  little  from  that  of 
Dulong  and  Petit.  The  apparatus  of  Regnault,  although  very 
simple  in  principle,  is  quite  complicated  in  construction,  and  it 
would  require  more  space  to  describe  it  than  we  are  able  to 
give  ;  but  the  student  will  find  it  described  in  full  in  Begnault's 
memoir  on  the  subject.* 

As  has  already  been  stated  (219),  the  coefficient  of  expansion 
of  mercury  increases  with  the  temperature.  This  is  shown  by 
the  following  table,  which  contains  the  results  obtained  by  Reg- 
nault. 


*  M^moiree  de  I'Acadi^mie  dei  Sdmces  de  I'lnstitat,  1847. 
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>Ti«inpem 

Mirsby 

hermoDMl 

Mwn  OoeflldeQt  of 
Expaoflion  of  Mercuxy     ^ 
w.           Ihun  0^  to  f^. 

Actual  GoeOeioBt 

of  Szpanflion 
fiPoml<'to(f+l/». 

Toltmaf 

of 

SqulWelghlk 

0° 

0 

0.00017905 

1.0000000 

80 

0.00017976 

0.00018051 

1.0053928 

50 

0.00018027 

0.00018152     , 

10090135 

70 

0.00018078 

0.00018253 

1.0126546 

100 

0.00018153 

0.00018305 

1.0181580 

150 

0.00018279 

0.00018657 

1.0274185 

200 

0.00018405 

0.00018909 

1.0368100 

250 

0.00018531 

0.00019161 

1.0463275 

800 

0.00018658 

0.00019413 

1.0559740 

350 

0.00018784 

0.00019666 

1.0657440 

In  the  last  column  of  this  table  we  have  given  the  volume 
to  which  one  cubic  centimetre  of  mercury  will  expand  when 
heated  to  the  different  temperatures  indicated  in  the  first  column. 
This  volume  may  be  calculated  by  means  of  the  formula  F= 
1  -f-  ^  Aj  whenever  the  corresponding  mean  coeflScient  between 
0^  and  t^  (as  given  in  the  second  column  of  the  table)  is  known ; 
and  for  temperatures  for  which  the  coefficient  has  not  been  de- 
termined, it  can  be  ascertained  sufficiently  near  by  interpolation. 
It  is  convenient,  however,  to  have  a  single  formula  by  which  the 
volume  can  be  calculated  at  once  for  any  temperature  ;  and  such 
a  formula  can  be  obtained  by  applying  the  principle  of  [130]. 

Since  the  volume  is  always  some  function  of  the  temperature, 
it  can  be  expressed  by  the  general  formula,  into  which  every 
algebraic  function  may  bo  developed, 

V=A  +  Bt^  C^«  +  D  /•  +,  Ac.  [171.] 

In  the  present  case,  A  is  equal  to  unity,  the  volume  when  the 
temperature  is  zero,  and  the  other  coefficients  can  be  found  by 
substituting  in  the  general  equation  [171]  the  value  of  A^  and 
also  the  values  of  V  and  t  for  each  temperature  at  which  tlie 
volume  has  been  experimentally  determined.  We  shall  thus 
obtain  as  many  equations  as  there  are  determinations,  and  by 
combining  them  together  according  to  the  well-known  methods  of 
algebra  we  can  easily  calculate  the  coefficients  required.  Making 
use  of  Regnault's  results,  as  given  in  the  above  table,  we  should 
thus  obtain  for  the  volume'  of  mercury  at  any  temperature,  f,  as 
indicated  by  an  air-thermometer,  the  value, 
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r=  1  +  0.000179007 1  +  0.0000000252816 1\      [172.] 

It  is  tmnecessarj  to  add  that  tins  formula  is  purely  empirical, 
and  can  only  be  trusted  for  temperatures  within  the  limits  be- 
tween which  the  experiments  were  made. 

(251.)  Correction  of  the  Observed  Height  of  the  Barometer 
for  Temperature.  —  Since  the  height  of  a  barometer  is  affected 
bj  changes  of  temperature  (160),  it  becomes  essential,  before 
comparing  together  different  observations,  to  reduce  each  to  the 
standard  temperature  of  0** ;  in  other  words,  to  calculate  what 
would  have  been  the  height  had  the  temperature  at  the  time  of 
the  observation  been  at  the  freezing-point.  The  principles  of 
the  last  section  furnish  us  with  a  ready  method  of  making  the 
reduction. 

The  pressure  of  the  air  being  constant,  it  follows  from  (158)  and  [81] 
that  the  height  of  a  mercury  barometer  at  different  temperatures  will  be 
inversely  proportional  to  the  specific  gravity  of  mercury  at  these  tempera- 
tures. Hence  we  shall  have  Hi  H'  '=.  {Sp.Gr.)' :  {Sp,Gr,),  a  propor- 
tion in  which  Hand  {Sp,Gr.)  represent  the  height  of  the  column  and  the 
specific  gravity  of  mercury  at  0®,  while  H*  and  (Sp.  Gr,y  represent  the 
same  values  at  f.  But  we  also  have  (Sp.Gr.)  ^  (Sp.Gr.)'  (1  -|-  Xt)^ 
and  combining  this  with  the  last  proportion,  we  at  once  deduce  H*  = 
-5^(1  4- JTO,  and 

or,  substituting  for  K  its  mean  value  between  C"  and  100**  (0.00018  = 

The  last  term  of  the  above  formula  is  the  correction  which  must  be  sub- 
tracted from  the  observed  height,  in  order  to  reduce  the  observation  to 
zero. 

The  reduction  as  thus  made,  however,  would  not  be  quite  correct,  since 
we  have  not  taken  into  account  the  change  in  the  length  of  the  scale  of 
the  barometer  caused  by  the  expansion  of  the  material  on  which  it  is 
engraved.  If,  as  in  the  barometer  of  Fortin  (160),  this  scale  is  engraved 
oo  the  brass  casing  of  the  tube,  which  extends  quite  down  to  the  cistern, 
it  is  easy  to  make  allowance  for  the  effect  of  its  expansion,  assuming  that 
the  scale  agrees  with  the  standard  of  length  at  0^.  Let  us  assume  that  the 
divisions  on  the  scale  are  in  centimetres.     It  is  evident  that  the  effect  of 
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heat  will  be  to  increase  the  length  of  each  division,  and  thus  to  make  the 
apparent  height  of  the  mercury-column  less  than  the  real  height  If  the 
brass  expanded  as  much  as  the  mercury,  the  two  effects  would  balance 
each  other,  and  there  would  be  no  correction  to  make.  But  this  is  not  the 
case ;  and  the  expansion  of  the  brass  scale  onlj  in  part  compensates  for 
the  increased  height  of  the  mercuiy-column  caused  by  the  change  of  tem- 
perature. Representing  by  k  the  coefficient  of  expansion  of  brass,  we 
shall  have,  for  the  length  of  each  division  of  the  scale  at  <°,  the  value 
1-^kt;  and  since  the  i^parent  height  of  an  invariable  mercury-colnmii 
must  be  inversely  proportional  to  the  length  of  the  divisions  of  the  scale, 
by  which  it  is  measured,  we  deduce  the  proportion  H:  If^::=zl  :  1  -^kt, 
in  which  JI  and  If^  represent  respectively  the  i^parent  heights  of  the 
column  at  f  and  0°  respectively.  Substituting  in  thb  proportion  the 
value  of -ff*  [173],  we  readily  deduce 

«  -  ^'  rfxt  -s'-s-  ^^-^^ '       [176.] 

The  second  term  of  the  above  formula  gives  a  correction,  to  be 
subtracted  from  tho  observed  height  of  a  mercury-i^olumn,  which 
eliminates  the  expansion  of  the  scale  as  well  as  that  of  the  column 
itself,  and  reduces  the  observations  strictly  to  0®.  The  value  of 
this  correction,  in  centimetres,  corresponding  to  one  degree  of 
temperature,  is  given  in  Table  XVIII.  for  every  five  millimetres 
in  the  height  of  the  mercury-column  from  0.5  c.  m.  to  100  c.  m., 
and  not  only  for  a  barometer  with  a  brass  scale,  but  also  for  a 
barometer  with  the  scale  engraved  on  the  glass  tube.  The  cor- 
rection for  any  given  temperature  is  found  by  multiplying  the 
number  from  the  table  opposite  to  the  observed  height  by  the 
number  of  degrees.  If  the  degrees  are  above  zero,  the  correc- 
tion is  to  be  subtracted  from  the  observed  height ;  if  below,  to  be 
added  to  it.  This  same  table,  as  well  as  the  formula  [175],  may 
also  be  used  for  reducing  to  0^  the  height  of  any  mercury- 
column  ;  for  example,  that  in  a  manometer-tube  (168),  or  in  a 
glass  bell  over  a  mercury  pneumatic  trough  (169).  If  die  height 
of  the  column  is  measured  by  means  of  a  cathetometer,  as  in 
Fig.  272,  it  is  equivalent  to  using  a  barometer  ivith  a  brass  scale, 
and  the  correction  must  be  taken  from  the  column  headed  "  Brass 
Scale  "  in  Table  XYIIL  If,  on  the  other  hand,  it  is  measured  by 
means  of  graduation  on  the  glass  bell  or  tube  itself,  the  column 
headed  ^^  Glass  Scale  "  should  be  used. 
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(252.)  ApparetU  Expansion  of  Mercury,  -r-  The  apparent  ex- 
pansion of  mercury  will  evidently  vary  with  the  nature  of  the 
vessel  in  which  it  is  enclosed.  But  since  the  vessels 
used  for  the  purpose  are  almost  invariably  made  of 
glass,  we  understand  by  the  term  apparent  expanr 
sion  the  apparent  expansion  in  glass,  unless  it  is 
otherwise  stated.  The  apparent  expansion  of  mer- 
cury in  glass  can  readily  be  determined  experimen- 
tally by  means  of  the  apparatus  represented  in  Fig. 
380.  It  consists  of  a  cylindrical  reservoir  opening 
into  a  capillary  tube,  which  is  drawn  out  at  the  end 
to  a  fine  point,  and  bent  into  the  form  of  a  hook. 
The  apparatus  is  in  the  first  place  weighed,  and  then 
filled  with  pure  mercury,  like  a  thermometer-tube 
(Fig.  840),  taking  care  to  boil  the  mercury  in  the 
reservoir  in  order  to  expel  the  last  traces  of  air  and 
moisture.  It  is  next  surrounded  with  melting  ice, 
the  orifice  of  the  tube,  o,  dipping  under  mercury, 
which  is  thus  drawn  into  the  apparatus  as  the  temperature  falls 
until  the  whole  is  filled  with  mercury  at  0^.  Having  weighed 
the  apparatus  again,  and  subtracted  the  weight  of  the  glass, 
we  obtain  the  weight  of  the  mercury  at  0",  which  we  will  repre- 
sent by  TT.  Finally,  we  expose  the  apparatus  to  a  constant  and 
known  temperature,  fj  (for  example,  to  that  of  the  steam  from 
boiling  water,)  and  collect  and  weigh  the  mercury  which  escapes. 
Call  this  weight  to  ;  then  W —  w  is  the  weight  of  mercury  which 
just  fills  the  apparatus  at  f.  We  have  now  all  the  data  required 
for  calculating  the  apparent  coefiicient  of  expansion. 
The  volume  of  W —  to  grammes  of  mercury  at  0*  is,  by  [56] , 

Vssz  .      ^.  .      Neglecting  the  expansion  of  the  glass,  this 

weight  of  mercury  occupies  at  t^  the  same  volume  which  was 
filled  by  W  grammes  of  mercury  when  the  temperature  was 

zero ;  viz.  the  volume  of  the  apparatus.    Hence,  the  volume  of 

W 
W —  to  grammes  at  ^  is  F'  »■  /g   /^\  •     But  if  K  repre- 
sents the  coefficient  of  apparent  expansion,  we  have,  by  (289), 
P  =«  F  (1  -f-  S  0  ;   and  substituting  the  values  of  F  and  F', 
we  get,  by  reducing, 

K  — 7w^?^.'  [176.] 


(  W—  w)  t 
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Dulong  and  Petit  found,  by  this  method,  that  the  apparent 
coefficient  of  expansion  of  mercury  in  the  common  glass  of 
Paris  is  ^^^^  ;  but  evidently  this  coefficient  depends  on  the 
expansion  of  glass,  and  is  liable  to  all  its  variations  (245). 

(253.)  We  can  also  easily  determine  the  apparent  expansion 
of  mercury  by  a  thermometer-tube,  whose  stem  has  been  divided 
into  parts  of  equal  capacity  (221).  For  this  purpose,  we  in 
the  first  place  ascertain  the  relation  between  the  volume  of  the 
reservoir  and  that  of  one  of  the  divisions  of  the  tube  in  the  fol- 
lowing way :  — 

The  tube,  having  been  weighed,  is  partially  filled  with  mer- 
cury, and  the  point  on  the  lower  part  of  the  stem  at  which  the 
mercury  stands  in  melting  ice  is  carefully  marked.  Now  re- 
weighing  the  tube,  we  find  the  weight  of  mercury  which  the  tube 
and  bulb  contain  below  this  index-mark.  Call  this  weight  W. 
An  additional  quantity  of  mercury  is  then  introduced,  so  that, 
when  the  apparatus  is  again  immersed  in  ice-water,  the  colimm 
stands  at  the  nth  division  above  the  mark.  A  tliird  weighing  now 
gives  the  weight  of  mercury  occupying,  at  0^,  n  divisions  of  the 

tube.     Call  this  weight  w ;   then  —  is  the  weight  of  mercury 

which  fills  one  division  of  the  tube.  Assuming  the  volume  of 
one  division  of  the  tube  as  our  unit  of  measure,  and  representing 
by  N'  the  number  of  such  units  of  volume  which  the  bulb  and 
tube  contain  below  the  index-mark,  we  have 

N'  =  n^;  [177.] 

and  knowing  the  number  of  these  arbitrary  units  of  volume 
below  the  index-mark  on  the  tube,  we  can  by  simple  addition 
or  subtraction  find  the  number  below  any  other  division.  Let  us 
represent  this  number  in  general  by  N. 

The  bulb  and  tube  having  been  thus  gauged,  in  order  to  meas- 
ure the  apparent  expansion  of  mercury  we  have  only  to  deter- 
mine the  two  fixed  points <,  as  in  making  a  thermometer  (218). 
The  number  of  divisions  on  the  stem  between  these  points  is  the 
number  of  units  of  volume  which  JVtmits  of  volume  expand  be- 
tween 0"*  and  100^.  Representing  by  n  the  number  of  divisions 
between  the  fixed  points,  we  have,  by  [166], 

JV^+n=iV'a  +  «100),    whence    K«:j^;      [178.] 
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which  is  the  coefficient  required.  This  method,  although  not  so 
accurate  in  the  case  of  mercury  as  the  one  described  in  the  last 
section,  is  much  the  more  accurate  of  the  two  for  other  liquids. 

(254.)  Relation  between  the  Apparent  and  Absolute  Coeffi^ 
dent  of  Expansion.  —  It  has  already  been  stated  (249),  that  the 
apparent  increase  of  volume  of  mercury  in  a  glass  vessel  is  equal 
to  the  actual  increase  of  volume  diminished  by  the  amount  of 
expansion  of  the  glass.  A  simple  algebraic  calculation  will  show 
that  the  apparent  coefficient  of  expansion  of  mercury  is  also  equal 
to  the  absolute  coefficient  diminished  by  the  coefficient  of  expan- 
sion of  the  glass.  Representing  these  quantities  respectively  by 
C,  Kj  and  K'^  we  have,  in  every  case, 

K=Jr— JT'    (1),      or        jr'=J— K    (2);    [179.] 

so  that  we  can  always  calculate  either  coefficient  when  the  other 
two  are  known.  Now  the  absolute  coefficient  of  mercury  is 
known  with  great,  accuracy,  and  we  can  therefore  use  the  pro- 
cesses described  in  the  last  two  sections  for  determining  the 
coefficient  of  expansion  of  glass.  Indeed,  this  is  much  the  mo^t 
accurate  method  we  have,  and  the  careful  determinations  made 
by  Begnault  of  the  coefficients  of  expansion  of  different  kinds  of 
glass,  and  of  the  same  glass  under  different  circumstances,  were 
made  in  this  way. 

We  can  also  use  the  method  of  (252)  for  determining  the 
coefficient  of  expansion  of  any  solid  not  acted  on  by  mercury, 
when  the  coefficient  of  tlie  glass  used  is  known.  For  this  pur- 
pose, a  weighed  amount  of  the  solid  (either  in  fragments  or 
in  the  form  of  a  bar)  is  introduced  into  a  glass  tube  closed 
at  one  end,  and  the  other  end  is  then  heated  in  a  lamp  and 
drawn  out  into  the  form  represented  in  Fig.  880.  The  tube  is 
next  filled  with  mercury,  and  the  experiment  conducted  in  all 
respects  as  described  in  (252).  We  shall  then  have  the  follow- 
ing data  for  calculating  the  coefficient  of  expansion  of  the  solid: 

1.  the  weight  of  the  solid  (TF'),  and  its  specific  gravity  (i); 

2.  the  weight  of  mercury  in  the  tube  at  0"*  (  TT'),  and  its  specific 
gravity  (3') ;  8.  the  weight  of  mercury  in  the  tube  at  f  (  W' — tr); 
4.  the  coefficients  of  mercury  and  glass  (f  and  JT')*  Represent- 
ing also  by  z  the  imknown  coefficient  of  the  solid,  we  can  easily 
obtain  it  from  the  following  equation,  remembering  that  the  vol- 
ume of  the  tube  either  at  0"*  or  t^  must  be  equal  to  the  volume  of 
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the  enclosed  solid  pins  the  volume  of  the  mercnrj  it  oontaios 
at  the  temperature.     See  also  [56]  and  [166]. 

(y  +  >-)  (1  +  JPO  =  y  (l  +  arO  +  "^'p  (1+ JTO.    [180.] 
Prom  this  we  obtain  the  value  of  tlve  coefEcient, 

This  method  of  determining  the  coef&cient  of  expansion  of 
solids  admits,  in  many  cases,  of  great  accuracy.  It  was  used  by 
Dulong  and  Petit  for  determining  the  coefficients  of  cubic  expan- 
sion of  iron,  platinum,  and  copper. 

(255.)  Laws  of  the  Expansion  of  Liquids.  —  Tlie  fullest  ii^ 
vestigations  on  the  expansion  of  liquids  have  been  made  by 
Eopp,*  in  Germany,  and  by  Pierre,!  in  France.  Tliese  experi- 
menters fdlowed  essentially  tlie  same  method.  They  deter- 
mined, in  the  first  place,  the  apparent  expansion  by  means 
of  a  thermometer-tube,  as  described  in  (258),  and  afterwards 
corrected  the  results  for  the  expansion  of  tlie  glass.  The  follow- 
ing are  the  most  important  facts  which  are  known  in  regard  to 
the  expansion  of  this  class  of  bodies. 

Liquids,  like  solids,  expand  with  an  almost  irresistible  force, 
which  may  be  measured  by  the  mechanical  effort  required  to 
condense  the  expanded  liquid  to  its  initial  volume  (118).  For 
the  same  increase  of  temperature,  all  liquids  expand  more  than 
the  most  expansible  solid.  This  we  should  naturally  expect, 
from  (244),  because  liquids  are  more  compressible  than  solids ; 
and  in  support  of  tlie  same  principle,  we  find  that  the  order  of 
expansibility  of  different  liquids  is  nearly  the  same  as  the  order 
of  compressibility,  although  by  no  means  identical  with  it.  It 
may  also  be  stated  as  a  general  rule,  but  one  to  which  there  are 
many  exceptions,  that  the  most  expansible  Hquids  are  those 
which  have  the  lowest  boiling-points  ;  this  is  eq>eciaUy  true 

in  regard  to  liquids  which  are  allied  in  their  chemical  proper- 

—  -  ■      -      ^^-^-^— — ^^^^^^^^^^^—  -  ■    -  -  ■  — 

*  Poggendorff,  Annalen,  Band  LXXII.  8.  SS3.    AIbo  Ann.  Chem.  «nd  Fharm., 
Band  XCIV.  S.  S57 ;  Band  XCV.  8.  307. 
t  Annates  de  Chlmie  et  de  Physique,  8*  MAd,  Tom.  XT,  ^OSL,  XX^  XXI^ 

XXXI.,  xxxm. 
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ties.  The  diiTerence  between  the  coefficients  of  expansion  of 
different  liquids  for  the  extreme  cases  is  veiy  great.  Thus, 
while  the  coefficient  of  mercury  is  011I7  0.00019  at  flie  boiling- 
point,  that  of  aldehyde  is  0.002025,  only  one  third  less  than  that 
of  air.  The  amount  of  expansion  of  different  liquids  for  the 
same  interval  of  temperature  may  therefore  differ  immensely. 

The  rate  of  expansion  of  all  liquids  increases  witli  the  tempera- 
ture ;  but  it  varies  according  to  different  laws  with  different  sub- 
stances, and  tlicse  laws  appear  to  be  very  complicated.  Of  all 
liquids,  the  coefficient  of  expansion  of  mercury  increases  the  most 
slowly,  that  of  water  the  most  rapidly, — the  difference  between 
the  mean  rate  of  increase  in  the  two  ^cases  being  (according  to 
Begnault  and  Kopp)  as  28  to  1,408.  The  following  table,  which 
includes  also  a  few  of  the  results  of  Pierre's  investigation,  will 
illustrate  these  &ct8. 


Name  of  Liquid. 

Coefllclent  of 
Lxp;in^inn  at 
Boilinif-Poiut. 

Coeflk'tent  of 

MOP. 

M«Nii  Kikto  of 
Incvnm  Iwtfrwn 

a>  ana  Boiling- 
.   PdutiforP. 

OiOM 

i 

Boillng- 
PolDi. 

Mercury, 

0.000197* 

0.000179* 

w 

Chlorido  of  Am^Ic,    . 

0.00l<>98 

0.001171 

0.158 

101.75 

Tercbcne, 

0.001328 

0.000896 

0.299 

161 

Ethylic  Alcohol, . 

0.001347 

0.001049 

Q.864 

78.8 

Methylic  Alcohol,  . 

0.001491 

0.001186 

0.409        ^ 

63 

Bromine,     . 

0.001.S18 

O.0&I0S9 

0.429 

€8.04 

Tcrchlorido  of  Fhosphoru  i, 

0.001589 

0.001129 

Q.521 

78.34 

Chloroform, 

0.001488 

0.001107 

0.£48 

"    63.30 

Amylic  Alcohol,    . 

0.001606 

0.000890 

0.611 

131.8 

Bmmidc  of  Mcthylc,  . 

0.001659 

O.00I415 

0.762 

18 

Cliloride  of  Silicon, 

0.001978 

0.001294 

0.896 

59 

Sulphurous  Acid, 

0.001820 

0.001490t 

1.154 

-8 

Aldcliyde, 

a002121 

0.001653 

1.286 

22 

Water, 

0.000765 

O.OOOOOOt 

100 

It  has  been  found  in  a  few  eases,  that,  starting  from  the  boiling- 
point,  the  volumes  of  liquids  belonging  to  tlie  same  chemical 
group  diminish,  as  the  temperature  falls,  rerj  nearlf  at  tlie 
same  rate.  By  this  is  meant,  that,  starting  with  equal  volumes 
of  such  chemicallj  allied  liquids  at  their  boiling-points,  tlie  vol- 
umes also  will  be  equal  at  temperatures  equally  distant  from  these 
points.     At  least,  this  was  observed  to  bo  true  by  Pierre  in  five 

*  Oalculated  from  Refmault's  formula  [172]. 

t  This  coetHcipnt  of  vnlphuronfi  arid  w  tiikcn  at  — 25^.85. 

t  At  4^  or  point  of  maximum  denaitj. 

-14 
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separate  instances;  but  tinfortunately  these  groups  consiBted  rf" 
only  two  or  three  liquids,  aud  hence  no  general  conclusions  cau 
be  drawn  from  the  facts. 

The  expansion  of  most  liquids  can  bo  represented  by  a  formula 
of  the  general  fonn  [171],  with  the  some  numerical  coefiicieuts 
for  all  temperatures  between  the  limits  of  the  experiment.  The 
following  are  the  formulae  for  alcohol,  ether,  aud  oil  of  turpentine, 
as  calculated  by  Kopp  from  the  results  of  his  own  experiments :  — 

Alcohol,   Sp.  Gr.  =  0.80950 ;  B.  P.  =  78'.4  ;  0°  (o  79'.6. 

V=  1  +  0.00104139  ( +  0.0000007836*3  _|_  0.000000017618(*. 
Ether,  Sp.  Gr.  =  0.73658  ;  B.  P.  =  84''.9  ;  0"  to  aS". 

K=  1  4- 0.00  U8026( +  0.00000350316(' 4- 0.000000027007  A 
Oa  of  turpenline,   Sp.  Gr.  ^  0.884  j  B.  P.  =  156°  ;   9''.3  to  10j°.6. 
r=  1  +  0.0009003*  +  0.000001 9595  (S  -j-  0.0000000045  (». 

In  each  case  are  given  the  specific  grarity,  the  boiling-^int,  and 

tlie  limits  of  temperature  between  which  the  experiments  from 

which  the  formula  is  deduced  were  made. 

Strictly  speaking,  the  formula  only  holds 

between  these  limits  ;  but,  nerertheless, 

it  can  be  used  without  any  important 

error  for  temperatures    a  few  degrees 

either  aboTe  or  below  the  extreme  Um- 

its,  as,  for  example,  to  determine  the 

volume  of  a  liquid  at  the  boiling.9oint. 

The  law  of  expansion  which  any  given 

liquid  obeys  may  also  be  expressed  by 

means  of  a  curve  applying  the  principle 

already  explained  in  (195).     Fig.  381 

represents  three  such  curves,  those   of 

mercury,  water,  and  alcohol.     Here  the 

numbers  on  the  horizontal  axis  indicate 

degrees  of  temperature,  and  ttie  numbers 

on  the  vertical  axis   the  corresponding 

'  amount  of  expansion,  expressed  in  frao- 

tions  of  the  nnit  of  volume.     These 

curves  illustrate  several  of  the  facts  just 

stated.     It  is  evident,  for  example,  that  alcohol  expands  much 

more  rapidly  than  either  of  the  other  two  liquids.    It  will  also 
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be  noticed,  tliat,  although  above  40^  water  expands  more  rap- 
idly than  mercury,  yet  below  this  temperature  the  order  is  re- 
versed. Moreover,  it  will  be  seen  that  the  curve  of  mercury  is  a 
straight  line,  showing  that  the  amount  of  its  expansion  is  propor- 
tional to  the  temperature,  or,  in  other  words,  that  Uie  rate  is  uni- 
form. (The  small  variation  which  actually  exists  is  not  sensible, 
on  account  of  the  reduced  scale  of  the  figure.)  The  curve  of 
alcohol,  on  the  other  hand,  bends  in  towards  the  vertical  axis, 
indicating  that  its  rate  of  expansion  increases  with  the  tempera* 
ture  ;  and  the  curve  of  water,  bending  much  more  strongly, 
points  to  a  still  more  rapid  variation. 

(256.)  Expansion  of  Liquids  above  the  Boiling-Point.  —  It 
is  a  well-known  fact,  that,  when  a  liquid  is  confined  in  a  strong 
and  hermetically-sealed  vessel,  its  temperature  may  be  raised  very 
greatly  above  its  boiling-point ;  and  it  becomes  a  very  interesting 
subject  of  inquiry,  whether  the  rate  of  expansion,  which  increases 
so  rapidly  as  we  approach  this  point,  increases  with  equal  rapid- 
ity above  it.  This  subject  has  recently  been  investigated  by 
C  Drion,*  and  he  has  arrived  at  the  very  remarkable  conclusion, 
that  imder  these  circumstances  the  coefficient  of  expansion  of  a 
liquid  not  only  increases  at  a  constantly  accelerated  rate,  but  also 
that  it  may  even  surpass  the  coefficient  of  expansion  of  the  gases. 
The  experiments  of  Drion  were  made  on  chloride  of  ethyle, 
hyponitric  acid,  and  sulphurous  acid,  and  his  results  are  given  in 
the  following  table,  which  shows  the  coefficients  of  expansion  of 
all  three  liquids  at  the  temperatures  indicated. 


Coeffldent  of  Ezpuifloii. 

Tempemtoi*. 

Chloride  of  Ethyle. 
B.  P.  -  U'. 

SuIphuTOoe  Acid. 
B.  P.  «  — 8«. 

nyponitrio  Acid. 
B.  P.  -  22^. 

e 

0 

0.001482 

0.001784 

0.001445 

20 

0.001699 

0.002029 

0.001596 

40 

0.001919 

0.002371 

0.001847 

60 

0.002202 

0.002846 

0.002230 

80 

0.002625 

0.003608 

0.002768 

90 

0.002910 

0.004147 

0.003081 

100 

0.008250 

0.004859 

110 

0.003690 

0.005919 

120 

0.004806 

0.007565 

180 

0.005031 

0.009571 

Coefficient  of  expanaion  of  air  a  0.00366. 

5. 

*  Annates  do  Chimie  et  do  Physique,  3"  S^rie,  Tom.  LYL 
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It  will  be  noticed  that  tlie  coeflScients  of  all  three  liquids  in- 
crease with  very  great  rapidity  above  their  boiling-points,  and  that 
those  of  the  first  two  soon  exceed  the  coefficient  of  air.  The 
same  is  undoubtedly  the  case  with  hyponitric  acid ;  but  it  was 
impossible  to  push  the  experiment  above  90^,  because  the  deep 
color  of  the  vapor  obscured  the  position  of  the  summit  of  the 
liquid  column  in  the  thermometer-tube. 

These  results  confirm  the  following  observation  made  by  Thi- 
lorier,  in  1835,  in  regard  to  the  expansion  of  liquid  carbonic 
acid,  which  has  been  hitherto  received  with  great  mistrust  on 
account  of  its  paradoxical  nature,  but  which  is  now  shown  by 
Drion  to  be  in  perfect  harmony  with  the  laws  of  liquid  expan- 
sion:— 

^'  This  liquid  presents  the  strange  and  paradoxical  fact  of  a 
liquid  more  expansible  than  the  gases ; in  a  word,  its  ex- 
pansion is  four  times  greater  than  air,  which  between  0^  and  30* 
expands  only  3VV9  while  the  expansion  of  liquid  carbonic  acid 
reduced  to  the  same  scale  amounts  to  ^if ."  * 

(257.)  Expansion  of  Water.  —  The  expansion  of  water  is  far 
more  irregular  than  that  of  any  known  liquid,  although  the  total 
amount  of  expansion  between  O''  and  100^  is  comparatively  smalL 

This  fact  is  shown  by  tiie  table  on  page  517,  from  which  it 
appears  that  the  coefficient  of  water  increases  as  the  temperature 
rises  vastly  more  rapidly  than  that  of  any  other  liquid  mentioned, 
although  this  coefficient,  even  at  the  boiling-point,  is  the  smallest 
in  the  table  with  the  single  exception  of  that  of  mercury ;  and  not 
only  does  the  coefficient  increase  witli  this  unparalleled  rapidity, 
but  also  the  rate  of  increase  varies  so  irregularly,  that  it  has  been 
found  impossible  to  express  the  volume  of  water  at  different 
temperatures  by  any  single  empirical  formula.  All  this  is  true 
of  the  expansion  of  water  between  10*"  and  100*,  and  below  10* 
the  expansion  is  still  more  irregular  than  it  was  above ;  for  water 
alone  of  all  liquids  has  a  point  of  maximum  density  above  its 
freezing-point  (4**  C),  and  from  this  temperature  it  expands, 
whether  it  bo  heated  or  cooled. 

(258.)  Point  of  Maximum  Density.  —  This  last  fact,  which  is, 
so  far  as  we  know,  a  unique  property  of  water,  and  seems  to 
be  a  special  adaptation  in  the  plan  of  creation,  can  be  very  well 


*  Axmales  de  Chimie  et  de  FhTuqne,  2«  S^riOi  Tom.  LX.  p.  427. 


illTiBtrated  by  means  of  the  apparatus  represented  in  Fig.  882. 
The  apparatus  is  essentially  a  largo  water  thermometer,  —  a 
glass  flask  of  about  one  litre  capacity  form- 
ing Uie  bulb,  and  the  tube  being  secured 
by  leather  pocking  iu  a  braes  cap,  Tliich 
screws  into  a  collar  of  the  same  metal, 
cemented  to  tlie  neck  of  the  flask  (see  Fig. 
88S).     The   temperature  of  tlie  water  in 
the  flask  is  given  by  a  thermometer  sus- 
pended from  a  hook  on  the  under  side  of 
tbe  cap,  and  the  height  of  the  colunm  iu 
the  tube  is  observed  by  means  of  a  wooden 
scale   divided    into   millimetres,  countiug 
from  a  zero-point  near  tlio 
lower  end. 

If  this  apparatus  is  placed 
in  a  cold  room,  whose  tem- 
perature is  below  the  Ireez- 
ing-point,  and  carefully 
watched,  the  column  of 
water  in  the  tube  will  be 
seen  to  fall,  until  the  ther- 
mometer iu  the  flask  marks 
about  6°,  It  will  then  be 
at  its  lowest  point ;  for  as 

tlie  temperature  Ihlls  still  j^^  3:^  t^.  3^2. 

lower,   the   liquid    column 

will  begin  to  rise  in  the  tube,  and  continue  to  rise  until  the 
water  freezes,  although  by  keeping  the  apparatus  perfectly  still 
the  water  may  be  cooled  several  degrees  below  its  normal  Ireez- 
ing-point  before  this  takes  place. 

The  course  of  this  very  remarkable  phenomenon  may  be  best 
represented  to  tbe  eye  by  means  of  a  cur\e.  In  Fig.  884,  the 
abscissas  of  the  curve  a  b  c  represent  degrees  of  temperature, 
and  tlie .  ordinatee  the  corresponding  height  of  the  column  of 
water  in  the  tube  of  tbe  apparatus  (Fig.  882),  measured  from 
the  zero-mark  on  tbe  scale ;  and  it  will  be  noticed  that  tbe  curve 
bends  towards  tbe  axis  of  abscissas,  reaching  its  lowest  point  at 
the  temperature  of  about  6°.  This  curve  does  not,  however, 
represent  iiutlifully  the  variation  in  tlie  volume  of  the  water. 
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since  the  height  of  the  liquid  column  in  tlie  tube  depends  on  the 
expansion  of  the  glass  as  woll  as  on  that  of  the  enclosed  liquid. 
But  since  we  know  the  volume  of  the  glass  flask  and  its  coeffi- 
cient of  expansion,  it  is  easy  to 
calculate  the  effect  prodiiced  by 
its  expansion  ;  and  tlms  we  can 
reduce  tlie  observed  heiglits  of  the 
column  of  water  to  what  they 
would  be,  were  the  volume  of  the 
vessel  absolutely  constant.  If,  then, 
we  construct  a  curve  with  these 
corrected  heights,  wc  shall  obtain 
the  curve  adf,  which  represents 
accurately  the  variation  in  the  vol- 
ume of  water  between  0°  and  16°  ; 
and  it  will  bo  seen  that  tlio  liquid 
has  the  smallest  volume  (or  is  most 
dense)  at  4". 

There  is  another  singular  fact 
connected  witli  this  phenomenon. 
f^3g4.  Starting  from  the   point  of  maxi- 

mum density,  tlie  rate  of  expansion 
of  water  increases  with  very  nearly  equal  rapidity,  whether  we 
heat  or  cooi  the  liquid.  This  is  illustrated  by  the  water  ther- 
mometer (Fig.  385),  in  wliich,  as  before  described  (219),  the 
djgreos  have  been  proportioned  to  the  rate  of  e.xpansion.  In  this 
thermometer,  as  in  tho  apparatus  of  Fig.  382,  the  water  will  be 
at  tlio  lowest  point  at  6*,  and  from  this  temperature  the  water  will 
rise  wliotlicr  the  instrument  be  heated  or  cooled,  the  length  of 
the  degrees  in  either  case  rapidly  increasing.  The  temperatures 
below  6°  are  marked  in  the  figure  on  tho  left-hand  side  of  tlie 
scale  of  the  instrument ;  but  here,  as  before,  the  phenomenon  is 
obscured  by  the  expansion  of  tho  glass,  so  that  the  rate  of  expan- 
sion on  either  side  of  the  point  of  maximum  density  cannot  be 
directly  compared.  It  is  evident,  however,  tliat  it  increases  in 
both  cases  with  great  rapidity ;  and  were  the  tube  and  bulb  inex- 
pansible,  the  lowest  point  on  the  scalo  would  be  4°,  and  the 
degrees  on  either  side  would  be  of  equal  lengths. 

The   fact  that  water  has   a  point  of  maximum  density  was 
first  noticed  by  tlie  Florentine  Academicians  as  early  as  1070  ; 


but  the  phenomenon  wbs  first  carefuIlT'  inves- 
tigated by  Lel^bre  Giiienu,  while  determining 
the  French  nnit  of  weight,  at  the  close  of  the 
last  century  (12).  He  fixed  tlie  point  of  luazi- 
mum  density,  by  weighing  a  mass  of  brass  in 
water  (135)  and  comparing  the  loss  of  weight  at 
dififerent  temperatures,  —  taking  care  to  reduce 
the  results  to  what  they  would  have  been  if  the 
volume  of  the  brass  had  remained  absolutely 
constant.  He  found  that  water  was  most  deuso 
at  4°. 5  C,  and  this  result  was  confirnicd  gubse- 
quently  by  Hallstrom,*  who,  using  essentially 
the  same  process,  fixed  Uie  point  of  maximum 
density  at  -i".!.  Still  later,  Despretz,f  in  a  very 
extended  investigation,  published  in  1839,  on 
the  expansion  of  water  from  — 9°  to  +100°,  al- 
so fixed  the  point  of  maximum  density  at  4°. 
Despretz  used  in  his  experiment  thermometei^ 
tubes,  and  meastired  tlio  change  of  volume  by 
the  method  described  in  (253),  correcting,  of 
course,  the  observed  results  for  the  expansion 
of  the  glass.  These  observations  were  evidently 
exposed  to  all  the  uncertainties  connected  with 
tlie  expansioil  of  glass,  already  noticed  (245) ; 
and  since,  near  the  point  of  maximum  density, 
the  expansion  of  glass  bears  a  very  large  propor- 
tion to  tliat  of  water,  a  small  error  in  the  do- 
termination  of  tills  quantity  may  have  caused 
an  important  error  in  the  final  result.  In  order 
to  avoid  this  source  of  error,  Fluckcr  and  Geiss. 
lor,{  who  have  mado  the  most '  recent  iuvestir 
gations  on  tliis  subject,  used  thormomctcr-tubeB 
very  ingeniously  contrived  so  that  the  expansion 
of  mercury  should  correct  tliat  of  tlie  glass. 
They  found  it,  however,  impossible  to  deter- 
mine   with    absolute    accuracy   the    point    of 

*  AdmIci    de    Cbimie   et   de   Ph^iiqne,  9<    SMe,   Tom. 
XXTIII.  p.  96. 

t  Ciimple«  Rrndoa,  Tom.  IV.  p.  184  ;    Tom.  X.  131 
t  Poggendoiff'*  AmialcD,  Band  LXXXVL 
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maximum  density  by  direct  obBerration  ;  but  they  conclnded 
tliat  it  must  be  very  near  S'.S,  and  that  it  miglit  be  regarded 
for  all  practical  purposes  as  at  4"  without  Bcnsiblo  error.  In- 
deed, it  is  impossible  with  our  present  methods  of  obserration 
to  fix  the  point  of  maximum  density  witliin  a  quarter  of  a 
Centigrade  degree  ;  nor  is  this  important,  since  tlie  volume  of 
water  does  not  vary  perceptibly  for  a  degree  ou  either  side  of 
this  point. 

Fig.  386  gives  a  grapbic  delineatiou  of  the  expansion  of  water 
between  — 4°  and  -i-l^,  according  to  the  metliod  of  analyUcal 


geometry.  The  curve  drawn  with  a  heavy  line  has  been  plotted 
from  tlie  results  of  Plucker  and  Geiesler,  and  that  with  a  light 
line  from  those  of  Despretz.  The  abscissas  of  the  curves  are 
the  degrees  of  temperature,  and  the  ordioatee  are  the  amounts  of 
expansion,  —  the  number  on  tlie  vertical  axis  being  in  jeach  case 
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80  manj  millionths  of  the  Tolnme  at  0^.  It  will  be  noticed  that 
the  two  branches  of  the  curre  on  either  side  of  the  abscissa  of 
4?  are  similar,  showing,  as  stated  above,  that  the  expansion 
increases  at  the  same  rate  from  the  point  of  maximum  density, 
whether  the  water  be  heated  or  cooled. 

This  provision  in  the  constitation  of  water,  that  its  point  of 
maximum  density  is  four  degrees  above  the  freezing-point,  is  one 
of  great  importance  in  the  economy  of  nature ;  for  were  it  not 
for  this  apparent  exception  to  an  otlierwise  tmiversal  law,  all  the 
ponds  and  lakes  of  our  northern  climates  would  be  converted 
every  winter  into  a  solid  mass  of  ice.  It  must  be  remembered, 
that  all  liquids  are  poor  conductors  of  heat,  and  tliat  they  can 
only  be  heated  or  cooled  by  a  circulation  of  their  particles,  by 
which  each  in  its  turn  is  brought  in  contact  with  some  hot  or 
cold  surface.  Jlence  we  cannot  cool  a  liquid  by  removing  the . 
heat  from  below.  The  lowest  stratum  of  liquids,  it  is  true, 
readily  yields  its  heat;  but  since  its  density  is  thus  increased,  it 
remains  persistently  at  the  bottom,  and  then  its  poor  conducting 
power  comes  into  play,  and  prevents  the  escape  of  the  heat  from 
the  great  mass  of  the  liquid  above.  We  can  easily,  however, 
cool  a  liquid  by  removing  the  heat  from  the  upper  surface,  for 
then  the  particles  of  liquid  sink  as  fast  as  they  are  cooled,  until 
the  whole  mass  is  reduced  to  a  uniform  temperature. 

Such  a  circulation  as  this  takes  place  in  every  pond  as  the 
winter's  cold  increases,  and  continues  until  the  temperature  of 
the  mass  of  water  has  been  reduced  to  4^ ;  but  as  the  tempera- 
ture approaches  the  point  of  maximum  density,  the  circulation 
slackens,  and  is  entirely  arrested  when  that  point  is  fuUy  reached. 
The  surface  water  cools  still  lower,  and  finally  freezes  ;  but  then 
the  ice,  being  a  poor  conductor  of  heat,  and  floating  on  the  sur* 
face,  serves  as  a  cloak  to  the  pond,  so  that  during  the  coldest 
winter  a  thermometer  will  always  indicate  a  temperature  of  4"^ 
if  sunk  only  a  few  feet  below  the  ice. 

If  water  had  been  constituted  like  other  liquids,  the  circula* 
tion  just  described  would  have  continued  down  to  the  freezings 
point,  and  the  ice,  being  now  heavier  than  the  water,  would  have 
first  formed  at  the  bottom  of  the  pond,  and  gradually  accimiu- 
lated  until  the  whole  mass  of  water  was  frozen.  On  such  a  body 
of  ice  the  hottest  sunmiers  would  have  produced  but  little  eifect ; 
and  as  now  during  the  winter  the  water  freezes  only  to  the  depth 


526  CHEMICAL  PHYSICS. 

of  a  few  feet,  so  then  during  the  summer  the  ice  would  onlj  have 
melted  on  the  surface.  Thus  it  is  that  the  order  of  creation  de- 
pends on  an  apparent  exception  to  a  general  law,  so  slight  and  so 
limited  in  its  extent  that  it  can  only  be  detected  by  the  most 
refined  experiments. 

A  point  of  maximum  density  has  not  been  observed  with  cer- 
tainty in  any  liquid  except  water  ;  but,  nevertheless,  it  is  possible 
that  such  a  point  may  exist  in  a  few  melt;ed  metals,  such  as  cast- 
iron,  antimony,  and  bismuth,  which,  like  water,  expand  on  becom- 
ing solid.  These  substances,  however,  are  liquid  only  at  high 
temperatures,  at  which  it  is  impossible  to  make  accurate  meas- 
urements. On  the  other  hand,  it  has  been  proved  in  the  case  of 
many  liquids,  which,  like  olivo-oil,  contract  on  solidifying,  that 
there  is  no  point  of  maximum  density. 

Despretz  has  carefully  studied  *  tlie  effect  of  ^Its  dissolved  in 
water  on  its  point  of  maximum  density.  He  found,  in  general, 
that  aqueous  solutions  have  a  point  of  maximum  density,  which 
may  be,  however,  below  the  normal  freezing-point  of  the  solution 
when  the  quantity  of  salt  dissolved  is  considerable.  The  point 
of  maximum  density  sinks  very  nearly  in  proportion  to  the  quan- 
tity of  salt  dissolved,  and  more  rapidly  than  the  freezing-point, 
80  as  finally  to  fall  below  it  (271).  A  table  will  be  found  in  the 
memoir  just  referred  to,  giving  the  point  of  maximum  density, 
as  well  as  the  freezing-point,  in  solutions  of  various  salts  at  dif- 
ferent degrees  of  concentration. 

(269.)  Volume  of  Water  at  different  Temperatures.  —  Several 
experimenters,  but  especially  Despretz,  Pierre,  and  Eopp,  have 
determined  the  volume  of  the  same  quantity  of  water  at  differ- 
ent temperatures  between  — IS"*  and  lOO"* ;  and  then,  by  means 
of  interpolation  formula,  calculated  the  volume  for  every  degree 
between  these  limits.  The  volumes  and  corresponding  specific 
gravities,  as  thus  calculated  by  Eopp,  are  given  in  Table  XYI. 
As  already  stated,  it  is  impossible  to  express  the  volume  of 
water  at  all  temperatures  by  any  single  formula;  but  the  fol- 
lowing formula  will  give  the  volume  very  closely  Over  an  in- 
terval of  twenty-five  degrees.  The  first  of  tliese  was  calculated 
by  Fraukeuheim  from  Pierre's  experiments,  the  rest  are  by 
Kopp. 

*  Comptes  Rendofy  Tom.  lY.  p.  43S. 
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Between  —15**  and  0**, 

V=  1  —  0.00009417<  +  0.000001449  <«  —  0.0000005985  A 

Between  0**  and  25**, 

V=l  —  0.000061045  <  +  0.0000077183  <*  —  0.00000003734  <» 

Between  25**  and  50%  ^ 

V=  1  —  0.000065415<  +  0.0000077587  f«  —  0.000000035408  A 

Between  50**  and  75**, 

r=  1  +  0.00005916<  +  0.0000031849^  +  0.0000000072848  <•. 

Between  75"*  and  100**, 

F=  1  +  0.00008645<  +  0.0000031892  <*  +  0.0000000024487  A 

(260.)  The  Coefficient  of  Expansion  of  Water.  —  We  bare 
assumed  that  the  coefficient  of  expansion  of  a  substance  at  any 
given  temperature,  /,  is  the  small  fraction  of  its  volume  by  which 
one  cubic  centimetre  of  the  substance  will  increase  when  heated 
from  t^Ui(t-\'  \y ;  and  this  assumption  is  sufficiently  correct  in 
the  case  of  most  substances,  for  wo  may  regard  the  rate  of  expan- 
sion as  constant  through  one  degree.  The  coefficient  of  expan- 
sion of  water,  however,  increases  so  rapidly,  that  we  cannot 
-without  error  regard  it  as  absolutely  the  same  even  for  one 
degree ;  and  we  must  therefore  define  the  coefficient  of  water 
at  any  given  temperature,  f^  as  the  small  fraction  of  its  volume 
by  which  one  cubic  centimetre  would  expand,  when  heated  from 
/^  to  (^  -|- 1)"*,  if  the  rate  of  expansion  were  the  same  during  the 
interval  that  it  is  at  f. 

We  easily  obtain  from  [166],  for  the  value  of  the  coefficient  of 
expansion  at  any  given  temperature,  tj  the  value 

jr=i.-?^;  [182.] 

in  wliich  V  is  the  volume  of  the  liquid  at  a  given  temperature,  tj 
and  V'  the  volume  at  a  temperature,  t\  a  few  degrees  higher. 
This  formula,  like  our  first  definition,  assumes  that  the  coefficient 
is  constant  between  t  and  V  degrees.  We  may  evidently,  how- 
ever, conform  the  formula  to  the  definition  just  given,  by  making 
the  interval  of  temperature  V — t  infinitely  small.  It  may  then 
be  i';Xpre8sed  by  d  t^  and  the  corresponding  difierence  of  volume. 
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or  V'  —  Vy  will  he  d  V.      Making  these  substitutions,   [182] 
becomes 

Jf  -  I-  •  ^-  [183.] 

Since  now  we  can  easily  obtain  the  value  of  -^   by    difieren- 

tiating  one  or  the  other  of  the  values  of  V  on  page  527,  we  can 
easily  calculate  the  coefficient  of  expansion  of  water  at  any  g^ven 
temperature,  by  simply  dividing  this  differential  coefficient  by  tlie 
value  of  V  for  tiie  given  temperature,  calculated  by  means  of  the 
formulas  just  referred  to.  Such  calculations  would  show  that 
the  coefficient  of  expansion  of  water  varies  from  zero  at  the 
point  of  maximum  density  to  0.00076487  at  100%  the  rate  of 
expansion  increasing  far  more  rapidly  than  that  of  any  otlier 
liquid  known. 

Eq[>ansion  of  Gases. 

(261.)  The  differences  between  the  amounts  of  expansion  of 
different  gases  for  the  same  increase  of  temperature  are  far  less 
than  with  either  liquids  or  solids ;  indeed,  they  are  so  small,  that, 
previous  to  the  refined  investigations  of  Regnault  on  this  sub* 
ject,  the  coefficient  of  expansion  of  all  gases  was  supposed  to  be 
absolutely  the  same.  The  annexed  table  gives  the  results  of 
Begnault's  detehninations  of  the  coefficients  of  expansion  of  a 
few  of  the  best-known  gases  ;  and  it  will  be  noticed  tliat  the 
coefficients  of  the  first  four,  which  have  not  yet  been  condensed 
to  liquids,  are  all  sensibly  the  same,  while  the  coefficients  of  the 
last  three,  all  condensible  gases,  are  considerably  greater,  and 
the  greater  in  proportion  to  the  readiness  with  which  they  may  be 
condensed. 

Coefficients  of  Expfumon  of  Gases* 

Under  Vnte 

GoBBtanl  VolniM*      Oomteat 


Air,       ....        .  0.003665  0.003670 

Nitrogen,    ....  0.003668  0.003670 

Hydrogen,      ....  0.003667  0.003661 

Oxide  of  Carbon,        .        .  0.003667  0.003669 

Carbonic  Add,        .        .        .  0.003688  0.003710 

Cyanogen,  .        •        •        .  0.003829  0.003877 

Sulphuroos  Add,   .        .        .  0.003845  0.003903 
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Tba  first  four  eoeffieienta,  thosa  of  the  constituents  of  air  anii 
vater,  may  1m  regarded  as  ideutical,  at  least  for  all  practical 
jpurposes ;  and  if  considered  equ^  to  0.O03666+,  tiia  expansiou 
for  one  hundred  degrees  will  be  represented  by  the  vulgar  frao- 
tion  U,  which  can  be  flasily  remembered.  In  like  manuer,  the 
expansion  for  one  degree  may  be  represented  very  closely  by  the 
vulgar  fraction  7I1.  Hence  273  c^'  of  any  permanent  gas  at 
0'  beoome  274  ci'in.'  at  1'  ;  and  if  we  aesujue  that  the  expaneioB 
is  exactly  proportional  to  the  temperature,  they  will  become 
(273  +  f)  cTS:*  at  f.  Moreover,  representing  bf  V  auy  vi^ume 
of  a  permanent  gas  ai  Q",  we  sliall  have  by  [m6],  for  the  volume 
fit  f,  the  expression, 

T'  -=  r  (1  +  0.00366  0-  [184.] 

The  values  of  (t  •\-  0.O0366/)  for  every  tenth  of  a  degree  from 
— 2*  to  40°,  wUh  their  corresponding  It^aritbms,  are  given  in 
Tables  XI.  and  XII.  for  oonvenlenoe  of  computation. 

The  coeflicient  of  expansion  of  a  gas  may  be  estimated  in  two 
ways.  In  the  first  place,  wo  majr  measure  the  increase  of  volume 
which  the  gas  undOTgoes,  supposing  the  {»«e6ure  on  the  gas  Ut 
remain  constant  while  the  volume  expands ;  or,  in  the  second 
place,  keeping  the  volume  tlie  same,  we  can  measure  the  in- 
creased tensioB  which  tlie  gas  exerts  owiug  to  the  increased 
temperature ;  and  we  can  then  calculate  by  [98]  what  would 
have  been  the  increased  volume  had  the  gas  been  allowed  to 
oxpuid.  The  diSwenoe  between  these  two  methods  will  be  beUw 
-understood  by  experimental  illustration. 

In  Fig.  387,  £  is  a  glass  globe 
holding  from  1,000  to  800  ^"^ 
of  perfectly  dry  gas,  whose  coeffi- 
cient of  expansion  is  to  be  meas- 
ured. This  globe  is  filled  by 
exhausting  the  air  by  means  of 
.an  air-pump,  connected  by  a  flex- 
ible hose  with  the  tube  p,  an4 
then  allowing  the  gas  to  enter 
llHxragh  tubes  filled  with  punuoer 
stone,  moistuted  Ti&  sulfduirie 
acid,  or  with  chloride  «f  calcium,  "«■  ""■ 

two  substanoes  vhicAi  have  a  very  «tr(mg  attraction  for  wator  (see 
46 
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Fig.  888).  The  exhaustion  is  repeated,  and  fresh  gas  admitted, 
twenty  or  thirty  times,  until  the  gas  in  the  globe  and  the  con- 
necting tubes  is  known  to  be  pure  and  dry.  The  connection 
between  the  globe  and  the  pump  is  now  closed  by  turning  a 
three-way  stopcock  at  a,  leaving,  however,  the  connection  be- 
tween the  globe  and  the  manometer-tube  a^  y  still  open.  The 
construction  of  this  manometer  has  already  been  described 
(168,  2).  When  the  apparatus  has  been  thus  filled  with  a 
gas,  the  coefficient  of  expansion  may  be  readily  determined  by 
either  of  the  two  methods  just  mentioned. 

First  Method.  We  begin  the  determination  by  surrounding 
the  globe,  supported  in  a  copper  boiler,  as  represented  in  the 
figure,  with  pounded  ice,  so  as  to  reduce  the  temperature  of  the 
enclosed  gas  to  0**.  We  then  regulate  the  quantity  of  mercury 
in  the  manometer  so  that  the  columns  in  the  two  tubes  shall 
stand  at  the  same  height,  as,  for  example,  a,  which  is  carefully 
noted.  This  is  readily  effected  by  either  drawing  out  mercury  at 
the  lower  stopcock,  or  by  pouring  it  in  at  the  moutli  of  the  open 
tube.  When  the  adjustment  is  perfect,  we  build  a  fire  under  the 
copper  boiler  and  surround  the  globe  with  steam,  by  which  the 
temperature  of  the  gas  is  soon  raised  to  100''.  The  increased 
elasticity  of  the  gas  due  to  the  increased  temperature  will  drive 
out  a  portion  into  the  manometer-tube,  forcing  down  the  mercury- 
column.  A  quantity  of  mercury  is  now  drawn  off  at  the  lower 
stopcock,  until  the  columns  in  the  two  tubes  again  stand  at  the 
same  level.  When  this  is  the  case,  the  gas  is  exposed  to  tlie 
same  pressure  as  before,  and  wo  then  read  off  the  increased 
volume  by  means  of  graduations  on  the  tube  provided  for  the 
purpose. 

Let  us  represent  the  observed  increase  of  volume  in  this  experiment 
by  V,  and  let  us  assume  that  the  pressure  of  the  atmosphere,  as  indi- 
cated by  the  barometer,  remained  constant  at  76  c.  m.  during  the  ex- 
periment If  now  we  represent  the  volume  of  air  in  the  globe  at  0^  by 
Vy  it  is  evident  that,  if  heated  so  that  it  could  expand  freely,  this  volume 
would  become  at  100®,  K  (1  -|-  JT 100) ;  an  expression  in  which  K  is  the 
coefficient  of  expansion  required.  In  the  apparatus  before  us,  however, 
the  excess  of  gas  due  to  the  expansion  escapes  into  the  tube  dafi^  where 
it  is  exposed  tea  much  lower  temperature.  Call  this  temperature,  which 
is  always  carefully  observed,  f.  The  volume  of  this  small  amount  of  gaa, 
had  its  temperature  been  maintamed  at  100°,  would  evidently  have  been 
V  (l-i^K  [100  —  t\)y  so  that  we  have  the  equation 
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F(l+Jri00)=>4-t;(l+jr[100— <])  [185.] 

It  mast  be  remembered,  however,  that  the  glass  globe  expands  as  well  as 
the  gas,  and  therefore  contains  at  lOO**  a  larger  volume  of  gas  than  at  0^. 
This  increased  volume  can  be  readily  calculated  from  the  poefficient  of 
expansion  of  glass  (K%  and  is  V  (I  -{-K*  100).  Substituting  this  value 
for  Vin  the  second  member  of  [185],  we  obt^un 

r(i+jrioo)=  r(i+jr'ioo)+t^(i+jr[ioo— 0); 

which  gives,  for  the  coefficient  of  expansion  of  gas  under  constant  pres- 
sure, the  value 

Second  Method.  In  order  to  determine  the  coefficient  of  ex- 
pansion by  the  second  method,  we  arrange  the  apparatus  exactly 
as  before,  so  that  the  mercury  stands  at  the  same  level  (a,  Fig. 
887}  in  both  tubes  of  the  manometer  when  the  globe  is  sur- 
rounded by  ice.  We  then,  as  before,  raise  the  temperature  of 
the  globe  to  100^  ;  but  instead  of  allowing  the  gas  to  expand  into 
tlie  tube  daayWQ  pour  mercury  into  the  tube  ^  y,  in  order  to 
balance  the  increased  tension  of  the  gas  and  retain  the  volume 
constant.  Lastly,  we  carefully  measure,  by  means  of  a  cathe- 
tometer,  the  diflFerence  of  height  (a,  y)  of  the  mercury  columns 
in  the  two  tubes  of  the  manometer ;  and,  having  observed  the 
temperature  of  the  apparatus,  reduce  the  observed  height  to 
what  it  would  have  been  at  O"*.  Represent  this  height  by  hg. 
Knowing  now  the  volume  of  the  globe  at  0*  (  F),  the  height  of 
the  barometer  at  the  time  of  the  experiment  (J9i),  and  the  co- 
efficient of  expansion  of  glass  (JT^),  we  have  all  the  data  required 
for  calculating  the  coefficient  of  expansion  of  air. 

When  the  globe  was  at  0^,  the  gas  was  exposed  to  the  pressure  of  the 
atmosphere,  or  If^ ;  but  after  the  globe  had  been  heated  to  100^,  the  pres- 
sure required  to  retain  the  volume  of  the  gas  the  same  as  before  was 
ff^^h^  We  can  now  easily  calculate  from  Mariotte's  law  [98]  what 
would  be  the  volume  of  this  gas  if  exposed  only  to  the  pressure  of  the 
atmosphere ;  in  other  words,  if  allowed  to  expand  freely.  It  will  be  found 
to  be 

F'  =  F  ^+-^ .  [187.] 

Bot  by  [166]  the  increased  volume  of  the  gas  at  100^,  or  V,  is  also  equal 
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tor(l  +  jriOO),«)tliatF(I  +  iriOO)=  r:^^-^.     We  nnm 

remember,  however,  that  althongh  the  Tolume  of  the  gas  has  been  appar- 
ently kepi  constant  during  the  experiment,  it  has  not  been  so  in  reatitj, 
owing  to  the  expansion  of  the  glass  globe.  In  consequence  of  tins  expan« 
Bion,  the  Tohmie  of  the  globe  at  100**  is  V{1  -{■  K*  100)  ;  and  this  yalue 
should  eridentlj  be  subfiTtitated  for  V  in  the  second  member  of  the  last 
equation.    Making  this  substitutaon,  we  obtain 

1  4- iTlOO  =(1+A''  100)  ^"  +  ^  ; 
whence 

K—jT'j^'^     i+jraoo  p.^. 

In  this  example,  as  in  the  last,  we  have  assumed  that  the  pressure  of 
the  atmosphere  was  constant  during  the  experiment  When  this  is  not 
the  case,  certain  obvioos  changes  must  be  made  in  the  formulas.  More- 
over, in  the  practical  application  of  these  methods,  certain  precaotions 
must  be  taken,  which  will  be  found  deeeribed  at  length  In  Regnaaffs 
original  memMr*  on  the  suligect,  as  well  as  the  peculiar  modificaricna  «f 
the  apparatus  best  adapted  lor  each  medmL 

(262.)  General  Results  — Renault  found  that  Che  two  meA- 
ods  just  described  for  determiaing  tlie  coefficient  of  expansiou  of 
gases  yielded  slightly  different  results.  This  will  be  seen  by  re- 
curring to  the  table  on  page  528.  •  The  first  column  gives  the 
coefficient  as  determined  from  the  increased  elasticity,  the  volume 
remaining  constant  The  second  colunui  gives  the  coefficient  as 
determmed  from  the  increased  volume,  the  pressure  remaining 
constant.  It  will  be  noticed  that  the  diflSarenoe  between  Ibo 
two  results,  although  rery  small  with  the  pormanettt  gases,  ia 
quite  large  with  those  tliat  can  be  easily  reduced  to  the  liquid 
state ,  and  it  will  be  remembered  that  it  is  these  very  gases  which 
yield  most  readily  to  compression,  and  hence  deviate  most  mark* 
edly  from  the  law  of  Mariotte.  Horeoyer,  the  fact  that,  with  the 
exception  of  hydrogen,  the  coefficients  imder  constant  volume 
are  less  than  those  under  constant  pressure,  is  eaaly  explained. 
In  the  method  employed,  the  gases  are  exposed  to  a  greater 
pressure  at  100*  tlian  at  0"  By  this  pressure  they  are  con- 
densed more  than  we  assumed  by  applying  tlie  law  of  Mariotte 

fAcademle  de  Sdenoet  do  Iliittitiity  Tom.  XXL 
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in  oar  calculation  as  if  it  were  exact,  and  consequently  the  e£fect 
of  the  increased  temperature  is  really  greater  than  appears.  In 
other  words^  the  mercury-column  A«  measures,  not  simply  the 
increased  tension  of  the  gas  caused  by  the  increased  temperature, 
but  the  difierenee  between  the  increased  tension  and  the  in- 
creased compressibility.  In  the  case  of  hydrogen,  which,  unlike 
all  other  gases,  is  compressed  less  than  the  law  of  Ifariotte  re- 
quires, the  Tariation  is  in  the  opposite  direction.  (Compare 
page  296.) 

Begnault  also  discovered,  what  indeed  might  be  inferred  from 
the  facts  already  stated,  that  the  coefficients  of  expansion  of  all 
gases  except  hydrogen  increase  with  the  pressure  to  which  they 
are  exposed.  The  greater  the  pressiu^e  on  a  mass  of  gas,  and 
hence  the  greater  its  density,  the  greater  is  the  amount  of  its 
expansion  for  the  same  difference  of  temperature ;  and,  on  the 
other  hand,  the  less  the  pressure  and  density,  the  smaller  the 
amount  of  expansion.  The  coefficient  of  expansion  in  any  case 
increases  with  the  pressure  in  proportion  as  the  compressibility 
of  the  gas  deviates  from  the  law  of  Mariotte,  and  hence  the  dif- 
ferences between  the  coefficients  of  different  gases  are  the  more 
decided  tlie  greater  the  pressure  to  which  the  gases  are  exposed. 
On  the  other  hand,  as  the  pressure  diminishes,  the  coefficients  of 
expansion  of  different  gases  approach  equality;  and  it  is  probable, 
therefore,  that  all  gases  in  the  state  of  extreme  expansion  would 
have  the  same  coefficient.     (Compare  page  297.) 

It  appears,  therefore,  that  all  gases  have  the  same  coefficient  of 
expansion,  in  so  far  as  they  obey  the  law  of  Mariotte.  In  the 
case  of  those  gases  which  have  not  been  liquefied,  and  which  con- 
form very  closely  to  Mariotte's  law,  the  coefficients  of  expansion 
under  the  pressure  of  the  atmosphere  are  sensibly  equal,  and 
even  in  the  case  of  the  condensible  gases  the  differences  are 
very  small,  amounting  in  no  case  to  more  than  three  units  in  the 
fourth  decimal  figure.  We  may  therefore  say  that  the  coeffi- 
cient of  expansion  of  all  gases  under  the  pressure  of  the  atmos- 
phere is  equal  to  0.0086,  within  three  ten-thousandths. 

(268.)  Air- Thermometer.  —  We  have  see^  that  the  defects 
of  tlie  mercury-thermometer  arise  firom  two  causes  ;  first,  the 
slowly  increasing  rate  of  expansion  of  mercury  as  the  tempera- 
ture rises,  and,  secondly,  the  irregular  and  uncertain  expansion 
of  the  glass  bulb.    Botli  of  tliese  defects  may  be  avoided  by  using 

46» 
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ur  as  the  tliermomcttric  material :  the  first,  because  the  expan- 
sion of  air  IB  exactly  proportional  to  the  temperature  ;  and  the 
second,  because  the  expansion  of  air  is  so  much  greater  than  that 
of  glass  that  the  irregularities  in  the  expansion  of  the  latter 
may  be  overlooked.  It  is,  however,  by  no  means  so  easy  to  meas- 
ure the  volume  of  a  gas  as  that  of  a  liquid.  The  volume  of  a 
liquid  is  not  affected  by  the  changing  pressure  of  the  atmos- 
phere, while  that  of  a  gas  is  ;  so  that  wliile  a  small  increase  in 
the  volume  of  a  quantity  of  mercury  enclosed  in  a  common  ther- 
mometer can  be  measured  Ify  the  mere  inspection  of  the  divis- 
ions on  the  stem,  the  amount  of  expansion  of  a  quantity  of  air 
confined  in  a  glass  bulb,  although  much  larger,  can  only  be 
determined  with  certunty  by  a  tedious  process,  occupying  sev- 
eral hours.  Thus,  although  with  an  air-thermometer  we  can 
measure  temperatures  with  accuracy  to  the  hundredth  of  a  Centi- 
grade d^ree,  yet  it  requires  a  day  to  make  a  single  observation. 
The  air-thermometer  Is,  therefore,  of  no  use,  except  in  the  few 
cases  which  require  the  very  highest  degree  of  scientific  precisioa. 
In  such  cases  it  is  an  invaluable  instrument ;  but  oven  then,  as 
in  all  other  scientific  measurements,  the  greatest  attainable  acco- 
racy  can  only  be  gained  at  the  cost  of  time,  labor,  and  skilL 
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(264.)  Re^nautfi  Air-  Thermometer.  —  The  air-thermometer, 
which  is  used  only  in  delicate  measurements  of  temperature,  is 
represented  in  Figs.  S88  and  8S9.  It  consists  of  a  cylindrical 
reservoir  of  glass,  B,  opening  into  a  capillary  tube  bent  at  right 
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angles  and  drawn  out  to  a  fine  point.  In  order  to  estimate  tem- 
peratures with  tliia  instrument,  it  is  first  filled  by  means  of  an 

tur-pump  and  drjing-tubes,  as  shown  in  Fig.  S88,  witb  perfectly 

dry  air,  and  tiien  exposed  to  the  temperatiire  to  be  measured, 

which  we  will  call  T*.     When  an  equilibrium  of  temperature 

has  been  established  between  the  thermometer  and  the  heated 

substance,  the  fine    opening    is  closed 

with  a  blowpipe,  and  at  the  same  time 

the  height  of  the  barometer  is  noted, 

which  we  will  call  S,.     The  air  in  the 

thermometer  is  now   expanded   to   the 

extent  corresponding  to  T",  and  the  next 

step  is  to  ascertain  the  amount  of  this 

expansion,  since  we  can  easily  calculate 

from  this  the  temperature  T".     For  tliis 

purpose,  we  place  the  thermometer  upon 

the  metallic  support  represented  in  Fig. 

889.     The  reservoir  of  the  thermometer 

rests  upon  three  brass  knobs,  and  is  kept 

in  its  place  by  means  of  a  bindiog  screw. 

The  tube    of  the   thermometer  passes 

through  a  liole  in  the  centre  of  the 

brass  stage  A,  and  tlie  end  dips  under  fic.3». 

mercury  contained  in  the  glass  dish  C. 

The  bent  end  of  the  tube  is  adjusted  opposite  to  an  iron  spoon,  a, 
filled  with  wax,  which  can  be  pushed  forward  on  its  support,  i, 
so  as  to  close  the  end  of  the  tube  while  under  mercury,  when 
nece^ary.  These  adjustments  having  been  completed,  the  tip 
end  of  the  tube  is  broken  off  witli  a  pair  of  pliers,  when  the 
mercury  immediately  rushes  up  into  the  thermometer  and  paiv 
tially  fills  it.  The  thermometer  is  next  surrounded  witb  pulveiv 
ized  ice,  which  is  piled  up  on  the  stage,  G ;  and  when  the  air  in 
the  reservoir  has  fallen  to  0",  tlie  eod  of  the  tube  a  is  carefully 
plumed  up  by  means  of  the  wax  in  the  iron  spoon,  and  at  the 
same  time  the  height  of  the  barometer  (/f')  is  carefully  noted. 
The  ice  is  now  removed,  and  when  the  temperature  of  the  mer- 
cury in  the  thermometer  has  been  restored  to  that  of  the  air,  the 
height  of  the  mercury  in  the  thermometer  above  that  in  the 
reservoir  is  carefully  measured.  Wo  will  call  it  A ,  and  hence 
the  air  in  the  thermometer,  at  the  moment  the  tube  was  plu^fed 
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with  irai^  nUMt  hard  been  exposed  to  the  pressure  of  H'  ^^  k. 
This  meastttemeiit  is  easily  made  by  means  of  a  eadietometer 
and  the  screw  g*,  in  the  manner  previously  explained  in  conne&' 
tlon  with  Begnault's  barometer  (169). 

It  is  ne±t  tieoessary,  in  ordei^  to  determine  the  temperatore  to  whiob 
the  thermometer  has  been  exposed,  to  ascertain,  firsts  the  volume  of  air 
remaining  in  the  thermometer  afler  contractio]],  and,  secondly,  the  Yolorae 
originally  contained  in  it.  For  this  purpose,  the  thermometer  is  removed 
from  its  support  and  weighed ;  call  this  weight  W,  The  thermometer  is 
then  filled  completely  with  mercury  at  0^  and  weighed ;  call  this  seccxid 
weight  IT'.  Lastly,  it  is  completely  emptied,  and  the  ^ass  weighed  by 
itself;  ttll  this  last  Weight  w.  We  have  now  all  the  data  for  calculating 
the  amount  of  expansion  of  the  air,  and  consequently  the  temperature 
required.  Before  commencing  the  calculation,  we  must  reduce  the  ob- 
served heights  of  the  barometer  (If  and  H')  and  mercuiy-^lumn  (A)  to 
0^  by  the  method  given  in  (251).  We  will  call  these  corrected  kei^ta 
H^  H'^  A«.    We  can  then  readily  calculate  the  following  quantities. 

W  —  n^  =  Weight  of  mercury  which  fills  the  thennometer  at  0^. 

— ^^ —  =  capacity  of  thermometer  at  0^  when  d  as  Sp.  Or.  of  mercury. 

0 

(1  +  JT'  7*)  =  capacity  of  thermometer  at  7^,  when  JT'  =  co- 
efficient of  expansion  of  glass. 

W  —  w  =  weight  of  mercury  which  entered  the  thermometer  on  break- 
ing the  tip,  the  temperature  of  the  thermometer  being  0**. 

=  volume  of  mercury  which  entered  the  thermometer  on  break- 
ing the  tip,  the  temperature  of  the  thermometer  being  0^. 

IF'—  W 

=  volume  of  air  in  the  thermometer  at  the  moment  of  plugging 

with  wax,  exposed  to  a  pressure  H\  •»•  h^  and  to  a  ton- 

perature  of  0". 

•  — 75^^  =^  volume  which  same  air  would  have  under  76  am. 

^^  J^  andO^ 

r^— r    ^^-A  (1  ^  jf  7^)  =-  volume  which  same  air  would  have 

*  under  BqC  m.  and  T^. 

By  the  conditions  of  the  problem,  this  volume  of  air  just  filled  the  ther* 
mometer  at  7~  and  under  barometric  pressure  If%;  hence 

r-^    ff'o^h,  ^j  j^j^T)  =  ^'  —  "^  (1  +  K'  T)  =  the  capad. 
ty  of  thermometer  at  7~  { 
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'^=^^E^    •    ^V^^    ^^*    ir=0.0036T;    [190.] 
and  W6  haTe 

Bj  means  of  [1B9]  and  [190]  we  can  easily  calculate  the  temperature 
from  the  experimental  data.  The  coefficient  of  expansion  of  glass  is  the 
onlj  uncertain  element  which  enters  into  the  calculation.  When  the  ther- 
mometers are  made  of  the  common  crown-glass  of  Paris,  the  coefficients 
of  expansion  may  he  taken  from  the  table  on  page  497,  estimating  roughly 
the  required  temperature,  as  can  easily  be  done  by  means  of  a  common 
mercury-thermometer.  When,  however,  such  thermometers  cannot  be 
obtained,  it  is  best  to  have  a  number  made  from  the  same  pot  of  glass, 
and  ascertain  carefully  the  coefficient  of  expansion  of  this  glass  between 
0^  and  every  fifty  degrees  up  to  850^.  These  coefficients  can  afterwards 
be  used  in  all  experiments  with  the  same  set  of  thermometers. 

(265.)  By  substituting  T  for  100,  we  can  easily  obtain  from 
[186]  and  [188],  by  transposition,  the  value  of  Tin  terms  of  the 
coefficient  of  expansion  of  air ;  and  since  this  coefficient  is  accu- 
rately known,  either  of  the  methods  of  (261)  may  be  used  for 
determining  temperature.  The  form  which  has  been  given  by 
Regnault  to  the  manometric  apparatus,  when  used  for  this  pur- 
pose, has  already  been  represented  in  Fig.  273.  The  glass  tube 
a  be,  which  serves  as  an  air-thermometer,  is  closed  by  a  stopcock 
r,  and  can  be  connected  to  the  manometer  by  a  brass  collar  of 
peculiar  construction,  as  before  described  (see  Figs.  274  and  275). 
The  air-thermometer  having  been  exposed  to  the  temperature  to 
be  measured,  the  stopcock  r  having  been  closed  at  the  moment  of 
observation,  and  the  height  of  the  barometer  noted,  we  can  easily 
determine  the  temperature  in  the  following  way. 

In  the  first  place,  mercury  is  poured  into  the  manometer  at  K  until  the 
tube  h  gf  is  completely  filled,  and  when  the  mercury  begins  to  drop  from 
the  open  end  at^^  the  air-thermometer  is  connected.  The  thermometer  is 
now  surrounded  with  melting  ice  in  order  to  reduce  its  temperature  to  0^, 
and  before  the  stopcock  r  is  opened,  a  quantity  of  mercury  is  drawn  out  of 
the  manometer  at  i?,  in  order  to  make  a  great  difference  of  level  between 
the  two  columns.  On  opening  the  stopcock  r,  a  portion  of  the  air  in 
the  thermometer  passes  into  the  tube  gh;  and  mercury  must  be  again 
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poured  into  the  tube  k  t,  until  the  surface  of  the  column  in  the  tube  gh 
coincides  exactlj  with  a  mark,  a,  on  the  side  of  the  tube.  The  determi- 
nation is  then  completed  by  measuring  with  a  cathetometer  the  difference 
of  level  of  the  two  mercury-columns,  noting  the  temperature  of  the  ma- 
nometer by  means  of  the  thermometer  t,  and  observing  the  height  of  the 
barometer.  We  have  now  the  following  data  for  calculation,  the  heights 
of  the  mercury-columns  having  been  reduced  to  0^ :  — 

IT'q  =  height  of  barometer  at  the  moment  of  observing  the  temperature. 
Hq  =  height  of  barometer  at  the  moment  of  measuring  the  difference  of 

level. 
^0    =  difference  of  level  as  measured  by  the  cathetometer. 
V'  =  capacity  of  air-thermometer  at  0". 
V     =  capacity  of  manometer-tube  between  y*  and  the  mark  a, 
t     =  temperature  of  the  manometer  at  the  time  of  the  experiment. 
T    ==  required  temperature  to  which  the  thermometer  was  exposed. 
K    =  coefRcient  of  expansion  of  glass. 
0.00367  =  coefRcient  of  expansion  of  air. 
0.0012921  gram.  =  weight  of  one  cubic  centimetre  of  air  at  0^  and  76  c  m. 

The  volume  of  air  in  the  air-theimometer  and  in  the  manometer-tube, 
when  the  value  ^  was  measured,  was  evidently  V-\-  v  ;  the  portion  V  at 
the  temperature  of  0°,  the  portion  v  at  ^,  and  the  whole  under  a  pres- 
sure Ifo-^ho  [106].  Reducing  by  [166]  the  volume  v  to  what  it  would 
be  at  0^,  and  reducing  by  [107]  the  sum  of  the  volumes  at  0**  to  what 
this  total  volume  would  be  under  the  normal  pressure  of  the  atmosphere, 
we  easily  obtain  for  the  weight  of  this  mass  of  air, 

0.0012921  \v+v  -^^--J,—-—]  ^^•^ 
I     ~      1  + 0.00367  d       76 

But  we  know  that  this  same  mass  of  air  at  the  temperature  T  (that  is, 
at  the  moment  of  closing  the  stopcock  r),  and  under  the  pressure  II\  (the 
height  of  the  barometer  at  the  time),  occupied  just  the  volume  of  the  air- 
thermometer  at  thai  temperature,  or  V{l'\^K  T).  Reducing  this  volume 
to  what  it  would  be  at  0^  and  76  c.  m.,  and  multiplying  this  reduced 
volume  by  the  weight  of  one  cubic  centimetre  of  air,  we  obtain  a  second 
expression  for  the  weight  of  the  given  mass  of  air,  which,  in  the  following 
equation,  is  put  equal  to  the  first :  — 

0.0012921  V   /"^^^^  ^  =  0.0012921  Iv+v—, — 1  ^5n*f, 

1-1-0.00867.  r   76         ^'^^^^^^^  1^*^  ~     1+0.0036 7. /J       76    ' 
or  reducing 

1  +  0.00367,  r  ~  L^  F         1 -1-0.00867. <J      H',     '      L^^^'J 
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All  the  terms  of  the  second  member  of  this  equation  are  known  quantities 
except  Fand  v,  and  these  can  easily  be  obtained  in  the  following  way. 

In  the  first  place,  we  fill  the  manometer-tube  with  mercury,  as  before,  and 
then  slowly,  by  the  stopcock  i?,  draw  ofi^  the  mercury  into  a  tared  vessel 
until  the  surface  of  the  column  coincides  with  the  mark  a.  The  weight 
of  this  mercury  divided  by  its  specific  gravity  [56]  is  equal  to  v.  We 
then  attach  the  air-thermometer  (the  stopcock  r  being  open),  and  observe 
the  height  of  the  barometer,  H^  Since  the  mercury  is  at  the  same  level 
in  both  tubes  of  the  manometer,  the  confined  volume  of  air  {V-\-v)  is  of 
course  exposed  to  the  pressure  H^.  We  next  draw  off  more  mercury 
at  R  until  the  the  level  of  the  column  in  the  tuoe  h  g  sinks  to  a  second 
mark,  ^.  The  weight  of  this  mass  of  mercury  divided  by  its  specific 
gravity  gives  the  volume  of  the  tube  between  a  and  ^,  which  we  will  call 
r'.  Lastly,  we  measure  the  difference  of  level  of  the  mercury-columns  in 
the  two  tubes  of  the  manometer,  which  we  will  pall  h^  At  this  moment 
the  Tolume  of  the  confined  air  is  V-^-v-^-v'^  and,  assuming  that  the 
height  of  the  barometer  has  not  changed  during  the  short  interval  occu- 
pied by  the  experiment,  this  volume  is  exposed  to  the  pressure  H^  —  h^ 
The  values  F+t?  and  F'-j-r  +  r'  are  then  the  volumes  of  the  same 
mass  of  air  under  the  pressures  H^  and  H^  — ^o  respectively.  Hence, 
bj  [98J 

and  from  this  equation  we  can  easily  deduce  the  value  of  \\  since  all  the 
other  terms  are  known. 

(266.)  Air-Pyrometer,  —  By  substituting  for  the  glass  ther- 
mometer (a  h  Cj  Fig.  273)  a  thermometer  made  of  some  refrac- 
tory substance,  the  apparatus  described  iu  the  last  section  may  be 
used  for  measuring  very  high  temperatures.  Pouillet*  employed 
for  the  purpose  a  small  globe  of  platinum  at  the  end  of  a  long 
and  narrow  tube  of  the  same  metal;  but  a  thermometer  made  of 
porcelain,  as  proposed  by  Regnault,  would  be  less  expensive,  and 
even  better  adapted  to  the  purpose.  In  the  use  of  platinum 
there  is  a  liability  to  error  arising  from  its  power  of  condensing 
gases  on  its  surface  at  the  ordinary  temperature. 

(267.)  The  True  Temperature. — It  is  generally  admitted  that 
the  expansion  of  a  given  mass  of  air  under  constant  pressure  is 
absolutely  proportional  to  the  quantity  of  heat  it  receives.     If  so, 

*  CompteB  Rendus,  Tom.  III.  p.  782. 
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the  temperatures  given  bj  the  air-thermoQieter  are  the  true  tem- 
peratures ;  but  although  this  assumption  is  highly  probable,  it  is 
impossible,  in  the  present  state  of  our  knowledge,  fully  to  establish 
its  truth  by  experimental  proof.  Nevertheless,  the  temperatures 
given  by  the  air-thermometer  are  the  nearest  approach  we  can 
at  present  make  to  the  true  temperature,  and  it  is  important 
in  all  scientific  investigations  to  substitute  for  the  indications  of 
a  mercury-thermometer  the  corresponding  temperatures  of  the 
air-thermometer.  When  we  know  the  nature  of  the  glass  of  tlie 
mercury-thermometer,  we  can  readily  make  the  reduction  by 
means  of  Regnault's  table  on  page  435 ;  but  since  the  expansioa 
of  glass  is  always  more  or  less  uncertain,  it  is  always  best  to  use 
the  air-thermometer  in  observing  high  temperatures  if  great  accu- 
racy is  required. 

(268.)  Effects  and  Applications  of  the  Expansion  of  Air.  — 
One  of  the  simplest  effects  of  the  expansion  of  air  is  seen  in  the 
action  of  a  stove  on  the  air  of  a  room.  The  particles  of  air  in 
contact  with  the  heated  iron  are  expanded,  and,  becoming  thus 
specifically  lighter,  rise  and  give  place  to  the  colder  particles 
which  flow  in  from  below.  Thus  a  circulation  is  established 
by  which  all  the  air  in  the  room  is  finally  brought  in  contact 
with  the  source  of  heat  and  warmed.  Were  the  air  visible,  the 
heated  air  would  be  seen  to  rise  from  the  stove,  spread  itself 
over  the  ceiling,  descend  along  the  walls,  and  flow  back  over  the 
floor  to  the  stove.  In  like  manner,  every  furnace-flue,  gas-light, 
or  candle,  and  every  human  body,  would  be  seen  to  be  the  centre 
of  an  ascending  column  of  heated  air  ;  indeed,  such  is  the  perfect 
freedom  of  motion  in  air,  that  a  single  lighted  candle  will  set  in 
motion  the  whole  atmosphere  of  a  quiet  apartment.  Similar  cur- 
rents are  established  whenever  a  door  is  opened  by  which  a  warm 
room  is  connected  with  a  cold  entry.  The  heated  and  lighter 
air  pours  out  from  the  room  at  the  top  of  the  door,  while  the 
colder  air  flows  in  over  the  door-sill.  The  flame  of  a  lighted 
candle  may  be  used  (as  represented  in  Fig.  890)  to  detect  the 
direction  of  the  currents.  A  current  of  air  may  always  be 
noticed  flowing  towards  the  sunny  side  of  a  building,  wliich 
.  supplies  the  current  rising  along  the  heated  wall.  But  by  &r 
the  grandest  exhibition  of  this  aeriform  circulation  is  the  trade- 
winds.  These  are  caused  by  the  unequal  action  of  the  sun  on 
difierent  parts  of  the  earth's  surface.      At  the  equator,  the 
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stroaglj  heated  air  riaeB,  and  its  {^ace  is  supplied  by  colder  ur, 
which  flowB  in  oa  botli  sides  from  the  temperate  zones;  thus 
currents  are  establi^ied  which  would  blow  directly  north  and 
south,  were  it  not  that  the  rota- 
tion of  the  g\tA)e  causes  them  to 
deviate  from  this  dirflction,  while 
other  imd  local  causes  canne  in  to 
produce  the  irregularitieB  which 
are  observed. 

The  effect  of  a  glass  chimney 
OB  the  flame  of  a  candle  is  an- 
other illustration  of  the  acUon  of  ' 
heat  in  expanding  air.  By  tfaa 
chimney,  the  heat  generated  by 
the  burning  oombtutible  is  con- 
fined within  tlie  ^asB  walls,  and 
consequently  the  air  surrouod- 
ing  the  flame  becomes  raoro  in-  m  aw 

tensely  heated  than  it  would  be 

without  the  cliimney.  IforeoTer,  the  heated  air  is  also  confined 
by  the  walls  of  the  chimney,  and  prevented  from  Miixitig  with  the 
atmosphere,  thus  forming  a  column  of  heated  air  whose  h^ght  ia 
equal  to  iite  height  of  the  chimney.  I^is  ccdiimn  of  air  will  evi- 
dently be  buoyed  up  by  a  force  equal  to  the  difierence  betsroen 
the  pressure  of  the  air  at  the  bottom  and  at  the  iap  of  the  cylin- 
der, and  this  force  has  been  shown  (136  and  155)  to  be  equal  to 
the  weight  of  a  column  of  the  exterior  cold  ur  of  the  same  area 
and  height.  Hence  the  heated  air  will  rise,  fw  the  aame  reason 
that  a  balloon  rises,  and  with  a  velocity  proportionate  to  the  ex- 
cess of  the  buoyancy  owr  its  own  weight.  The  quantity  of  air 
passing  through  such  a  cliimney  in  a  given  time  can  readily  be 
calculated,  when  the  area  of  the  sootmo  of  the  chimney,  and  ttw 
difieresoe  ei  temperstura  between  the  inner  and  exterior  air,  are 
known. 

The  draught  of  an  ordinary  bride  fine  is  caused  in  the  same 
way  as  that  in  the  glass  chimney  of  a  lamp.  The  weight  «f  the 
column  of  bewted  gax  CD  (Fig.  891)  is  kss  tfaan  that  <tf  the 
■eohimn  of  exterior  air  AB,  and  henoe  there  results  an  excess  of 
TipwaTd  pressure  whieh  forces  the  products  of  oondmation  up  the 
ijbimnef  tlie  more  npidly  the  grealer  the  difference  of  weo^ 
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between  the  two  masses  of  gas.    A  good  draught  depends  on  the 

following obvions  conditions: — 1.  The  size  of  the  flue  should  be 
proportional  to  the  amount  of  gas  it  is 
required  to  cany ;  for  if  too  large, 
cold  currents  may  descend  in  the 
angles  of  the  flue,  vhile  a  heated  one 
ascends  in  the  axis.  2.  The  height 
of  the  chimney  should  be  as  great  as 
possible  ;  for  the  greater  the  height, 
the  greater  vill  be  the  excess  of  the 
upward  pressure  on  which  the  draught 
depends.  8.  The  room  with  which 
the  flue  connects  should  not  be  so 
tight  that  air  cannot  enter  as  fast  as 
it  escapes  by  the  chimney.  4.  Any 
_   jgj^  direct  communication  between  sepa- 

rate flues  in  adjoining  rooms  should 

be  avoided,  because,  if  one  flue  draws  better  than  the  other,  a 

downward  current  may  be  established  in  the  last. 
Still  another  application  of  the  ascensional  force  of  heated  air 

is  to  be  seen  in  the  hot-air  furnaces  which  are  so  universally  used 

in  this  country  for  beating  buildings.    They 

usually  consist  of  a  brick  chamber  placed  in 

the  cellar,  connected  by  the  cold-air  box  with 

the  exterior  air,  and  communicating  by  tin 

tubes  with  the  different  apartments   above. 

The  interior  of  this  brick  diamber  is  nearly 

filled  with  a  large  caat-iron  stove,  constructed 

of  various  patterns,  so  as  to  expose  a  large 

heating  surfhce   to   the   air   surrounding  it. 

This  heated  air  ascends,  in  virtue  of  its  buoy-  n,.  an. 

ancy,  through  the  tin  conducting-tubes,  and 

cold  air  is  pressed  in  from  the  outside  of  the  building  to  supply 

its  place.    A  furnace  of  this  kind  (ChUson's)  is  represented  in 

Fig.  392,  and  the  arrows  indicate  the  direction  of  the  currentB 

of  air. 
The  ascenuonal  force  of  heated  air  is  not  only  applied  in 

vanning  buildings,  bat  it  is  also  used  for  producing  ventala- 

tion.     One  of  the  best  arrangements  for  the  purpose,  which 

may  be  used  with  great  efficiency  in  coiuiectioD  with  a  hot-ur 
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fomace,  is  represented  ia  Fig.  393.  The  smoke-Bue  of  the  fur- 
nace, formed  by  a  cast-iron  pipe  A,  rises  in  the  centre  of  a 
large  brick  shaft  B^'wiHi  which  the  different  rooms 
of  the  building  connect.  The  radiant  heat  of  this 
iron  flue  heats  tlie  air  in  the  shaft,  and  thus  causes 
a  powerful  ascending  current,  which  draws  in  Uio 
foul  air  from  the  room  at  the  openings  Z>  and  D; 
while  at  the  same  time  fresh  air  enters  the  room 
from  the  furnace  to  take  the  place  of  that  which 
is  thns  removed. 

It  is  evideut,  from  what  has  already  been 
stated,  that  a  tump  of  ice  sustained  near  the  top 
of  a  room  would  causo  a  descending  current  of 
air,  and  thus  give  rise  to  a  circulation  in  tlie  at- 
mosphere of  the  apartment  similar  to  that  pro- 
duced hy  a  stove.  This  principle  has  been  applied 
in  the  construction  of  refrigerators  for  preserving 
food  in  warm  weather.  One  of  these  (Winship's) 
is  represented  in  Figs.  394  and  395.  The  ico  is 
sustained  upon  a  shelf  (D  i))  in  the  upper  part  y^.  ms. 

of  a  chest,  the  hollow  walls  of  which  are  filled 
with  pulverized  charcoal,  a  ver;  poor  conductor  .of  heat.     The 
air  enters  at  a  register  (C),  and,  coming  in  contact  with  the 
ice,  is  cooled  and  falls  to  the  bottom  of  the  chest,  where  it  finda 


egress  at  E  between  the  hollow  walls,  and  finally  escapes  at  F. 
In  this  way  a  gentle  current  of  cold  air  is  steadily  maintained 
as  long  as  the  ice  lasts. 
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PROBLEMS. 

JSxpcamoH  of  SoUd$. 

811.  A  bar  of  iron  one  metre  long  at  0^  is  heated  to  15^  \  what  aa  fhe 
increased  length  of  the  bar  ? 

812.  A  bar  of  railwaj  iron  is  8.425  xnetrea  long  at  20^ ;  vbat  would 
be  its  length  at  — lO""  ? 

813.  In  laying  the  iron  rails  of  a  railroad,  it  is  necessary  to  make  an 
allowanee  for  the  expansion  of  the  metal  by  heat  How  much  allowance 
is  necessary  on  a  distance  of  100  kilometres  ?  How  much  on  a  distance 
of  20  English  miles,  assuming  that  the  road  is  laid  at  a  temperature  of 
5^1  and  that  it  is  liable  to  be  exposed  to  a  temperature  of  20^  ? 

814.  The  length  of  one  of  the  tubes  of  the  Britannia  Bridge  orer  tlie 
Menai  Strait  is  1^10  feet  1^  inches  at  0°;  what  would  be  its  length  at 
20°  ?    Determine  also  the  difference  of  length  between  — 10^  and  15^. 

815.  A  bar  of  metal  is  8.930  m.  k«g  at  O''  and  dj951  an.  long  wL  the 
■temperature  of  88^    Galeukite  the  coefficient  of  expansion. 

816.  A  bar  7  m.  long  made  of  a  metal  whose  coefficient  of  expansion  is 
Y^  increases  in  length  from  the  same  incooase  of  temperature  as  much 
as  a  bar  made  of  another  metal  9  m.  long*  Required  the  coefficient  gf 
expansion  of  the  second  metal 

817.  A  platinum  bar  2  m.  in  length  is  divided  at  one  of  its  extremities 
into  fourths  of  a  millimetre ;  a  copper  bar  1.950  m.  long  placed  oyer  the 
first  at  (f  differ^  from  it  in  length  0.050  m.,  or  200  of  the  divisions  on 
the  platinum  bar.  Required  the  temperature  of  the  two  bars  at  which 
the  difference  would  be  equal  to  164  divisions  on  tiie  platinum  bar. 

818.  A  pendulum  made  of  brass  vibrates  seconds  at  0^  C.  How  many 
seconds  would  it  lose  each  day  if  the  temperature  were  20°. 

819.  It  is  required  to  make  a  compensating  pendulum  of  steel  and 
brass  rods,  whose  constant  length  shall  be  0.50  m.  What  disposition  must 
be  given  to  these  rods»  and  what  must  be  their  lengths,  in  order  to  effect 
the  compensation  ? 

820.  A  brass  tube  Is  5.486  m.  long  at  20<^.    How  long  will  it  be  at  0<^? 

821.  A  plate  of  sheetriron  has  at  0^  a  superficial  area  of  660  cTm.'- 
Required  its  area  at  15®. 

822.  The  iron  tire  of  a  wheel  is  1.128  m.in  diameter  iHt  a  red  heat 
(1,200^^).    What  win  be  its  diameter  when  cooled  to  10="  ? 

828.  An  iron  ball  has  a  diameter  of  15  cm.  at  0^  What  will  be  its 
cubic  contents  at  IW^I 

824.  A  glass  cylinder  has  a  capacity  of  100  ^:ir.*  at  15^  What  will  be 
its  capacity  at  150°  P 

825.  With  what  force  does  alnir  of  eopper  expand,  .the  area  of  whose 
section  equals  1  Z:^\  if  heated  from  O''  to  W  f 
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3^  The  specUo  gmykj  of  a  solid  nt  5""  wm  found  to  be  7.788;  at 
20^  ii  was  found  to  hf  7J84.  Required  the  eoeflicient  of  expansion  of 
the  solid* 

JSxpannan  of  Liquid** 

* 

827.  The  height  of  the  mensmyHDolunui  in  the  tnbe  J,  Fig.  879^  was 

fbnnd  to  be  64  e.  m.  The  diibreuoe  of  level  of  the  two  <v^h^r^»M^  J,  and 
£  was  found  bj  measurement  to  be  0.972  c,  m*  Required  the  eoefficient 
of  absolute  expansion  of  mercury,  knowing  thai  the  tempemture  A  was  0^, 
and  that  of  ^  100^ 

828.  Reduce  the  loUowmg  keights  of  the  barometer  observed  at  the 
annexed  temperatures  to  0^ :  -«^ 


1. 

77  cm. 

fa    JOOC. 

6. 

75^5  e.  m. 

t »  -130.55  c. 

2. 

74    " 

<-i    100. 

«. 

4&2S    '' 

<-»    160A 

3. 

75    ^ 

Iw    2»o. 

7. 

78.6*    " 

t^    UO.S. 

4. 

73    " 

t  -  -IQO. 

8. 

75.21     " 

t  -  -120.3. 

Oalottlate  the  reduced  heif^t,  first,  on  the  assumption  diat  the  scale  is  in- 
expansible  ;  seeondlj,  on  the  assumption  that  the  height  is  measured  with 
a  brass  oathetometer  graduated  at  0° ;  ^hirdljy  that  it  is  measured  on  % 
glass  scale  also  graduated  at  0^ 

829.  Reduce  the  following  barometric  observations  made  at  8^  to  the 
temperatures  indioated,  making  the  same  assumptions  as  in  the  last 
problem :  — >  1 


1. 

76.9  c.  m. 

(a30O. 

4. 

76    c.  m. 

t  -  -100. 

2. 

76.8    " 

1  a  290. 

5. 

75.9    " 

1-    -90. 

8. 

76.7    * 

i  mm  989. 

6. 

76.8    •* 

<»  -eo. 

330.  A  glass  cylinder  4  c  m.  in  diameter  is  filled  at  0^  to  the  height  of 
0.5  m.  with  mercury.  How  high  is  the  centre  of  gravi^  at  0^,  and  how 
high  at  30°  over  the  base  of  the  cylinder  ? 

331.  Required  the  volumes  of  the  following  liquids  at  the  temperaturet 
indicated,  knowing  that  the  volume  at  0"^  is  in  each  case  100  cTm.*  :  — - 

Alcohol,      .       .        .    faSOO.        I        Oil  of  Turpentine,    .    ( -«  looo. 
Ether,      •       ,       .       « —  150.        |       Water,  .       .       .       ( —    50o. 

832.  Prepare  a  table  giving  the  volume  of  water  for  each  ten  degrees 
from  0^  to  100^,  the  volume  at  0°  being  taken  as  unity. 

833.  Construct  the  eurves  of  expansion  of  alcohol,  ether,  and  oil  of  tu^• 
pentine  irom  the  equations  on  page  518. 

334  Construct  a  curve  of  expansion  for  water  corresponding  to  each 
equation  on  page  527. 

335.  A  glass  flask  whose  neck  has  been  drawn  out  to  a  point  contains 
at  0^  1,000  ^Tm.*  of  mercury.  Required  the  weight  of  mercury  which 
will  flow  from  the  flask  if  its  temperature  is  raised  to  100^. 

46  • 


546  CHEBOCAL  PHT8ICS. 

836.  A  weight  thennometer,  Fig.  880,  contained  254.263  grammes  of 
mercury  at  0^ ;  when  heated  to  100^,  3.864  grammes  of  the  mercory  es- 
caped. What  is  the  apparent  coefficient  of  expansion  of  mercury? 
Assuming  that  the  coefficient  of  expansion  of  glass  is  0.00003,  what  is 
the  coefficient  of  absolute  expansion  ? 

337.  A  glass  thermometer-tube  was  carefully  calibrated  and  dirided 
into  parts  of  equal  capacity.  The  weight  of  mercury  which  the  bulb  and 
tube  contained  below  the  6th  division  on  the  stem,  measured  at  0°,  was 
found  to  be  20.125  grammes.  After  introducing  an  additional  quantity  of 
mercury,  which  filled  25  divisions  of  the  stem  at  0^,  this  weight  was  in- 
creased to  20.156  grammes.  Subsequently,  in  ordev  to  measure  the 
apparent  expansion  of  mercury,  the  two  fixed  points  were  carefully  de- 
termined on  the  stem.  The  difference  between  the  two  was  found  to  be 
250  divisions.  Required  the  coefficients  both  of  absolute  and  of  apparent 
expansion,  using  for  the  coefficient  of  glass  the  value  given  in  the  last 
problem. 

338.  A  spherical  vessel  having  an  internal  cUameter  equal  to  two  thirds 
of  a  metre  at  0^,  is  made  of  a  material  whose  coefficient  of  expansion  is 
equal  to  t^h-.  Required  the  weight  of  mercury  which  the  vessel  will 
hold  at  0'  and  at  25^ 

339.  A  cylinder  of  brass  immersed  in  water  is  suspended  from  the  pan 
of  a  hydrostatic  balance,  and  counterpoised  at  4\  The  temperature  is 
then  raised  to  9^,  and  it  is  required  to  determine  the  weight  necessary  to 
restore  the  equilibrium.  The  circumference  of  the  cylinder  is  0.135  m. ; 
its  height,  0.12  m. 

340.  A  spherical  glass  vessel,  whose  diameter  is  equal  to  0.28  m.,  is 
filled  with  mercury  at  70^.  This  mercury  is  turned  into  a  quantity  oi 
water  which  half  fills  a  cylindrical  vessel  0.40  m.  high  and  0.40  m.  in 
diameter.  Required  the  temperature  of  the  mixture,  neglecting  the  tem- 
perature of  the  glass. 

341.  Determine  the  coefficient  of  expansion  of  platinnm  from  the  fol- 
lowing data  :  — ^  Qnmmm. 
Weight  of  the  platinum  bar, 198.0 

"  "      glass  balb  and  platinnm  bar  enclosed,         ....        S403 

"  <'  '<         **  "         when  filled  with  merairy  at  O^,  .    a9ai 

"  "      mercniy  expelled  on  heating  the  tabe  to  100^,     .  .  7.97 

This  problem  can  be  most  readily  solved  by  first  calculating  the  values  of 
J^,  K\  and  —7^9  and  afterwards  substituting  these  values  in  [I8O3. 

Expaniion  of  Goies. 

342.  To  what  temperature  must  an  open  vessel  be  heated  before  one 
half  of  the  air  which  it  contains  at  0""  is  driven  out  ?  The  pressure  is  as- 
sumed to  be'  constant 
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843.  An  open  vessel  is  heated  to  1,000^  What  portion  of  the  air  which 
the  vessel  contained  at  0^  remains  in  it  at  this  temperature  ?  The  pres- 
sure is  assumed  to  be  constant 

344.  A  closed  glass  vessel,  which  at  0^  was  filled  with  air  having  a 
tension  of  76  c  m.,  is  heated  to  50(P.  Determine  the  tension  of  the 
heated  air. 

345.  Required  the  temperature  at  which  one  litre  of  air  would  weigh 
one  gramme,  the  pressure  being  76  c  m* 

346.  An  iron  bomb-fihell  was  filled  with  nitrogen  gas  at  0°,  and  after 
having  been  hermeticallj  sealed  was  heated  white-hot  (1,300^  C).  Re- 
quired the  tension  of  the  heated  gas. 

347.  Reduce  the  following  volumes  of  gas,  measured  at  the  tempera- 
tures and  pressures  annexe<(to  0^  and  76  c.  m. :  — 


I.    10     cm.'    H  -»  74  c.  m. 

t-  loo. 

4. 

i2^:^» 

JET  s  38  c  m. 

<=    30P. 

2.     7.5    "        IT -78    " 

t»  ISO. 

5. 

11     " 

if -=60    " 

*—  aa». 

a.  10     "     isr-iso  ** 

<«  IQO. 

6. 

9    " 

ir^GO    " 

t  «  -10^. 

348.  It  is  required  to  determine  the  temperature  to  which  an  air-ther- 
mometer was  exposed  from  the  foUowing  data :  — 

Weight  of  the  glass  thennoineter, 10     ■■    S5  JS4  grunmes. 

<'         ''     thennometer  filled  with  mercniy  at  0^,    .  IP  »  705.164     " 

"         "  "  partially  fiUed  with  mefcnry  at  00,  W   —251.964      " 

Heig^  of  the  barometer  redaoed  to  0^,  .        .  j7'o  -»    75UM    c  m. 

"         "     mercmy-eolumn  in  thennometer,  .        .        .  Ao    ■*    13.54      '* 

"         "     barometer  at  the  time  of  closing  thermometer,  Ho  —    76J22      " 

Ans.  232^7. 

349.  It  is  required  to  determine  the  temperature  to  which  the  air-ther^ 
mometer  of  Fig.  273  was  exposed  from  the  following  data :  -— 

Height  of  barometer  at  the  moment  of  observing  the  temperature,    E'o  —  76.22  c.  m. 

*«  '<  "  **  measuring  difference  of  level,  iTo  —76.54  " 
Biflbreiice  of  level  ai  measored  by  a  cathetometer,  •    Ao    »  40.34    " 

Yolome  of  the  air-thermometer  at  0^, F    —  254    eTml* 

"  **  manometer-tnbe  between  /  and  a,  .  •  .  «  —  20  *' 
Temperatare  of  the  manometer, I      —   10^. 

Ans.  265^'. 

350.  It  is  required  to  determine  the  volume  of  the  air-thermometer 

fiom  the  foUowing  data :  — 

Weight  of  mercniy  above  mark  a,        ....  81 .600  grammes. 

"  "       between  a  and  ^,       .        .  272.000       " 

Height  of  barometer, 76        c  m« 

Difference  of  level  of  the  two  columns,     .        .  39.4        " 

851.  A  glass  tube,  the  area  of  whose  section  is  j^  of  a  square  cen- 
timetre, is  connected,  as  in  Fig.  355,  with  a  glass  bulb  whose  capacitj 
equals  0.75  ^^*  At  the  temperature  of  — 40^  and  under  a  pressure  of 
76  c  m.  the  small  thread  of  liquid,  A,  stands  at  the  lowest  part  of  the 
tube.  It  is  required  to  determine  how  long  the  tube  must  be,  in  order 
that  we  maj  measure  with  the  instrument  a  temperature  of  120^ 
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CSAKOB  OF  8TATB  OF  BOPIGS. 

1.  Solids  to  Liquids. 

(269.)  Melting-Pomt.  —  If  ire  heat  a  solid,  the  first  efl^  of 
heat  is,  as  we  have  seen,  to  expand  it ;  the  second  effect  is  to 
change  its  mechanical  condition,  —  to  melt  it.  The  temperature 
at  which  solids  melt  differs  very  greatly  for  different  substances ; 
but  it  is  always  constant  for  the  same  substance.  MoreoTcr,  the 
temperature  remains  absolutely  constant  during  the  whole  period 
of  melting*    This  temperature  is  termed  the  melting-poiM. 


MMng-PoinU. 

MerccRy  •        •        • 

.  — sy' 

Sulphur     .        •        •        . 

109» 

Oil  of  Turpentine 

—10 

Alloy  (l  Tin,  1  Kmoath)   . 

141 

Ice          •        •        • 

0 

*^     (3Tin,SLead)    . 

167 

Lard   .        .        •        • 

+33 

^     (8  Tin,  1  Biamotfa)   • 

200 

Phosphonis      •        • 

43 

Tin 

230 

Spermaceti           • 

.    49 

Bismuth        •        .        • 

256 

Potassium 

58 

Lead         .        .        .         . 

822 

Wax  (not  bleached)     • 

.     61 

Zinc       .        •        •         • 

360 

Stearic  Add    . 

70 

Antimony 

432 

Sodium 

.     90 

Silver,  pure,  . 

999 

Fusible  metal  (5  Fb,  a  So, 

SBi)  100 

"^      alloyed  with  t\ygPl4r 

1048 

Iodine 

.  107 

(270.)  Vitreous  Fusion.  —  Most  solids,  when  heated  to  their 
melting-point,  change  at  once  into  perfect  liquids;  but  somo, 
such  as  platinum,  iron,  glass,  phosphoric  acid,  the  resins,  wax,  and 
many  others,  pass  through  an  intermediate  pasty  condition  before 
they  attain  complete  fluidity.  In  such  cases  the  melting-point  is 
not  fixed,  although,  so  fiur  as  we  can  judge,  a  definite  tempera- 
ture corresponds  to  each  stage  of  the  change.  The  term  vilrtosu 
fusion  has  been  applied  to  this  gradual  change  of  state,  because 
it  is  a  characteristic  property  of  all  ritreous  substances ;  and  it  is 
when  in  this  intermediate  pasty  state  that  glass  is  worked  and 
iron  or  platinum  forged. 

(271.)  Freezing-Point.  —  If  a  substance  in  the  liquid  form  is 
oodbd  below  the  temperature  at  which  it  melts,  it  again  becomes 
solid,  and  as  a  general  rule  the  freesdng^xMnt  is  the  same  as  the 
melting-point.    But  in  many  cases  we  can  co(d  a  liquid  s&smsl 
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degrees  below  its  meltiiig^'point  without  its  solidifying ;  thus,  hj 
keeping  water  perfectly  stilly  we  csa  succeed  in  cooling  it  to 
•^15^,  or  even  to  — 17**,  before  it  freezes.  If,  however,  when  in 
ihb  condition,  we  drop  into  the  water  an  angular  body,  like  a 
piece  of  sand,  or  gently  jolt  the  vessel  containing  it,  congelation 
begins  at  once,  and  the  temperature  suddenly  rises  to  O"*.  It  has 
already  been  stated  (258)  that  water  continues  to  expand  when 
cooled  below  0"",  while  ice  under  the  same  circumstances  con- 
tracts.   Despretc  has  followed  its  expansion  to  — 20**. 

This  singular  phenomenon  seems  to  be  caused  by  the  inertia 
of  the  particles  of  the  liquid,  and  is  exhibited  to  a  still  greater 
degree  in  viscid  liquids,  like  the  fats,  where,  on  account  of  the 
imperfect  fluidity,  the  inertia  is  greater.  Such  liquids  uniformly 
do  not  begiti  to  freeze  until  they  are  cooled  several  degrees  below 
the  melting-point;  but  as  soon  as  the  change  commences,  the 
temperature  at  once  rises  to  this  point. 

It  has  been  noticed  that  the  phenomenon  just  described  is  most 
readily  produced  when  the  liquid  b  enclosed  in  a  capillary  tube, 
and  this  circumstance  has  been  thought  to  explain  the  fiust  that 
plants  and  many  of  the  lower  animals  frequently  seem  to  resist  the 
action  of  frost  without  any  apparently  adequate  protection  ;  for, 
as  is  well  known,  their  liquid  juices  circulate  through  exceedingly 
minute  capillary  vessels. 

(272.)  Effect  of  Sails  on  the  Freezing^Point  of  Water.— The 
freezing-point  of  water  is  depressed  by  the  presence  of  salts  in 
solution.  Thus  sea-water  freezes  at  about  ---3**,  and  a  saturated 
solution  of  common  salt  must  be  cooled  as  low  as  — 20"*  before 
freezing.  The  freezing-points  of  various  saline  solutions  at  dif- 
ferent degrees  of  concentration  have  been  given  by  Despretz  in  a 
memoir  already  referred  to  (2o8).  In  all  these  cases  pure  ice  is 
formed  by  the  freezing,  and  a  more  saturated  solution  of  the  salt 
is  left.  The  change  may  in  fact  be  regarded  as  a  process  of  crys- 
tallization, in  which  the  water  crystallizes  out,  leaving  the  salt 
behind.  In  like  manner,  alcohol,  which  when  mixed  with  water 
very  greatly  reduces  the  freezing-point,  is  entirely  eliminated 
from  it  in  the  process  of  freezing.  Hence  weak  alcoholic  liquids 
like  wine  or  beer  may  be  concentrated  by  exposing  them  to  cold 
and  removing  the  layers  of  ice  as  they  form. 

To  the  same  class  of  phenomena  belongs  the  fact,  that  the 
melting-point  of  several  alloys  is  lower  than  that  of  either  of  tlie 
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metals  of  which  thej  consist.  The  most  rtanaikable  example  of 
this  kind  is  Rose's  fnsible  metal,  consisting  of  two  parts  bismuth, 
one  part  tin,  and  one  part  lead,  which  melts  between  95**  and 
98°,  althongh  the  melting-^ints  of  its  constituents  are  all  be* 
tween  235''  and  834°.  The  following  table,  which  gives  the  melt- 
ing-points of  several  allojs  of  tin  and  lead,  furnishes  another 
example  of  the  same  fact.  The  lowest  melting-point  corre- 
sponds to  an  alloj  of  tliree  equivalents  of  tin  and  one  equivalent 
of  lead.  Compounds  of  two  equivalents  of  sulphur  and  three 
equivalents  of  phosphorus,  of  two  equivalents  of  bismuth  and 
three  equivalents  of  tin,  show  similar  relations. 


Pwetnt 

■§•  CcnpoiitlOD. 

UitdDg-fiioL 

TIB. 

100 

L«d. 

0 

2si 

73.7 

26.3 

194 

69.3 

30.7 

189 

63.0 

37.0 

186 

53.2 

46.8 

196 

36.2 

63.8 

241 

15.9 

841 

289 

0 

100 

334 

(278.)  Effect  of  Pressure  on  the  MeUing-Point.  —  Since  the 
effect  of  an  external  pressure  must  be  to  resist  the  expansive 
force  of  heat,  we  might  naturally  expect  that  it  would  tend  to 
raise  the  melting-point.  That  this  is  indeed  the  fact  is  shown 
bj  the  following  table,  which  gives  the  results  of  experiments 
made  by  Mr.  Hopkins  *  on  this  subject. 


51.1 

MtMnf-Poiiit. 
Wax.                Sulphur. 

64J             107!2 

Stanfau 

67!2 

60.0 

74.7             135.2 

68.3 

80.2 

80.2            140.5 

73.8 

1 

520 
793 

On  the  otiier  hand,  it  has  been  shown  bj  Professor  Thompson 
that  the  effect  of  pressure  on  water  is  exactly  opposite  to  that 
just  described.  He  found  that  a  pressure  of  8.1  and  16.8' atmos- 
pheres caused  a  depression  of  the  freezing-point  of  0''.059  and 
0**.129.     But  it  will  be  shown  in  the  next  section,  that,  while  the 

*  Siliinuui't  Amftrion  Journal,  Seoond  Series,  VoL  XIX.  p.  14a 
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Tolnme  of  the  substancea  on  which  Kr.  Hopkins  experimented  ia- 
creases  by  melting,  that  of  water  diminishes.  We  should,  there- 
fore, expect  an  opposite  result  in  the  two  cases  ;  in  fact,  not 
only  the  general  effect  of  the  pressure,  but  also  the  amount  to 
which  the  melting-point  of  ice  is  depressed  by  it,  are  in  accord- 
ance with  the  theory.  Indeed,  the  phenomenon  was  predicted  by 
Professor  Thompson*  on  purely  theoretical  grounds,  and  the 
experimental  results  since  obtained  have  agreed  very  closely  witli 
bis  predictions. 

-(274.)    Chanffe  of  Volume.  —  At  the   moment   of  melting 
there  is  a  sudden  change  of  yolume,  which  is  usually  an  ex- 
pansion ;  but  in  the  cose  of  water  and  a  few  metals  the  effect 
is  a  condensation.     This  subject  has  been  carefully  investigated 
by  Koi^if   who  used   in   bis   experiments   tlie  simple  appara- 
tus  represented   in  Fig.  396.     The   small    test-tube 
a  a,  containing  tlie  Bubstance  to  be   examined,  was 
placed  within  a  somewhat  larger  tube  of  the  same 
shape  ;  and  this,  having  been  filled  with  water  or  some 
other  suitable  liquid,  was  closed  by  a  cork  provided 
witli  a  capillary  glass  tube  divided  into  parts  of  equal 
capacity.      It  is  evident  that  any  -change  of  volume 
of  the  solid  in  the  tube  a  a  could  be  measured  by 
tlio  rise  or  fall  of  the  enclosed  liquid  in  tlio  capillary 
tube.     In  practice,  tlie  apparatus  was  heated  at  tlio 
side  of  a  thermometer  in  an  oil-bath,  so  arranged  tliat 
the  temperature  could  be  kept  constant  for  a  few  min- 
utes at  any  point,  and  at  each  stationary  point  the 
temperature  and  tlie  height  of  the  liquid  in  tlie  capil- 
lary tube  were  observed.     The  weight  of  the  substance 
and  of  the  liquid  used  (commonly  water)  having  been 
previously  determined,  and  the  rate  of  expansion  of 
glass  and  of  the  liquid  being  known,  and  also  the  vol- 
ume of  the  tube  between  any  two  divisions,  it  was 
easy  to  calculate  the  volume  of  the  substance  at  each       fic  sm 
observed  temperature,  and  of  course  to  measure  tlio 
change  of  volume  which  took  place  at  melting.      Some  of  the 
resulte  obtained   by  Kopp   are   represented   in   Figs.   397,  S98, 
899,  and  400.    Here,  as  in  Figs.  881  and  386,  the  abscissas  of 
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the  carves  indicftte  degrees  of  temporature,  and  the  ordinate*  tlia 
corresponding  Tolumee  of  the  subetanoe,  ttie  Tolutae  at  0°  boing 
taken  as  uDitr.     Solid  phosphorus  (Fig.  807),  it  vltl  bo  noticed, 


expands  Tcry  regularly,  like  other  solids,  until  it  re&ches  44°,  its 
melting-point,  when  a  sudden  expansion,  amounting  to  ftboat 
0.035  of  tlie  original  volume,  takes  placo.     After  melting,  the 
expanBion  continues,  vitli  tolerable  regularity,  as  before.     Ice,  on 
the  other  hand  (Fig.  308),  ^hich,  so  long  as  it  remains  solid,  is 
expanded  by  heat,  suddenly  contracts   in  melting,  —  the   con- 
traction amounting  to  about  0.1  of  the  volume  of  the  water  at 
0°.    After  melting,  the  water 
expands    according    to    tlie 
laws   before  slated,  but  the 
total    amount  of  expansion 
between    the    freetiug    and 
boiling  points   is   less   than 
one  half  as  great  as  the  con- 
traction in  melting.     Hence 
ice  will  float  on  water,  even 
when  at  the    boiling-point. 
The  expansion  of  water  in 
freezing-  takes  place  with  ip- 
resistible  force.    Thick  iron 
y.  ggg^  bomb-shells  have  been  burst 

by  exposing  them  to  great 
cold  when  filled  with  water  and  tightly  plugged. 

The  law  of  the  expansion  of  wax  while  melting  is  shown  by 
the  curve  in  Fig.  899.  Since  wax  does  not  change  suddenly  into 
a  liquid,  but  posses  through  an  intermediate  pasty  condition,  we 
should  not  expect  to  find  a  point  of  sudden  expansion.    As  tne 
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curve  indicates,  the  expansion  is  Tery  rapid  during  the  melting, 
and  vastly  more  rapid  than  the  expansion  above  Qi',  tlie  point 
at  -which  the  -wax  becomes  perfectly  liquid. 

Fig.  400  represents  the  carve  of  iteariue,  vhich  is  exceedingly 
irregular.  The  substance 
has  in  fiict  two  melting- 
points.  It  melts  first  at 
50°,  and  this  change  is  at 
tended  with  a  sudden  con- 
densation. But  as  the  tern 
pcrature  rises  higher,  the 
BubstaiiGO  again  thickens, 
owing  tiudoubtedly  to  a 
change  in  its  molecular 
condition  ;  and  this  nev 
condition  of  stearine  melts 
at  60°,  when  the  change 
is  attended  witli  a  sudden  i%.«a 

expansion. 

Besides  Watar,  the  only  substances  known  to  expand  in  so- 
lidifying, which  do  not  contain  water  as  a  chief  constituent,  are 
cast-iron,  bismuth,  antimony,  and  a  few  alloys,  such  as  type- 
metal,  brass,  and  bronze.  These  metals  and  alloys  all  givo 
sharp  casts,  because  the  expansion,  which  takes  place  when 
the  metal  lets,  forces  it  into  the  minute  cavities  of  the  mould ; 
and  on  this  &ct  depend  many  of  their  useful  applications  iu 
founding. 

(275.)  The  melting  of  solids,  like  tlieir  expansion,  may  be 
explained  by  the  expansive  force  exerted  by  heat.  When  this 
expansive  force  becomes  equal  to  the  cohesive  force,  we  evi- 
dently have  a  condition  of  matter  in  which  the  particles  are  in 
perfect  equilibrium  between  two  forces,  and  are  therefore  free 
to  move  at  the  slightest  impulse  ;  in  a  word,  we  have  the  condi- 
tion of  liquidity.  We  may  define,  then,  a  liquid  as  that  condition 
of  matter  in  which  the  cohesive  force  is  balanced  hy  the  expan- 
sive force  of  heat.  With  a  few  exceptions,  all  solids  which  can 
bear  the  requisite  change  of  temperature  without  undoi^ing 
eliemicol  change,  may  be  melted.  Many  substances  which  are 
generally  r^arded  as  infusible  —  such,  for  example,  as  platinum, 
flint,  and  siliceous  minerals  —  readily  melt  before  the  compound 
47 
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blowpipe,  or  between  the  poles  of  a  powerful  galvanic  battery. 
Carbon  is,  indeed,  almost  the  onlj  substance  which  has  not 
yielded  to  these  high  temperatures  ;  and  it  is  probable  that  even 
this  will  be  melted  when  the  means  of  obtaining  still  higher  tem- 
peratures shall  be  discovered.*  There  are,  however,  a  great 
number  of  substances,  especially  organic  compounds,  which 
cannot  be  melted,  because  they  are  decomposed  by  the  action 
of  heat.  Thus  wood,  when  heated,  is  decomposed  into  certain 
gases  and  acid  vapors,  which  escape,  and.  into  carbon,  which  is 
left  behind.  In  liice  manner  carbonate  of  lime  (chalk),  when 
heated,  is  decomposed  into  carbonic  acid  gas  and  limo  at  a  tem- 
perature below  its  point  of  fusion.  If,  however,  we  prevent  the 
gas  from  escaping,  by  confining  the  carbonate  of  lime  in  a  gun- 
barrel  hermetically  closed,  it  can  be  melted  in  a  furnace  fire. 

As,  witli  very  few  exceptions,  all  solids  may  be  melted,  we 
have  every  reason  to  infer  that  all  liquids  might  be  frozen  if  a 
sufficient  degree  of  cold  could  be  attained.  There  are,  however, 
several  liquids  which  have  never  yet  been  frozen.  Such,  for 
example,  are  sulphide  of  carbon,  alcohol,  and  several  others  of 
organic  origin ;  but  even  alcohol  becomes  very  thick  and  oily 
when  exposed  to  the  intense  cold  produced  by  a  mixture  of  solid 
carbonic  acid  and  ether. 

(276.)  Determination  of  the  Melting-Point.  —  The  melting- 
point  is  an  important  physical  property  of  a  substance,  and  the 
chemist  has  frequent  occasion  to  determine  it.  The  simplest 
method  is  to  heat  the  solid  in  a  convenient  vessel  until  it  begins 
to  melt,  and  then  test  the  temperature  with  a  thermometer  before 
it  is  fully  melted. .  It  is  always  well,  however,  also  to  reverse  the 
experiment,  and,  by  cooling  down  the  liquid,  test  the  temperature 
while  it  is  freezing.  But  if  there  is  a  difference  between  the  two 
temperatures,  the  melting-point  should  be  taken  as  the .  physical 
constant  rather  than  tlie  -  freezing-point,  for  the  reasons  already 
stated  (271). 

The  apparatus  represented  in  Fig.  401  will  be  frequently  found 
very  convenient  for  determining  the  melting  or  freezing  .point  of 
many  organic  substances,  especially  when  only  a  small  quantity 

*  Both  Silliman  and  Desprctz  have  obtained  erldencc  of  the  partial  fbsion  and  Tola- 
tilixation  of  carbon,  when  exposed  to  the  action  of  a  f^lvanic  battery  of  great  intensitf . 
For  a  description  of  the  best  means  of  producing  intense  furnace  heat,  see  a  memoir 
by  Deville,  Annates  de  Chimie  et  do  Physique,  3*  Scrio,  Tom.  XLVI.  p.  182. 
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13  available  for  Qm  experiment.    It  consists  of  a  water  or  oil  bath, 
made  with  two  beaker  glasses  (cue  supported  within  the  other,  as 
represented  in  the  figure),  bo  that  the  conduction  of  heat  from  the 
lamp  to  the  inuer  vessel  maj  be  as  uni- 
fonn  as  possible.    A  thermometer  in  the 
inner  glass  gives  the  temperature  of  the 
bath  at  each  instant,  aud  the  substance 
under  experiment,  enclosed  iu  a  capilla- 
ry glass  tube,  is  immersed  iu  the  bath  at 
Uie  side  of  the  thermometer.    By  slowly 
heating  and  then  cooling  the  bath,  it  is 
easy  to  catch  the  exact  point  at  which 
tlie   solid   melts  and  the   liquid  i^ain 
freezes  ;  and  the  experiment  can  read- 
ily bo  repeated  a  great  number  of  times, 

(277.)  Heat  of  Fusion.  —  It  has  al- 
ready been  stated,  that  wliile  a  solid 
is  melting  the  temperature  remains  the  nc.«)i 

same.     This  feet  can  be  easily  verified 

by  watching  a  thermometer  immersed  in  a  tumbler  filled  with 
melting  ice,  when  it  will  be  found  that  the  thermometer  will 
stand  at  0°  until  the  whole  of  the  ice  has  disappeared.  During 
all  this  time,  which  may  be  several  hours,  heat  has  been  continu* 
ally  entering  the  water  from  the  air,  and  tlie  question  naturally 
arises.  What  has  become  of  this  heat  ?  The  answer  is,  that  it 
has  been  used  up  in  melting  the  ice. 

In  order  to  study  this  phenomenon  more  closely,  let  us  take 
two  vessels,  the  first  containing  one  kilogramme  of  ice-cold  water, 
and  the  second,  one  kilogramme  of  coarsely  pulverized  ice.  A 
thermometer  placed  in  each  vessel  will  indicate  that  both  the 
ice  and  the  water  have  exactly  the  same  temperature,  viz.  0°. 
Let  us  now  expose  both  to  such  a  source  of  heat,  that  the  same 
amount  of  heat  must  enter  each  vessel  during  the  same  time. 
It  will  be  found  tliat  the  tliermometer  in  the  first  will  remain 
stationary  while  the  ice  is  melting ;  but  tlie  thermometer  in  the 
second  will  gradually  rise.  If  at  the  moment  the  last  particle  of 
ice  has  melted  we  examine  the  two  tliermometers,  we  shall  find 
that  the  one  iu  the  first  vessel  marks  still  0°,  while  that  in  the 
second  has  risen  to  79°.  From  the  definition  of  the  unit  of  heat 
(281),  it  follows  that  79  units  of  heat  must  have  entered  both 
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vessels.  This  heat  has  not  raised  the  temperature  of  the  first) 
because  it  has  all  been  consumed  in  melting  the  ice.  The  diflfer* 
ence,  then,  between  one  kilogramme  of  ice  at  0^  and  one  kilo- 
gramme of  water  at  the  same  temperature  is  79  units  of  heat. 

The  same  truth  may  be  illustrated  in  another  way.  If  we  take 
one  kilogramme  of  water  at  79**,  and  one  kilogramme  of  ice  at  O"", 
and  mix  the  two  together,  we  shall  find,  on  testing  the  water  with 
a  thermometer  after  the  ice  has  melted,  that  its  temperature  is  O"*. 
What  then  has  become  of  the  79  units  of  heat  that  the  kilo- 
gramme of  water  contained  ?  It  is  evident  that  they  have  disa]> 
peared  in  the  melting  of  the  ice.  What  is  true  of  ice  and  water 
is  also  true  of  other  substances.  All  solids,  in  melting,  absorb  a 
large  amount  of  heat,  without  any  corresponding  change  of  tem» 
perature.  The  heat  which  is  thus  absorbed  is  sometimes  called 
the  heat  of  fusion^  but  more  frequently  the  latent  heat  of  the 
liquid,  because  it  is  not  sensible  to  the  thermometer.  The  heat 
of  fusion  of  a  few  solids  is  given  in  the  following  table :  — 

Melting-  Heat  mbsorbed  by  1  kQ»- 

Foiot.  graaime  In  melting. 

Ice, 0^0  79.25  unita. 

Phosphorus,      .        •        .  44*^.2                       5.03     « 

Sulphur,       ....  115^2                       9.87     " 

Lead,       ....  326^2                      5.37 

Bismuth,      ....  266°.8  12.64 

Tin,          ....  237^7  14.25 

Silver,          999^  21.07 

Zinc,         ....  415^3  28.13 


u 
u 
u 
u 


The  principle  under  disctission  is  well  illustrated  by  the  90- 
CBlled  freezings  mixtures.  The  most  common  of  these  is  a  mix* 
ture  of  equal  parts  of  snow  or  pounded  ice  and  salt,  which  pro^ 
duces  a  degree  of  cold  of  about  — 16^.  The  salt  causes  the  ice^  to 
melt  and  the  water  dissolves  the  salt,  so  that  both  become  liquid, 
and  in  consequence  a  large  amount*  of  heat  is  absorbed.  This 
mixture  is  used,  as  is  well  known,  for  freeadng  ice-creams.  A 
much  more  powerful  freezing  mixture  is  formed  by  mixing 
together  three  parts  of  crystallized  chloride  of  calcium,  pren* 
ously  cooled  to  0*",  and  two  parts  of  snow.  A  degree  of  cold 
may  be  thus  produced  equal  to  — 46**,  and  sufficient  to  freese 
mercury. 

The  solution  of  most  salts  in  water  is  attended  with  the  ab- 
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■orptioB  of  h«at,  because  tiie  salt,  io  diuolving,  ch&nges  from  a 
solid  to  a  liquid  condition.  Nitre,  for  example,  cooU  the  water 
in  vhich  it  is  dissolved  eight  or  tan  degrees.  Ooe  part  of  chlo- 
ride of  potassitun  dissolved  in  four  parts  of  water  ^so  cools  the 
water  abont  the  same  amount.  The  depression  of  temperature 
is  frequently  more  considerable  when  we  dissolve  the  salt  in  an 
acid  liquid  instead  of  pure  water.  A.  very  convenient  method  of 
freezing  water  without  the  use  of  ice  consists  in  mixing  tt^ether 
6nely  pulverized  Glauber'a  ealt  and  tbe  common  muriatic  acid 
of  commerce.  The  salt  dissolves  to  a  greater  extent  in  the  acid 
than  in  water,  and  a  depression  of  temperature  results  which 
may  amount  to  28".  An  apparatus  (Fig.  402)  is  constructed  at 
Paris  for  freezing  water  by  this  process,  and  it  ia  found  to  require 


•bout  six  kilogrammes  of  Glauber's  salt  and  five  kilogrammes 
of  nmriatic  acid  to  freeze  five  kilogrammea  of  water.  The  freez- 
ing mixture  is  {daeed  in  the  cylindrical  chamber  C,  wliile  the 
bidlow  wdls  of  this  chamber,  as  well  as  the  interior  cylinder  A, 
are  filled  with  the  water  to  be  frozen.  The  crank  at  the  top  of 
the  apparatus  serves  to  turn  the  cylinder  A  and  the  vanes  at- 
tached  to  it,  by  which  means  the  acid  and  salt  are  kept  coastautty 
mixed  and  the  surfaces  of  contact  renewed.  After  the  ke  forms, 
the  freezing  mixture  is  drawn  off  into  the  lower  chamber  T, 
wfaere  it  may  be  i^irther  used  for  eooling  bottles  of  wine. 
47* 
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As  tlie  change  of  state  from  solid  to  liquid  is  attended  with  the 
absorption  of  a  definite  amount  of  heat,  we  should  naturally 
expect  that,  when  the  fluid  changes  back  again  to  a  solid,  the 
same  amount  of  heat  would  be  evolved.  That  this  is  reallj  the 
case,  may  be  proved  by  reversing  the  experiments  just  described. 

If  we  take  two  vessels,  the  first  containing  one  kilogramme  of 
water  at  79^,  and  the  second,  one  kilogranmie  of  water  at  zero, 
and  expose  them  to  the  air  during  a  cold  winter  day,  so  that 
equal  amounts  of  heat  shall  escape  from  both  during  any  given 
time,  we  shall  find  that  the  temperature  of  the  water  in  the  first 
vessel  will  immediately  fall,  while  that  of  the  water  in  the  sec- 
ond vessel  will  remain  stationary.  In  the  mean  time,  however, 
the  water  in  the  second  vessel  will  begin  to  freeze  ;  but  so  long 
as  the  water  remains  liquid,  the  temperature  will  continue  star 
tionary  at  zero.  If  at  the  moment  the  last  particle  of  water  has 
frozen,  and  before  the  temperature  begins  to  fall,  we  observe  the 
temperature  of  the  water  in  the  first  vessel,  we  shall  find  that 
the  thermometer  stands  exactly  at  zero.  Evidently,  then,  79 
units  of  heat  have  escaped  from  tlie  water  in  the  first  vessel. 
The  same  amount  also  must  have  escaped  from  the  water  in  the 
second  vessel.  Why,  then,  has  it  not  changed  the  temperature  ? 
Simply  because  it  is  the  heat  of  fusion,  which  has  been  given  up 
by  the  water  in  changing  into  ice. 

In  like  manner,  as  the  solution  of  a  salt  in  water  is  attended 
with  absorption  of  heat,  so  the  separation  of  a  salt  from  its 
state  of  solution  (the  process  of  crystallization)  is  attended  with 
evolution  of  heat.  As  a  general  rule,  however,  the  crystalli- 
zation is  so  slow,  that  the  heat  escapes  as  fast  as  it  is  liberated, 
and  therefore  does  not  raise  sensibly  the  temperature  of  the  mass. 
We  can,  however,  so  arrange  the  experiment  as  to  make  it  very 
perceptible.  We  prepare  for  this  purpose  a  supersaturated  solu- 
tion of  Glauber's  salt,  as  described  in  (198),  and  when  the  so- 
lution is  cold  make  it  crystallize  suddenly  by  uncorking  the  flask. 
On  grasping  the  flask  with  the  hand  as  soon  as  the  crystallization 
has  been  completed,  it  will  be  found  that  its  temperature  has 
risen  very  perceptibly,  thus  proving  that  crystallization  is  at- 
tended with  liberation  of  heat. 

As  a  last  illustration  of  the  principle  under  discussion,  we  may 
cite  the  well-known  process  of  slaking  lime  in  the  preparation 
of  mortar.    If  we  add  to  one  kilogramme  of  quicklime  one  half 
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a  kilogramme  of  water,  the  lime  rapidly  combines  with  the  water 
and  falls  into  a  loose  white  powder,  a  portion  of  the  water  at  the 
same  time  escaping  as  steam.  The  water  is  thus  changed,  by 
entering  into  combination  with  the  lime,  from  the  liquid  to  tlie 
solid  state ;  and,  as  we  might  anticipate,  a  great  amount  of  heat 
is  suddenly  evolved.  The  elevation  of  temperature  which  is 
tlms  caused  is  sometimes  sufficiently  high  to  inflame  gunpowder. 
The  heat  which  is  liberated  in  this  process  is  not,  however, 
wholly  caused  by  the  solidifying  of  the  water.  A  portion  of  it 
results  from  the  chemical  combination  between  the  lime  and  the 
water,  in  accordance  with  the  general  law  that  chemical  combi- 
nations are  attended  with  the  evolution  of  heat. 

The  quantity  of  heat  which  becomes  latent  during  the  fusion 
of  solids  is  ascertained  by  pouring  a  known  weight  of  the  melted 
solid,  at  its  melting-point,  into  a  mass  of  water  whose  weiglit  and 
temperature  are  known.  The  temperature  of  the  water  will  evi- 
dently be  increased  by  the  addition  of  the  amoimt  of  heat  which 
the  liquid  gives  but  in  solidifying,  plus  the  amount  which  the 
solid  gives  out  in  cooling  from  the  melting-point  to  the  increased 
temperature  of  the  liquid.  This  last  quantity  may  be  easily  cal- 
culated when  the  specific  heat  of  the  solid  is  known.  From  the 
increased  temperature  and  weight  of  the  water,  we  can  also  easily 
calculate  the  amount  of  heat  which  the  water  has  gained ;  and  then 
the  difference  between  these  two  quantities  will  be  the  amount  of 
heat  which  the  liquid  gave  out  in  solidifying, — in  other  words,  the 
heat  of  fusion.    The  method  may  be  made  clear  by  an  example. 

In  order  to  determine  the  latent  heat  of  melted  tin,  25 
grammes  of  the  liquid  metal  at  its  melting-point  (238^)  were 
poured  into  1,500  grammes  of  water  at  Ib^.  After  an  equilib- 
rium of  temperature  was  established,  a  thermometer  dipping  in 
the  water  indicated  15^.45.  Hence  it  followed  that  the  water 
had  gained  in  temperature  16® .45  —  15**  =  0®.45,  and  must 
therefore  have  absorbed  0.45  X  1.5  =  0.675  units  of  heat  (231). 
On  the  other  hand,  the  tin  had  lost  in  temperature  238''  — 15''.45 
s=s  222''.55  ;  and,  since  the  specific  heat  of  tin  is  equal  to  0.0562 
(page  466),  it  must  have  given  out,  in  cooling  from  the  melting- 
point  after  solidifying,  222.55  X  0.025  X  0.0562  =  0.318  units  of 
heat.  Subtractiug  this  quantity  from  0.675,  we  find  tliat  the 
amount  of  lieat  given  out,  in  solidifying,  by  25  grammes  of  tin, 
is  equal  to  0.862  units  ;  and  a  simple  calculation  will  show  thaX 
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one  kilogramme  of  the  melted  metal  would  give  out,  under  ibe 
8ame  circumstances,  14*48  unite  of  heat,  -^  a  quantity  which,  bf 
definition,  is  the  heat  of  fusion  of  the  substance.  This  result 
corresponds  with  the  number  giren  in  the  table  on  page  566. 

A^eneral  formula  for  such  calculations  may  be  readily  derired* 
Using  the  notation  of  (233),  and  also  representing  the  specific 
heat  of  the  substance  by  jV,  and  the  required  heat  of  {nmoA  by 
Xf  we  shall  have 

that  is,  the  heat  which  the  water  lias  gained,  W(^0  —  /),  is 
equal  to  the  heat  which  the  solid  has  lost  in  cooling  from  its 
melting-point,  t/^ .  iV(T-*-^),  plus  the  heat  which  the  liquid 
lost  in  solidifying,  to  x»    From  this  equation  we  get  the  value 

X    MB    i^ --^ ^^-^ '  els'**] 

Here,  as  in  determining  the  specific  heat  of  a  substance,  it  is 
necessary  to  take  into  account  the  heat  absorbed  by  the  vessel  in 
which  ttie  experiment  is  conducted,  and  also  the  heat  lost  by 
radiation  and  from  other  causes.  In  order  to  insure  that  the 
temperature  of  the  liquid  is  at  its  melting-point  when  poured  into 
the  water,  it  is  best  to  pour  it  from  a  vessel  which  still  contains 
some  of  the  unmelted  solid,  since  so  long  as  any  of  tiie  solid 
remains  unmelted  the  temperature  of  the  mass  is  constant  at 
the  melting-point.  In  other  respects,  the  experiment  may  be 
conducted  precisely  as  in  determining  the  specific  heat  of  a  sah- 
staiice  by  the  method  of  mixture  (238),  so  that  further  detaila 
are  unnecessary. 

(278.)  Person's  Law. — It  has  ahready  been  stated  (284)  that 
the  specific  heat  of  the  same  substance  is  greater  in  tlie  liquid 
than  in  the  solid  state,  and  by  referring  to  the  table  on  page  475 
it  will  be  seen  that  the  difference,  which  is  very  considerable  in 
the  case  of  non-metallic  substances,  is  very  slight  in  the  case  of 
metals.  Moreover,  it  has  also  been  stated  that  a  liquid  may 
sometimes  be  cooled  several  degrees  below  the  normal  ireeziog* 
point  without  solidifying ;  and  it  is  a  possible,  although  not  a 
probable  supposition,  that  under  certain  circumstances  a  liquid 
might  be  reduced  to  the  lowest  possible  temperature 
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nndei^ing  this  change.  Let  us  now  assume  that  at  N  degree9 
below  zero  we  should  reach  the  lowest  possible  temperature,  or 
absolute  zeroj  a  condition  in  which  bodies  would  contain  abso^ 
lutelj  no  heat,  and  let  us  suppose  that  we  start  at  this  tempera- 
ture with  one  kilogramme  of  anj  given  substance  in  the  solid 
condition,  and  one  kilogramme  of  the  same  substance  in  the 
liquid  condition.  Also  let  us  represent  by  C  the  specific  heat 
of  the  liquid,  hj  C  the  specific  heat  of  the  solid,  and  by  T^  the 
normal  freezing  or  melting  point  of  the  substance.  If  then  we 
assume  —  as  we  may  without  any  great  probable  error — tliat  the 
apecific  heat  does  not  vary  between  the  absolute  zero  and  T^,  it 
follows  (232)  that  (^N+  T)  C  units  of  heat  would  be  required 
to  raise  the  temperature  of  the  one  kilogramme  of  the  substance 
in  the  liquid  condition  from  tlie  absolute  zero  to  the  melting- 
point,  and  that  (i\r+  T)  C'  units  of  heat  would  be  required  to 
raise  the  temperature  of  the  one  kilogramme  of  the  substance 
in  the  solid  condition  to  the  same  extent.  Furthermore,  it  is 
evident  that  the  first  of  these  expressions  represents  the  actual 
quantity  of  lieat  which  one  kilogramme  of  the  substance  at  the 
melting-point  contains  in  the  liquid  state ;  and  the  second,  the 
quantity  of  heat  wliich  one  kilogramme  of  the  same  substance 
contains  at  the  same  temperature  in  the  solid  state.  The  differ- 
ence between  these  quantities  is,  tlien,  the  number  of  units  of 
heat  which  would  be  required  to  convert  one  kilogramme  of  the 
Bubstance  at  the  melting-point  from  the  solid  to  the  liquid  state ; 
or,  in  other  words,  the  heat  of  fusion.  Bepresenting  the  heat  of 
fusion  by  i,  we  have  L^(^N+  T)C—  (JV^-f  T)  C,  which 
may  be  written 

1  =  (JV^-f  r)  (C—  C).  [195.] 

If^  then,  the  theory  on  which  this  formula  is  based  is  cor- 
rect, it  follows  that  the  heat  of  fufion  of  a  substance  is  equal  to 
the  difierence  in  the  specific  heat  in  the  two  states  of  aggrega^ 
tion,  multiplied  by  ti^e  number  of  d^rees  above  the  absolute 
2ero  at  which  the  substance  melts.  By  giving  to  iV^  the  value 
4ji  lOO"",  Person  found  that  the  heat  of  fusion  of  mwj  non^. 
metallio  substances  calculated  by  the  above  formula  agreed  al^ 
aaost  precisely  with  the  results  of  direct  experiment,  a^  is  shown 
by  the  following  table;  -* 
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VWBMOi 

Bobstanee. 


Water, 

PhosphoniB,  . 
Salphar,    . 
Nitrate  of  Soda, 
Nitrate  of  Potassa, 


M«ltlofw 
Poliit. 


0 
44.2 
115 
810.8 
889 


Spedflo  Heat  In 


BoUdStatft. 


0.504 

0.1788 

0.20259 

0.27821 

0.23875 


liqald  State. 


1.0000 

0.2045 

0.2S4 

0.41S 

0.88186 


Latent  Heat 


79.25 

5.034 

9.86S 

62.975 

47.871 


79.20 
6.243 
9.350 

63.4 

46.462 


The  agreement  between  the  observed  and  calculated  results  is 
certainlj  remarkably  close,  and  sustains  so  far  tlie  theory  on 
which  the  formula  is  based,  and  the  necessary  inference  from  it, 
that  the  absolute  zero  is  at  160^  below  the  Centigrade  zero. 
Wliether,  however,  we  accept  the  theory  or  not,  it  is  evident  that 
the  formula  [195]  is  the  expression  of  an  empirical  law  with 
which  the  observed  facts  very  closely  agree. 

(279.)  This  law  of  Person,  however,  only  holds  true  in  regard 
to  non-metallic  substances.  In  the  case  of  the  metals,  where  the 
difference  in  the  specific'heat  in  tlie  two  states  of  aggregation  is 
exceedingly  small,  it  entirely  fails.  The  cause  of  this  failure 
Person  explains  as  follows. 

The  amount  of  heat  absorbed  by  a  solid  in  melting  is  not  solely 
the  quantity  necessary  to  supply  the  excess  of  specific  heat  in  the 
liquid  over  that  in  the  solid  state  ;  because,  in  addition,  a  certain 
quantity  of  heat  is  required  to  overcome  the  cohesive  force  by 
which  the  particles  of  the  solid  are  held  together  (275).  In  the 
case  of  non-metallic  substances,  where  the  tenacity  is  compara- 
tively slight,  the  quantity  of  heat  required  to  overcome  the  cohe- 
sion is  so  small  that  it  may  generally  be  neglected ;  and  the  heat 
absorbed  in  fusion  very  nearly  corresponds  to  the  increased  spe- 
cific heat  in  the  liquid  state.  In  the  case  of  the  metals,  on  the 
contrary,  the  amount  of  heat  required  by  the  increase  in  the 
specific  heat  is  very  small,  and  almost  the  entire  heat  of  fusion 
is  used  iji  overcoming  the  very  great  tenacity  of  these  substances. 
Hence,  Person  argues  that  the  amounts  of  heat  required  to  melt 
one  kilogramme  of  each  of  the  different  metals  must  be  propor- 
tional to  the  work  to  be  done ;  in  other  words,  to  the  power  which 
must  be  used  in  overcoming  the  cohesion  between  the  particles 
comprised  in  the  unit  of  weight.  This  power  would  be  measured 
by  the  coefficient  of  elasticity,  were  it  not  that  in  determining  this 
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constant  (101)  we  do  not  have  regard  to  equal  weights.  It  is 
evidently,  however,  a  function  of  this  coefficient,  and  Person 

represents   it  by  the  expression   iT  ( 1  -| =  )  ,  in  which  K 

is  the  coefficient  of  elasticity,  and  8  the  specific  gravity  of  the 
metal.  Representing  also  by  K*  the  coefficient  of  elasticity  of 
a  second  metal,  and  by  L  and  L'  the  corresponding  heat  of  fusion, 
we  obtain  the  proportion 

i,i._r(i  +  -i=):j:.(i  +  JL).     pM.] 

Tliis  formula  is  the  expression  of  a  second  law  which  may  be 
thus  stated  :  The  heat  of  fusion  of  metals  is  sensibly  propor- 
tional to  their  coefficients  of  elasticity  corrected  for  the  differ- 
ence  of  density. 

If  we  substitute,  in  [196],  for  L',  JT',  and  J',  the  known  values 
for  zinc,  taken  as  a  standard  of  comparison,  we  obtain  for  the 
heat  of  fusion  of  any  other  metal  the  value, 

L  =  0.001669  JT  (l  +  J=)  ;  [197.] 

and  the  heat  of  fusion,  calculated  by  this  formula,  agrees  very 
well  with  the  observed  result.  As  the  value  of  L  [195]  is  based 
on  the  assxmiption,  that  the  heat  required  to  overcome  the  te- 
nacity of  the  solid  may  be  neglected,  so  [197]  is  founded  on  tlie 
assxmiption  that  the  specific  heat  of  a  metal  is  the  same  in  the 
liquid  as  in  the  solid  state.  Evidently,  however,  the  true  value  of 
L,  in  any  case,  should  include  both  terms,  —  that  depending 
on  the  specific  heat,  as  well  as  that  depending  on  the  tenacity. 
Hence  we  obtain  Person's  general  formula  for  the  heat  of  fusion 
of  all  solids, 

L  =  (160  +  T)  ( C—  CO  +  0.001669  JT (l  +  ~=)  .     [198.] 

In  the  case  of  the  metals  the  first  term  may  be  neglected,  and  in 
the  case  of  non-metallic  substances  the  same  is  true  of  the  sec- 
ond term.  There  are  substances,  however,  for  which  both  terms 
have  definite  values  ;  but  we  have  not  the  experimental  data  in 
regard  to  them  which  would  enable  us  to  test  the  formula. 
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We  may  tben  admit  that  the  heat  of  fusion  consists  of  two 
parts,  one  of  which  is  used  in  overcoming  the  force  of  cohesion, 
the  other  furnishing  the  additional  specific  heat  required  in  the 
liquid  state. 

We  have  been  able  to  give  in  this  section  only  a  very  imperfect 
abstract  of  Person's  remarkable  inyestigations  on  this  subject, 
and  we  must  refer  tiie  student  for  further  information  to  the 
original  memoirs.* 

(280.)  Absolute  Zero.  —  If  Person's  theory  is  correct,  the 
absolute  zero,  as  we  have  seen,  is  situated  160  degrees  below  the 
Centigrade  zero.  This  theory  is  not  a  little  confirmed  by  the 
remarkable  results  obtained  by  Pouillet,f  with  an  instrument 
called  an  actinonietery  in  regard  to  the  temperatures  of  the  celes- 
tial space.  If  we  eliminate  the  efiects  of  the  rays  of  the  sun,  it  is 
evident  that  the  temperature  of  the  space  around  the  eartli  must 
be  very  near  the  absolute  zero ;  for  this  space  is  traversed  only  by 
the  rays  of  the  stars,  which,  coming  from  such  immense  distances, 
are  exceedingly  feeble ;  and  Pouillet  has  concluded,  from  his 
experiments  and  from  various  terrestrial  phenomena,  that  this 
temperature  must  be  between  the  limits  of  — 175®  and  — 115®,  at 
the  same  time  fixing  on  — ^142®  as  the  most  probable  value.  On 
the  other  hand,  Cldment  and  D^sormes  fixed  on  — 278®  as  the 
absolute  zero,  on  the  ground  that,  since  the  permanent  gases 
expand  for  each  degree  of  temperature  ^fx  of  their  volume  at 
0®,  the  amount  of  contraction  when  the  temperature  was  reduced 
to  — 278^  would  be  equal  to  the  initial  volume,  and  the  gases 
would  cease  to  exist.  Moreover,  since  a  gas  heated  from  0® 
to  278®  doubles  its  volume,  they  thought  it  evident  that  the 
quantity  of  heat  added  must  be  equal  to  that  contained  in  the 
primitive  volume. 

Even  if  matter  can  exist  without  heat,  which  there  is  great  rea- 
son to  doubt,  it  is  impossible  to  predict  what  would  be  its  condition 
under  such  circumstances.  It  is  supposed  by  some,  who  hold 
the  atomic  theory^  that  the  molecules  of  matter -would  be  brought 
into  absolute  contact,  and  that  phenomena  of  a  new  and  unex- 
pected nature  would  appear.  The  violent  exf^losion  experienced 
by  Chenot,  while  submitting  silver  in  powder  to  a  pressure  of 

«  Annalet  de  Cfaiinie  et  de  PkyslqiM,  ^  Qixm,  Tool  XXI.,  XXIV.,  XXVIL 
t  ConkplM  Bendaa,  Tom.  YH  pu  56. 
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fliree  htindred  atmospheres  in  an  hydraulic  press,  is  frequently 
eited  in  this  connection.  But  these  are  mere  assumptions, 
for  we  are  as  yet  far  from  having  realized  experimentally  an 
absolute  zero  of  heat.  The  lowest  temperature  ever  observed 
in  the  arctic  region  is  — 57^,  and  the  lowest  we  can  artificial- 
ly produce  is  — 140° ;  at  these  temperatures  several  liquids  still 
retain  their  fluid  condition,  which  could  hardly  be  the  case  if 
we  had  removed  the  greater  part  of  the  heat  which  they  con- 
tain. 

Change  of  State.  —  Liquids  to  Gases. 

(281.)  Boiling^Point.  —  It  lias  been  shown,  that,  when  a  solid 
is  heated  to  such  a  temperature  that  the  expansive  force  of  heat 
between  its  particles  is  equal  to  the  cohesive  force,  it  melts.  If 
the  liquid  be  now  heated  above  its  melting-point,  the  expansive 
force  will  become  greater  than  the  cohesive  force,  and  by  con- 
tinuing to  raise  the  temperature  we  shall  finally  attain  to  a  point 
where  the  excess  of  expansive  force  is  equal  to  the  atmospheric 
pressure.  Then  we  have  the  condition  of  a  gas,  and  a  phe- 
nomenon presents  itself  which  we  term  boiling'.  Bubbles  of  gas 
form  beneath  the  surface  of  the  fluid,  and  rise  tumultuously 
through  its  mass. 

This  phenomenon  can  best  bo  studied  by  heating  water  in  a 
glass  flask  over  the  flame  of  a  spirit-lamp.  The  first  action  of  the 
heat  is  to  expand  the  portion  of  the  liquid  immediately  in  contact 
with  the  bottom  of  the  vessel,  which,  becoming  specifically  lighter, 
rises  and  gives  place  to  colder  water,  which  is  heated  and  rises  in 
its  turn  ;  and  thus  a  circulation  is  established  by  which  each  par- 
ticle of  liquid  is  brought,  in  its  turn,  in  contact  with  tlie  heated 
surface.  As  the  temperature  of  the  mass  rises,  the  air  which  is 
dissolved  in  the  water  separates  in  bubbles  on  the  inner  surface 
of  the  flask  (compare  page  396),  and  these,  when  they  have  at- 
tained sufficient  size,  disengage  themselves  and  escape  through 
the  liquid.  They  are  followed  by  bubbles  of  steam,  which  form 
on  the  heated  surface  of  the  flask,  where,  in  consequence  of  the 
close  proximity  of  the  source  of  heat,  the  temperature  is  higher 
than  that  of  the  mass  of  the  liquid ;  but  as  the  bubbles  rise 
through  the  cooler  water  above,  they  are  condehsed,  and  the 
shock  produced  by  the  sudden  collapse  gives  rise  to  a  peculiar 
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noise,  an  instance  of  which  appears  in  the  singing  of  a  tea-kettle. 
After  the  whole  mass  of  water  has  been  heated  to  100^,  the  bub- 
bles of  steam  are  no  longer  condensed,  but  rise  to  the  surface 
and  break,  allowing  the  steam  to  escape ;  and  as  the  tension  of 
this  steam  is  equal  to  the  pressure  of  the  air,  it  drives  out  the 
air  from  the  upper  part  of  the  flask,  and  takes  its  place. 

What  is  so  familiar  in  the  case  of  water,  is  equally  true  of 
other  liquids.  There  is  for  each  a  temperature  at  which  the 
expansive  force  of  heat  becomes  equal  to  the  pressure  of  the 
air,  and  at  which  this  phenomenon  of  boiling  invariably  appears. 
This  temperature,  which  is  constant  for  the  same  substance  under 
the  same  atmospheric  pressure,  is  called  the  boiling-poifU,  As 
the  boiling-point  varies  with  the  atmospheric  pressure,  it  is  neces- 
sary, in  describing  the  boiling-point  of  a  substance,  to  state  the 
pressure  under  which  it  was  observed.  In  the  following  table, 
the  boiling-points  of  some  of  the  best-known  liquids  are  given  for 
the  mean  pressure  of  76  cm.:  — 


Boiling-PoiiUs  under  the  Prenure  of  7^  cm. 


Protoxide  of  Nitrogen,     . 

—105 

Alcohol, 

.    78 

Carbonic  Acid, 

—78 

Water,     . 

100 

Cyanogen, 

—22 

Nitric  Acid  (1.42),       . 

.     120 

Sulphurous  Acid,  • 

—10 

Oil  of  Turpentine,    . 

157 

Chloride  of  Ethyle,  . 

+11 

Phosphorus, 

.    290 

Common  Ether,    • 

.     85 

Sulphuric  Acid  (1.843), 

825 

Sulphide  of  Carbon, 

47 

Mercury,     . 

.    350 

Bromine, 

.      63 

Sulphur,           .         4 

440 

Chloroform, 

63 

The  influence  of  pressure  upon  the  boiling-point  of  liquids  may 
be  illustrated  by  a  great  variety  of  experiments.  If  we  place  a 
glass  of  lukewarm  water  under  the  receiver  of  an  air-pump  and 
exhaust  the  air,  the  water  will  at  once  begin  to  boil  violently. 
The  same  experiment  may  be  tried  even  more  simply  in  the  fol- 
lowing way. 

Take  a  glass  flask,  to  which  a  cork  has  been  carefully  fitted, 
fill  it  about  one  half  full  of  water,  and  heat  the  water  to  boiling 
by  means  of  a  spirit-lamp.  When  the  water  is  boiling  rapidly, 
and  the  upper  part  of  the  flask  is  filled  with  steam,  remove  the 
lamp  and  quickly  insert  the  cork.    If  now  the  flask  is  inverted 
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and  cold  wafer  ponifld  upon  it,  as  represented  in  Fig.  403,  the 
boiling  "vill  be  renewed,  and  continue  for  some  time. 

This  apparent  paradox  of  boiling  water  by  cold  is  thus  ez- 
[daJned.      Tlie   cold  water  condenses   the   steam,  producing  a 
vacuum  in  the  upper  part  of  the  flask,  and,  the  pressure  of  the 
atmosphere  being  thus  removed,  the  water 
continues  to  boil  at  a  greatlj  diminished 
temperature.     In  the  experiment  of  Leslie, 
hereafter  to  be  described,  water  is  made  to  I 

boil  at  its  freezing-point.  Common  ether 
boils  under  the  receiver  of  an  aii^pump, 
&om  which  the  air  has  been  partially  ex- 
hausted, with  explosive  violence,  even  at 
the  lowest  natural  temperatures.  Such 
experiments  as  these  may  be  multiplied 
indefinitely. 

The  ordinary  variations  of  atmospheric 
pressure  exert  a  very  sensible  influence  on 
the  boiling-point  of  water.    The  extreme 

heights  of  the  barometer  observed  at  Paris 

for  the  last  thirty  years  have  been  71.9c.m.  «(.«». 

and  78.1  c.  m.  Under  the  first  pressure, 
water  boils  at  98° .5,  under  the  second,  at  100''.8  ;  so  that  the 
boiling-point  is  liable  to  a  variation  of  about  two  degrees  at  that 
place.  Hence  the  importance  of  regarding  the  height  of  the 
barometer  in  determining  the  boiling-point  on  the  scale  of  the 
thermometer  (218).  Much  greater  variations  in  the  boiling- 
point  than  tliese  arise  from  differences  of  pressure  at  diflerent 
elevations  on  the  earth's  surface.  At  the  city  of  Quito,  wliich  is 
at  an  elevation  of  2,908  metres  above  the  level  of  the  sea,  and 
where  the  mean  barometric  pressure  is  equal  to  52.7  c.  m.,  water 
boils  at  90°. 1.  At  the  city  of  Mexico,  at  an  elevation  of  2,277 
metres  and  under  a  pressure  of  57.2  c.  m.,  it  boils  at  92° .3. 
Boiling  water  is  not,  therefore,  equally  hot  at  all  places  of  the 
earth.  At  high  elevations,  as  at  Quito,  for  example,  its  tempera- 
ture is  much  too  low  for  cooking  many  substances 'whicli  can  be 
cooked  at  one  hundred  degrees. 

It  follows  from  the  facts  already  stated,  that  a  difference  of 
pressure  of  0.25  c.  m.  will  cause  a  difference  in  the  boiling-point 
of  water  of  one  tenth  of  a  degree  ;  so  that  from  the  boiling-p4int 
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of  irater,  determined  with  ftccoracj,  ve  can  asoertain  the  pros- 
Bure  of  tlie  atmosphere  at  the  time.  Au  iDstrament  has  beea 
coDBtracted  for  this  purpose,  consisting  essentially  of  a  Tery  deli- 
cate thermometer,  made  with  an  enUrgement  in  the 
centre  of  the  stem,  aa  represented  in  Fig.  S48.  Its 
Bcale  is  limited  to  fire  or  six  degrees  oronnd  the 
freezing-point  and  eight  or  ten  degrees  around  tlie 
boiling-point,  and  each  degree  is  subdivided  into 
one  hundred  parts.  This  instrument  is  much  more 
portable  than  a  barometer,  but  on  account  of  the 
shifting  of  the  zero  point,  to  which  even  the  most 
carefully  constructed  thermometers  are  liable,  it  is 
much  inferior  to  it  in  accuracy.  A  metallio  vessel 
and  a  lamp  for  boiling  the  water  accompany  the  in- 
strument (Fig.  404). 

(282.)  Variations  of  the  BoHiTtg-Poinl.  —  The 
boiling-point  of  liquids  is  influenced  by  otlier  cii^ 
cumstances,  whose  action  is  not  so  readily  explained 
as  tliat  of  the  atmospheric  pressure.  Thus  a  sub- 
stance dissolyed  in  a  fluid  more  volatile  than  itself 
increases  the  boiling-point  in  proportion  to  the 
amount  dissolved.  Water,  for  example,  which  boils 
"•■*"■  at  100*  when  pure,  boils  only  at  a  considerably 
higher  temperature  when  it  coutaios  salt  in  eolation,  viz. ;  — 


Water  saturated  with  Common  Salt,        ....     100° 
"  "  "     Nitrate  of  Potash,     ...         118 

"  "  "    Carbonaie  of  Potash,    .        ,        .135 

"  "  "    Nitrate  of  Lime,       .        .        .        151 

«  «  "     ClUoride  of  Calcinm,     .         .         .179 

Substances,  howoTer,  held  simply  in  suspension,  like  Bbavings  of 
wood  or  earthy  particles,  do  not  alter  the  boiling-point. 

Again,  Gay-Lussac  observed  that  water  boiled  in  a  glass  TCttd 
at  a  higher  temperature  than  in  a  metallio  vossol ;  and,  more  re- 
cently, Marcet  has  established,  lirst,  that  water  boils  in  a  glass 
ressel  coated  wltli  sulphur  or  gum-lac  at  a  temperature  a  little 
less  than  in  a  metallic  vessel ;  secondly,  that  in  a  glass  vessel  the 
boiling-point  of  water  is  1'  or  1'.25  higher  than  in  a  metallic 
vessel ;  thirdly,  that  after  sulphuric  acid  has  been  boiled  in  a 
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glass  flask,  the  boiling-point  is  increased  to  a  much  greater  extent 
than  before,  this  increase  sometimes  amounting  to  five  or  six 
degrees.  By  throwing  into  the  water,  in  either  of  these  cases, 
pieces  of  metal,  the  boiling-point  is  at  once  reduced  to  100^/ 
The  same  yariation  of  the  boiling-point  in  glass  vessels  takes 
place  with  other  liquids  as  well  as  water,  and  with  some  of  them 
to  a  much  greater  extent*  It  is  only  in  metallic  vessels  that  the 
boiling-point  is  regular. 

It  follows  from  what  has  been  said,  that  in  any  case  the  expan- 
sive force  of  the  vapor  formed  during  boiling  is  equal  to  the 
pressure  to  which  the  liquid  is  exposed,  and  it  is  also  true,  that 
the  temperature  of  the  vapor  is  the  same  as  that  of  the  boiling 
liquid.  Two  thermometers,  the  bulb  of  one  dipping  under  the 
surface  of  a  boiling  liquid,  and  the  other  inunersed  in  the  vapor 
just  above  it,  will,  therefore,  always  indicate  the  same  temper- 
ature, unless  the  boiling-point  has  been  imnaturally  increased  by 
one  of  the  causes  just  mentioned. 

(288.)  Determination  of  the  Boiling-Point,  —  The  causes 
mentioned  in  the  last  section,  which  influence  the  temperature 
of  the  boiling  liquid,  do  not  aflect  at  all,  or  afiect  very  slightly, 
the  temperature  of  the  vapor  which  rises  from  it.  This  at  once 
adjusts  itself  to  the  pressure  of  the  atmosphere,  and  is  always 
constant  for  the  same  liquid  under  the  same  pressure.  Hence 
the  temperature  of  tlie  vapor  is  more 
fixed  than  that  of  the  liquid,  and  it  is 
for  tills  reason  that,  in  graduating  a 
mercury-tliermometer,  the  tube  is  ex- 
posed to  the  steam  from  boiling  water, 
and  not  dipped  into  the  liquid  itself. 
So  also,  in  determining  the  boiling-point 
of  other  liquids,  it  is  always  best  to 
measure  the  temperature  of  the  vapor,         ^  h  ^OT^ 

and  not  that  of  the  liquid,  taking  care 
that  the  pressure  of  the  atmosphere  is 
transmitted  freely  to  its  surface  while 
boiling.  The  arrangement  represented 
in  Fig.  405  is  very  well  suited  to  this 
purpose,  the  size  of  the  glass  boiler 
being  adapted  to  the  circumstances  of 
the  case.    When  the  liquid  under  experiment  is  very  costly,  all 
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loss  can  be  avoided  by  connecting  the  exit-tube  with  a  Liebig's 
condenser  (see  Fig.  416). 

(284.)  FormcUion  of  Vapor  of  Low  or  Hig-h  Tension.  —  The 
vapors  or  gases  which  are  formed  during  the  boiling  of  liquids 
have  always  the  same  tension  as  the  atmospheric  air,  and  are 
therefore  able  to  retain  their  gaseous  condition  when  exposed  to 
its  pressure.  It  is  the  formation  of  vapors  of  this  kind  that  we 
have  considered  in  the  preceding  sections.  '  Liquids,  however, 
yield  vapors  both  of  a  lower  and  of  a  higher  tension  than  that  of 
the  atmosphere,  and  we  propose  next  to  consider  the  conditions 
and  laws  under  which  these  are  formed. 

In  order  to  make  the  conditions  as  simple  as  possible,  let  us 
suppose  a  vessel  having  the  capacity  of  one  cubic  metre,  and  let 
us  dispose  in  it  a  barometer  and  thermometer,  so  that  we  can 
observe  the  tension  and  temperature  of  the  confined  gas.  More- 
over, let  us  pour  into  it  a  few  kilogrammes  of  water  and  perfectly 
exhaust  the  air.  If  now  we  expose  this  vessel  to  various  tem- 
peratures, it  will  be  found,  first,  that  for  every  giv^  temperature 
a  certain  fixed  weight  of  water  will  evaporate,  and,  secondly,  that 
the  vapor  thus  formed  will  have  a  certain  definite  tension  which 
is  invariable  for  that  temperature.  If  we  increase  the  tempera- 
ture, the  weight  of  the  vapor  formed  will  be  greater,  and  the 
tension  greater.  If  we  diminish  it,  the  weight  will  be  less  and 
the  tension  less,  provided  always  that  some  liquid  water  remains 
in  the  vessel.  The  table  on  the  opposite  page  gives  for  each 
temperature,  first,  the  weight  of  vapor  in  grammes  which  the 
cubic  metre  will  contain,  and,  secondly,  the  tension  of  the  vapor. 

By  inspecting  this  table,  several  remarkable  facts  will  be  dis- 
covered. It  will  be  seen,  in  the  first  place,  that  a  very  sensible 
amount  of  water  will  evaporate  even  at  a  temperature  of  ten 
degrees  below  the  freezing-point,  when,  of  course,  the  water  in 
the  vessel  is  in  the  state  of  ice.  In  the  second  place,  it  will  be 
noticed  that  the  tension  of  the  vapor  is  less  than  the  pressure 
of  the  atmosphere  for  all  temperatures  under  100®,  and  greater 
than  the  pressure  of  the  atmosphere  for  all  temperatures  above 
100® ;  so  that  for  all  temperatures  under  100®  tlie  pressure  ex- 
erted by  the  vapor  on  the  inner  surface  of  the  vessel  is  less  than 
the  atmospheric  pressure  on  the  outside,  while  for  all  tempera- 
tures over  100®  it  is  greater.  In  the  third  place,  it  will  be 
noticed  that  at  100^  the  tension  is  exactly  equal  to  76  c.  m.,  the 
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Tension  of  the  Vapor  of  Waitry  according  to  HegnauU* 
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pressure  of  the  atmosphere.  This  is  the  boiling-point  of  water, 
the  temperature  at  which  bubbles  of  steam  can  form  beneath  the 
surface  and  rise  to  the  top  without  being  condensed.  Lastly,  it 
will  be  noticed  that  above  100''  the  tension  of  the  yapor  increases 
very  rapidly  with  the  temperature  ;  so  that  at  121^.4  it  is  equal 
to  2  atmospheres,  or  twice  the  pressure  of  the  atmosphere,  and  at 
201'' .9  to  16  atmospheres.  Steam  of  greater  tension  than  the 
atmospheric  pressure  is  called  hiffh-pressure  steamy  and  it  is  this 
condition  of  steam  which  is  found  above  the  water  in  a  steam- 
boiler,  and  which  is  used  with  so  much  effect  iu  the  steam* 
engine. 

(285.)  Dalton^s  Apparatus. — The  experiment  described  above, 
for  determining  the  tension  and  weight  of  a  cubic  metre  of  the 
vapor  of  water  at  different  temperatures,  was  merely  devised  for 
simplicity  of  illustration.  In  order  to  obtain  even*  approximate 
results,  it  is  necessary  to  experiment  in  a  different  manner  and 
on  a  very  much  smaller  scale.  The  tension  of  the  vapor  of  water 
between  0^  and  100^  can  be  measured  quite  accurately  by  means 
of  a  common  barometer-tube.  If  the  tube  is  filled  with  mercury 
and  inverted,  as  described  in  (157),  the  column  of  mercury  will 
stand  in  the  tube  at  the  height  of  76  c.  m.,  more  or  less,  above 
the  mercury  in  tlie  basin,  according  to  the  varying  pressure  of 
the  air.  Suppose,  now,  that  we  fill  the  tube  again  with  mercury, 
only  adding  at  the  top  a  few  drops  of  water,  and  invert  it  as 
before.  The  water  will  of  course  rise  to  the  surface  of  the  mer- 
cury, and  a  portion  of  it,  varying  with  the  temperature,  will 
evaporate  into  the  vacuum  above.  This  vapor  will  exert  a  certain 
pressure,  and  depress  the  mercury-column ;  the  amount  of  the  de- 
pression will  be  equal  to  the  difference  between  the  present  height 
of  the  column  and  that  of  the  barometer  at  the  beginning  of  the 
experiment.  Moreover,  it  will  be  exactly  the  same  as  the  height 
to  which  the  vapor  would  raise  the  mercury  of  a  barometer,  if  im- 
mersed in  it,  and  will  therefore  be  the  measure  of  the  tension. 

The  apparatus  used  by  Dalton  in  liis  determinations  of  the 
tension  of  the  vapor  of  water,  and  based  on  the  principles  just 
explained,  is  represented  in  Fig.  406.  It  consists  of  two  barom- 
eter-tubes dipping  into  the  same  basin  of  mercury.  The  first  of 
these  tubes,  J3,  is  a  perfect  barometer.  The  second,  J.,  is  a  ba- 
rometer witli  a  small  amount  of  water  above  the  mercury-column. 
These  two  tubes  are  enclosed  in  a  tall  glass  cylinder,  standing  in 
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the  baun  of  mercurjr  and  filled  -with  vater,  wbose  temper&ture 

can  be  regulated  hy  meanB  of  the  furoace  below.    This  tempem- 

tare,  observed  bj  means  of  the  ther* 

mometar  T  couTeuieoUj  disposed,  is 

of  course  the  oommoa  temperature  of 

the  two  barometers  and  of  Uie  yapor  at 

the  top  of  the  second.    In  order,  then, 

to  determine  the  elastic  force  of  this 

vapor,  it  is  onlj  necessary  to  meas- 

me   the  difference  of  height  of  the 

two   colnmns,   since  this   heiglit  re- 
duced to  0°  is  the  measure  of  its 

teDEion. 

The  apparatus  of  Dalton  can  be 

used  so  long  as  the  elastic  force  of 

the  vapor  does  not  exceed  the  pres- 
sure of  the  atmosphere.     When  the 

tension  is  equal  to  76  c.  m.,  the  sur- 

iace  of  the  mercary-colunin  will  be 

depressed  to  the  level  of  the  mercury 

in  the  basin,  and  the  experiment  is 

at  an  end.    In  order  to  continue  the 

determination  above  this  point,  we 

can  use  a  siphon-  n,  im. 

tube,  inverted  and 

closed  at  the  shorter  end,  as  represented  in  Fig. 
407.  The  tube  is  filled  with  mercury,  with 
the  exception  of  «  smail  amount  of  water 
above  the  mercury  in  the  shorter  branch,  and 
heated  in  an  oil-bath.  The  toision  of  tJie 
vapor  is  endently  equal,  at  each  moment,  to 
the  preoBure  of  tiie  atmoej^re  increased  by 
the  weight  of  the  column  CJ>. 

On  account  ttf  the  difficulty  of  preserving  a 
constant  and  uniform  temperature  throughout 
the  whole  height  of  the  cylinder  of  water,  the 
method  of  Dalton  is  not  calculated  to  (pve 
accurate  results,  althon^  m  a  modified  fonn 
it  was  used  by  Regnault  with  great  fuocesB  for 
nB.«n.  temperatures  between  0°  and  W-    The  two 
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forms  of  apparatus  just  described  may,  however,  be  used  for 
illustration  with  advantage  ;  only  in  this  case  it  is  as  well  to 
substitute  for  the  water  some  more  volatile  liquid. 

(286.)  MarceVs  Globe,  —  The  tension  of  the  vapor  of  water 
above  100^  may  be  roughly  estimated  by  means  of  the  apparatus 

represented  in  Pig.  408.  It  consists  of  a  stout 
brass  globe  containing  water,  and  serving  as  a 
boiler.  Through  a  tight  packing-box  passes 
a  glass  manometer-tube  of  about  a  metre  in 
length,  whose  lower  end  opens  under  mercury 
resting  on  the  bottom  of  the  brass  boiler.  The 
globe  has  also  two  other  openings ;  one  of  these 
may  be  closed  by  a  stopcock,  and  through  the 
other  passes  the  tube  of  a  thermometer,  having 
its  bulb  within  the  globe.  On  commencing  the 
experiment,  the  water  is  boiled  for  some  time 
in  order  to  expel  all  the  air,  and  tlie  stopcock  is 
then  closed.  At  this  moment  the  temperature 
of  the  steam  is  100^,  and  the  tension  76  c.  m. 
more  or  less,  according  to  the  pressure  of  the 
air.  As  soon,  however,  as  the  steam  is  pre- 
vented from  escaping  freely,  the  temperature 
of  the  globe  will  begin  to  rise,  and  at  the  same 
time  the  tension  of  the  confined  steam  will 
increase,  raising  the  merciiry  in  the  manome- 
ter-tube. For  any  temperature  indicated  by 
the  thermometer,  the  corresponding  tension 
of  the  vapor  will  be  found  by  adding  to  the 
height  of  the  barometer  for  the  time  being  the  height  of  the 
mercury  in  the  tube,  measured  by  a  scale  provided  for  the  pur- 
pose. This  apparatus,  like  the  last,  is  only  calculated  for  illus- 
tration, and  yields  but  approximate  results. 

(287.)  Apparatus  of  Gay-Lussac.  —  For  measuring  the  ten- 
sion of  the  vapor  of  water  below  zero,  Gay-Lussac  employed  the 
apparatus  represented  in  Fig.  409.  It  consists,  like  the  apparar 
tus  of  Dalton,  of  two  barometer-tubes  filled  with  mercury,  the 
open  ends  dipping  under  mercury  in  the  same  basin ;  one  of 
these,  Aj  which  is  straight,  and  perfectly  freed  from  air  and  mois- 
ture by  boiling  the  mercury  in  the  tube,  serves  to  measure  the 
pressure  of  the  air ;  the  other  contains  a  few  drops  of  water  above 
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(b.B  mercury-column,  and  its  closed  end  is  bent  so  that  it  can  be 
sarrounded  by  a  freezing  mixture,  as  reprcBcnted  in  tbe  figure. 
A  tbermometer,  (,  indicates  the  temperature  of  the  vapor  above 
the  mercury-cohimn,  and  the  tension  of 
this  vapor,  correspoudiug  to  each  temper- 
ature, is  readily  determined  by  measur- 
ing witli  tt  catlietometer  the  difference  of 
level  of  tlie  mercury  in  Uio  two  tubes  A 
and  C.  It  will  be  noticed  at  once,  that 
only  a  portion  of  the  vapor  in  the  tube  C 
is  exposed  to  the  freezing  mixture  ;  but 
it  is  an  established  principle  of  hygrom- 
etry,  that,  when  the  temperatures  of  two 
vessels  communicating  with  each  other 
are  unequal,  the  tension  of  the  vapor  is 
the  same  in  both,  and  is  always  that 
which  corresponds  to  the  lowest  temper- 
ature. The  application  of  this  principle 
in  the  above  method  is  evident. 

(288.)  Apparatus  of  Regnault. —Tho 
accurate  determination  of  the  tension  of 
the  vapor  of  water  at  high  temperatures 
is  attended  with  great  difficulties ;  but 
on  account  of  tbe  importance  of  tbe  sub- 
ject, arising  from  its  connection  with  tlie  fic  vs. 
steam-engine,  no  subject   has  been  tbe 

object  of  more  careful  sciontitlc  investigation.  It  was  first  care- 
fully investigated,  in  1830,  by  a  commission  of  the  French  Acad- 
emy, consisting  of  Arago  and  Dulong  ;  and  more  recently  it  has 
been  reinvestigated  by  Regnault  witli  his  usual  perseverance  and 
skill.  The  results  of  his  investigations  were  published  in  the 
twenty-first  volume  of  the  Mimoires  de  PAcadSmie  dei  Sciences, 
to  which  we  have  so  frequently  had  occasion  to  refor  in  these 
pages.  Indeed,  the  determinations  made  by  Regnault  of  the 
compressibility  of  gases  (165),  of  their  coefficients  of  expansion 
(261),  and  of  the  coefficients  of  expansion  of  mercury  and  glass 
(250  and  254),  were  merely  preliminaries  to  this  main  investi- 
gation. 

For  temperatures  below  60°,  Renault  made  use  of  the  same 
method  as  Daltoo,  but  modified  his  apparatus  so  as  to  avoid  the 
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cause  of  error  mentioned  in  (285).  The  apparattis,  as  tfaos 
modified,  is  represented  in  Fig.  410.  The  open  ends  of  the  two 
barometei^tubei  t  and  t  dip  into  the  mme  basta  of  mereuiy, 
vbieh  is  fnrnislicd  vitli  an  adjiisliiig- 
Bcrew,  O,  similar  to  that  do«ribed  ia 
(159).  The  upper  ends  of  tliese  tubes 
are  enclosed  within  a  cylindrical  vessel, 
V,  made  of  sheet-metU,  and  provided 
frith  a  glass  front,  tiirough  which  the 
height  of  the  mercury-columns  may 
be  observed.  The  ttil^ea  pass  throu^ 
tubulatures  in  tlie  bottom  of  the  vessel, 
and  are  secured  in  ^eir  places  by 
india-rubber  connectors.  The  vessel 
V  is  fiUed  with  water,  and  its  tempera- 
ture is  readily  kept  constant  tmd  uai- 
form,  at  any  point  below  60*,  by  means 
of  a  apirit-lamp  and  by  constant  agita- 
tion. 

In  one  series  of  experiments,  Bcg- 
nault  employed  two  simple  barometer- 
nc-iia  tubes,  one    filled    with    perfectly   dry 

mercury,  and  tlw  otiier  contiuniiig,  in 
addition,  a  email  quantity  of  water  above  tlM  mercury-column. 
For  each  temperature  of  the  bath  as  indicated  by  tiie  thermom- 
eter, T,  he  determined  the  difference  of  level  of  the  mercury  in 
the  two  barometer-tubes.  This  height  reduced  to  0*  was  evi- 
dentiy  the  measure  of  the  tension  of  tlie  vapor. 

In  anotiier  series  of  experimente,  he  connected  with  the  ■a'ppeT 
end  of  the  barometer-tube  t,  by  means  of  a  copper  connector,  a 
glass  globe,  B,  having  a  capacity  of  about  500  cTnT*.  A  branch 
of  this  connector,  e  i,  served  also  to  connect  the  globe  with 
an  air-pump,  through  a  U  tube,  «,  filled  with  pieces  of  piunice- 
itone  moistened  with  sulphuric  acid ;  but  before  finally  adjusting 
the  apparatus,  a  small  glaas  bulb,  completely  filled  with  water 
and  hermetdoally  sealed,  was  introduced  into  the  glass  glt^. 
Aiter  the  adjnstmeate  were  completed,  the  interior  of  the  ^obe 
was  first  perfectiy  dried  by  exhausting  the  air,  and  allowing  it  to 
re-enter  a  great  Diunber  of  times  through  the  tubes  «,  t,  n.  It 
was  then  exhausted  for  the  last  time  as  perfectiy  as  posnUe,  and 
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the  tube  i  hermetically  sealed  bj  the  flame  of  a  blowpipe.  The 
globe  was  next  surrounded  by  melting  ice,  and  the  tension  of  tlie 
small  amount  of  air  left  in  it  carefully  determined  by  measuring 
with  a  cathetometer  the  difference  of  level  of  the  mercury  in  the 
two  barometers.  The  ice  having  been  removed,  some  pieces  of 
burning  charcoal  were  now  brought  near  the  bottom  of  the  globe, 
so  as  to  break  the  glass  bulb  within  and  liberate  the  water,  which 
at  once  evaporated,  and  filled  the  globe  and  the  upper  part  of  the 
barometer-tube  t  with  vapor.  It  only  remained  then  to  fill  the 
vessel  F  with  water,  and  to  heat  the  bath  to  different  tempera- 
tures, when  the  depression  of  the  column  of  mercury,  mei^ured 
in  the  usual  way,  gave  the  tension  of  the  vapor  corresponding  to 
each  temperature. 

It  has  been  already  stated,  that  the  use  of  the  apparatus  just 
described  is  limited  to  temperatures  below  60^.  In  order  to  de- 
termine the  tension  of  the  vapor  of  water  at  higher  temperatures, 
Regnault  resorted  to  an  entirely  different  metliod.  We  have 
before  seen  (282)  that  the  temperature  of  the  vapor  rising  from 
a  boiling  liquid  is  the  same  as  that  of  the  liquid,  and  that  its 
tension  is  always  equal  to  the  pressure  to  which  the  liquid  is 
exposed.  By  boiling  water,  then,  under  different  pressures,  and 
determining  the  temperature  at  which  it  boils,  we  shall  have  at 
once  the  tension  of  the  vapor  corresponding  to  each  tempera- 
ture. The  apparatus  represented  in  Fig.  411  was  used  by 
Begnault  for  this  purpose.  It  consists  of  a  copper  boiler,  O, 
connected  by  the  tube  A  B  with  a  large  globe,  ilf,  and  further 
connected  by  the  flexible  hose  HH'  with  an  air-pump,  by  which 
the  pressure  on  the  surface  of  the  water  in  the  boiler  may  be 
varied  at  pleasure.  This  steam,  as  it  rises  from  tl)e  boiler,  is 
condensed  in  the  tube  A  By  which  is  kept  surrounded  by  oold 
water  for  the  purpose,  and  the  temperature  of  tlio  globe  M  is 
also  retained  at  a  constant  point  in  a  similar  way.  The  pressure 
under  which  the  water  boils  is  accurately  measured  by  the  ma- 
nometer O,  and  the  temperature  at  which  it  boils,  when  under 
this  pressure,  is  determined  with  equal  accuracy  by  means  of 
four  thermometers,  whose  indications  serve  to  correct  each  other. 
They  are  inserted  into  iron  tubes  closed  at  the  bottom  and  filled 
with  mercury,  which  pass  hermetically  through  the  top  of  the 
IxHler  and  descend  to  different  depths  in  the  steam  and  water  it 
Qontiuns. 
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The  method  of  using  the  apparatus  will  be  made  clear  by  an 
example.  Let  113  suppose,  then,  that  we  wish  to  measure  the 
tension  of  the  vapor  of  water  at  temperatures  between  150"  and 
100°.  We  should,  in  the  first  place,  connect  tlie  hose  HH'  with 
a  condeusing^pimtp,  and  force  air  into  the  globe  and  boiler  until 


the  manometer  indicated  a  pressure  in  the  interior  of  about  fonr 
atmospheres.  We  should  then,  by  means  of  a  charcoal-furnace, 
boil  the  water  in  the  vessel  C,  taking  care  so  to  regulate  the  beat 
that  the  steam  will  condense  in  the  tube  ^  £  as  &st  as  it  forms 
in  the  boiler.  When  this  is  the  case,  the  height  of  the  ma- 
nometer will  remain  constant  during  the  whole  course  of  the 
eiperiment,  provided,  of  course,  that  the  pressure  of  the  atmos- 
phere does  not  vary.  The  tension  of  the  steam  forming  in  the 
boiler  can  now  easily  be  determined,  for  it  must  evidently  be 
equal  to  the  height  of  the  barometer  added  to  the  difference  of 
level  of  the  two  mercury-columns  of  the  manometer.  The  tem- 
perature of  the  steam  corresponding  to  this  tension  is  then  asce^ 
tained,  by  merely  inspecting  the  fiiermometers  connected  wHh 
the  copper  boiler.     Let  us  suppose  that  the  diflerence  of  level  of 
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the  mercurj-KX>lama  of  the  manometer  when  reduced  to  0^  is 
found  to  be  254.524  c.  m.,  and  that  the  height  of  the  barometer 
at  the  time,  also  reduced  to  0"",  is  76.209  c.  m.  The  tension  of 
the  steam  is  then  equal  to  880.733  cm.  On  inspecting  the  four 
thermometers,  they  were  found  to  indicate  respectively  147^.50, 
147** .49, 147^54,  and  147^.85,  the  mean  of  the  four  being  equal 
to  147^.48,  which  we  take  as  the  true  temperature.  Hence  it 
follows  that  at  147^.48  the  tension  of  the  vapor  of  water  is  equal 
to  380.788  c.  m. 

Having  determined,  as  just  described,  the  tension  of  the  vapor 
of  water  at  one  temperature,  we  should  next  diminish  the  pres- 
sure oil  the  surface  of  the  water  in  tlie  boiler,  by  allowing  a 
portion  of  the  air  to  escape  from  the  globe.  The  boiling-point 
of  the  water  would  at  once  fall,  and  we  should  then  measure  the 
tension  and  temperature  corresponding  to  the  new  conditions; 
and  by  repeating  this  process  several  times,  we  should  be  enabled 
to  fix  the  tension  and  corresponding  temperature  at  several  points 
between  150*  and  100*. 

The  apparatus  just  described  was  constructed  by  Regnault 
chiefly  to  test  the  method  on  which  it  is  based^  and  to  discover 
the  causes  of  error  to  which  the  method  is  liable.  The  appa- 
ratus actually  used  in  the  determination  of  the  tension  of  the 
Taper  of  water  at  temperatures  above  100*,  although  on  precisely 
the  same  principle,  was  constructed  on  a  very  much  greater  scale, 
and  capable  of  sustaining  a  very  great  pressure.  The  copper  boiler 
had  a  capacity  of  about  70  litres,  and  its  walls,  5  millimetres 
thick,  were  strengthened  by  bands  of  iron.  The  glass  globe  M  of 
Fig.  411  was  replaced  by  a  very  strong  copper  chamber,  having  a 
capacity  of  280  litres,  and  this  was  connected  with  the  boiler  by 
a  tube  arranged  exactly  as  in  the  smaller  apparatus.  The  upper 
part  of  the  chamber  was  also  connected,  on  the  one  side  with  a 
pump  for  condensing  air,  and  on  the  other  with  a  manometer. 
This  manometer  was  the  same  as  that  used  by  Regnault  in  his 
experiments  on  the  compressibility  of  gases,  to  which  we  have 
already  referred  m  connection  with  that  subject  (page  296). 
We  have  not  space,  however,  to  enter  into  a  detailed  descrip- 
tion of  the  apparatus.  This  will  be  found  in  Begnault's  original 
memoir.  Suffice  it  to  say,  that  every  precaution  was  taken  to 
secure  accuracy  which  physical  science  could  suggest,  both  in 
the  apparatus  and  in  the  method  of  experimenting.    Regnault 
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was  able  to  experiment  with  this  apparatus  up  to  a  pressure  <^ 
twentj-eight  atmospheres.  Unfortunately,  at  tliirty  atnM)6phere8 
one  of  the  bolts  which  fastened  the  iron  bands  broke,  in  con- 
sequence of  the  distention  of  the  boiler,  and  it  was  thought 
imprudent  to  continue  the  experiments. 

(289.)  Discussion  of  the  Results.  —  By  the  methods  described 
in  the  last  section,  Begnault  determined  the  tension  of  the  Taper 
of  water  at  different  temperatures  between  — 82''  and  23(f .  The 
intervals  of  temperature  between  the  numerous  determinations 
were  necessarily  very  irregular,  the  precise  temperature  in  each 
case  depending  on  accidental  circumstances.     This  is  shown  by 


observations  made  by  Begnault :  — 

« 

Temp^      TtDflkm. 

TuBp.     Tnukm. 

Tvnip. 

T^MlaB. 

Temp. 

Tm^km. 

—32*84      0.02S 

«42!61         6J»2 

•125!71 

177.895 

*194!4S 

1034.427 

—12.53      0.161 

58  62       13.905 

153.90 

394.486 

212.20 

1486.818 

0.00      0.454 

•76.49      80.671 

•167.40 

555.483 

221.33 

1779J011 

+20.51       1.781 

•99.92       75.790 

185.67 

857.242 

230.50 

2112.700 

From  these  results,  however,  we  can  easily  determine  the  tension 
corresponding  to  any  other  temperature  between  the  limits  of 
observation  by  either  one  of  two  methods. 

The  first  method  is  to  make  a  geometrical  construction  of  the 
results  of  the  experiments  similar  to  that  which  is  given  in  Fig. 
412.  In  this  figure,  the  abscissas  of  the  curve  abed  are  the 
degrees  of  temperature  ;  the  ordinates  are  the  corresponding 
tensions  in  atmospheres.  The  curve  is  constructed  through  the 
points  indicated  on  the  figure  by  dots,  and  these  were  fixed  by 
the  observations  marked  with  a  star  in  the  above  table.  By 
means  of  this  curve  we  can  evidently  ascertain  at  once  the  ten-  . 
sion  at  any  intermediate  temperature,  and  prepare  a  table  similar 
to  that  on  page  571.  The  scale  of  Fig.  412  is,  however,  alto- 
gether too  small  to  furnish  even  approximate  results ;  but  on 
the  plate  accompanying  Begnault's  memoir  the  same  curve  will 
be  found  drawn  on  a  scale  which  is  suitable  for  the  purpose. 
The  curve,  even  as  drawn  in  our  figure,  will,  however,  convey 
to  the  mind  a  far  better  conception  of  the  rapidity  with  which 
the  tension  of  the  vapor  of  water  increases  with  the  temperature, 
than  could  be  given  by  a  column  of  numbers. 

The  second  method  of  determining  the  tension  at  temperatures 
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intermediate  between  those  at  whidi  it  hw  been  actnally  obierred, 
consists  in  using  empirical  formulas  similar  iu  priuciple  to  thow 
vfaich  we  have  previously  em- 
ployed to 
of  salts  ii 
expaDsion 
temperatu 
Euch  form 
at  diSbren 
which  ag! 
accuracy, 
EervatioQB 
of  Kegtia 
with   the 
formula  p 

logfi  = 
in  which 


The  fiTe 

mula  we: 
nault 
from  5 
observ- 
ed val- 
ues of  / 
and  4, 
taken 
at  in- 
tervals 

of  sixty  ii,.4ia. 

degrees 
between  — 20*  and  220°,  and  were  found  to  be 

A  =  6.2640348 
log  ^  =  0.1897743 
log  (7  =  0.6924S51 
log  u  =  9.9940493 
log  ()  —  9.9983438 

By  means  of  this  formula  we  can  calculate  the  tension  of  the 
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vapor  of  water  at  any  temperature  within  the  limits  of  the  obser- 
yations,  with  as  great  accuracy  as  that  of  the  experimental  data 
on  which  the  formula  is  based ;  but,  like  other  empirical  formuhe, 
it  cannot  be  relied  upon  if  the  temperature  much  exceeds  these 
limits  on  either  side.  In  calculating  the  table  on  page  571, 
Begnault  used  the  formula  and  constants  just  given  for  all  tem- 
peratures between  100*  and  230*,  but  for  lower  temperatures  he 
found  it  best  to  use  two  similar  formuls  with  different  constants. 

(290.)  Formation  of  Vapors  of  different  Liquids.  — The  laws 
of  the  formation  of  the  vapor  of  water,  which  have  been  enun- 
ciated in  the  last  few  sections,  also  hold  true  for  the  vapors  of 
other  liquids.  If  instead  of  water  we  should  introduce  into 
the  vessel  of  one  cubic  metro  capacity  assumed  in  (284)  a  small 
amount  of  alcohol,  ether,  sulphide  of  carbon,  or  any  other 
liquid,  it  would  be  found  that  for  any  given  temperature  a  cer- 
tain fixed  weight  of  each  of  these  liquids  would  evaporate,  and 
that  the  vapor  formed  would  have  a  certain  fixed  tension.  If  the 
temperature  were  increased,  more  liquid  would  evaporate  into 
the  cubic  metre,  and  the  atmosphere  of  vapor  formed  would  have 
a  greater  tension  ;  and  if  the  temperature  were  diminished,  both 
the  weight  of  the  cubic  metre  of  vapor  and  its  tension  would  be 
less.  Furthermore,  the  tension  of  the  vapor  at  different  temper- 
atures could  be  determined  by  the  same  methods  used  in  the  case 
of  water,  and  we  could  make  for  each  liquid  a  table  similar  to 
that  on  page  571.  Begnault*  has  furnished  us  with  such  a  table 
for  five  of  the  most  familiar  liquids.  This  table,  which  gives, 
however,  only  the  tensions  of  the  vapors,  will  be  found  on  the 
opposite  page.  The  weight  of  one  cubic  metre  of  each  vapor 
can  readily  be  calculated  for  each  temperature  by  means  of  the 
fonnulaa  which  will  be  developed  in  the  next  chapter. 

It  has  already  been  stated  (282),  that  at  the  boiling-point  the 
tension  of  the  vapor  of  any  liquid  is  exactly  equal  to  the  pressure 
of  the  atmosphere,  and  Dalton  supposed  that  at  temperatures 
equally  distant  from  their  respective  boiling-points  the  vapors  of 
all  liquids  were  approximatively  equal  in  tension.  If  this  principle 
(which  is  usually  known  under  the  name  of  Dalton's  law)  were 
true,  we  could  easily  calculate  from  the  tension  of  the  vapor  of 
water  tliat  of  any  other  liquid.  Suppose,  for  example,  it  was  re- 
quired to  find  the  tension  of  the  vapor  of  ether  at  50*,  which  is  15* 
■  ■ —     »       .  I  1 1  ■  I  ■ ,  —         ■ 

*  Comptcs  Rcndus,  Tom.  XXXIX.  p.  301. 
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Ttupnife*           g 

ftOM.                   * 

LkolioL 

■thffii 

Bolphide 
Ctotan. 

^         ChkirolbK 

• 

m.                 ^^ 

Tucpantlm. 

c' 

—21 

0.312 

20 

0.834 

6.92 

1« 

•    •    •             • 

•    • 

6.88 

—10 

0.660 

11.82 

7.90 

0 

1.278 

18.28 

12.78 

•    •    • 

0.21 

+10 

2.406 

28.66 

19.93 

13.04 

i                  0.23 

20 

4.40 

43.48 

29.82 

19.02 

E                  0.48 

30 

7.84 

63.70 

48.46 

27.61 

0.70 

40 

18.41 

91.36 

61.76 

86. 4C 

)                  1.12 

60 

22.03              1 

26.80 

86.27 

62.48 

1                  1.72 

60 

83.00               1 

73.03 

116.26 

73.8C 

1                   ^.69 

70 

63.92              2 

30.96 

164.90 

1                97.62 

t                   4.19 

80 

81.28              a 

94.72 

203.06 

186.78 

1                  6.12 

90             1 

19.04             a 

89.90 

262.31 

181.U 

»                  9.10 

100             ] 

168.50              4 

192.04 

382.13 

236.4( 

1                 13.49 

110             2 

SS6.18              « 

124.90 

413.6a 

t              802.0^ 

\                 18.78 

116 

.    .               1 

07.62 

•    •    • 

•    • 

.    .    • 

120             1 

t20.78 

•    • 

6I2.1C 

1              381.8C 

)                26.70 

130             4 

138.12 

>    .    1 

626.0i] 

;              472.  IC 

)                84.70 

I      186 

•    . 

>    •    < 

702.92 

1               .    .    . 

.    •    • 

140             ( 

>63.77 

>        a        « 

•           9 

>              •    .    1 

46.28 

160             1 

r23.78 

•        •        < 

>               .    .    1 

60.46 

162         ■: 

r61.78 

»        •        1 

1              .    •    < 

•    •    • 

160 

1    •    •                < 

1        •        ( 

1               .    •    1 

77.72 

170 

>    •    •                1 

1        •        ( 

1              .    •    < 

98.90 

180 

>    .    •                ( 

1        • 

1              •    *    < 

122.60 

190 

>    •    .               1 

>        •        i 

1               .    •    1 

161.47 

200 

.    • 

•        • 

>               .    •    t 

186.66 

210 

>    •    .               1 

t        •        1 

•    •    1 

226.12 

220 

.    • 

t        •        ( 

>                                         •           .          4 

269.08 

222 

>    .    .               1 

9          . 

.           .           1 

277.86 

above  its  boiling-point.  According  to  the  above  principle,  this 
tension  is  the  same  as  that  of  the  vapor  of  water  at  115^,  or  126.9 
c.  m.,  a  number  which  differs  but  very  slightly  from  that  deter- 
mined by  actual  experiment,  and  given  in  the  foregoing  table.  It 
has  been  shown,  however,  by  the  investigations  of  Regnault,  that 
Dalton's  law  is  not  absolutely  rigorous,  and  at  large  distances 
from  the  boiling-point  is  so  far  from  coinciding  with  the  facts, 
that  it  cannot  be  relied  upon  except  for  furnishing  the  first  rough 
approximation  to  the  actual  tension  of  a  volatile  liquid. 

It  follows  at  once  from  the  law  of  Dalton,  that  at  any  given 
temperature  different  liquids  may  have  very  unequal  tensions, 
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and,  moraover,  that  in  U17  one  cam 
the  teusioD  must  bo  the  greater  the 
lower  the  boiling-point  aud  hence  the 
more  volatile  the  liquid.  These  facts 
m&y  be  illustrated  by  means  of  the 
apparatus  represented  in  Fig.  413. 
It  consists  of  four  barometer-tubes, 
all  dipping  into  the  same  basin  of 
mercury.  The  first  at  the  left  is  a 
perfect  barometer,  and  therefore  in- 
dicates  the  pressure  of  the  air ;  but 
the  others  contain  a  few  drops  of 
some  volatile  liquid  above  the  mer^ 
cury-column.  The  teusioa  of  the  var 
por  of  these  liquids  is  measured,  of 
course,  by  the  depression  of  the  mer- 
n«.*ifl.  cury;  this  will  be  found  to  be  greater 

in  proportion  as  the  boiling-point  is  lower. 

(291.)  Maximum  Tension  of  Vapors. — The  vapor  of  any 
liquid  which  forms  in  a  confined  space  and  in  the  presence  of 
an  excess  of  the  liquid,  has  always  tlie  greatest  tension  which 
the  vapor  can  have  at  the  given  temperature.  To  recur,  for  ex- 
ample, to  our  previous  illustration :  at  t)ie  temperature  of  20", 
there  would  form  tn  tlie  vessel  described  in  (284}  a  cubic  metre 
of  vapor  weighing  17.155,  and  havuig  a  tension  equal  to  1.739 
c.  m.,  provided  only  an  excess  of  water  were  present.  Now  this 
is  the  greatest  tension  which  tlie  vapor  of  water  can  have  at  20°. 
If  by  mechanical  means,  as  by  sinking  a  piston  in  a  cylinder,  we 
attempt  to  increase  the  elasticity  of  the  vapor  without  changing 
the  temperature,  we  find  tliat  it  is  at  once  condensed  to  liquid 
water,  and  that  its  tension  remains  constant  at  1.7S9  0.  m.  until 
all  the  vapor  has  disappeared.  Ou  now  raising  the  piston,  the 
6pace  will  be  filled  again  with  vapor ;  but  so  long  as  a  drop  of 
water  remains  in  the  cylinder,  tlie  tension  of  this  vapor  will 
Btill  be  equal  to  1.7S9  c.  m.  If,  however,  after  all  the  water  has 
evaporated,  we  still  continue  to  enlarge  the  capacity  of  tlie  cylin- 
der, then  the  vapor  will  act  like  a  gas,  and  its  tension  will  dimin- 
ish, in  accordance  with  the  law  of  Mariotte ;  compare  (156. 3)  and 
(168).  In  the  above  illustration  we  have  assumed  that  the  tem- 
perature of  the  vessel  was  constant  at  20° ;  but  the  same  principle 
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is  equally  trae  at  all  temperatmes  and  for  all  liquids,  and  all  the 
tensions  given  in  tlie  tables  on  pages  671  and  683  are  Uio  maxi- 
mum tensions  possible  at  the  respective  temperatures. 

This  principle  may  be  illustrated  experimentally  by  means  of 
the  apparatus  represented  in  Fig.  414.  It  consists  of  a  barom** 
eter-tube  and  a  deep  mercury  cisterU)  in  which 
the  tube  can  be  entirely  immersed.  In  order 
to  mount  tlie  apparatus,  the  tube  is,  in  the 
first  place,  nearly  filled  with  mercury,  which 
is  boiled  to  expel  the  air,  and  then  tlie  rest  of 
the  tube  filled  with  ether.  On  inverting  the 
tube  and  plunging  the  open  end  under  the 
mercury  of  the  cistern  in  the  usual  way,  the 
ether  rises  to  the  top  of  the  tube,  and  a  part 
remains  liquid,  while  the  rest  forms  a  va- 
por which,  at  the  ordinary  temperature  of 
the  air,  depresses  the  mercury-column  about 
86  cm.;  so  that  the  mercury  stands  in  the 
tube  at  40  c.  m.,  instead  of  76  c.  m.,  above 
the  level  of  tlie  mercury  in  the  cistern.  The 
tension  of  ether  vapor  at  the  ordinary  temper-  ^ 
ature  is  consequently  86  c.  m.  If  now  we 
attempt  to  increase  the  tension  of  this  vapor, 
and  consequently  diminish  its  volume,  by  sink- 
ing the  tube  in  the  cistern  (Fig.  414),  we 
shall  find  that  a  portion  of  the  vapor  will  con- 
dense ;  but  the  mercury-column  will  remain 
at  the  same  height  in  the  tube,  proving  that 
the  vapor  which  is  still  uncondensed  has  the 
same  elasticity  as  before.  On  continuing  to 
depress  the  tube,  it  will  be  found  that  the 
height  of  the  mercury-column,  and  conse- 
quently the  tension  of  the  vapor,  will  remain  ng.  414. 
absolutely  the  same  until  the  last  bubble  has 
been  condensed.  This  proves  that  36  c.  m.  is  the  maximum 
tension  which  the  vapor  of  ether  can  be  made  to  assume  at  the 
ordinary  temperature  of  the  air. 

(292.)  Oaset  and  Vapors. — The  principles  of  the  last  section 
furnish  a  convenient  ground  of  distinction  between  gases  and 
vapors.     It  is  usual  to  apply  the  term  vapor  to  such  aeriform 
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sabstances  as  are  easily  condensed,  either  by  pressure  or  by  cold, 
into  liquids,  and  which,  under  the  ordinary  conditions  of  atmos- 
pheric temperature  and  pressure,  exist  in  the  liquid  state.  This 
definition,  howeyer,  is  purely  artificial,  and  makes  no  essential 
distinction  between  a  gas  and  a  vapor ;  and  we  therefore  prefix 
to  distinguish  by  the  word  vapor  the  peculiar  condition  of  aeri- 
form matter  when  it  is  at  the  point  of  maximum  tension.  Ao- 
cording  to  this  definition,  a  vapor  is  a  condition  of  aeriform  mat- 
ter which  obeys  the  law  of  Mariotte  when  its  volume  is  increased, 
but  which,  if  the  volume  be  diminished,  is  in  part  changed  into 
a  liquid ;  a  gas,  on  the  other  hand,  is  a  condition  of  aeriform 
matter  which  obeys  the  law,  whether  its  volume  be  increased  or 
diminished.  We  may  also  define  a  vapor  as  that  conditicm  in 
which  a  gas  exists  the  moment  before  its  change  of  state. 

This  distinction  between  a  gas  and  a  vapor  will  be  made  clears 
by  pursuing  still  further  the  illustration  of  the  last  section.  Lei 
us  suppose  that  we  have  a  cylindrical  vessel  exposed  to  the  tem- 
perature of  130",  and  filled  with  steam  having  a  tension  equal  to 
98.956  c.  m.  By  referring  to  Table  IX.  of  the  Appendix,  it  will 
be  seen  that  the  maximum  tension  of  the  vapor  of  water  at  130** 
is  203.028.  Now,  if  there  were  in  the  vessel  a  supply  of  water, 
the  liquid  would  continue  to  give  off  vapor  until  this  tension  was 
attained.  But  we  will  assume  that  there  is  no  liquid  water  pres- 
ent, and  that  tlie  cylinder  is  filled  with  expanded  steam.  Under 
these  circumstances,  the  steam  must  retain  the  tension  of  98.956 
c.  m.  so  long  as  both  the  temperature  and  the  volume  remain 
unchanged. 

If  now,  keeping  the  temperature  constant^  we  increase  the  ca- 
pacity of  the  cylinder  by  raising  the  piston,  the  steam  will  expand, 
and  its  tension  will  diminish  in  accordance  with  Mariotte's  law. 
When  the  volume  is  doubled,  the  tension  will  be  found  to  be 
49.478  c.  m. ;  when  quadrupled,  the  tension  will  be  reduced  to 
24.739  c.  m. ;  and  in  any  case  we  can  find  Uie  tension  corre- 
sponding to  the  increased  volume  by  tlie  proportion  * 

F  :   P  =  §'  :  fl.  [200.] 

*  This  equation  is  merely  [98],  snbstitnting  iQ  and  ^*  fori? and  W,  The  sta- 
dem  must  be  caiefal  to  bear  in  mind  that  the  tension  of  a  gas  is  always  equal  to  the 
pressore  to  which  it  is  exposed  (149).  We  here  leave  out  of  the  account  anj  deviation 
from  Mariotte's  law,  which,  nevertheless,  may  be  very  oonsidetable  as  the  point  of  con- 
densation is  approached  (165  and  166). 
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Moreover,  when  the  Tolome  has  been  only  so  far  increased  that 
the  tension  of  the  steam  has  been  reduced  to  76  c.  m.,  it  is  then 
in  the  same  condition  as  that  in  which  a  gas  (like  sulphurous 
acid,  for  example)  exists  at  the  ordinaiy  temperature.  It  will 
sustain  the  pressure  of  the  atmosphere,  and,  were  the  tempera- 
ture of  the  laboratory  as  high  as  180",  it  might  be  collected  over 
a  mercury  trough  and  transferred  from  one  jar  to  another,  like 
any  other  gas. 

Again,  if,  still  keeping  the  temperature  constant  at  ISO",  we 
now  lessen  the  capacity  of  the  cylinder  by  sinking  the  piston, 
the  tension  of  the  confined  steam  will  be  increased  up  to  a  cer- 
tain point  in  accordance  with  Mariotte^s  law ;  in  other  words, 
it  will  manifest  all  the  characters  of  a  gas,  and  its  tension  at 
any  degree  of  condensation  may  be  calculated  by  the  same  for- 
mula as  before.  If,  however,  we  continue  to  sink  the  piston 
until  the  volume  of  the  steam  is  reduced  to  a  little  less  than  one 
half  of  its  original  volume,  and  die  tension  increased  to  208.028 
c.  m.,  we  shall  reach  a  point  at  which  the  steam  suddenly  ceases 
altogether  to  obey  the  law  of  Mariotte  ;  and  if  we  sink  the  piston 
still  further,  the  tension  will  not  increase  in  the  slightest,  but  a 
portion  of  the  steam  will  be  changed  into  water,  and  this  change 
will  proceed  until  the  piston  reaches  the  bottom  of  the  cylinder, 
the  tension  all  the  time  remaining  constant  at  208.028  c.  m.  It 
is  to  this  peculiar  condition  of  aeriform  matter  that  we  give*  the 
name  of  vapor. 

Returning  now  to  the  initial  condition  of  the  cylinder,  when  it 
is  filled  with  steam  at  the  tension  of  98.956  c.  m.,  let  us  vary  the 
temperature,  while  we  keep  the  volume  absolutely  constant.  It 
we  increase  the  temperature,  we  shall  increase  the  tension  of  the 
confined  steam,  according  to  the  same  law  by  which  the  tension 
of  a  confined  mass  of  air  would  be  increased  under  the  same 
circumstances.  If,  on  the  other  hand,  we  lessen  the  tempera- 
ture, we  shall  diminish  the  tension  of  the  confined  steam,  accord- 
ing to  the  same  law  as  before,  until  we  reach  a  temperature  at 
which  the  tension  of  the  steam  is  the  maximum  tension  for  that 
temperature.  Then,  on  still  further  cooling  the  cylinder,  a  por- 
tion of  the  steam  will  change  into  water,  and  the  tension  of  the 
remaining  vapor  will  be  found  to  be  the  maximum  tension  corre- 
sponding to  the  reduced  temperature. 

If  we  know  the  tension  of  a  confined  mass  of  gas  at  any  given 
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temperature,  we  can  always  readily  calculate  its  tension  for  any 
other  temperature,  assuming,  as  we  have  above,  that  the  Tolume 
does  not  change.  Let  V  represent  the  Yolume  of  a  gas  which 
has  a  tension  ^  at  ^.  The  volume  of  Ihis  mass  of  gas  at  T^,  if 
allowed  to  expand  fi*eely,  the  tension  remaining  constant^  would 
be,  by  [184],  V(l  +  0.00366  iV  —  t\).  If  now  this  increased 
volume  is  reduced  by  pressure  again  to  F,  the  tension  (which 
was  before  iQ)  will  of  course  be  increased,  and  we  shall  evidently 
have  the  same  condition  as  if  the  gas  had  not  been  allowed  to 
expand.    But  we  have,  by  [200], 

F  (1  +  0.00866  IV  —  ^])  :  F=  §' :  fl  , 

and  hence  we  obtain  for  the  value  of  the  increased  tension, 

§'  =  fl  (1  +  0.00366  it'  —  tj).  [201.] 

Applying  now  this  formula  in  the  example  under  discussion, 
we  should  find  that  the  steam,  whose  tension  was  equal  to 
98.956  c  m.  at  180**,  would  have  at  105*  a  tension  of 

iQ  =  98.956  -h  (1  +  0.00866  X  25)  =  90.641  c.  m.  ; 

and  on  referring  to  the  table,  it  will  be  seen  that  this  is  the 
maximum  tension  which  steam  can  have  at  105^.  Hence  at  this 
point  the  steam  assiimes  tlie  condition  of  vapor.  By  the  same 
formula,  it  will  appear  that  at  104^  the  tension  of  the  steam  would 
be  90.884  c.  m.,  but  by  the  table  87.541  c.  m.  is  the  maximum 
tension  possible  at  104^ ;  as  much  vapor  will,  therefore,  be  con- 
densed to  water  as  is  necessary  to  reduce  the  tension  to  this 
amount.  The  same  will  be  true,  to  a  still  greater  degree,  at 
any  lower  temperature. 

(293.)  Distillation.  —  It  has  now  been  shown,  first,  that  the 
tension  of  the  vapor  which  rises  from  a  boiling  liquid  is  always 
equal  to  the  pressure  of  the  atmosphere ;  secondly,  that  this  ten- 
sion is  the  maximum  tension  possible  for  the  temperature,  so  that 
if  the  volume  is  reduced  by  mechanical  means  the  tension  is  not 
increased,  but  a  portion  of  the  vapor  is  condensed  to  the  liquid 
state.  From  these  two  facts  it  follows,  as  a  necessary  oonse* 
quence,  that  a  vapor  will  be  condensed  to  a  liquid  by  the  pres- 
sure of  the  atmosphere,  if  its  temperature  falls  below  the  boilings 
point  of  this  liquid  (except  under  the  conditions  hereafter  to  be 
considered,  when  the  vapor  is  diffused  through  tlie  atmosphere 
its-lf). 
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The  process  of  distilla^oa,  which  is  used  ia  the  arts  for  the 
purpose  of  separating  a  Tolatile  substance  from  one  that  ia  fixed 
or  less  Tolatile,  is  a  direct  illustration  of  this  principle.  The 
simplest  apparatus  for  the  purpose  is  represented  in  Fig.  415. 


The  liqaid  is  boiled  in  a  {j^ass  retort,  and  the  vapor  irhich  is  thus 
formed  b  conducted  into  a  receiver,  where  it  is  cooled  below  the 
boiling-point,  and  again  reduced  to  the  liquid  state.  Since  glass 
vessels  when  exposed  to  a  naked  fire  are  liable  to  break,  the  body 
of  the  retort  is  usually  protected  by  placing  it  within  an  iron  pot 
and  surrounding  it  with  sand.     Such  au  arraugemeut  is  tenned 


a  land-bath,  or,  when  water  is  used  in  the  place  of  sand,  a  toater- 
baih.    Another  form  of  distillatory  apparatus  is  represented  in 
Fig.  416.    Here  &e  neck  of  the  retort  is  connected  with  what  is 
60 
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usually  tenned  a  lAebig'i  cimdenser.  It  coDsists  of  a  tube 
of  glass,  which  is  kept  cold  by  a  current  of  water  circulating 
throi^h  a  copper  cylinder,  which  Burrounds  it.    In  die  com- 
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mon  still,  Fig.  417,  a  lai^  copper  boiler  BUf^lies  the  place  of 
the  retort,  and  the  vapor  is  condensed  in  a  spiral  tube  of  cop- 
per, called  a  worm,  which  is  kept  immersed  in  a  tank  of  cold 
water. 

Since  the  boiling-point  of  a  liquid  is  reduced  in  proportion  ta 
the  atmospheric  pressure  is  removed,  it  is  sometimes  advantageous 
to  conduct  the  process 
of  distillation  in  a  pa^ 
tial  racnum.  This  is 
especially  the  case  with 
some  Clonic  substances 
which  have  a  high  boil- 
ing-point and  are  de- 
composed by  heat.  The 
apparatus  represented 
"*  in  Pig.  418  is  adapted- 

for  this  purpose.  The  retort  A  is  connected  by  an  hermetically 
sealed  joint  with  the  receiver  £,  and  this  again,  through  the  tube 


r,  with  an  air-pump,  by  which  the  pressore  on  the  gurface  of  the 
liquid  in  the  retort  may  be  very  greatly  reduced.  The  same 
principle  is  applied  in  the  sugar  refineries  in  order  to  concen- 
trate syrups  at  a  low  temperature  (vacnum-pans). 

(294.)  Sleam-Bath.  —  The  fact,  that  Uie  temperature  of  boil- 
ing water  and  of  the  eteam  rising  from  it  is  constant  at  100", 
is  frequently  applied  in  the  laboratory  when  it  is  important  to 
maintain  a  moderate  and  constant  degree  of  heat  for  a  length 
of  time.  The  arrangement  which  is  usually  adopted  for  evapo- 
rating liquids  at  100°  is  represented  in  Fig.  419.  The  porcelain 
evaporating-dish  resta  on  the  rim  of  a  hemispherical  vessel  of 
copper,  in  which  water  is  kept  constanUy  boiling  by  means  of  a 
spiritJamp. 


For  drying  precipitates,  or  for  expelling  the  water  of  crystalli- 
zation from  a  salt,  the  chemist  frequently  uses  a  steam-bath  like 
the  one  represented  in  Fig.  420.  This  is  simply  a  copper  oven 
with  double  sides,  which  is  maintained  at  100*  by  trailing  the 
water  which  partially  fills  tlie  cavity  between  the  inner  and  outer 
Itoing  of  the  oven. 

(295.)  Papin's  Digester.  —  Water,  when  enclosed  in  a  strong 
vessel,  can  be  heated,  as  we  have  seen,  to  a  temperature  very 
much  above  100* ;  and  this  fact  is  advantageously  applied  in 
Papin's  Digester,  which  is  very  useful  in  the  laboratory  when  it 
is  required  to  expose  substances  to  the  action  of  water  at  a  tem- 
perature between  100*  and  200*  for  a  length  of  time.    It  consistB 
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generallj  of  a  thick  cy^liodrioal  resBel  of  brass,  D,  Fig.  421, 
closed  by  a  thick  cover  of  the  eassa  material,  which  is  kept  in 
ita  place  by  the  Krew  B  S.  A  safetj-valve,  o  p  A,  Bcrves  to 
r^ulate  the  pressure,  and  thos 
Uie  tea^rature  of  the  water, 
as  well  aa  to  insure  the  safety 
of  the  ^^jaratus.  Tbe  dct^g 
of  the  oonstmcUon  of  the  safety- 
TaKe  are  given  in  Pig.  440.  This 
d^ester  can  also  be  used  with 
great  advantage  to  i»oduce  chem- 
ical reactions  which  could  not  be 
readily  obtained  under  the  pree- 
Bure  of  the  air.  For  this  par- 
pose,  the  substances  are  sealed 
up  together  in  glass  tubes,  and 
exposed  to  the  temperature  of  the 
overheated  water,  and  any  inte- 
rior pressure  resulting  from  the 
evolution  of  gas  in  the  tube  is 
more  or  less  balanced  by  tbe  ex- 
terior pressure  of  the  confined  steam. 

(296.)  (hndensatitm  of  Gases.  —  There  are  many  substances 
which  boil  at  so  low  a  temperature  that  they  retain,  at  the  ordi- 
nary temperature  of  the  atmosphere  and  under  the  usual  pressure, 
the  condition  of  a  gas.  The  boiling-points  of  a  number  of  such 
substances  are  given  in  tbe  following  table :  — 


Sulphonnis  Acid,        .  .    —10 

Cyanc^H,     .         .         .  —20 

Aminoniii,           .         .  .    —36 

Aneoide  of  Hydrogm, .  —58 


Sulphide  of  Hydrogen,  .    —73 
Hydrochloric  Acid,      .         —80 

Carbonic  Acid,  .    —80 
Protoxide  of  Nitn^en,         — 87J 


All  these  substances  manifest,  at  the  ordinary  temperature  of 
the  air,  the  same  physical  properties  which  steam  would  manifest 
at  130°,  as  described  in  (292)  ;  and  if  in  either  case  the  tempei^ 
ature  of  the  gas  is  reduced  below  the  boiling-point,  then  tbe 
tension  of  the  vapor  will  be  reduced  to  less  than  76  c.  ra.,  aiid 
the  gas  will  be  condensed  to  a  liquid  by  the  pressure  of  tbe  air, 
exactly  as  in  the  process  of  distillation. 


This  &et  is  illustrated  hy  the  e<»nmoa  method  of  preparing 
liquid  sulphurous  acid.  This  gas*  which  is  generated  by  beating 
tf^ether  metallic  mercuiy 
and  strong  sulfamic  acid 
in  a  glass  retort  (Fig.  422), 
IB  passed  into  a  U  tube 
sorrounded  by  a  mixture 
of  ice  and  salt,  where  it 
collects  as  a  liquid.  Had 
-we  tJie  means  of  pro- 
ducing readily  a  sufficient 
degree  of  ccAA,  we  mi^it 
easily  condeuse  to  liquids  >%.4>fc 

the  other  gases  in  the  same  way. 

For  any  given  temperature,  the  Tapor  of  each  of  the  sabstances 
included  in  the  above  table  has,  like  the  vapor  of  water,  a  definite 
maTJiTiHm  tension,  which  it  cannot  exceed ;  and  if  we  had  tlie 
requisite  data,  we  could  make  out  for  each  one  a  fable  of  maxi- 
mum tensions  at  dififerent  temperatures  similar  to  the  tables  on 
pages  571  and  588.  Buneen  has  furnished  us  with  such  a  table 
for  the  first  three  substances. 


+5 


25 

Moreover,  what  was  shown  in  (292)  to  be  true  in  regard  to 
steam  at  130°  is  equally  true  of  these  gases  at  the  ordinary  tem- 
perature of  the  air.  I^  for  example,  we  suppose  the  cylinder,  so 
often  referred  to,  to  be  filled  with  sulphurous  acid  gas,  and 
maintained  at  a  constant  temperature  of  15",  we  should  find,  on 
pressing  down  the  piston,  that  the  tension  would  increase  as  the 
60* 
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Tolame  diminished,  until  it  became  equal  to  293  c.  m. ;  but  on 
Btill  furtUer  reducing  the  volume,  the  gas  would  liquefy.  The 
same  would  be  true  of  cyanogen  when  the  tension  became  equal 
to  333  c.  m.,  and  of  ammonia  when  it  became  equal  to  578  c.  m., 
assuming,  of  course,  that  the  temperature  of  the  cylinder  is 
maintained  constant  at  16°.  If  the  temperature  is  diminished, 
the  gases  canuot  acquire  so  great  a  tension  ;  if  it  is  raised,  the 
tension  may  be  greatlr  increased. 

These  facts  may  be  very  elegantly  illustrated  by  means  of  the 
apparatus  represented  in  Fig.  423.  It  consists  of  an  iron  cistern, 
A,  filled  with  mercury,  and  closed 
on  all  sides  with  the  exception  of 
five  circular  apertures  through  the 
top.  Into  four  of  these  may  be 
screwed  the  iron  tubes  a,  b,  c,  and 
d,  which  reach  to  the  bottom  of 
the  cistern.  These  tubes  are  pro- 
vided with  a  broad  shoulder,  and 
are  screwed  down  upon  lead  wash- 
ers with  a  wrench,  so  as  to  enable 
the  joint  to  resist  a  pressure  of 
ten  or  twelve  atmospheres  with- 
out yielding.  Into  the  open  ends 
of  these  iron  tubes  the  glass  tubes 
1, 2, 8,  and  i  are  cemented.  They 
are  about  one  centimetre  in  diam- 
ns.438.  eter  and  closed  at  the  top.    When 

the  apparatus  is  in  use,  one  of  the 
tubes  may  be  filled  with  air,  and  the  other  three  with  ammonia, 
cyanogen,  and  sulphurous  acid,  respectively.  By  the  fifth  aper- 
ture, c,  the  interior  of  the  mercury-cistern  connects  with  the 
force-pump  P,  through  the  tube  g-;  and  by  tliis  water  may  be 
forced  in  upon  the  surface  of  the  mercury.  The  pressure  tlius 
exerted  will  cause  the  mercury  to  rise  in  the  several  tubes,  and 
as  the  volumes  of  the  confined  gases  are  diminished,  it  will  be 
noticed  that  their  tension  rapidly  increases.  This  tension,  which 
is  evidently  the  same  in  all  four  tubes,  is  measured  by  the  tube 
containing  air,  which  serves  as  a  manometer  (168.  3).  If  the 
temperature  of  the  apparatus  is  hept  constant  at  15",  the  tension 
will  increase  until  it  is  equal  to  293  c.  m. ;  then  the  sulphurous 
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acid  will  begin  to  liquefy,  and  the  tension  will  remain  equal  to 
298  c.  m.  tuitil  all  this  gas  has  disappeared.  It  will  then  again 
increase  until  it  reaches  888  c.  m.,  when  the  cyanogen  will 
liquefy ;  and,  finally,  after  this  gas  has  also  been  reduced  to  a 
liquid,  the  tension  will  increase  again  until  it  becomes  equal  to 
578  c.  m.,  when,  last  of  all,  the  ammonia  will  liquefy.  If  now 
we  remove  the  pressure  by  opening  the  stopcock,  which  vents  the 
water  from  the  cistern,  the  liquids  will  be  seen,  one  after  the 
other,  to  boil  violently,  and  return  to  the  condition  oif  gas. 

Since  the  tension  of  a  gas  is  always  equal  to  the  pressure  to 
which  it  is  exposed,  it  follows  that  any  gas  will  be  condensed  to 
a  liquid  if  it  is  exposed  to  a  pressure  which  is  greater  than  its 
maximum  tension  at  the  given  temperature.  The  maximum 
tensions  of  a  number  of  gases  at  0^  are  approximatively  as  fol- 
lows :  — 

Maximum  Tennon  iUO^  (X 


Sulphanms  Add, 

1.58 

CyuK^en,     .        .        . 

2.37 

lodohydric  Add, 

8.97 

Ammonia, 

4.40 

Arsenide  of  Hydrogen, 

8.80? 

Chlorine,  ....     8.95 
Sulphide  of  Hydrogen,  .       10 
Chlorohydric  Add,    .         .  26.2 
Protoxide  of  Nitrogen,  .      82 
Carbonic  Add,  •        .        .  88.5 


And  if,  in  either  case,  the  temperature  being  at  0^,  the  gas  is 
exposed  to  a  greater  pressure  than  the  tension  indicated  in  the 
table,  it  will  be  condensed  to  a  liquid.  If  the  temperature  is 
higher,  the  pressure  required  in  each  case  will  be  greater.  If  the 
temperature  is  lower,  the  pressure  required  will  be  less ;  and  if 
in  either  case  the  temperature  is  reduced  below  the  boiling-point 
of  the  substance,  the  gas  will  be  condensed,  as  we  have  seen,  by 
the  pressure  of  the  air  alone.  It  is  evident .  that,  in  condensing 
gases  to  liquids,  a  great  advantage  is  gained  by  reducing  the 
temperature  as  low  as  the  circumstances  will  permit,  and  hence 
it  is  usual  to  employ  both  pressure  and  cold  for  the  purpose. 
Several  of  the  processes  in  use  are  as  follows. 

The  simplest  method  of  condensing  gases  consists  in  generat- 
ing a  large  volume  of  the  gas  from  the  proper  chemical  materials 
ift  a  confined  space.  This  method  was  used  by  Faraday  in  his 
original  experiments  on  this  subject.    He  generated  the  gas  in 
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one  end  of  a  strong  glaas  tube,  bent  st  the  middle,  as  repreeented 
in  Fig.  424,  aud  hermetically  sealed.     The  gas  aocumulatiug  iu 
the  c<H]liued  space  exerted  a   great  pressure 
-^^  j^ainst  the  sides  of  the  tube,  and  when  thii 

^^'^^^v  pressure  becaine  equal  to  the  maximum  ten- 

*  4«  ^^  "'*°»  *  portion  of  the  gas  was  condensed  to  a 
liquid.  This  collected  in  tlie  other  end  of  the 
tube,  which  was  immersed  in  a  freezing-mixture  to  facilitate  tlia 
process.  Witii  this  simple  apparatus  Faraday  succeeded  in 
liquefying  sulphuroos  acid,  cyanograi,  chlorine,  ammonia,  sul- 
phide of  bydjx>gen,  carbonic  acid,  muriatic  acid,  and  nitroui 
oxide  gases. 

The  principle  of  Faraday's  condensing  tubes  was  afterwards 
applied  by  Thilorier  to  condensing  carbonic  and  gas  on  a  largs 


scale.  The  apparatus  which  be  devised  for  the  pmpoee  is  repre- 
sented in  Fig.  425.  li  eonsists  of  two  cylindrical  vessels  of  inw, 
made  exoeedingly  strong,  and  of  tiie  capacity  of  about  ei^t  lilies 
each.  They  are  closed  t^  valve  stopoocks  of  peculiar  eoiMtrao- 
tion,  which  screw  iido  tbe  necks  of  the  two  vessela  uid  can  he  re- 
moved at  pleasure.  By  means  of  the  coppw  ocwBecting-4nbe  F, 
which  can  be  attached  bycouplers  to  the  discharging 'Wifice  of  the 
valves  2)  and  i^,  the  two  i^Iinders  i»«y  %e  united  when  oeoessaiy. 
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In  order  to  use  the  apparatus,  the  valve  C  is  removed  from 
the  cylinder  A^  called  the  generator,  and  a  charge  is  introduced, 
consisting  of  one  kilogramme  of  pulverized  bicarbonate  of  soda 
mixed  with  a  litre  of  lukewarm  water.  After  this  has  been 
poured  into  the  cylinder,  a  long  cylindrical  vessel  (jS),  contain- 
ing about  650  grammes  of  common  oil  of  vitriol,  b  carefully  let 
down  by  a  hook  without  spilling.  The  valve-cock,  having  been 
first  carefully  closed,  is  now  screwed  down  tightly  to  the  mouth 
of  the  generator,  which  is  then  turned  upon  its  supporting-pivots 
so  as  completely  to  invert  it,  and  thus  mix  the  acid  with  the  car- 
bonate of  soda.  The  carbonic  acid  of  the  salt,  which  amounts 
to  more  than  half  of  its  weight,  is  now  rapidly  disengaged,  and 
accumulates  in  the  vacant  part  of  the  generator,  exerting  great 
elastic  force.  The  generator  is  next  connected,  as  represented  in 
the  figure,  with  the  second  large  cylinder  (-6) 9  which  serves  as  a 
receiver,  and  which  is  surrounded  by  a  mixture  of  ice  and  salt. 
On  opening  the  two  valves,  the  condensed  gas  rapidly  passes  over 
and  collects  in  the  cold  receiver.  The  cylinders  are  then  dis- 
connected, after  first  closing  the  valves,  and,  the  generator  having 
been  carefully  emptied,  the  same  process  is  repeated.  After  two 
or  three  charges  have  been  in  this  way  conveyed  into  the  receiver, 
the  pressure  becomes  sufficient  to  liquefy  the  gas ;  and  after  ten 
or  twelve  charges  the  receiver  may  contain  several  litres  of  liquid 
carbonic  acid.  The  receiver  is  then  finally  detached,  and  the 
liquid  which  it  contains  preserved  for  use.  If  this  liquid  is  al- 
lowed to  flow  out  into  the  air,  a  portion  of  it  evaporates,  and,  as 
we  should  expect,  with  great  rapidity  ;  but,  what  is  more  won- 
derful, the  cold  caused  by  the  evaporation  is  so  great,  that  the 
larger  part  of  the  liquid  freezes,  changing  into  a  white  flocculent 
solid  resembling  snow.  This  very  remarkable  phenomenon  will 
be  best  studied,  however,  in  connection  with  the  latent  heat  of 
vapors.  In  order  to  show  the  substance  in  its  liquid  condition, 
a  small  quantity  may  be  drawn  off  from  the  receiver  into  the 
thick  glass  tube  P,  which  is  then  closed  by  a  valvo4X)ck  like  that 
of  the  receiver  itself.  It  is  always  dangerous,  however,  to  con- 
fime  liquid  carbonic  acid  in  glass. 

Although  the  apparatus  of  Thilorier  is  exceedingly  convenr 
lent,  and  yields,  with  little  labor,  a  large  supply  of  liquid  carbonic 
acid,  yet  its  use  is  not  unattended  with  danger ;  and  a  fatal  acci- 
dent, caused  by  the  bursting  of  one  of  the  iron  generators,  at  die 
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School  of  Pharmacj  in  Paris,  has  brought  it  into  general  di» 
t&voT.  The  danger  arises  from  the  circumstance  that  the  cheio- 
jcal  action  of  the  sulphuric  acid  on  the  carbonate  of  soda  ii 


attended  with  the  evolution  of  heat,  which  raises  the  tempoa- 
tnre  of  the  generator,  and  very  greatly  increases  the  marimtim 
tension  of  the  gas.  In  the  recelTer,  when  snrroDnded  by  ice 
and  salt,  the  tension  is  comparatiToIy  feeble,  and  all  danger  may 
be  avoided  by  condoning  the  gas  with  a  fcn^w-pump  directly  into 
the  cold  receiver.  An  apparatus  for  this  purpose  is  coustrocted 
both  by  Natterer,  in  Vienna,  and  by  Bianchi,  in  Paris.  It  con- 
sists of  a  condensing-pump  (ITS),  refvesented  at  /  in  Fig.  436, 
which  draws  tiie  gas  from  a  gasometer  through  the  flexible  hose 
1,  and  forces  it  into  &n  iron  receiver,  which  is  represented  in 
Fig.  427,  of  one  fifth  of  its  usual  size.    This  receiver  screws 
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upon  the  upper  eud  of  the  pump-barrel,  and  it  is  closed  below 
by  a  self-aetijig  yalve,  and  above  by  the  valve-cock  g^  as  showu 
in  Fig.  427.  A  crank  and  fly-wheel  facilitate  the  working 
of  the  pump ;  but  it  requires  several  hours  of  hard  work  to 
liquefy  only  500  grammes  of  gas.  After  the  receiver  is  about 
two  thirds  filled  with  liquid,  it  is  unscrewed  from  the  pump- 
barrel,  and  the  liquid  can  then  be  drawn  out  by  inverting  it  and 
opening  the  valve  g.  This  apparatus  has  been  especially  used 
for  liquefying  nitrous  oxide  gas. 

Professor  Faraday  succeeded  in  liquefying  several  gases  which 
had  not  been  condensed  before,  by  combining  the  action  of  intense 
cold  and  great  pressure,  the  last  obtained  with  a  very  powerful 
condensing  apparatus.  This  apparatus  consisted  of  two  condens- 
ing syringes.  The  first  had  a  piston  of  an  inch  in  diameter,  the 
second  of  only  half  an  inch  ;  these  syringes  were  connected  by  a 
pipe,  so  that  the  first  syringe  forced  the  gas  through  the  valves 
of  the  second,  and  the  second  syringe  was  then  used  to  compress 
still  more  highly  the  gas  which  had  already  been  condensed  by 
the  action  of  the  first,  with  a  pressure  varying  from  ten  to  twenty 
atmospheres.  The  gases  were  condensed  by  this  apparatus  into 
tubes  of  green  bottle-glass  bent  at  the  middle  into  the  form  of  a  U, 
and  closed  at  the  ends  with  brass  cape  and  stopcocks,  securely 
fastened  by  means  of  a  resinous  cement.  The  curved  portion  of 
the  tube  was  immersed  in  a  bath  of  solid  carbonic  acid  and  ether, 
and  at  times  a  still  greater  degree  of  cold,  estimated  at  — ^110"*, 
was  obtained  by  placing  the  bath  under  the  receiver  of  an  air- 
pump  and  exhausting  the  air.  When  exposed  to  this  very  low 
temperature,  most  of  the  liquefied  gases  froze,  as  is  shown  by 
the  following  table,  which  contains  the  results  of  Faraday :  — 


Air. 
Oxygen. 

Hydrogen. 

Oxide  of  Carbon.  ' 

MftrshGaf. 

Beotoxide  of  Nitrogen. 


but  not  Fi 


Olefiant  Gai. 
Chloroliydric  Acid. 
Floohydric  Acid. 
Flaosilicic  Acid. 
Phosphide  of  Hydrogen. 
Arsenide  of  Hydrogen. 


0mm  Uqucted,  MelHnc- 

•nd  Also  FiOMD.  Point. 

Bromohydric  Acid,  — 8<* 

Cyanogen,  95 

lodohydric  Acid,  51 

Carbonic  Acid,  58 

Ammonia,  75 

Snlphnrooi  Acid,  76 

8alphideof  Hydrogen,      86 


ChkMrine. 

Protoxide  of  Nitrogen,  — 100 

More  recently,  Natterer  of  Vienna,  has  constructed  a  vastly 
more  powerful  condensing  apparatus  than  that  of  Faraday,  at 


600  CHEMICAL  PHTBICS. 

though  on  a  similar  principle,  by  which  he  has  been  able  to  ex- 
exert  a  pressure  of  nearly  three  thousand  atmospheres ;  but  the 
gases  enumerated  in  the  first  eolumn  of  the  abote  table  did  not 
jield  even  to  this  immense  pressure,  and  indeed  were  not  eon* 
densed  so  much  as  we  should  be  led  to  expect  from  the  law  of 
Mariotte.  For  a  description  of  this  apparatus,  the  student  maj 
consult  the  memoir  already  referred  to  (page  299). 

The  &cts  of  this  section  all  tend  to  show  how  completely  the 
mechanical  condition  of  matter  depends  on  the  temperature  of 
the  globe.  If  the  mean  temperature  were  100^  below  the  present 
point,  by  far  the  larger  number  of  known  gases  would  be  either 
solids  or  liquids.  To  the  inhabitants  of  such  a  climate  (whom 
we  may  suppose  to  use  a  Centigrade  thermometer  on  wbidi 
— ^100"^  of  our  scale  would  be  the  zero*point),  protoxide  of  nitro* 
geii  would  be  a  Yery  volatile  liquid,  freezing  at  0^  and  boiling  at 
18^  ;  cyanogen  would  be  a  crystalline  solid,  melting  at  65**  and 
boiling  at  80^  ;  and  sulphurous  acid  would  be  a  solid,  melting  at 
24**  and  boiling  at  90"*.  On  the  other  hand,  were  the  mean  tem* 
perature  of  the  globe  lOO**  abore  the  present  point,  many  of  our 
most  familiar  liquids  would  be  known  chiefly  as  gases.  Ether, 
alcohol,  and  water  would  stand  very  nearly  in  the  same  relation 
in  such  a  climate  that  sulphide  of  hydrogen,  cyanc^n,  and  sul* 
phurotis  acid  do  in  ours. 

There  is  every  reason  to  believe  that  all  gases  might  be  con- 
densed to  liquids,  if  a  sufficient  degree  of  cold  and  pressure  could 
be  attained ;  and  we  ought  not  to  be  surprised  at  tlie  difficulty 
experienced  in  liquefying  the  gases  above  enumerated,  when  we 
remember  how  very  rapidly  the  maximum  tension  of  vapors  in- 
creases with  the  temperature,  and  how  very  limited  our  means  of 
reducing  the  temperature  are,  as  compared  with  our  means  of 
elevating  it.  We  can  easily  attain  a  temperature  of  5,000"*  C, 
while  we  can  scarcely  reduce  the  temperature  of  bodies  to  — 150*. 
At  1,000^  the  maximum  tension  of  the  vapor  of  water  would  be, 
unquestionably,  equal  to  many  thousand  atmospheres,  and  it 
would  undoubtedly  be  found  as  difficult  to  condense  to  a  liquid 
tiie  vapor  of  water  in  the  highly  rarefied  condition  which  it  would 
have  at  that  temperature  under  the  mere  pressure  of  tiie  air,  as 
it  is  now  found  to  condense  the  so-called  permanent  gases. 

(297.)  Greatest  Density  of  Vapor.  —By  referring  to  the  table 
on  page  571 ,  it  will  be  seen  that  the  weight  of  one  cubic  metre 
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of  the  Tftpor  of  water — and  hence,  also,  its  densitj  (68)  —  in* 
ereases  rerj  rapidly  with  the  temperatiire.  This  is  also  shown 
by  the  canre  a  bfg  of  Fig.  412.  The  ordinates  of  thia  curve 
represent  the  weight  of  one  cubic  metre  of  vapor  at  the  corre- 
sponding temperatures  indicated  by  the  abscissas,  and  the  dis* 
tance  between  any  two  horizontal  lines  of  the  figure  corresponds 
to  a  difference  of  weight  equal  to  588.78  grammes.  At  230''.9 
the  weight  of  one  cubic  metre  of  vapor  is  already  tV  of  ^^^ 
weight  of  a  cubic  metre  of  water  at  4^,  and  at  the  same  rate  of 
increase  tlie  weight  of  the  vapor  at  no  great  elevation  of  temper- 
ature would  be  equal  to  that  of  its  own  volume  of  water.  At 
such  a  temperature  water  would  change  into  vapor  without  in- 
creasing its  volume,  provided  that  a  vessel  could  be  made  suffi- 
ciently strong  to  bear  the  immense  pressure  which  it  would  theu 
eJ^ert.  The  same  must  also  be  true  of  the  vapors  of  other  liquid?, 
so  tliat  at  a  temperature  more  or  less  elevated  the  density  of  the 
Taper  will  become  equal  to  the  original  density  of  the  liquid, 
which  will  then  change  into  vapor  without  increasing  its  volume. 
An  approach  to  these  phenomena  has  been  observed  by  M. 
Gagniard  do  la  Tour.*  He  sealed  iip  in  a  strong  glass  tube  a 
Tolume  of  water  equal  to  about  one  fourth  of  tlie  capacity  of  the 
tube,  and  exposed  it  to  a  gradually  increasing  temperature.  At 
a  fixed  temperature  the  water  entirely  volatilized,  and  the  tube 
appeared  empty.  This  temperature,  at  which  water  thus  evapo- 
rates into  a  space  of  about  four  times  its  own  bulk,  is  near  the 
melting-point  of  zinc  (860^).  So  great  was  the  solvent  power 
of  water  on  glass  at  this  high  temperature,  that  it  soon  destroyed 
the  integrity  of  the  tubes,  and  a  small  amount  of  carbonate  of 
soda  was  added  to  the  water  to  diminish  this  action.  As  the 
rapor  cooled,  a  point  was  observed  at  which  a  sort  of  cloud  filled 
the  tube,  and  in  a  few  moments  after,  the  liquid  reappeared 
almost  instantaneously.  H.  de  la  Tour  made  similar  experi« 
ments  with  alcohol,  ether,  and  sulphide  of  carbon,  with  the  fol-% 
lowing  results :  — 

Ttepcnturt     VolmiM  of  Vftpor     Tmiilonof 
•f  LlfttppMr*    M  aoApuvd  wtth      Vapor  la 
aoco.  Volume  of  Liquid.  AtmoaphertiL 

Alcohol  (36*'  Baum^),        .        .     259**  8  119 

Ether, 200  2  87 


259** 

8 

200 

2 

275 

2 

Sulphide  of  Carbon,  ...     275  2  78 

*  Annales  de  Chimie  et  de  Physique,  2«  S^rie,  Tom.  XXI.,  XXII. 
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The  tension  of  the  vapon,  as  given  in  the  above  table,  is  far 
less  than  we  should  have  expected ;  for,  if  Mariotte's  law  held 
good  in  these  cases,  ether  should  have  exerted  a  pressure  equal 
to  about  209  atmospheres,  and  alcohol  of  at  least  242.  Here, 
then,  we  have  a  very  marked  example  of  the  principle  previoasly 
enunciated  (166),  that  as  the  point  of  liquefaction  is  approached, 
the  compressibility  of  a  gas  deviates  more  and  more  widely  from 
the  law  of  Mariotte.  The  experiments  of  De  la  Tour  also  shov, 
that  under  these  enormous  pressures,  even  before  the  whole  of 
the  liquid  has  evaporated,  tlie  tension  of  the  vapor  varies  with 
,^  the  proportion  which  the  liquid  bears  to  the  space  in  which  it  is 
confined. 

(298.)  Smallest  Density  of  Vapor.  —  Having  seen  that  the 
highest  limit  of  the  density  of  vapor  is  probably  at  least  as  great 
as  the  density  of  the  liquid  from  which  it  is  formed,  we  naturally 
next  inquire,  Is  there  any  lowest  limit?  Do  substances  continue 
to  evaporate  at  all  temperatures,  however  low,  or  is  there  some 
limit  of  temperature  at  which  they  cease  all  at  once  to  emit 
vapors  ?  By  again  referring  to  the  table  of  maximum  tensions 
(page  671),  it  will  be  seen  that  even  at  10**  below  the  freezing- 
point  water  forms  a  vapor  weighing  2.284  grammes  to  the  cubic 
metre,  and  having  a  tension  of  0.2078  c.  m. ;  and  even  at  20^ 
below  the  freezing-point  it  forms  a  vapor  with  a  tension  of  0.1383 
c.  m.  It  was  formerly  supposed  that  substances  which  were  de- 
cidedly volatile  at  the  ordinary  temperature  continued  to  emit 
vapor,  however  far  the  temperature  might  be  depressed,  although 
the  quantity  became  less  and  less,  until  it  was  inappreciable  to 
our  senses.  It  was  even  thought  by  some,  that  fixed  solids,  such 
as  the  metals  and  the  rocks,  gave  out  a  sensible  amount  of  vapor, 
so  that  traces  of  these  substances  were  always  to  be  found  float- 
ing in  the  atmosphere.  Some  researches  of  Faraday,  however, 
appear  to  establish  an  opposite  conclusion.  He  found  that  mer- 
cury gave  out  ^  perceptible  vapor  during  the  summer,  but  none 
during  the  winter ;  and  also  that  some  chemical  agents  which 
may  be  volatilized  at  temperatures  above  150^  did  not  undergo 
the  slightest  evaporation  during  four  years  at  the  ordinary  tem< 
perature  of  the  air.  The  best  opinion,  therefore,  appears  to  be, 
that  there  is  for  every  body  a  temperature  at  which  it  ceases  all 
at  once  to  give  out  vapor.  With  mercury,  this  temperature  lies 
between  4**  and  15**. 
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HEAT  OP  VAPORIZATION. 

(299.)  Latent  Heat  of  Vapor.  —  The  change  of  state  from 
liquid  to  vapor  is  accompanied  with  a  very  great  amount  of  ex- 
pansion ;  thus, 

IS:^ of  Water    at  100*  forms  about  1700  S;^' of  steam  at  lOo! 
1    «    "   Alcohol   «      78.4    «        «         485    «     «  vapor  "     78.4. 
1    "    «   Ether      «     35.6    **        **        357    <*    «       *<       «     85.6. 

And,  indeed,  the  heaviest  known  vapor,  that  of  iodide  of  ar- 
senic ( i^.  Gr.  s=s  16.1  as  compared  with  air,  or  0.021  as  com- 
pared with  water),  is  thirty  times  lighter  than  the  lightest  known 
liquid,  eupion  (<^.6rr.  =  0.688).  We  should  naturally  expect 
that  such  great  expansion  would  be  attended  with  a  large  absorp- 
tion of  heat.  A  single  experiment  will  enable  us  to  illustrate 
this  fact,  and  also  roughly  to  estimate  the  amount  absorbed  in  the 
case  of  water. 

Take  a  glass  flask,  and  having  placed  in  it  one  kilogramme  of 
ice-cold  water,  expose  it  to  such  a  source  of  heat  that  equal  amounts 
of  heat  shall  enter  it  during  equal  times.  Obser>'e  carefully  the 
time  which  elapses  before  the  water  boils.  We  will  assume  that 
it  is  twenty  minutes.  Observe  also  the  temperature  of  the  water 
and  of  the  steam  which  fills  the  iipper  part  of  the  flask.  It  will 
be  found  to  be  lOO"*,  and  both  will  remain  at  this  temperature 
until  the  whole  of  the  water  has  boiled  away.  Continue  the 
boiling  for  fifty-four  minutes,  and  at  the  end  of  this  time  weigh 
the  water  remaining  in  the  flask,  when  it  will  be  found  that 
exactly  one  half  has  been  converted  into  steam  and  escaped. 
We  assumed  that  it  required  twenty  minutes  to  boil  the  water, 
that  is,  to  raise  the  temperature  of  one  kilogramme  of  water  from 
0""  to  100**.  During  this  time,  then,  one  hundred  units  of  heat 
must  have  entered  the  liquid.  Hence  it  follows,  that,  during 
the  succeeding  fifty-four  minutes,  two  hundred  and  seventy 
units  of  heat  entered  the  water ;  but  this  amount  of  heat  has 
not  raised  the  temperature  in  the  sliglitest  degree,  for  both 
tlie  water  and  the  steam  have  retained,  during  the  whole  inter- 
val, the  constant  temperature  of  lOO"*.  What,  then,  has  become 
of  the  heat  ?  The  answer  is,  that  it  has  been  absorbed  in  con- 
verting 500  grammes  of  water  at  100""  into  500  grammes  of  steam 
at  the  same  temperature.    It  follows,  then,  that  one  kilogramme 
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of  filter  at  100*  absorbs,  iii  cli&nging  into  steam  of  the  Bamo 
temperature,  540  units  of  heat.    The  latent  beat  of  steam,  aa 
welt  as  that  of  oUier  vapors,  can  be  ascertained  with  great  accu- 
racy by  means  of  the  apparatus  represented  in  Fig.  428,  contrived 
by  Brix,*  of  Berlin.     It  consists  of  a  small  glass  retort,  R,  con- 
necting with  a  small  metallic  cylindrical  condenser,  B.     Tills 
condenser  has  an  opening  into  the  atmosphere  by  the  tnbe  L, 
and  is  supported  in  the  centre  of  a  larger  cylindrical  box,  A, 
which  is  filled  with  water.     A  thermometer  passing  through  a 
tubulaturo  in  the  cover  enables  the  experimenter  to  observe  the 
temperature  of  the  water,  while  by  agitating  the  water  with  the 
metallic  disk  C,  its  tempera- 
ture can  be  rendered  ttni- 
form  throughout.    In  con- 
ducting the  experiment,  the 
water  around  the  condenser 
is  first  cooled  a  few  degree* 
below  the  temperature  of 
the  aOnosphere  ;   then  th« 
vapor  is  distilled  over  from 
the   retort  until  the  teio- 
perature  of  the  water  haa 
risen  an  equal   number  of 
degrees  above  that  of  the 
atmosphere.      In  this  way 
any  loss  of  heat  from  the 
water  Is  avoided,  since  the 
j  apparatus  is  for  an   equal 

length  of  time  warmer  and 
cooler  than  the  ur.    The 
weight  of  vapor  condensed 
Kftat.  jg  then  ascertained  by  the 

loss  of  weight  of  the  retort, 
and  the  amount  of  heat  evolved  by  its  condensation  is  readily 
calculated  from  the  weight  of  the  water  around  the  condenser, 
and  the  number  of  degrees  through  which  it  has  been  healed. 
This  amount  of  heat  corresponds  to  the  latent  heat  of  the  vapor 
plus  the  amount  of  heat  given  out  by  the  condensed  steam  in 

*  Poggendorff'*  AbimI«d,  BM>d  LT. 
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cooling  from  the  boaling-poiiit  to  the  temperature  of  tlie  con- 
denser*  To  illustrate  this  bj  au  example,  we  will  suppose  that 
we  know 

The  weight  of  water  around  the  condenser,     .        .        •  500  grammes. 

The  temperature  at  the  hegiiming  of  the  experiment,  .  12°. 

The  temperature  at  the  end  of  the  experiment,        •         .18*. 

The  weight  of  the  water  distiUed  over,         .         .  .       4.82  grammes. 

Hence  it  follows  <^1),  that 

The  anount  of  heat  which  entered  the  water  equals  •      3        units. 

Bjr  (233)  the  amount  of  heat  required  to  raise  the  temper- 
ature of  4.82  grammes  of  water  from  18^  to  100*  is 
equal  to 0.395    ^ 

And  hence  the  quantity  of  heat  given  out  bj  4.82  grammes 

of  steam  in  liquefjing  equals    .        •        •        .        •       2.60$    ^ 

One  kilogramme  of  steam  would  then  set  free,  in  liquefying,   540  ^ 

It  is  evident  that,  in  these  experiments,  as  in  the  determination 
of  tbe  specific  heat  by  the  method  of  mixtures  y  it  is  necessary  to 
take  into  account  the  amount  of  heat  absorbed  by  the  metals  and 
glass  of  which  the  apparatus  is  made.  This  can  easily  be  calcu- 
lated, since  the  specific  heat  of  tiiese  substances  is  known,  and 
theif  weight  can  be  easily  determined.  The  formulas  for  similar 
calculations  have  already  been  given  [158]  and  [159],  and  they 
can  readily  be  modified  by  the  student  for  any  special  case. 

By  means  of  the  apparatus  described  above,  Brix  obtained  for 
the  latent  heat  of  the  vapors  of  several  well4cnown  liquids  the 
following  values.*  These  values  are,  in  each  case,  the  number 
of  units  of  heat  required  to  convert  one  kilogramme  of  the  liquid 
at  its  boiling-point  into  one  kilogramme  of  vapor  at  the  same 
temperature. 

•quAl  Weights.  •qoal  Yokmam,  ^|,  ^  j. 

Water,      .        .        .540  units.  315.05  0.451 

Alcohol,         .        .•214'*  348.26  1.258 

Ether,       .        .        .      90     «  265.45  2^SQ 

Oil  of  Turpentine,           74     «  307.00  3.207 
Oil  of  Lemons,          .      80     ^ 

*  Pctcrminfltions  of  tho  latent  heat  of  vnpors  have  also  been  made  by  Andrews 
(Qaarterly  Journal  of  the  Chemical  Societr,  Vol.  I.  p  27),  by  Despretz,  and  by  Favr© 
and  Silbcrmann  (Comptcs  Rcndni,  Tom.  XXUL  p.  524). 
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Since  the  number  which  expresses  the  specific  gravity  of  a 
substance  is  the  same  as  the  weight  of  one  litre  in  kilogrammes, 
it  follows,  that,  if  we  multiply  the  specific  gravity  of  a  vapor  at  the 
boiling-point  (referred  to  water)  by  1,000,  we  shall  obtain  the 
weight  in  kilogrammes  of  one  cubic  metre  of  this  vapor  at  this 
temperature ;  and,  furthermore,  it  follows  from  what  has  been 
said,  that,  if  we  multiply  this  weight  by  the  latent  heat  of  the 
vapor,  we  shall  have  the  number  of  units  of  heat  required  to 
generate  from  these  liquids  at  their  boiling-points  one  cubic  metre 
of  vapor.  Making  these  calculations,  we  should  obtain  the  num» 
bers  given  in  the  above  table  as  the  latent  heats  of  equal  volumes; 
and  it  will  be  noticed  that,  with  the  exception  of  that  of  ether, 
these  numbers  are  approximatively  equal.  The  same  is  also 
true  of  other  liquids  not  included  in  the  table ;  hence  we  may 
say,  roughly,  that  the  same  volume  of  vapor  will  be  produced 
from  all  liquids  by  the  same  expenditure  of  heat.  No  important 
advantage,  therefore,  could  be  gained  by  substituting  any  other 
liquid  for  water  in  the  steam-engine. 

(800.)  Latent  Heat  of  Steam  at  Different  Temperatures.  — 
The  latent  heat  of  steam  has  the  value  given  in  the  above  table 
only  when  its  tension  is  76  cm.  and  its  temperature  100^,  which 
is  the  case  when  the  steam  is  formed  by  boiling  water  under  the 
normal  pressure  of  the  atmosphere.  If  the  tension  and  temper* 
ature  of  the  vapor  have  greater  values  than  the  above,  then  the 
latent  heat  is  less  than  540  units ;  and,  on  the  other  hand,  if 
these  values  are  less  than  76  c.  m.  and  lOO"*,  then  the  latent  heat 
of  the  vapor  is  more  than  540  units.  Watt  concluded,  from  his 
experiments,  that  the  same  weight  of  vapor  always  contained  the 
same  quantity  of  heat,  or,  in  other  words,  he  supposed  that  the 
same  quantity  of  heat  would  convert  one  kil(^ramme  of  water  at 
0"*  into  one  kilogramme  of  vapor,  whatever  the  tension  or  tem- 
perature of  the  vapor  might  be.  If  this  were  the  case,  the  sum 
of  the  latent  and  sensible  heat  of  steam  would  be  the  same  at  all 
temperatures,  and  we  should  have  for  the  latent  heat  the  follow* 
ing  values :  — 


TampcnUm. 

Utnt  HMt  of  Vapor. 

Bam. 

0 

640  units 

640 

50 

590     « 

a 

100 

540     « 

« 

200 

440     « 

« 
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Among  the  other  numerical  data  connected  with  the  steam- 
engine,  Regnault  has  carefully  determined  the  latent  heat  of 
steam  at  different  temperatures  between  5**  and  196''.  These 
experiments  were  made  with  an  apparatus  constructed  with  every 
possible  refinement,  and  were  conducted  with  the  usual  skill  of 
this  eminent  experimentalist ;  but  for  a  description  both  of  the 
apparatus  and  of  the  methods,  we  must  refer  the  student  to  the 
original  memoir.*  It  was  proved  by  this  investigation,  that  the 
law  of  Watt,  as  the  principle  above  stated  is  frequently  called,  is 
far  from  being  an  exact  expression  of  the  facts,  and,  like  so  many 
other  phenomenal  laws  of  nature,  can  only  be  regarded  as  ap- 
proximatively  true  (compare  page  800).  The  sum  of  the  latent 
and  sensible  heat  of  steam  actually  increases,  although  only  very 
slowly,  with  the  temperature  ;  and  Regnault  found  that  the 
results  of  his  experiments  were  very  nearly  satisfied  by  the  em- 
pirical formula 

X  =  606.5  +  0.805  t ,  [202.] 

« 

in  which  A  represents  the  sum  of  the  latent  and  sensible  heat, 
while  606.5  is  the  latent  heat  of  the  vapor  at  0"",  and  t  the  given 
temperature.  By  means  of  this  formula,  we  can  very  easily  cal- 
culate the  latent  heat  of  the  vapor  at  any  temperature.  Thus, 
at  lOO""  we  have  A  ss  687,  and  consequently  the  latent  heat  is  687 
units  less  the  number  of  units  required  to  raise  the  temperature 
of  one  kilogramme  of  water  from  0^  to  lOO**.  By  the  table  on 
page  472,  we  find  that  this  amount  is  equal  to  1.005  X  100  =» 
100.5,  and,  subtracting  this  quantity  from  687,  we  find  the  latent 
heat  of  steam  at  100^  to  be  586.5  units.  In  like  manner,  the 
other  values  in  the  following  table  have  been  calculated. 

The  second  column  of  the  table  gives  the  tension  of  the 
vapor  of  water  in  centimetres.  The  fourth  column  gives  the 
number  of  units  of  heat  required  to  change  one  kilogramme  of 
water  at  0*"  into  one  kilogramme  of  vapor  at  f.  The  third  col- 
umn gives  the  number  of  units  of  heat  required  to  change  one 
kilogramme  of  water  at  f  into  one  kilogramme  of  vapor  at  the 
same  temperature. 

*  M^moires  de  rAcnddmie  des  Sciences,  Tom.  XXI. 
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Tern- 
p«tm- 
ttm. 

Teliflion. 

LMteoi 
H«at. 

8am  of 

Utaotaad 

Senalble 

Uant. 

p6rft* 

tOTB. 

nnsioii. 

JMtnt 
Umt. 

8am  of 

UlMtMld 

flranlw 

• 
0 

0.460 

606.6 

606.6 

120 

149.128 

522.8 

618.1 

10 

0.916 

599.5 

609.5 

130 

208.028 

616.1 

646.1 

20 

1.789 

692.6 

612.6 

146 

271.768 

608.0 

649.8 

80 

8.165 

666.7     , 

615.7 

150 

858.128 

600.7 

652.8 

40 

6.491 

578.7 

618.7 

160 

465.162 

498.6 

655.8 

50 

9.198 

571.6 

621.7 

170 

696.166 

486.2 

658.8 

60 

14.879 

664.7 

624.8 

180 

754.689 

479.6 

661.4 

70 

28.809 

657.6 

627.8 

190 

044.270 

471.6 

664.4 

80 

85.464 

650.6 

680.9 

200 

1 168.896 

464.8 

667.5 

00 

62.545 

548.5 

683.9 

210 

1432.480 

466.8 

670.5 

100 

76.000 

686.6 

687.0 

220 

1739.036 

449.4 

678.6 

110 

107.587 

629.4 

640.0 

280 

2092.640 

441.9 

676.6 

(801.)  Illustrations.  —  The  fact  that  heat  is  absorbed 
evaporation  is  illustrated  bj  many  fiEuniliar  phenomena.  The 
chill  which  is  felt  on  leaving  a  bath  is  caused  by  the  rapid  evap- 
oration of  water  irom  the  surface  of  tlie  skin,  whereby  heat  Ib 
withdrawn  from  the  body.  In  a  similar  way,  the  air  of  a  heated 
room  is  cooled  by  sprinkling  water  on  the  floor.  This  principle 
also  explains  how  man  is  enabled  to  bear  the  scorching  heat  of 
fhe  hottec^  climates,  and  even,  if  properly  protected,  to  enter  an 
'Oven  heated  above  100^,  bis  blood  not  exceeding  40*^ ;  a  eopious 
.perspiration  is  excited,  which  removes  heat  fr<Hn  the  body  as 
rapidly  as  it  is  received  from  without.  The  porous  waterjars, 
which  are  used  in  Spain  and  in  Eastern  countries  to  ke^  liquids 
cool,  also  owe  their  efficacy  to  the  latent  heat  of  vapors.  They 
are  made  of  biscuit  earthen-ware,  and  the  water  which  slowly 
percolates  through  the  walls  and  evaporates  from  the  sur&oe 
withdraws  so  much  heat  from  the  vessel  as  to  retain  the  teift- 
perature  of  the  water  considerably  below  the  temperature  of  the 
surrounding  air.  The  ejBTect  is  enhanced  by  placing  the  jar  in  a 
current  of  air,  which  accelerates  evaporalioa.  In  like  manner, 
the  evaporation  from  the  surfeuse  of  the  body  is  increased  in  a 
current  of  air,  and  hence  the  sensation  of  coolness  which  a  draught 
produces;  while,  on  the  other  hand,  the  oppression  which  we  feel 
in  an  atmosphere  saturated  with  moisture  arises  from  the  &ct 
that  the  evaporation  is  in  great  measure  arrested. 

The  same  principles  may  also  be  illustrated  by  a  great  variety 
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of  experiments.    One  of  the  most  striking  of  these  is  that  of 

Leslie,  in  which  water  is  frozen  by  its 
own  evaporation.  A  small  and  shallow 
pan  of  water  is  supported  over  a  dish 
of  sulphuric  acid,  and  under  a  bell-glass 
standing  on  the  plate  of  an  air*pump 
(Fig.  429).  On  exliaustiug  the  air 
from  the  bell,  the  heat  absorbed  by  the  very  rapid  evapora- 
tion of  the  water  which  ensues  is  so  great,  that  the  larger  por* 
tion  of  the  liquid  is  converted  into  ice.  The  sulphuric  acid 
absorbs  the  vapor  as  fast  as  it  forms,  and  thus  accelerates  the 
evaporation. 

A  similar  experiment  can  be  made  with  the  instrument  rep- 
resented in  Fig.  430,  called  the  cryophoms  (frost-bearer).  It 
consists  of  two  glass  bulbs,  connected  together  by  a  long  tube, 
one  of  which  is  partially  filled  with  water.  In  making  the  in- 
strument, it  is  hermet- 
ically sealed  while  filled  /^ 
with  steam,  so  that  on 
cooling  a  vacuum  is  left 
above  the  water,  except 
in.  so  far  as  the  space  is 
filled  with  vapor.  If  now  the  empty  bulb  is  suri-ouudod  by  a 
freezing-mixture,  this  vapor  is  condensed  as  fast  as  it  is  formed, 
and  a  very  rapid  evaporation  ensues  from  the  surface  of  the  water 
in  the  first  bulb,  which  soon  reduces  the  temperature  of  the  liquid 
to  the  freezing-point.  Even  more  marked  effects  than  these  can 
be  obtained  by  the  evaporation  of  very  volatile  liquids,  like  ether 
or  sulphide  of  carbon.  The  rapid  evaporation  of  ether  poured 
upon  the  hand  occasions  a  very  distinct  sensation  of  cold,  and 
water  can  be  frozen  by  the  evaporation  of  ether  from  the  surface 
of  a  glass  bulb  covered  with  muslin  and  kept  moistened  with  the 
liquid.  If  the  evaporation  is  accelerated  by  placing  the  apparatus 
under  the  receiver  of  an  air-pump,  even  mercury  can  be  frozen  in 
this  way.  Indeed,  an  apparatus  has  been  invented  for  making 
ice  in  warm  countries,  by  the  evaporation  of  ether  in  a  partial 
vacuum. 

The  principles  of  latent  heat  can  in  no  way,  however,  be  more 
strikingly  illustrated  than  with  liquid  carbonic  acid.  When  this 
highly  volatile  liquid  is  allowed  to  escape  into  the  air,  it  erap- 


F!g.48a. 


610 


CHEMICAL  PHYSICS. 


orates  with  such  rapidity,  as  has  been  stated,  that  the  larger  por- 
tion of  it  almost  instantaneously  freezes.  This  frozen  carbonic 
acid  can  easily  be  obtained  in  large  quantities  by  means  of  the 
apparatus  of  Thilorier.  From  the  valve  of  the  receiver  5,  Pig. 
425,  a  tube  descends  to  near  the  bottom  of  the  vessel,  so  that,  on 
opening  the  valve,  the  liquid  is  forced  out  by  the  tension  of  the 
gas  in  the  interior.  A  cylindrical  brass  box,  O,  connected  with 
the  valve  of  the  receiver  by  the  coupler  L  (which  fits  in  the 
socket  itf),  and  so  constructed  as  to  break  the  force  of  the  jet, 
receives  the  liquid  as  it  issues  from  the  receiver,  and  soon  be- 
comes filled  with  solid  carbonic  acid,  which  resembles,  in  its 
general  appearance,  freshly  fallen  snow.  This  experiment,  it  will 
be  noticed,  is  analogous  in  principle  to  that  of  Leslie,  in  which 
water  was  frozen  by  its  own  evaporation. 

A  further  illustration  of  the  principles  of  latent  heat  is  afforded 
by  the  fact,  that  the  solid  carbonic  acid  —  if  in  considerable  quan- 
tity and  surrounded  by  poor  conductors  —  may  be  kept  exposed  to 
the  air  for  hours  before  it  entirely  disappears.  Although  exceed- 
ingly volatile,  it  evaporates  only  slowly,  for  the  same  reason  that  a 
bank  of  snow  melts  gradually  during  a  warm  spring  day.  The 
non-conducting  nature  of  the  vessel,  and  of  the  atmosphere  of  gas 
which  surrounds  it,  prevents  the  absorption  of  the  heat  which  is 
necessary  for  the  change  of  state.  If,  however,  it  is  brought  into 
close  contact  with  a  good  conductor,  like  metallic  mercury,  the  ra- 
pidity of  its  evaporation  is  greatly  accelerated,  and  the  temperature 
of  the  substance  reduced  to  that  of  the  solid  gas,  which  has  been 
estimated  as  low  as  — 90**  C.  In  this  way  large  masses  of  mercury 
can  easily  be  frozen.  A  greater  degree  of  cold  can  be  obtained  by 
mixing  the  solid  gas  with  a  little  ether,  which  forms  with  it  a  semi- 
fluid mass  capable  of  being  brought  in  closer  contact  with  sub- 
stances, and  thus  removing  their  heat  more  rapidly.  A  still  greater 
degree  of  cold  was  produced  by  Faraday,  by  placing  this  mixture 
under  the  receiver  of  an  air-pump  from  which  the  air  and  gaseous 
carbonic  acid  were  rapidly  removed.  An  alcohol-thermometer 
placed  in  this  mixture  sinks  to  the  temperature  of  — 110** ;  at 
this  low  temperature  the  mixture  of  solid  carbonic  acid  and  ether  ' 
is  not  more  volatile  than  alcohol  at  the  ordinary  temperature. 

Similar  experiments  can  be  made  with  the  liquid  protoxide 
of  nitrogen,  which  is  obtained  in  Bianchi's  apparatus.  As  this 
does  not  freeze  so  readily  as  liquid  carbonic  acid,  it  can  be  drawn 
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out  from  the  condenser  in  a  liquid  state,  and  retains  its  condition 
when  exposed  to  the  air  longer  than  solid  carbonic  acid.  It  can 
readily  be  frozen  by  its  own  evaporation,  and  it  furnishes  the 
means  of  producing  the  lowest  temperature  yet  attained.  When 
mixed  with  solid  carbonic  acid  and  ether,  it  produces  a  cold  so  in- 
tense, that  absolute  alcohol  exposed  to  it  assumes  the  consistency 
of  a  thick  oil,  and  a  thermometer  immersed  in  a  bath  formed 
by  mixing  this  liquid  with  sulphide  of  carbon  was  observed  by 
Natterer  to  fall  to  —140®  when  the  bath  was  placed  in  vacuo. 

(302.)  Applications  of  the  Latent  Heat  of  Steam.  —  The  great 
amount  of  heat  which  steam  contains  renders  it  exceedingly  val- 
uable in  the  arts  as  a  heating  agent.  Water  may  be  heated,  and 
even  boiled,  in  wooden  tanks,  by  blowing  steam  into  it,  or  by 
causing  the  steam  to  circulate  through  a  coil  of  copper  pipe  at 
the  bottom  of  the  tank.  Buildings,  also,  are  very  frequently 
warmed  by  the  heat  of  steam.  T^e  steam  generated  in  a  boiler 
placed  in  the  basement  is  conveyed  by  iron  pipes  to  the  diiSer- 
ent  apartments.  There  it  is  condensed  to  water  in  a  coil  of 
iron  pipes,  or  in  a  condenser  of  some  other  form,  and  the  heat 
thus  set  free  is  radiated  from  the  iron  surface  of  the  condenser. 
Steam  is  likewise  used  as  a  source  of  heat  in  the  process  of  distil- 
lation, especially  when  the  substance  to  be  heated  is  liable  to  al- 
teration from  too  high  a  temperature.  For  this  purpose,  the  walls 
of  the  still  are  frequently  made  double,  and  the  steam  admitted 
between  the  two.  It  is  sometimes  found  advantageous  to  blow  the 
steam  through  the  mass  of  liquid  in  the  still,  in  which  case  the 
volatile  product  passes  over  in  vapor  mixed  with  the  steam,  and 
the  two  are  condensed  together  in  the  worm  or  receiver.  This 
method  is  constantly  used  in  the  distillation  of  volatile  oils  from 
organic  materials.  Sometimes  the  steam  is  highly  heated  by 
passing  it  through  red-hot  tubes  before;  it  is  introduced  into  the 
still.  In  this  way  the  fat  acids  and  many  other  substances  can 
be  distilled,  which  cotild  not  be  distilled  in  the  ordinary  way. 
This  method  is  in  fact  the  basis  of  an  important  process  used  in 
the  arts  for  decomposing  tallow  and  other  fats,  and  extracting 
from  them  the  fat  acids  and  glycerine,  substances  which  are  used 
in  the  manufacture  of  candles  and  of  soap. 

(808.)  Spheroidal  Condition  of  Liquids. — It  has  already  been 
stated,  that  when  a  liquid  is  dropped  upon  a  heated  surface,  the 
temperature  being  made  to  vary  with  the  nature  of  the  liquid,  it 
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aeBiunes  the  Bpheroidal  condition,  and  rolls  round 
on  the  Eurface  like  globules  of  mercury  on  a  porce- 
lain plate  (Fig.  431).     It  was 
*-^h^^^  ^^^o  stated,  that  the  temperature 

JVpiH  of  the  liquid  in  this  condition  ia 

III  constant,  and  always  below  its 

J  ^^_^^^  boiling-point.  This  fact  can  be 
••^T^^^^^  proTed  by  testing  tho  tompera- 
ture  with  a  thermometer,  as 
shovD  in  Fig.  432,  The  following  table  shows  in 
each  case,  first,  the  temperature  at  which  the  liquid 
assumes  the  spheroidal  condition  in  a  heated  silver 
capsule  ;  and,  secondly,  the  temperature  of  the 
liquid  while  in  this  condition:  — 


Water,           .         .         .         .171  9GJi  100 

Alcohol,    ....         134  75.8  78 

Ether, 61  S4.3  35 

Sulphurous  Add,      ....  — 10.5  — 10 

When  in  the  spheroidal  condition,  the  globules  of  liquid  have 
a  gyratory  motion  on  the  bottom  of  the  capsule,  and  not  only 
does  the  liquid  not  boil,  but  it  evaporates  vastly  more  slowly 
than  when  it  is  in  actual  ebullition.    If  the  source  of  heat  ia 
removed,  tho  temperature  of  the  capsule  will  fall  until  a  point  ia 
reached  at  which  the  liquid  wets  tlte  metallic 
surface,  and  then  the  liquid  will  boil  violently, 
and  he  thrown  in  all  directions  with  almost  ex- 
plosive violence  (Fig.  433).    This  singular  phe- 
nomenon can  also  be  shown 
by  pouring  a  small  quantity 
of  water  into  a  thick  copper 
t^taa.  flask    intensely  heated,   and 

corking  the  flask  while  the 
liquid  is  in  the  spheroidal  condition.  For 
a  time,  all  remains  quiet ;  but  when  the  flask 
has  cooled  sufficiently,  the  water  will  be  sud- 
denly converted  into  steam,  and  the  cork 
thrown  out  with  great  violence  (Fig.  434). 
It  has  also  been  proved  that  a  liquid,  when 
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ID  a  spheroidal  condition,  is  not  in  contact  with  ft  heated  sur- 
face. Boutigiiy  was  able  to  see  the  flame  of  a  candle  between 
s  globule  of  water  reudered 
opaque  by  lampblack  and 
the  heated  sur&ee  on  which 
it  rested  (Fig.  435)  ;  and, 
moreover,  Wartmann  and 
Po^endorff  found  that  a 
carreutof  electricity  would 
not  paGs  between  the  liquid 
spheroid  and  the  metallic  ficisk. 

disk. 

The  explanation  of  these  tdngular  phenomena  has  already  been 
in  part  given.  We  have  seen  that,  whenever  by  the  action  of 
heat  the  adhesion  of  a  liquid  to  the  surface  on  which  it  rests 
becomes  less  than  twice  as  great  as  the  cohesion  between  the 
liquid  particles  themselves,  the  liquid  will  no  longer  moisten  the 
surface,  and  we  can  readily  conceive  that  it  may  be  even  re- 
pelled by  it,  and  with  a  force  suHiciently  great  to  overcome  the 
weight  of  the  liquid  mass.  Tliat  such  a  repulsion  really  exists 
Boutigny  proved  by  two  curious  experiments.  He  poured  water 
into  a  basket  made  of  platinum  wire-netting  and  heated  to  redness, 
and  found  that  the  liquid  did  not  drop  through  the  interstices. 
He  also  wliirled  round,  in  a  sling,  a  heated  capsule  containing  a 
liquid  globule  in  the  spheroidal  state,  and  found  that  the  cen- 
trifugal force  was  not  aUe  to  compel  contact.  Assuming,  then, 
that  tlie  liquid  globule  is  sustained  at  a  small  distance  above  the 
heated  surface  by  the  repulsive  force  of  heat,  it  is  easy  to  explain 
the  rest.  The  vapor  forming  on  the  lower  surface  of  the  sphe- 
roid would  raise  it  still  further  from  the  heated  metal,  and,  escap- 
ing unequally  around  the  contour  of  the  spheroid,  would  tend  to 
give  to  it  its  singular  motions.  Then,  again,  since  the  liquid 
is  not  in  contact  with  the  source  of  heat,  it  can  only  be  heated 
by  radiation.  Now  a  part  of  the  rays  of  heat  will  be  reflected 
from  the  surface  of  the  liquid ;  and,  moreover,  the  greater  part  of 
those  which  penetrate  it  will  pass  through  it  without  being  ab- 
sorbed. It  is  evident,  then,  that  the  spheroid  will  retain  but  a 
small  portion  of  the  heat  radiated  from  the  walls  of  the  metallic 
capsule;  and  since  it  is  all  the  time  losing  heat  by  evaporation, 
52 
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it  is  not  wonderful  th&t  its  temperature  shoxild  be  reduoed  several 
degrees  below  the  boiling-point. 

By  following  out  the  principles  of  this  section  to  their  extreme 
consequences,  we  are  able  to  produce  some  very  paradoxical 
effects.  It  has  before  been  stated,  that  water  may  be  frozen  by 
pouring  it  into  liouid  sulphurous  acid  while  the  latter  is  in  tlio 
spheroidal  condition,  although  the  capsule  containing  it  may  be 
red-hot.  So  also,  by  substituting  for  liquid  sulphurous  acid  the 
mixture  of  solid  carbonic  acid  and  ether,  even  mercury,  placed 
within  the  red-hot  capsule  in  a  small  platinum  crucible,  may  be 
frozen  with  equal  certainty.  The  wonder  disappears  from  these 
phenomena  when  we  know  that  these  highly  volatile  liquids  are 
not  in  contact  with  the  heated  surface  of  the  capsule,  for  tliey 
simply  produce  the  same  effects  in  their  spheroidal  condition  that 
they  would  under  other  circumstances.  A  still  more  paradoxical 
result  can  be  obtained  with  liquid  protoxide  of  nitrogen.  For 
this  experiment,  the  liquid  should  be  drawn  into  a  tube  sus- 
pended in  a  bottle  containing  a  few  lumps  of  chloride  of  cal- 
cium, by  means  of  a  cork  adjusted  to  the  neck.  Without  tliis 
precaution,  the  moisture  of  the  air  would  condense  as  hoar-frost 
on  the  tube,  and  render  the  wall  opaque.  If  we  pour  some  mer- 
cury into  this  tube,  it  will  sink  to  the  bottom  and  immediately 
freeze.  On  the  other  hand,  if  a  piece  of  burning  charcoal  is 
dropped  in,  it  will  float  on  the  liquefied  gas,  whicli  will  assume 
the  spheroidal  condition  around  it ;  but,  moreover,  what  is  very 
remarkable,  the  charcoal  will  bum  with  the  usual  intense  bril- 
liancy in  the  protoxide  of  nitrogen  gas  which  surrounds  it,  and 
we  shall  thus  have  in  the  same  test-tube  burning  charcoal  and 
frozen  mercury.  But  perhaps  the  most  marvellous  result  is  the 
impunity  with  which  the  moistened  hand  may  be  dipped  into 
melted  lead,  or  even  into  molten  cast-iron  as  it  flows  from  the 
furnace.  In  these  cases  the  adhering  moisture  is  converted  into 
vapor,  which  forms  an  envelope  to  the  skin  sufficiently  uon- 
condacting  to  prevent  the  transmission  of  any  injurious  quantity 
of  heat  during  the  short  period  of  the  immersioik 
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STEAM-ENGINE. 

(804.)  It  would  lead  us  beyond  the  design  of  the  present 
work  to  enter  upon  any  detailed  description  of  this  wonderful 
application  of  the  laws  of  vapors.  We  shall  only  be  able  to 
point  out  the  general  principles  of  the  machine,  and  to  illus- 
trate by  figures  some  of  its  most  important  forms.  It  has  al- 
ready been  shown,  that  when  water  is  confined  in  a  vacuous 
space,  this  space  becomes  filled  with  vapor,  whose  tension  de- 
pends on  the  temperature,  and  rapidly  increases  as  the  tempera- 
ture rises.  It  is  the  object  of  the  steam-engine  to  convert  this 
tension  into  mechanical  effect.  Every  steam-engine  must,  then, 
consist  of  two  parts :  first,  the  bailer ^  in  which  the  steam  is  gen- 
erated ;  secondly,  the  machine  proper,  by  which  the  tension  of 
the  steam  is  made  to  do  mechanical  work.  We  shall  do  well  to 
examine  the  various  forms  which  are  given  to  these  parts  sepa- 
rately. 

(305.)  The  Bailer. — The  form  of  the  steam-boiler  varies  very 
greatly  with  the  purposes  to  which  it  is  to  be  applied,  and  on  its 
proper  construction  the  safe  and  economical  working  of  the  ma- 
chine in  great  measure  depends.  The  boiler  is  the  origin  of  the 
power ;  it  is  where  the  heat  evolved  by  the  burning  combustible 
is  combined  with  water,  to  reappear  in  the  expansive  force  of 
steam.  The  machine  proper  merely  transmits  this  force,  and, 
like  any  other  machine,  it  can  neither  increase  nor  diminish  it, 
except  so  far  as  the  force  b  expended  in  overcoming  friction  or 
other  resistances  in  the  machine  itself. 

The  two  chief  requisites  for  a  steam-boiler  are  evidently,  first, 
the  strength  required  to  resist  the  expansive  force  of  the  steam 
without  an  unnecessary  expense  of  materials  ;  and,  secondly,  the 
csapability  of  furnishing  the  amount  of  steam  required  by  the  en- 
gine in  any  given  time,  with  the  smallest  possible  expenditure  of 
fuel.  The  boilers  are  usually  made  of  plates,  either  of  wrought- 
iron  or  of  copper,  riveted  together,  and,  when  necessary,  are 
strengthened  by  cross  iron  stays  in  the  interior.  Copper  is  the 
best  material,  but  iron  is  almost  invariably  preferred  on  account 
of  its  cheapness.  The  thickness  of  the  plates  is  made  such  that 
the  boiler  will  resist  a  very  much  greater  tension  than  any  to 
which  it  can  ever  be  expected  to  be  exposed. 

It  is  generally  assumed,  that,  in  order  to  supply  a  steam-engine, 


616  CHEUICAL  PHYSICS. 

85  litres  of  water  mufit  be  evaporated  in  tlio  boiler  each  hour  for 
every  horse-power.  Now,  we  know  that  at  least  650  X  35  = 
22,750  units  of  heat  are  rcqiured  in  order  to  convert  35  kilo- 
grammes of  water  into  eteom  ;  and  this  amount  must  therefore 
be  transmitted  during  an  hour  through  the  boiler-plates  for  every 
horse-power  of  the  engine.  But  since,  even  through  the  best 
conductors,  heat  is  transmitted  with  extreme  slowness,  so  large 
a  quantity  can  only  be  made  to  pass  by  exposhig  a  large  surfaca 
to  the  action  of  the  flame.  Hence  the  extent  of  the  heatiTiff  mr- 
face,  and  not  the  amount  of  water  coutauied  ui  a  boiler,  is  tlie 
mcosuro  of  its  capacity  to  generate  steam.  It  is  the  general  rule 
to  allow  about  1.7  square  metres  of  heating  surface,  and  about  70 
square  centimetres  of  grate-bars  lo  every  horse-power.  Moreover, 
in  order  to  obtain  the  full  effect  of  the  combustible,  it  is  essential 
tliat  the  heated  products  of  combustion  shovild  be  ke^t  in  con- 
tact with  the  surface  of  the  boiler  until  tlie  temperature  of  the 
smoke  is  reduced  as  nearly  as  possible  to  that  of  the  water  in 
tlie  boiler.  This  is  accomplished  by  making  the  smoke  circulate 
through  tortuous  flues  in  contact  with  the  surface  of  the  boiler. 
Tlie  quantity  of  heat  produced  by  the  burning  combustible  is  far, 
however,  from  being  entirely  economized.  It  has  been  found,  by 
experiment,  that  the  whole  amount  of  heat  evolved  by  burning 
one  kilogramme  of  bituminous  coal  is  equal  to  about  7,500  units, 
which  would  change  into  steam  ^VV  =  11.5  kil<^rammes  of 
water,  if  it  all  passed  tlirougb  the  boiler.pkteB  into  the  water ; 
but  so  much  heat  is  lost  by  incomplete  combustion,  by  radiation, 
by  conduction  through  the  mass  of  the  furnace,  and,  finally,  by 
the  smoke,  which  must  be  discharged  into  the  chimney,  still 
heated  to  between  200°  and  400°  in  order  to  sustain  tlie  draught, 
that  practically  one  kilogramme  of  coal  will  not  evaporate  man 
than  from  five  to  seven  kilc^-ammos  of  water  with  the  best  coa- 
strncted  fhrnaces. 

The  conditions  of  efficient  ac- 
tion just  oonsidered  are  best  com- 
bined in  what  is  termed  the  Corn- 
ish ktoiler,  which  is  represented  in 
Fig.  436.  It  is  cylindrical  ta 
form,  frequently  over  forty  feet 
in  length,  and  from  five  to  seven 
Ka-tu-  feet  in  diameter,  with  two  flues, 
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■whicU  extend  the  whole  length  of  the  boiler ;  they  are  perfectly 
cylindrical,  and  of  suilicient  magnitude  to  admit  a  furnace  in 
each.  After  the  heated  gases  have  traversed  these  iron  flues, 
they  are  returned  around  the  surface  of  the  boiler  by  extonial 
flues  made  in  the  brick-vork  vhich  supports  it.  The  circuit 
which  the  hot  gases  perform  in  contact  with  the  boiler  siirfaca  is, 
not  unfrequently,  150  feet  long,  and  the  heating  surface  exposed 
to  their  action  over  3,000  square  feet.  Another  form  of  boiler 
much  used  for  stationary  engines  in  France  is  represented  in 
figs.  437  and  488.    This  boiler  is  also  cylindrical,  but  in  the 


place  of  the  internal  flues  used  in  the  Cornish  boiler,  the  heating 
surface  is  increased  by  means  of  two  lubes  bouilleurs,  B,  Fig. 
437,  which  are  connected  with  the  main  cylinder  by  the  vertical 
tubes  P,  P,  P.  The  flame  of  the  fiimace  plays  directly  against 
the  tubet  bouilleurs ;  the  heated  ga^es  are  then  returned  under 
the  miun  cylinder  in  the  flue  O,  Fig.  488,  and  are  flually  dis- 
charged  into  tlie  chimney  through  the  side  flues  x,  x,  whilo  a 
damper  at  R  serves  to  regulate  the  draught. 

With  a  stationary  boiler,  economy  of  fuel  is,  as  a  general  rule, 
the  great  desideratum ;  and  in  most  cases  that  form  can  be  given 
to  it  by  which  this  end  is  best  attained.  It  is  difiereiit  with  the 
boiler  of  a  steamship  or  of  a  locomotive  engine.  Witli  the  first, 
economy  of  fuel  is  also  the  primary  consideration,  because,  others 
wise,  long  voyages  would  be  impossible  ;  but  economy  of  space 
must  also  be  considered,  and  it  is  therefore  essential  that  the  size 
of  the  boiler  should  be  restricted  to  quite  narrow  limits.  With 
the  locomotive,  on  the  other  hand,  speed  is,  as  a  general  rule,  the 
great  object,  and  this  must  be  attained  at  any  cost  of  fuel.    But 
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Speed  implies  a  vcr;  rapid  consumption  of  steam,  since  for  overy 
revolution  of  the  driving-wheel  of  a  locomotive  its  two  cylinders 
must  be  iilled  and  vented  twice  ;  licuco  the  chief  requisite  of 
a  locomotive  boiler  is,  tbat  it  should  generate  the  greatest  pos- 
sible amount  of  steam  in  a  given  time.  In  all  cases,  the  ma- 
chinist endeavors  to  combine  the  requisite  conditions  as  well  as 
the  circumstances  admit,  and  the  efficiency  of  his  engine  depends 
in  great  measure  on  his  success.  Unfortunately,  he  is  guided 
almost  entirely  by  empirical  rules  ;  and  there  are  few  branches 
of  practical  art  iu  which  so  much  remains  to  be  determined  and 
improved,  and  scarcely  any  which  theoretical  scieuce  has  done  bo 
littl3  to  advance. 

The  usual  form  given  to  the  boiler  of  a  locomotive  is  repre- 
Bentcd  in  Fig.  4S9.  The  furnace  A,  called  the^re-6ox,  is  within 
tlie  boiler,  and  surrounded 
by  water  except  at  the  door 
X)  and  at  tlie  ash-pit.  Tbe 
flame  is  conducted  from  this 
fire-box  to  the  smoke-box  B 
through  a  large  number  of 
brass  tubes,  which  are  all 
surrounded  by  tlie  water  of 
tbe  boiler.  There  it  meeta 
n^in.  with  a  jet  of  steam  coming 

from  the  cylinders,  which 
creates  a  strong  draught  and  drives  the  waste  gases  up  the  chim- 
ney. The  boiler  of  a  locomotive  is  surmounted  by  tlie  stean^ 
dome,  E ;  and  a  tube  with  a  funnel-shaped  orifice,  opening  near 
the  top  of  this  dome,  receives  the  steam  and  conveys  it  to  the 
cylinders  tliroiigh  F.  Tliis  arrangement  prevents,  to  a  great 
degree,  the  spray,  which  rises  from  the  water  of  the  boiler 
and  is  mixed  with  the  steam  in  the  upper  part  of  it,  firom 
reaching  the  cylinders ;  as  the  steam  ascends  the  steam-dome, 
this  spray  falls  back,  and  nothing  but  pure  steam  enters  the 
tube. 

The  steam-boiler  is  always  provided  with  several  appendages 
for  the  purpose  of  regulating  the  quantity  of  water,  for  meas- 
uring the  tension  of  the  steam,  and  for  preventing  the  accu- 
mulation of  a  pressure  which  would  endanger  the  safety  of  the 
boiler. 
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It  is  essential  for  the  good  working  of  the  boiler,  that  the 
water  should  always  cover  the  whole  heating  surface ; '  hence 
it  must  be  maintained  above  the  level  of  the  flues.  The  water 
is  supplied  to  the  boiler  through  the  pipe  a  (Fig.  437),  which 
reaches  nearly  to  the  bottom.  This  pipe  communicates  either  with 
an  elevated  reservoir,  or  with  a  force-pump  moved  by  the  engine, 
the  size  of  ther  pump  being  so  adjusted  that  the  amount  of  water 
forced  into  the  boiler  during  a  given  time  shall  be,  as  nearly  as 
possible,  equal  to  that  which  escapes  in  the  condition  of  steam 
through  the  steam-pipe  v  during  the  same  interval.  This  adjust- 
ment, however,  is  necessarily  imperfect;  and  hence  a  great  variety 
of  inventions,  by  which  the  supply  of  water  is  regulated  automati- 
cally, and  made  to  depend  on  the  position  of  the  water-level  in 
tlie  boiler.  Various  contrivances  are  in  use  for  indicating  to  the 
engineer  the  height  of  the  water.  One  of  the  simplest  of  tliese  is 
the  glass  gauge  represented  at  n  (Fig.  437).  It  consists  of  a  thick 
glass  tube  firmly  cemented  into  iron  caps,  by  means  of  which  it 
communicates  with  the  interior  of  the  boiler.  It  is  so  placed, 
that,  when  the  water  is  at  the  proper  level,  the  lower  end  shall 
open  below  the  surface  of  t^e  water,  and  the  upper  end  above  it ; 
consequently,  the  water  will  always  stand  at  the  same  level  in  the 
tube  as  in  the  boiler.  Another  kind  of  indicator  is  .represented  at 
/'.  It  consists  of  a  float,  which  is  connected  with  a  counterpoise 
by  a  metallic  wire  passing  over  a  pulley,  and  through  a  packings 
box  in  the  top  of  the  boiler.  The  position  of  the  level  of  the 
water  is  indicated  either  by  the  position  of  the  counterpoise,  or  by 
a  needle  attached  to  the  axis  of  the  pulley,  and  moving  over  a 
graduated  disk.  Some  boilers  are  also  provided  with  an  alarm- 
whistle,  £>,  so  arranged  that  it  is  opened  by  the  float  /  when  the 
level  of  the  water  falls  too  low. 

The  tension  of  the  steam  in  the  interior  of  the  boiler  is  indi- 
cated by  a  manometer,  which  may  be  either  of  those  already 
described  (Figs.  104,  278,  or  279). 

In  order  to  limit  the  tension  of  the  steam,  evei*y  boiler  is  fur- 
nished with  one  or  more  safety-valves,  represented  at  P  (Fig.  437), 
and  also  in  detail  in  Fig.  440.  The  valve  is  kept  closed  by  the 
weight  P,  acting  on  the  lever  O,  and  this  weight  is  so  adjusted 
to  the  area  of  the  valve,  that  the  valve  will  open  as  soon  as 
the  tension  of  the  steam  exceeds  a  limited  amount.  The  area  of 
the  valve  is  adjusted  to  the  extent  of  the  heating  surface  of  the 
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boiler,  and  to  the  maximum  tension  at  which  the  boiler  can  be 
worked  with  safety.    It  is  detormined  by  means  of  tho  empirical 


'  \  H  —  0.il3  ' 


in  which  d  is  the  diameter  of  the  valve,  S  the  area  of  the  heating 
rurfacc  of  the  Iwiler,  and  H  the  maximum  tension  of  the  steam. 
It  has  been  found  that  a  valve  witli  tlio  dimensions  given  by  this 


fonnula  will  allow  oil  the  steam  to  escape  wliich  can  be  generated 
liy  the  most  active  fire  ;  but,  for  greater  security,  a  boiler  is  gea- 
crally  provided  with  two  valves  of  tliese  dimensions. 

We  cau  also  limit  tlie  tension  of  the  steam  by  fixing  a  limit  to 
its  temperature.  This  can  be  done  by  closing  a  tubulature 
adapted  to  the  upper  part  of  the  boiler  with  a  plate  made  of 
fusible  alloy,  whose  proportions  have  been  so  adjusted  (272)  tbat 
it  sliall  melt  when  the  steam  attains  tlie  temperature  wbicli  cor- 
responds to  tlio  maximum  tension  which  the  boiler  is  calculated 
to  sustain.  Tliis  plate,  which  is  quite  brittle,  is  held  in  its  place 
by  an  iron  collar,  and  protected  by  an  iron  grating,  wliieh  ena- 
bles it  to  rosi!>t  the  pressure  of  tlte  steam.  The  use  of  these 
plates,  however,  is  liable  to  serious  objections.  They  not  only 
render  tlie  boiler  unserviceable  for  the  time,  if  they  yield,  but, 
moreover,  the  melting-point  of  the  plate  is  liable  to  a  change 
from  tho  cliqiiation  of  the  more  fusible  metal. 

(30ii.)  Dimensions  of  Sleam-Boilers. — As  in  the  last  sec- 
tion t!io  dimensions  of  the  steam-boiler  wore  given  in  French 
measure,  it  may  be  well  to  add  tho  following  English  data,  taken 
from  the  Encyelopiedia  Britannica,  Article  Steam-Er^ne,  pre- 
mising that  by  a  horse-power  is  meanl  a  force  of  that  intensity 
which  will  raise  S3,000  pounds  one  foot  per  minute,  or  nearly 
2,000,000  pounds  one  foot  per  hour. 
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Conditicmfor  each  JTarse-Power.        ?^^1?^      <2?^*»»» 

•^  StandATd.        Boiler. 

Quaatitj  of  water  to  be  evaporated  per  hour  in  cubic  feet,  1  1 

Volume  of  water  in  boiler  in  cubic  feet,         .        •        •  10  or  more. 

Volume  of  steam  in  steam-chamber  in  cubic  feet,       .  10  or  more. 

Area  of  fire-grate  in  square  feet,           ....  1  2 

Area  of  heating  surface  in  square  feet,     •        •        •  15  60  to  70 

Circuit  of  flues  in  linear  feet, 60  150 

jRestdts, 

Bituminous  coal  per  hour  for  each  horse-power,     •         .  10  lbs.    54  lbs. 
Water  evaporated  by  each  pound  of  coal,         .         .  6  "    llf  ** 

Bituminous  coal  consumed  per  hour  for  each  square  foot 

of  grate, 10  «*     2J  " 

(307.)  Watfs  Condensing- Engine.  —  The  steam-engine,  in 
its  present  form,  was  invented,  between  the  years  1763  and  1769, 
by  James  Watt,  originally  a  maker  of  philosophical  instruments 
in  Glasgow.  This  invention  stands  without  a  parallel  in  the 
history  of  the  mechanic  arts.  Perfect  almost  from  its  first  con- 
ception even  in  its  minutest  details,  it  has  since  received  no 
improvement  involving  a  single  principle  unknown  to  Watt.  It 
is  true  that  we  have  machines  at  the  present  day  which,  not 
only  in  magnitude,  but  also  in  the  perfection  of  the  mechanical 
details,  and  in  the  beauty  and  simplicity  of  tlie  combination  of 
the  several  parts,  far  exceed  any  Watt  ever  saw ;  but  all  these 
improvements  have  been  only  the  necessary  development  of  his 
first  conception. 

Most  of  the  parts  of  the  condensing-engine  are  shown  in  Fig. 
441,  which,  although  necessarily  imperfect  in  its  details,  will 
serve  to  illustrate  the  relation  of  the  parts.  The  most  essential 
part  of  the  machine  is  the  large  cast-iron  cylinder  (shown  on  the 
left-hand  side  of  the  cut),  within  which  moves  the  piston  P. 
The  interior  of  this  cylinder  is  turned  on  a  lathe,  so  as  to  be 
perfectly  true,  and  the  sides  of  the  piston  are  made  elastic  by 
what  is  termed  the  packings  which  prevents  any  leakage  of  tlie 
steam  around  the  edge.  The  surfaces  of  this  piston  receive 
directly  the  pressure  of  the  steam ;  and  it  is  therefore  to  be  re- 
garded as  the  point  of  application  of  the  expansive  force,  and 
the  origin  of  the  motion  of  the  engine.  The  steam  generated 
in  the  boiler  just  described,  and  conveyed  to  the  machine  through 
the  steam-pipe,  is  first  received  into  the  valve-chest  b  through  the 
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aperture  o,  and  from  tins  it  is  admitted  alternately  into  the  top 
and  bottom  of  tlie  cylinder  by  a  slidiag-valve,  which  is  moved  by 
the  mdbm,  passing  tlirough  a  packing-box  on  top  of  the  valve-chest 


The  same  valve  also  opens  and  closes  the  vent-hole  a,  by  which 
the  steam,  after  having  done  its  work  in  moving  the  piston,  is 
discharged  alternately  from  either  end  of  the  cylinder  through 
the  eduction-pipe  U.  When  the  valve  is  in  the  position  repre- 
sented in  Fig.  441,  the  steam  has  free  access  to  the  upper  part  of 
the  cylinder,  and  presses  on  the  top  of  the  piston,  while  from  the 
space  below  the  piston  a  vent  is  opened  through  the  tube  a  V. 
Consequently  the  piston  falls ;  but  when  it  reaches  the  bottom  of 
the  cylinder,  the  position  of  the  valve  is  suddenly  changed  to  that 
represented  in  Fig.  442,  and  a  connection  is  opened  between  the 
upper  part  of  the  cylinder  and  tlie  eduction-^ipe,  while  at  the 
same  time  the  steam  is  admitted  below  the  piston,  whose  motion 
is  tJiuB  reversed.     When  the  piston  roaches  tlte  top  of  the  cylin- 


der,  the  position  of  the  Tftlve  is  again  changed ;  and  thus  continu- 
ously, 60  that  a  reciprocating  motion  is.  the  result.  This  motion 
is  communicated  bj  the  piston'rod  A,  which  passes  steam-tight 


through  the  packing-box  d,  on  the  head  of  the  cylinder,  to  one 
arm  of  the  largo  lever  L,  called  the  beam,  and  by  the  beam  it  ia 
further  transmitted  through  the  connecting-rod  I  to  the  crank  K, 
which  turns  the  shaft  of  the  engine,  and  gives  motion  to  the  ma- 
chinery  connected  with  it. 

Fly-  Wheel.  — When  the  piston  is  at  the  top  of  the  cylinder,  the 
crank  is  in  its  lowest  position ;  and,  on  the  other  hand,  when  the 
piston  is  at  the  bottom  of  the  cylinder,  the  crank  is  in  its  highest 
position.  In  either  of  these  positions,  called  the  dead  points,  it 
is  obvious  that  the  pressure  of  the  steam  can  communicate  no 
motion  to  the  crank,  and  the  machine  would  come  to  rest  were  it 
not  for  the  large  iron  wheel  V,  called  tlie  fiy-wheel,  which  is 
attached  to  the  shaft  and  revolves  with  it.  This  wheel,  which 
has  a  large  mass  of  matter  in  its  rim,  having  once  received  a 
certain  velocity  of  rotation  on  its  axis,  carries  by  its  inertia  the 
crank  and  piston  through  the  dead  points,  and  brings  them  into 
a  position  in  which  tlie  power  becomes  effective. 
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The  fly-wheel,  moreoTer,  equalizes  the  motion  of  the  machine, 
and  gives  a  uniformitj  to  its  action  it  could  not  otherwise  liave, 
owing  to  the  unequal  leverage  at  which  the  oonnecting«rod  acts 
on  the  crank  in  its  different  positions.  Then,  again,  the  uni* 
form  rotation  of  the  wheel  acts  back  upon  the  piston  through 
the  crank  with  the  happiest  effect,  bringing  the  piston  slowly  to 
rest  at  the  end  of  each  stroke,  and  thus  preventing  the  jar  which 
would  result  from  a  sudden  change  in  tiie  direction  of  the  mo- 
tion. Indeed,  this  whole  combination  is  one  of  the  happiest 
results  of  mechanics,  and  will  repay  the  most  careful  study.  A 
fly-wheel  is  only  essential  in  a  stationary  engine.  lu  the  en^e 
of  a  steamboat  or  a  locomotive,  the  same  effect  is  produced  by 
the  momentum  of  the  moving  mass. 

Parallel  Motion. — The  system  of  jointed  rods  CD  JS?  (Fig.  441), 
by  which  the  piston-rod  is  connected  with  the  beam,  called  the 
parallel  motion^  is  an  ingenious  invention  of  Watt  to  prevent  any 
lateral  strain  on  the  former.  Since  the  end  of  the  piston-rod  must 
move  in  a  vertical  line,  while  the  end  of  the  beam  describes  the  arc 
of  a  circle  coinciding  with  this  line  only  at  one  point,  it  is  easy 
to  see  that  they  could  not  be  directly  jointed  together ;  and  it 
can  also  be  readily  shown,  by  the  principle  of  the  composition  of 
forces,  that,  if  they  were  connected  by  the  rod  D  alone,  a  lateral 
strain  would  be  exerted  on  the  piston-rod  which  would  soon  de- 
range the  machinery*  By  means  of  the  system  of  rods  repre* 
sented  in  the  figure,  the  end  of  the  piston-rod  is  suffered  to 
move  in  a  vertical  direction,  and  the  lateral  force  resulting  from 
the  decomposition  of  tlie  motion,  in  its  transmission  to  tlie  beam, 
is  balanced  by  the  resistance  of  the  rods  C  and  £,  called  radius 
bars  J  which  are  connected  by  joints  to  the  frame  of  Uie  engine. 

The  parallel  motion  of  Watt  does  not  completely  answer  its 
object,  that  is,  it  does  not  cause  the  end  of  the  piston-rod  to  move 
in  an  absolutely  straight  line ;  and  when  the  stroke  of  the  piston 
bears  a  large  proportion  to  the  length  of  the  beam,  the  deviation 
from  a  straight  line  becomes  of  practical  importance.  Hence, 
a  large  number  of  other  parallel  motions  which  have  been  in- 
vented to  remedy  this  defect.  One  of  the  simplest  contrivances 
for  the  purpose,  and  the  one  generally  used  in  this  country, 
consists  in  directing  the  motion  of  the  piston-rod  by  a  cross-piece 
sliding  in  vertical  grooves,  which  are  kept  in  their  place  by  a 
stiff  frame-work. 
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The  Eccentric. —  It  has  already  been  shown  that  the  conneo- 
tions  between  the  ends  of  the  cylinder  and  the  boiler  or  vent- 
tube  may  be  alternately  opened  and  closed  by  a  sliding  motion 
given  to  the  valve  ;  it  now  remains  to  show  how  this  motion 
is  obtained  automatically.  A  wheel  (JB?,  Fig.  442),  called  the 
eccentric^  is  so  attached  to  the  main  shaft  of  the  engine  that  its 
centre  does  not  coincide  with  the  axis  of  rotation.  This  eccen- 
tric revolves  witliin  a  metallic  ring,  C,  and  imparts  to  it  a  back- 
ward and  forward  motion,  which  is  transmitted  by  the  arm  Z  Z 
to  a  bent  leve;ry  Soyy  and  by  that  to  the  rods  d  and  b^  which  act 
directly  on  the  valve.  The  extent  of  the  motion  of  the  valve 
is  easily  regulated  by  the  length  of  the  arms  of  the  lever,  and 
the  moment  at  which  it  begins  to  move  in  either  direction  is 
determined  by  the  position  of  the  eccentric  on  the  shaft.  In 
starting  the  engine,  or  in  reversing  its  motion,  the  valves  arc 
moved  by  hand,  and  there  is  always  a  handle  connected  with  the 
lever  Soy  for  the  purpose.  It  is  not  until  after  the  fly-wheel 
has  acquired  a  certain  momentum,  that  the  arm  Z  Z  of  the 
eccentric  is  geared  on  to  the  lever  at  S.  In  order  to  stop  the 
engine,  the  arm  is  ungeared  and  the  motion  of  the  valves  regu- 
lated, as  before,  by  hand.  There  is  no  part  of  the  steam-engine 
on  which  more  ingenuity  has  been  shown  than  on  the  valves,  and 
the  automatic  machinery  for  opening  and  closing  them.  The  form 
of  the  valve  represented  in  the  above  figures  is  the  simplest,  and 
is  very  generally  used  in  small  engines ;  but  in  large  engines 
there  are  frequently  four  separate  valves,  which  are  opiened  and 
closed  independently. 

The  Condenser.  —  If  the  eduction-pipe  U  (Fig.  441)  opened  di- 
rectly into  the  atmosphere,  the  engine  would  work  perfectly  well 
with  only  the  parts  which  have  been  now  described ;  only  there 
would  be  a  loss  of  power :  for  a  portion  of  the  expansive  force  of 
steam  would  be  expended  in  overcoming  the  pressure  of  the  air. 
Watt  avoided  a  part  of  this  loss  by  an  application  of  the  well- 
known  law  (287),  that  the  tension  of  any  vapor  in  vessels  comr 
municating  with  each  other  is  always  that  wUch  corresponds  to 
the  temperature  of  the  coldest  vessel.  He  connected  the  eduo- 
tion-tube  of  his  engine  with  a  larged  closed  iron  box  ( O,  Fig. 
441),  called  the  condenser y  so  that  whenever  by  the  motion  of 
the  valve  the  orifice  of  the  edaction-tube  is  opened,  the  waato 
steam  rushes  at  once  into  the  cold  vessel,  leaving  a  partial 
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yacuum  in  the  cylinder,  against  which  the  fresh  steam  acts  with 
nearly  its  full  force. 

The  gain,  however,  thus  obtained  is  not  so  great  as  it  would 
at  first  sight  seem,  since  a  portion  of  the  power  thus  realized  is 
expended  in  working  the  pumps  connected  with  the  condenser. 
In  order  to  produce  a  sudden  condensation  of  the  steam,  it  is 
necessary  to  discharge  into  the  condenser  a  constant  stream  of 
water.  This  water,  forced  in  by  the  atmospheric  pressure  through 
the  pipe  T  (Fig.  441),  which  ends  in  what  is  termed  a  rose^  is 
showered  in  fine  jets  through  the  chamber.  The  amount  of  water 
which  it  is  thus  necessary  to  introduce  is  at  least  twenty  times  as 
great  as  the  weight  of  steam  condensed,  and  would  soon  fill  the 
condenser.  Hence  the  necessity  of  the  pump  ilf,  worked  from 
the  beam  of  the  engine,  by  which  both  the  hot  water  and  any 
air  that  may  be  mixed  with  it  are  rapidly  removed,  and  the 
water  discharged  into  the  hot  well  N.  The  piston  of  this  pump, 
called  the  air-pump^  has  generally  about  one  half  of  the  area  and 
one  half  o£  the  stroke  of  the  large  piston,  and  the  general  ar- 
rangement of  its  valves  may  be  seen  in  Fig.  443.  The  condenser 
is  usually  entirely  immei*sed  in  a  tank  of  water,  called  the  cold 
welly  which  is  fed,  when  possible,  by  an  aqueduct,  or  otherwise 
by  a  suction-pump,  as  R^  Fig.  441,  worked  by  a  rod  attached 
to  the  beam  of  the  engine,  and  drawing  its  water  from  some 
neighboring  well.  Still  a  third  pump  is  frequently  attached  to 
the  beam,  which  draws  water  from  the  hot  well  and  forces  it  into 
the  boiler.  The  supply  of  water  to  the  condenser  is  regulated 
by  a  valve  so  placed  as  to  be  at  the  command  of  the  engineer, 
and  before  stopping  the  machine  it  is  necessary  to  close  this 
valve. 

The  machine  which  has  just  been  described  may  be  regarded 
as  a  representative  steam-engine.  The  student  must  not  expect 
to  find  the  parts  of  an  actual  working  engine  as  simple,  or  com- 
bined in  the  same  way,  as  those  represented  in  Fig.  441 ;  but 
having  once  become  familiar  with  the  parts,  as  they  are  shown  in 
this  figure,  he  will  be  able  readily  to  recognize  them  in  a  work- 
ing engine,  and  to  trace  out  the  connection  of  their  motions. 

(308.)  Sififfle-actinff  Steam-Engine. — When  the  steam-engine 
is  used  for  pumping  water,  which  was  at  first  its  only  practical 
application,  its  force  is  required  only  in  raising  the  pump-rods 
with  their  load  of  water,  their  own  weight  being  more  than 
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Bofficient  for  their  desoeat.  If  tlie  piston  and  pump  rods  are 
attached  to  opposite  ends  of  a  working^beam,  the  force  of  the 
steam  b  only  required  in  pressing  the  piston  down ;  and  there  is, 


tiierefore,  no  necessity  of  admitting  the  steam  to  the  bottom  of 
the  cylinder.  Eugines  constructed  for  this  purpose,  in  v^iich  the 
steam  acts  only  on  one  side  of  the  piston,  are  called  single-acting 
engines,  to  distinguish  them  from  the  double-acting  engines  de- 
scribed in  the  last  section.  They  are  generally  used  for  pumping 
■»ater  from  mines,  and  are  frequently  called  Cornish  endues, 
because  they  were  brought  to  perfection  in  the  mining  district  of 
Cornwall,  in  England.  A  representation  of  one  of  Uiese  engines 
is  given  in  Fig.  443. 

The  steam  from  the  boiler  enters  the  valre-chest  by  the  tube 
T.  A  rod,  d,  passing  through  a  packingJx)X  in  the  top  of  tlie 
valve-chest,  moves  three  valves,  m,  n,  o.  The  valves  m  and  o 
open  upward,  while  the  valve  n  opens  downward.  When  the 
valves  are  in  the  position  represented  in  the  figure,  m  and  o  open 
and  n  closed,  the  steam  from  the  boiler  exerts  its  full  effect  on 
tiie  upper  surface  of  the  piston,  and  presses  it  down ;  hut  just 
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before  the  piston  reaches  the  lowest  point  of  its  course,  a  projeo 
Uon,  6,  on  the  rod  Fy  moved  by  tlie  beam,  strikes  the  arm  of  a 
bent  lever^  dck,  which,  acting  on  the  Talve  rod  at  d^  causes  it  to 
descend,  thus  closing  the  valves  m,  o,  and  opening  the  valve  it, 
called  the  equilibrium  valve.  All  connection  between  the  cylin- 
der and  either  the  boiler  or  condenser  is  now  closed ;  but  the  two 
ends  of  the  cylinder  freely  communicating  together,  the  piston  is 
raised  by  the  weight  of  the  pump-rod  Q,  while  the  steam  passes 
from  the  top  to  the  bottom  of  the  cylinder  through  the  tube  C 
As  the  piston  now  reaches  the  top  of  the  cylinder,  a  second  pro- 
jection, a,  on  the  rod  i^,  strikes  the  end  of  the  bent  lever  and 
restores  the  valves  to  their  first  position ;  then  the  piston  descends 
as  before,  and  so  continuously.  Parallel  motion  is  obtained  in 
these  engines  by  the  very  simple  arrangement  represented  in  the 
figure,  and  the  condenser  is  the  same  as  that  described  in  the  last 
section.  The  efficiency  of  these  engines  is  estimated  by  the 
number  of  pounds  of  water  which  they  are  capable  of  elevating 
one  foot  by  the  combustion  of  one  bushel  of  coal.  This  number 
is  termed  the  duty  of  the  engine.  By  a  careful  construction 
and  management  of  the  engine  and  boiler,  this  duty  has  been 
raised  as  high  as  125,000,000  pounds. 

(309.)  The  Nothcondensing  Engine. — This  form  of  the  steam- 
engine  differs  from  those  just  described  only  in  this,  that  it  has 
uo  condenser,  and  the  steam  is  vented  from  the  cylinder  directly 
into  the  atmosphere.  Although,  for  the  reasons  already  stated,  it 
cannot  be  worked  so  economically  as  the  condensing  engine,  it 
has  the  advantage  of  greater  simplicity  and  compactness,  and  its 
first  cost  is  much  less  than  tlmt  of  its  more  cumbrous  rival.  It 
is  therefore  frequently  preferred  when  these  considerations  are  of 
more  importance  than  the  saving  of  a  few  tons  of  coal.  There  is 
nothing  peculiar  in  the  construction  of  this  form  of  engine,  and 
vcither  of  the  machines  just  described  might  be  converted  into  a 
non-condensing  engine  by  simply  cutting  off  the  eduction-tube 
and  disconnecting  the  pump-rods  from  the  beam.  Of  this  class 
the  most  important  is  the  locomotive  engine  (Fig.  444),  and 
we  have  selected  it  as  an  example.  The  construction  of  the 
boiler  of  a  locomotive  has  already  been  described  ;  and  since 
we  are  now  acquainted  with  the  construction  of  the  single  parts 
of  a  steam-engine,  it  will  only  be  necessary  to  point  them  out 
in  the  figure. 


X  X  is  the  maia  bod^  of  the  boiler ;  D,  the  lower  part  of  the 
fire-box ;  Y,  the  Emoke-boz ;  o,  the  brafs  tubes  cooaectiag  the 
two  i  O,  the  fire-door,  hj  vhicb  the  fuel  is  introduood ;  m,  the 


water-^uge,  indicating  the  lerel  of  the  irater  in  tlie  boiler; 
H,  the  ventcoclc,  by  which  tlie  water  can  be  discharged  ttom  the 
boiler ;  R,  K,  the  feeders  which  conduct  water  from  the  tender 
to  two  force-pumps  (not  shown  in  tlie  drawing),  hy  which  it  is 


680  CHEUICAL  PHYSICS. 

forced  into  the  boiler ;  Z  Z,  the  dome  of  the  boiler ;  t ,  the  safbty- 
Talves,  which  are  held  in  place  by  spiral  springs  enclosed  in  tho 
cases  e;  gj  the  steam-whistle  ;  /,  the  yalTC  opening  into  tbe 
steam-pipe ;  O^  a  rod  which  controls  the  motion  of  the  TalTe. 
In  the  drawing,  the  engineer  holds  in  his  hand  the  lever  by  whieh 
this  rod  is  turned  and  the  valve  opened  more  or  less,  as  cir- 
cumstances may  require  ;  a  graduated  arc,  over  which  the  lever 
moves,  enables  him  to  adjust  the  valve  to  any  position,  and  thus 
to  regulate  the  speed  of  tlie  engine.  A  is  the  steam-tube,  which 
conducts  the  steam  from  the  top  of  the  dome  to  the  two  cylin* 
ders;  this  tube  passes  through  the  boiler  into  the  smoke-box, 
where  it  branches,  as  shown  by  dotted  lines  in  the  figure ;  by 
this  arrangement  any  condensation  of  the  steam,  while  passing 
through  the  pipe,  is  prevented.  F  is  one  of  the  cylinders ;  there 
is  another  on  the  other  side  of  the  smoke-box ;  the  steam  is 
admitted  into  the  ends  of  these  cylinders  and  discharged  from 
them,  by  means  of  sliding  valves  worked  by  eccentrics  on  the  axle 
of  the  driving-wheels ;  there  are  generally  two  sets  of  these  ec- 
centrics placed  in  opposite  positions  on  the  axle,  one  set  for  the 
forward  and  the  other  for  the  backward  motion  of  the  locomotive, 
and  so  arranged  that  they  can  be  thrown  out  of  gear  or  brought 
into  action  at  the  pleasure  of  the  engineer.  All  this  part  of  the 
machinery,  however,  being  beneath  the  boiler,  is  not  visible  in 
the  drawing.  E  is  the  eduction-tube,  by  which  the  steam  is 
discharged  from  the  cylinder  into  the  smoke-pipe  Q;  t,t  are  stop- 
cocks, by  which  any  water  condensed  in  the  cylinders  may  be 
vented  ;  P  is  the  piston  ;  F,  the  packing-box,  through  which 
passes  the  piston-rod  ;  r  r  are  guides,  corresponding  to  the  par- 
allel  motion  of  the  stationary  engine,  by  which  the  piston-rod  is 
forced  to  move  in  a  straight  line,  and  any  lateral  strain  pre- 
vented ;  and,  finally,  K  is  the  connecting-rod,  by  which  the 
motion  of  the  piston  is  communicated  to  the  crank  M  on  the 
axle  of  the  large  driving-wheels.  In  starting  the  locomotive,  as 
in  the  other  forms  of  the  steam-engine,  the  valves  must  be  moved 
by  hand ;  a  lever,  communicating  with  the  valves  by  means  of 
connecting-rods,  marked  B  and  C  in  the  figure,  is  always  pro- 
vided for  this  purpose  near  the  front  of  the  engine.  It  is  only 
when  the  train  is  in  motion,  and  its  momentum  sufficient  to 
Regulate  the  movements  of  the  machine,  that  the  eccentrics  are 
thrown  into  gear. 
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(310.)  Mechanical  Power  of  Steam*  —  We  can  easily  calcu* 
late  the  mechanical  power  generated  by  the  conTersion  of  water 
into  steam  from  the  known  increase  of  volume  *  which  accompa- 
nies this  change.  For  this  purpose,  let  us  assume  that  we  have 
a  tall  cylindrical  vessel,  open  at  the  top,  the  area  of  wliose  base 
is  one  square  decimetre.  Let  us  further  assume  that  the  cylinder 
is  filled  with  water  at  4**  to  the  depth  of  one  decimetre,  and  con- 
tains, therefore,  one  litre  or  one  kilogramme  of  the  liquid  ;  and, 
lastly,  let  us  assume  that  a  piston  without  weight,  and  moving 
steam-tight  without  friction  in  the  cylinder,  rests  on  the  surface 
of  the  water.  It  now  we  raise  the  temperature  of  this  cylinder 
to  100^,  and  furnish  it  with  a  constant  supply  of  heat,  tlie  water 
will  change  into  steam,  occupying  1,698.5  times  its  former  vol- 
ume, and  having  a  tension  of  76  c.  m.,  or  one  atmosphere ; 
which  will  therefore  raise  the  piston  1,697.5  decimetres  under  the 
atmospheric  pressure,  that  is,  will  raise  108.38  kilogrammes  to 
the  height  of  169.75  metres.  The  mechanical  power  thus  exerted 
is,  tlien,  equal  to  17,540  kilogramme-metres  (compare  288).  If 
we  raise  tlie  temperature  to  120^.6,  and  furnish  a  constant  supply 
of  heat,  as  before,  the  water  will  change  into  steam  occupying 
896.22  times  its  former  volume,  and  having  a  tension  of  two 
atmospheres.  It  will,  therefore,  raise  the  piston  895.22  decime- 
tres under  the  pressure  of  the  air,  when  loaded  with  an  additional 
weight  of  108.88  kilogrammes,  thus  exerting  a  mechanical  power 
of  206.66  X  89.522  as  18,501  kilogramme-metres.  In  like  man- 
ner, the  other  values  given  in  the  fourth  column  of  the  following 
table  may  be  easily  calculated :  — 


tnraoT 
BtMin. 

TffDtloil 

in  AtoMH- 

pbMM. 

VolulM  of 

1  KIlofminiM 
laUtrw. 

Power  la 

KHogruDOM* 

meiTM. 

Tote]  Heat 
abmrbedin 
XTapontkm. 

POWei  iTOBft 

1  Heat  Unit  la 
KilogMnetiw. 

ioo!o 

1 

1,698.5 

17,540 

637.0 

27.53 

120.6 

2 

896.22 

18,501 

643.3 

28.76 

144.0 

4 

474.81 

19,583 

650.4 

30.11 

170.8 

8 

252.67 

20,804 

658.6 

31.59 

By  comparing  the  conditions  assumed  above  with  those  in  an 
actual  steam-engine,  it  will  be  seen  that  the  power  given  in  the 

*  The  Tolnme  of  tlie  iteain,  at  conipftred  with  that  of  ao  equal  weight  of  water  at 
4^,  can  always  he  obtained  by  dividing  the  weisrht  of  one  cnbic  metre  of  water  at  4^ 
(one  million  grammes)  by  the  weight  of  one  cubic  metre  of  steam  as  given  in  the  table 
on  page  571. 
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aboTe  table  is  the  greatest  possible  power  wliich  can  be  obtained 
bj  the  conversion  into  steam  of  one  kilogramme  of  water  at  the 
different  temperatures ;  provided,  as  we  assumed  in  the  descr^)* 
tion  of  the  steam-engine  (307) ,  that  the  tension  of  the  steam 
does  not  change  from  the  time  it  leaves  the  boiler  imtil  it  is  dis- 
chained  into  the  condenser,  and  provided,  also,  that  tlio  steam 
acts  against  a  perfect  vacuum.  These  conditions  are  never  fully 
realized  in  practice,  so  tliat  even  with  the  best  regulated  mar 
chines  we  only  obtain  from  one  half  to  two  tliirds  of  the  theo- 
retical effect. 

The  total  number  of  units  of  heat  required  to  change  one 
kilogramme  of  water  into  steam  of  one,  two,  four,  and  eight 
atmospheres'  pressure,  as  calculated  by  [202],  is  given  in  the 
fifth  column  of  the  above  table,  and  the  sixth  column  shows  the 
power  obtained  in  each  case  by  the  expenditure  of  one  unit  of 
heat.  It  will  be  noticed  that  the  power  is  nearly  the  same  in 
all  cases,  and  hence  it  follows,  apparently,  that  no  important  gain 
is  obtained  by  the  use  of  steam  of  high  tension.  There  is,  how- 
ever, a  mode  of  working  the  steam-engine  in  which  the  gain  tlius 
effected  is  very  great. 

Let  us  suppose  that  the  boiler  is  supplying  steam  of  four  atmos- 
pheres, which,  as  the  table  shows,  it  can  supply  at  only  a  little 
greater  expenditure  of  heat  (in  other  words,  of  fuel)  than  steam 
of  one  atmosphera  pressure.  If  the  engine  were  worked  with 
steam  of  one  atmosphere  pressure  under  the  conditions  described 
above,  each  volume  of  steam  equivalent  to  the  capacity  of  the 
cylinder,  and  weighing,  as  we  will  suppose,  oiie  kilogramme,  will 
do  the  work  of  raising  103.83  kilogrammes  through  a  height 
equal  to  the  length  of  the  stroke  of  tiie  piston.  Speaking  ap- 
proximatively,  the  same  weight  of  steam  of  four  atmospheres' 
tension  will  do  an  equivalent  work  during  the  first  quarter  of  tlie 
stroke  ;  for  it  will  raise  four  times  103.33  kilogrammes  through 
one  fourth  of  the  previous  height.  Suppose,  now,  that  the  con- 
nection between  the  cylinder  and  the  boiler  is  closed  at  this  point, 
it  is  evident  that  the  steam  will  continue  to  exert  an  expansive 
force,  although  a  force  lessening  gradually  as  the  capacity  of  the 
cylinder  increases.  When  the  piston  has  been  raised  through 
one  half  of  the  stroke,  the  volume  of  the  kilogramme  of  steam 
will  have  doubled,  and  its  tension  have  been  reduced  to  two  at- 
mospheres ;  when  it  has  achieved  three  fourths  of  the  stroke,  the 
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Toltime  will  have  trebled,  and  the  tension  have  been  reduced  to 
li  atmospheres ;  and  even  at  the  end  of  the  stroke,  when  the  vol- 
ume has  quadrupled,  the  pressure  will  still  be  one  atmosphere. 
Here,  then,  is  a  very  large  gain  of  power  without  anj  additional 
expenditure  of  fuel.  In  practice,  these  conditions  are  realized 
by  closing  the  valve  admitting  steam  into  the  cylinder  after  a 
certain  fraction  of  the  stroke,  by  means  of  various  forms  of  au- 
tomatic machinery,  called  cut-offs.  The  actual  theoretical  advan- 
tage gained  in  any  case  can  readily  be  calculated.  It  is  evidently 
the  greater,  the  higher  the  tension  of  the  steam  in  the  boiler  and 
the  sooner  it  is  cut  off  after  tlie  beginning  of  the  stroke  In  no 
case,  however,  is  the  total  practical  effect  as  great  as  the  theoret- 
ical power  given  in  the  table  on  page  631.  When  thus  worked, 
the  engine  is  said  to  be  worked  expansively. 

We  are  far  from  obtaining  with  the  steam-engine  the  full  me- 
chanical equivalent  of  heat,  even  when  working  under  the  most 
favorable  circumstances  It  will  be  remembered,  that,  according 
to  Joule's  experiments  (238),  one  unit  of  heat  is  capable  of  gen- 
erating a  power  equal  to  428  kilogramme-metres,  which  is  13.4 
times  greater  than  31.59  kilogramme-metres,  the  greatest  pos- 
sible effect  which  could  be  obtained  with  the  steam-engine  when 
not  worked  expansively,  even  under  a  pressure  of  eight  atmos- 
pheres. Considering,  then,  that  we  do  not  realize,  even  under 
the  best  circumstances,  much  more  than  one  half  of  this  theoreti- 
cal effect,  it  will  be  seen  that  we  actually  obtain  with  the  steam- 
engine  only  about  one  twentieth  of  the  power  which  the  fuel  is 
capable  of  yielding.  To  find  a  more  economical  means  than  this 
of  converting  heat  into  mechanical  effect,  is  one  of  tlie  great  prob- 
lems of  the  present  age. 

(311.)  Low  and  Hi^h  Pressure  Engines,  —  As  the  tension  of 
the  steam  used  in  non-condensing  engines  (309)  is  necessarily 
greater  than  the  pressure  of  the  air,  they  are  frequently  called 
high-'pressure  engines,  while  the  condensing  engines  are  known 
as  loW'pressvre  engines.  These  terms,  however,  do  not  correctly 
express  their  nature,  since,  although  the  non-condensing  engine 
must  necessarily  be  worked  at  a  high  pressure,  yet,  as  we  have 
just  seen,  a  great  advantage  is  gained  by  working  the  condensmg 
engine  under  a  similar  pressure  ;  and,  in  fact,  the  so-called  low- 
pressure  engines  are  frequently  worked  under  as  great  a  head  of 
steam  as  the  high-pressure  engines. 
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PBOBLEUS. 

HetU  of  FuMum, 

352.  Three  kilogrammes  of  ice  at  0^  are  mixed  with  10  kilogrammes 
of  water  at  100^.  Required  the  temperature  of  the  mixture  after  the  ioe 
is  melted. 

353.  How  much  ice  at  0^  must  be  added  to  200  kilogrammes  of  water 
at  1 6^  in  order  to  reduce  its  temperature  to  10^  ? 

354.  Solve  the  same  problem,  substituting  letters  for  the  numbers. 

355.  How  much  ice  at  0^  is  required  to  cool  10  kilogrammes  of  mer- 
cury from  100<*toO°? 

356.  A  mass  of  tin  weighing  55  granmies  and  heated  to  100^  was  en- 
closed in  a  cavity  made  in  a  block  of  ioe.  Required  the  amount  of  ioe 
melted. 

357.  Eight  kilogrammes  of  ice  at  0^  were  mixed  with  35  kilogrammes 
of  water  at  59^  ;  after  the  ice  had  melted,  the  temperature  of  the  water 
was  33°.3.     Required  the  heat  of  fusion  of  ice. 

358.  In  order  to  determine  the  heat  of  fusion  of  lead,  200  grammes  of 
melted  lead  at  the  melting-point  were  poured  into  1,850  grammes  of  water 
at  10^.  After  the  lead  had  cooled,  the  water  was  found  to  have  acquired 
a  temperature  of  11^.64.  .  Required  the  heat  of  fusion  of  the  metaL 

Tension  of  Vapors. 

359.  Before  filling  a  barometer  with  mercury,  a  small  quantity  of  water 
was  poured  into  the  tube.  How  high  will  the  mercury  stand  in  the  ba- 
rometer when  the  temperature  is  20^  and  the  pressure  of  the  air  77  c.  m.  ? 
Solve  the  same  problem,  assuming  that  alcohol  was  used  instead  of  water. 

360.  Determine  the  height  of  the  mercury-column  in  a  barometer-tube 
whose  walls  are  moistened  with  water  at  the  temperatures  and  pressures 
indicated  below :  — 


1. 

n  =  76.22  cm.    «  «  200. 

4. 

n  -  77.20  c  m. 

«-    SOO. 

8. 

^«  75.11     "       «»40«. 

5. 

ir»  76.54    " 

t=-    60O. 

3. 

U  =  74.56     "       t  =  lOO. 

6. 

ir«  78.10    " 

t«  lOOO. 

361.  Solve  the  last  problem,  assuming,  first,  that  chloroform,  and,  sec- 
ondly, that  oil  of  turpentine,  were  used  instead  of  water. 

362.  Calculate  by  [199]  the  tension  of  the  vapor  of  water  at  the 
following  temperatures  :  —10*^.24,  15^45,  40^25,  60*^.58,  150°.5,  and 
220^85. 

363.  Determine  the  tension  of  the  vapors  of  alcohol,  of  ether,  and  of 
chloroform  at  the  following  temperatures,  assuming  that  the  principle  of 
page  582  is  correct :  20M2,  15*'.64,  10*».22,  and  5M2. 

364.  Determine  the  boiling-point  of  water  under  the  following 
Bures :  74.24  c.  m.,  55.54  c  m.,  34.20  c  m.,  10.50  c.  m.,  and  5  c.  m. 
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865.  Determine  the  boiling-points  of  alcohol  under  the  following 
pressures :  4.40  c  m. ;  163.5  c.  ql  ;  725.78  c  m. 

366.  A  cjlindrical  vessel  at  the  temperature  of  120^6  is  filled  with 
vapor  of  water  having  a  tension  of  100  c  m.  What  will  be  the  tension 
of  the  vapor  if  its  volume  is  reduced  to  one  half  by  pushing  down  the 
piston  ?     What  wiU  be  the  tension  of  the  vapor  if  its  volume  is  doubled  ? 

367.  A  glass  vessel  is  filled  with  drj  steam  which  at  the  temperature 
of  100^  has  a  tension  of  54.22  c  m.  To  what  temperature  must  the  ves- 
sel be  cooled  before  the  steam  begins  to  condense  ?  What  will  be  the  ten- 
sion of  the  steam,  if  the  vessel  is  heated  to  200^? 

368.  In  a  strong  iron  vessel,  whose  capacity  equals  5,000  c.  m.',  15.24 
grammes  of  water  are  hermetically  sealed.  Required  the  teuhion  of  the 
vapor  in  the  interior  of  the  vessel  at  the  following  temperatures  :  50°, 
100°,  160°,  180^  and  250°. 

Latent  Heat  of  Vapors. 

369.  How  much  free  steam  must  be  condensed  in  order  to  raise  the 
temperature  of  20  kilogrammes  of  water  from  0°  to  90°  ?  How  much  to 
raise  the  temperature  of  246  kilogrammes  of  water  from  13°  to  28"^? 

370.  How  much  vapor  of  alcohol  mui^t  be  condensed  in  order  to  raise 
the  temperature  of  5  kilogrammes  of  alcohol  from  15^  to  30°  ? 

371.  Twenty-five  kilogrammes  of  free  steam  condensed  in  a  mass  of 
water  raised  its  temperature  from  4°  to  61°.4.  Required  the  volume  of 
the  water  before  and  after  the  condensation. 

372.  How  many  kilogrammes  of  ice  at  0°  would  be  required  to  con- 
dense 25  kilogrammes  of  free  steam,  and  reduce  the  temperature  of  the 
water  formed  to  0°. 

373.  Calculate  the  latent  heat  of  steam  at  the  following  temperatures : 
25°,  32°,  112°,  175°,  198°,  and   222°. 

374.  Calculate  how  much  heat  is  required  to  convert  one  litre  of  water 
at  15°  into  steam  at  its  maximum  tension  at  130°. 

375.  How  much  heat  would  be  evolved  by  the  condenpation  of  one 
cubic  metre  of  steam  of  140°  at  its  maximum  tension  into  water  at  20°  ? 

SUam'Engine. 

376.  How  much  mechanical  force  is  generated  by  the  conversion  of  25 
kilogrammes  of  water  at  0^  into  steam  at  140^,  and  how  much  heat  is 
required  for  the  conversion  ? 

377.  The  piston  of  a  steam-engine  has  a  dinmeter  of  44  c.  m.,  and  it 
moves  1.15  m.  each  second.  Required  the  weight  which  the  machine  can 
raise  to  the  height  of  8  metres  in  one  second,  assuming  that  there  is  no 
resistance,  and  that  the  tension  of  the  steam  is  2.75  atmospheres.  Deter- 
mine, also,  the  quantity  of  heat  required  to  furnish  the  steam  employed  m 
producing  this  effect. 
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HY6R0METRT. 


(812.)  Formation  of  Vapor  in  an  Atmosphere  of  Oas.  —  If 
we  repeat  the  experiment  with  the  vessel  of  one  cubic  metre  ca- 
pacity described  in  (284),  with  only  this  change,  that  it  is  left 
filled  with  air,  we  shall  find  that  the  same  amount  of  aqueous 
vapor  will  be  formed  as  in  a  perfect  vacuum.  For  each  tem- 
perature there  will  be  found  to  exist  simultaneously  in  the  cubic 
metre,  first,  an  atmosphere  of  air ;  secondly,  an  atmosphere  of 
aqueous  vapor,  having  the  weight  and  tension  which  are  given 
in  the  table  on  page  571.  The  only  difference  between  the  cir- 
cumstances attending  the  formation  of  vapor  in  air  or  any  otlier 
gas,  and  in  a  vacuum,  is  in  the  time  required.  The  cubic  vessel, 
when  freed  from  air,  would  be  almost  instantaneously  filled  with 
vapor  of  the  given  tension  and  weight ;  but  in  the  same  vessel 
filled  with  air,  the  vapor  would  attain  its  maximum  tension  and 
density  only  after  several  minutes. 

The  tension  of  the  mixture  of  aqueous  vapor  and  air  is  always 
equal  to  the  sum  of  the  tensions  which  each  would  have  if  it 
filled  the  vessel  separately.  This  tension  can  then  be  found  for 
any  temperature  by  adding  to  the  tension  of  the  air,  as  indicated 
by  a  barometer,  the  tension  of  aqueous  vapor  taken  from  tlie 
table  of  maximum  tensions  opposite  to  the  given  temperature. 
Thus,  if  the  temperature  were  20"^,  and  the  barometer  indicated 
a  tension  of  76  c.  m.,  the  tension  of  the  mixture  of  air  and 
vapor  would  be  equal  to  76  +  1.789  =  77.789,  and  a  barometer 
immersed  in  the  vessel  would  stand  at  that  height. 

If  now  we  suppose  the  vessel  to  be  extensible,  and  exposed  on 
the  outside  to  an  invariable  pressure  of  76  c.  m.,  it  is  evident 
that  it  will  be  expanded  until  the  tension  of  tlie  confined  mixture 
is  reduced  to  the  same  value ;  and  it  is  frequently  a  problem 
of  great  practical  importance  to  determine  what  tlie  increased 
volume  will  be.  In  the  first  place,  it  is  evident  that,  as  tlie  vol- 
ume of  the  vessel  increases,  more  water  will  evaporate,  so  as 
to  keep  the  vapor  at  the  maximum  tension  for  the  temperature. 
Hence,  in  the  expanded  state,  the  tension  of  the  vapor  will  still 
be  1.789  c.  m.  It  is,  therefore,  only  the  air  which  expands,  and 
as  the  tension  of  the  mixtu're  in  its  expanded  state  is  equal  bj 
assumption  to  76  c.  m.,  it  is  evident  that  the  tension  of  the  air 
will  be  equal  to  76  — 1.739  =  74.261  c.  m.    Moreover,  since  tho 
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volume  of  the  air  (which  is,  of  course,  also  the  yoluiue  of  the 
mixture)  must  be  inversely  as  its  tension  in  the  two  conditions^ 
we  have,  by  [200], 

1 :  F'  =  74.261 :  76,        whence        V  =  1.023  i.» 

This  solution  may  easily  be  made  general.  Let  H^  represent 
the  invariable  pressure  to  which  the  gas  is  exposed,  and  i^  the 
tension  of  water  vapor  at  the  given  temperature.  Then,  in  the 
expanded  state,  tlie  tension  of  the  air  is  JE^  —  i^.  We  have, 
by  substituting  these  values  in  [200] ,  V:V*  =:i  H^  —  ^:  H^; 
whence 

(1.)  P  =  '^  jgr^^,     and  (2.)  T—  V  ^-^-     [208.] 

By  means  of  (1)  we  can  always  calculate  the  increased  volume, 
F',  of  a  gas  when  saturated  with  moisture,  if  the  volume  of  the 
dry  gas  is  known ;  and  by  means  of  (2)  we  can  calculate  from  the 
measured  volume  of  the  moist  gas  the  volume,  F,  which  it  would 
have  measured  had  the  gas  been  perfectly  dry.  The  last  problem 
is  one  of  great  importance,  and  generally  presents  itself  in  a  form 
like  that  of  the  following  example. 

A  volume  of  gas  confined  in  a  bell-glass  over  water  measures 
250  cTm.*  when  the  temperature  is  20**  and  the  barometer  76  c.  m. 
What  would  be  the  volume  if  the  gas  were  perfectly  dry  ?  By 
substituting  the  data  given  in  (203.  2)  we  obtain, 

F=  250  ^--~^—  =  244.25  cTm.'.  [204.] 

The  formula  just  employed  gives  in  any  case  the  volume  of  dry 

gas  for  the  temperature  and  pressure  at  which  the  volume  of  the 

moist  gas  was  observed;  only  it  is  necessary  to  remember,  in 

using  the  formula,  that  £!^  represents  the  pressure  to  which  the 

mixture  of  gas  and  vapor  was  exposed  at  the  time  the  volume 

was  measured.    This  can  always  be  ascertained  by  the  method 

described  in  (169).    When  the  volume  of  dry  gas  has  been  in 

this  way  determined  for  any  given  temperature  and  pressure, 

>it  can  easily  be  reduced  to  O"*  and  76  c.  m.  by  means  of  [98] 

and  [184]. 

What  has  been  illustrated  above  in  the  case  of  the  vapor  of 
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water,  is  also  true  of  the  vapors  of  other  liquids.  The  same  quan- 
tity of  liquid  will  evaporate  into  a  cubic  metre,  and  a  vapor  will 
be  formed  of  the  same  tension  and  density,  whether  the  space  be 
empty  or  filled  with  gas ;  the  only  difference  being  that  the  liquid 
will  evaporate  very  much  more  slowly  in  the  last  case  than  in  the 
first.  What  is  true  of  one  liquid  must  also  be  true  of  any  num- 
ber of  liquids  ;  provided  only  that  these  do  not  act  chemically  on 
each  other,  each  of  them  will  evaporate  and  form  a  vapor  of  the 
same  tension  and  density  as  if  the  space  were  a  perfect  vacuum. 
At  least  this  is  true  theoretically,  and  it  would  probably  be  true 
practically  could  we  enclose  the  vapor  within  walls  formed  by  the 
volatile  liquids  themselves.  But  in  the  glass  vessels  with  which 
we  are  obliged  to  experiment,  the  result,  as  above  stated,  is  not 
perfectly  realized.  This  is  apparently  owing  to  an  adhesive  action 
of  the  glass,  by  which  the  tension  of  the  vapor  is  reduced  below 
the  maximum  tension  for  the  temperature.  This  subject  has 
been  carefully  examined  by  Regnault,  and  we  would  refer  to 
his  memoir*  for  further  details. 

The  principles  of  this  section  may  be  summed  up  in  the  two 
following  propositions,  first  enunciated  by  Dalton,  and  therefore 
known  as  the  Law  of  Dalton.  The  last  proposition,  however,  is 
only  a  necessary  consequence  of  the  first. 

1.  The  tension  and  the  amount  of  the  vapor  which  ttnll  salur 
rate  a  given  space  at  a  given  temperature  are  the  sam^y  whether 
the  space  be  completely  empty  or  filled  with  gas. 

2.  The  elastic  force  of  a  mixture  of  gas  and  vapor  is  eqvud  to 
the  sum  of  the  tensions  which  each  would  have  separately. 

This  law  may  be  illustrated  by  means  of  the  apparatus  repre- 
sented in  Fig.  445.  It  consists  of  a  glass  tube,  Ay  closed  at  both 
ends  by  the  iron  stopcocks  b  and  d.  The  lower  stopcock  is  pro- 
vided with  a  side  tubulature,  into  which  the  tube  B  is  cemented, 
and  a  graduated  scale  placed  between  the  tubes  serves  to  meas- 
ure the  relative  heights  of  the  columns  of  mercury  they  conr 
tain.  In  using  this  apparatus,  the  tube  A  is,  in  the  first  placQ, 
about  half  filled  with  dry  air,  or  any  other  gas  from  the  globe  Jf, 
which  can  be  screwed  on  to  the  stopcock  b  in  place  of  the  tunnel 
C.  The  tunnel  C  is  provided  with  a  stopcock  of  a  peculiar 
construction.     The  plug  of  the  cock,  represented  at  n,  is  not 

*  ComptM  BeQdiu,  Tom.  XXXGL  p.  345. 
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pierced,  as  usual,  completely  through,  but  has  simply  a  small 
cavity  on  one  side.  Having  now  actuated  the  quantity  of  mer- 
cury iu  the  apparatus  so  tliat  it  sliall 

stand  at  the  same  height  in  both  tubes,  /""^ 

aud  having  poured  a  quantity  of  liquid 
into  the  tunnel,  wo  open  the  cock  6 
and  turn  the  plug  of  the  cock  a  so 
that  the  liquid  may  be  introduced 
drop  by  drop  into  the  tube  A.  The 
confined  gas  becomes  thus  saturated 
with  vapor,  and,  expanding,  depress- 
es the  mercury-column.  We  then 
restore  tlie  original  volume  by  pour- 
ing mercury  into  the  tube  B.  The 
tension  of  tlio  mixture  of  gas  and 
vapor  is  now  evidently  equal  to  the 
pressure  of  the  air  plus  the  pressure 
of  the  mercury-column  B  o,  thus  prov- 
ing that  the  tension  of  the  confined 
gas  has  been  increased  by  the  tension 
of  the  vapor.  By  referring  to  the 
tables,  it  will  be  found  that  the  in- 
crease of  tension  is  exactly  equal  to 
the  maximum  tension  of  tlie  same 
vapor  in  a  vacuum,  when  exposed  to  dc-me. 

the  same  temperature. 

(313.)  HygTometert.  —  Every  cubic  metre  of  the  atmosphere 
in  immediate  contact  with  the  earth  is,  in  all  respects,  similarly 
situated  towards  the  ponds  and  rivers  of  the  globe  as  is  the  air 
of  the  cubic  vessel  towards  the  water  it  contains.  Every  cubic 
metre  of  the  atmosphere  is  capable  of  holding,  for  any  tempera- 
ture, the  same  amount  of  aqueous  vapor,  aud  vapor  of  the  same 
tension,  as  the  vessel;  moreover,  water  will  continue  to  evaporate 
into  the  atmosphere  until  the  vapor  has  acquired  the  tension 
and  specific  granty  which  correspond  to  the  temperature.  There 
are,  therefore,  around  the  globe,  as  in  the  cubic  vessel,  two  at- 
mospheres, one  of  air  and  the  other  of  vapor.  When  the  air 
has  taken  up  all  the  vapor  which  it  is  capable  of  holding  at 
the  temperature,  it  is  said  to  be  saturated  or  moist ;  when  less, 
it  is  said  to  be  dry.    In  the  last  case,  it  is  capable  of  absorbing 
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more  water,  and  of  course  dries  tip  the  moisture  from  sub- 
stances with  which  it  may  be  in  contact.  Thus,  if  the  tempei^ 
ature  is  20'',  the  air  is  saturated  with  vapor  when  it  con- 
tains in  every  cubic  metre  17.157  grammes  (see  table  on  page 
571)  ;  if  it  contained  only  12.746  grammes  it  would  be  dry, 
since  then  every  cubic  metre  of  air  could  absorb  4.411  grammes 
more.  But  if  the  temperature  falls  to  15*,  then  by  the  table 
12.746  grammes  will  completely  saturate  each  cubic  metre ;  so 
that  a  cubic  metre  of  air  containing  12.746  grammes  of  vapor 
is  saturated  when  the  temperature  is  15*,  although  dry  when 
it  is  20*. 

The  moisture  of  the  atmosphere  at  any  temperature  depends, 
then,  not  simply  on  the  amount  of  vapor  which  it  contains,  but 
on  the  proportion  which  this  amount  bears  to  tlie  whole  quantity 
which  it  could  possibly  contain  at  the  given  temperature.  The 
fraction  which  is  obtained  by  dividing  the  actual  weight  of  vapor 
in  a  cubic  metre  of  the  atmosphere  by  the  weight  which  it  would 
contain  were  it  completely  saturated  with  aqueous  vapor,  is  called 
the  relative  humidity.  It  follows  from  Mariotte's  law,  that  the 
weights  of  two  masses  of  vapor  occupying  equal  volumes  are  to 
each  other  as  their  tensions,  WiW*^s=z  ti^i  ^*^\  hence  the  rela- 
tive humidity  may  also  be  obtained  by  dividing  the  tension  of  the 
vapor  actually  contained  in  the  air  by  the  tension  the  vapor  would 
have  if  the  atmosphere  were  saturated,  that  is,  by  the  maximum 
tension  for  the  temperature,  as  given  in  Table  X.  In  order  to 
find,  then,  the  relative  humidity  of  the  atmosphere  at  any  given 
time,  we  in  the  first  place  observe  its  temperature ;  and  in  the 
second  place,  we  ascertain  by  experiment  the  tension  of  the  vapor 
which  it  actually  contains.  The  tension  is  found  in  the  following 
manner. 

If  we  cool  down  a  cubic  metre  of  the  atmosphere,  we  shall 
come,  sooner  or  later,  to  a  temperature  at  which  the  tension  of 
the  vapor  is  at  its  maximum.  Thus,  for  example,  if  the  temper- 
ature of  the  atmosphere  is  20*,  and  the  tension  of  the  vapor  it 
contains,  and  which  we  wish  to  find,  is  1.2699  c.  m.,  we  shall,  by 
cooling  one  cubic  metre  to  15*,  reach  a  temperature  at  which 
1.2699  c.  m.  is  the  maximum  tension,  and  consequently  a  tem- 
perature at  which  the  air  will  be  saturated  by  tlie  vapor  contained 
in  it.  If  now  we  cool  it  below  this  point,  a  portion  of  the  vapor 
will  be  deposited  in  the  form  of  mist  or  dew.    The  temperature. 
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then,  at  which  dew  would  be  deposited,  were  the  atmosphere 
cooled  down,  is  the  temperature  at  which  the  tension  of  the  vapor 
contained  in  it  would  be  at  its  maximum.  This  temperature 
is  technically  termed  the  dew-point.  It  can  easily  be  observed  in 
the  following  way.  Take  a  brightly  polished  silver  cup  and^fiU 
it  witli  water.  Place  in  it  a  sensitive  thermometer,  which  will 
indicate  promptly  any  changes  of  temperature,  and  then  add 
ice  in  si^all  pieces,  waiting  until  one  piece  is  melted  before  add* 
ing  another,  and  constantly  stirring  the  water  with  the  thermom^ 
eter  in  order  to  render  the  temperature  uniform  throughout 
the  mass.  The  silver  cup,  as  it  is  thus  slowly  cooled,  will  cool 
in  its  turn  the  thin  layer  of  air  which  immediately  surrounds  it, 
and  sooner  or  later  this  air  will  be  reduced  to  the  temperature  at 
which  the  vapor  it  contains  completely  saturates  it.  At  that  mo- 
ment the  polished  surface  of  the  cup  will  be  dimmed  by  a  depo- 
sition of  dew.  Note  carefully  the  temperature  at  which  this  first 
takes  place  ;  and  then  allow  the  cup  to  warm,  and  note  carefully 
the  temperature  at  which  the  dimness  disappears.  The  two  tem- 
peratures should  very  nearly  correspond,  and  the  mean  may  be 
taken  as  the  dew-point.  Having  found  the  dew-point,  we  can  easily 
ascertain  the  relative  humidity  of  the  air  by  means  of  the  table 
of  tensions.  Opposite  to  the  dew-point  we  find  the  actual  tension 
of  the  vapor  in  the  atmosphere.  Opposite  to  tlio  temperature  of 
the  air  at  the  time  of  the  experiment,  we  find  the  maximum 
tension  which  the  vapor  could  attain ;  and  since,  as  we  have 
seen,  the  weight  of  vapor  is  proportional  to  the  tension,  we  can 
obtain  at  once  the  relative  humidity  by  dividing  the  first  by  the 
last.    To  illustrate  this  by  an  example :  — 

The  temperature  of  the  air  is  20^.  The  dew-point,  found  as 
just  described,  is  15^.  What  is  the  relative  humidity?  The 
maximum  tension  of  vapor  at  the  dew-point  is  12.699  m.  m.,  and 
this  is  the  actual  tension  of  the  vapor  in  the  atmosphere.  The 
maximum  tension  of  vapor  at  20^  is  17.891  m.  m.,  and  this  is  the 
tension  which  the  vapor  would  have  were  the  atmosphere  satu- 
rated. ^  =  .78  is,  then,  the  rektive  humidity.  The  at- 
mosphere, therefore,  contains  78  per  cent  of  the  whole  amount 
it  could  possibly  contain  at  20''.  From  the  relative  humidity,  it 
is  easy  to  calculate  the  amount  of  vapor  contained  in  a  cubic 
metre.  By  referring  to  the  table,  we  ascertain  the  total  amount 
which  the  cubic  metre  could  contain  at  the  given  temperature ; 

64» 
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and  by  muldplTing  tliis  b^  the  fraction  expressing  tbe  relative 
humidity,  we  ascertain  the  amount  vhich  it  actually  contaiDs. 
Thus,  in  tlie  example  just  glTeu,  the  total  amount  of  vapor  wbich 
one  cubic  metre  of  air  at  20°  can  contain  is  17,167  granmies. 
It  actually  contains  only  73  per  cent  of  this  amount,  that  is, 
17.167  X  .73  =  12.525  grammes. 

It  appears,  then,  that  the  determination  of  the  amount  of  vapor 
in  the  atmosphere  resolves  itself  practically  into  the  obserralicHi 


of  tne  dew-point.  This  can  be  observed  with  sufficient  accuracy, 
for  most  purposes,  with  a  thin  silver  cup  and  thermometer,  aa 
described  above  ;  but  where  greater  accuracy  is  required,  the  ob- 
servations can  be  made  more  rapidly,  as  well  as  with  greater  cer^ 
tainty,  with  the  hygrometer  of  Reguault,  which  is  represented  in 
Fig.  446.  It  consists  of  two  silver  tliimbles  4.5  c.  m.  high  and 
20  m,  m.  in  diameter,  made  very  thin,  and  brightly  polished  on 
the  outside.  These  thimbles  are  cemented'to  the  bottom  of  two 
glass  tubes  D,  E.  £ach  of  these  contain  thermometers  gradu- 
ated to  tenths  of  a  degree,  kept  in  place  by  corks.  Through  ibe 
cork  of  the  tube  D  passes  a  small  tube,  A,  open  at  botb  ends 
and  extending  to  the  bottom  of  the  silver  thimble.    The  upper 
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part  of  the  tube  Z>  commiinicates,  through  the  lateral  tubulature 
and  through  the  stem  of  the  support,  vith  an  aspirator,.  G,  by 
means  of  which  air  can  be  drawn  through  the  apparatus.  The 
tube  E,  which  does  not  conununicate  with  the  aspirator,  coutams 
a  thermometer  for  observing  the  temperature  of  the  air. 

In  order  to  use  the  apparatus,  the  tube  D  is  half  filled  with 
ether ;  then,  on  opening  tiie  stopcock  of  the  aspirator,  the  water 
which  it  contains  flows  out,  and  the  air  required  to  supply  its 
place  flows  in  at  the  tube  A,  bubbling  up  through  the  ether. 
The  rapid  evaporation  caused  bj  this  current  of  air  soon  cools 
the  temperature  of  the  silver  thimble  to  the  dew-point.  At  the 
moment  a  him  of  moisture  appears  on  the  polished  surface,  the 
^mperature  Indicated  by  the  thermometer  T  is  carefully  noted, 
as  well  also  as  tlie  temperature  of  the  air  given  by  the  thermom- 
eter tf  and  we  have  then  the  elements  for  calculating  the  rela- 
tive humidity  of  tlie  atmosphere.  By  careful  manipulation,  the 
dew-point  can  be  observed  with  this  instrument  to  one  tenth  of 
a  Centigrade  degree.  The  second  silver  thimble,  on  the  tube 
E,  serves  not  only  to  protect  the  bulb  of  the  thermometer,  but 
also,  by  comparison,  enables  the  observer  to  detect  a  slight  trace 
of  moisture  on  the  surface  of  the  first,  which  might  otherwise  be 
overlooked. 

The  hygrometer  of  Danielis,  repre- 
sented in  Fig.  447,  is  based  on  the 
same  principle  as  that  of  Begnault, 
but  is  much  less  delicate  in  its  indica- 
tion. It  consists  of  two  bulbs  con- 
nected by  a  siphon-tube,  from  which 
the  air  has  been  expelled  by  hermeti- 
cally sealing  the  instrument  when 
filled  with  ether  vapor.  The  bulb 
A  is  about  half  filled  with  ether, 
and  contains  the  bulb  of  a  small 
thermometer.  Moreover,  a  zone  of 
the  bulb  is  gilt,  and  burnished  so  that 
the  deposition  of  the  dew  upon  it  may 
be  easily  perceived.    The  other  bulb  f!|.«7. 

is  covered  with  muslin.    When  an  ob- 
servation is  to  be  made,  the  muslin  is  moistened  with  ether,  which 
is  dropped  very  slowly  from  a  bottle.    The  evaporation  of  the 
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ether  from  the  muslin,  by  cooling  the  bulb  B  and  condensing  the 
vapor  of  ether  which  it  contains,  causes  a  very  rapid  eyaporatioA 
from  the  surface  of  the  liquid  in  the  bulb  A.  By  this  means  the 
gilt  zone  is  soon  cooled  to  the  dew-point,  a  deposition  of  dew  indi- 
cating when  the  point  is  reached.  The  temperature  at  which  the 
dew  is  first  deposited  is  carefully  observed  by  means  of  the  eor 
closed  thermometer,  and  also  the  temperature  at  which  it  disap- 
pears when  the  temperature  of  the  bulb  A  is  afterwards  allowed 
to  rise.  The  two  observations  should  not  differ  much  from  each 
other,  and  their  mean  is  the  dew-point. 

The  relative  humidity  of  the  air  may  also  be  estimated,  though 
with  less  accuracy,  from  the  rapidity  with  which  water  evaporates 
when  exposed  to  it ;  since,  as  is  evident,  the  drier  the  air,  the 
more  rapid  will  be  the  evaporation.  The  instrument  used  for 
this  purpose  is  called  a  psychromeier^  or  a  weHmlb  hygrometer. 
It  consists  of  two  thermometers,  the  bulb  of  one  of  which  is  cov- 
ered with  muslin  and  kept  constantly  moist,  while  the  bulb  of  the 
other  is  dry.  The  last  indicates  the  temperature  of  the  air ;  but 
the  first  always  indicates  a  lower  temperature,  owing  to  the  latent 
heat  absorbed  by  the  evap<M*ation  of  the  water  from  the  surfhce  of 
the  bulb,  except  when  the  air  is  fully  saturated  with  moisture. 
The  difference  between  the  two  thermometers  will  be  the  greater 
the  more  rapid  the  evaporation,  that  is,  the  greater  the  dryness 
of  the  air.  From  the  temperatures  of  the  two  thermometers  we 
can  calculate  the  tension  of  the  vapor  in  the  atmosphere  by  means 
of  the  empirical  formula, 

More  than  -^^  ham  than  -^ 

^         0.429  (r  —  tO  IT  i.         0-480  (r— lO  p-  . 

1j  =  maximum  tension  of  vapor  at  lowest  temperature. 
T    =  temperature  of  dry-butt)  thermometer. 
t'  =  temperature  of  wet-bulb  thermometer. 
Hq  =  height  of  barometer. 
610  —  t'  =  latent  heat  of  the  v^)or  of  water  (compare  800). 
X    =  tension  of  aqueous  vapor  at  the  time  of  observation. 

From  the  value  of  a:  the  relative  humidity  can  be  easilyjcalculated 
by  dividing  by  the  maximum  tension,  as  before  described. 

The  above  are  the  fbrmulas  of  Regnault  as  modified  from  the 
original  formula  of  August.    They  are  in  a  measure  empirical^ 
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•ad  founded  on  theoretical  conBiderationB,  for  irhich  we  mart 
refer  to  the  ori^al  memoir.  The  last  formula,  as  Begnault 
found,  gives'  accurate  resulte  when  the  air  is  not  more  than  four 
tenths  eatnrated.  Othenrise,  the  &rst  should  be  used.  For  tem- 
peratures below  Ireezing,  which  suppose  the  wet  hulb  to  be  cov- 
ered with  a  film  of  ice,  the  value  610  —  t'  must  be  changed  to 
610  -\-7Q  —  T^  ^  €89  —  T',  since  the  amount  of  heat  required  to 
change  ice  into  vapor  is  greater  bj  79  units  (the  heat  of  fusion} 
tiuui  that  which  would  be  required  to  change  water  into  vapor 
of  the  same  temperature  and  tension.  For  the  value  of  £(,itii 
generally  sufficient  to  take  the  mean  barometric  pressure  of  the 
place  of  observatioa.  In  the  Meteorological  Tables  pr^wred  by- 
Professor  Arnold  Guyot,  and  published  by  the  Smithsonian  Insti- 
tution, will  be  found  tables  by  which,  from  the  iudicatioas  of  the 
peychrometer,  the  tension  of  vapor  and  relative  humidity  may  be 
ascertained  by  inspection.  As  the  indicartaone  of  the  psychrometer 
are  discovered  by  simple  inspection,  it  would  entirely  supersede 
all  other  hygrometers  were  the  formula  by  which  the  tension  of 
vapor  is  deduced  from  the  observed  data  perfectly  trustworthy. 
They  are  sufficiently  so  for  the  purposes  of  meteorology,  but 
results  obtained  with  Regnault's  hygrometer  are  in  all  cases  to 
be  preferred. 

Btill  a  third  class  of  hygrometers  is  based 
upon  tlie  fact  tliat  many  solids  swell  on  imbibing 
moisture,  and  contract  again  on  drying.  This  is 
the  case  with  most  dry  organic  substances,  such 
as  whalebone,  wood,  parchment,  and  hair.  The 
hygrometer  of  Doluc  consists  of  a  v^ry  thin  piece 
of  whalebone,  which,  in  expanding  and  contract- 
ing, moves  an  index ;  and  a  variety  of  toys,  in 
which  a  change  in  the  degree  of  humidity  of  the 
air  is  shown  by  the  motion  of  a  pasteboard  figure, 
are  made  on  the  same  principle.  But  the  only 
trustworthy  or  even  approximatively  accurate 
hygrometer  of  this  class  is  tlie  hair  hygrometer  of 
Saussure,  as  modified  by  Regnault.  It  is  rep- 
resented  in  Fig.  448,  and  consists  esBentially  of  a 
human  hair,  c,  previously  freed  from  fat  by  being 
soaked  in  ether,  and  so  fixed  in  a  copper  frame  that  its  expansion 
and  contractiou  will  move  a  needle  over  a  graduated  arc.    Each 
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instrument  is  graduated  experimentally  by  placing  it  in  a  con- 
fined space  kept  in  a  known  state  of  humidity  by  the  presence 
of  sulphuric  acid  of  different  degrees  of  strength.  Unlike  die 
other  hygrometers,  this  instrument  gives  at  once  the  relative 
humidity  of  the  air,  and  its  indications  are  independent  of  the 
temperature.  Unfortunately,  however,  it  is  liable  to  variations, 
and  must  be  adjusted  from  time  to  time  by  means  of  the  solu- 
tions employed  in  graduating  it. 

The  last,  but  the  most  accurate,  method  of  determining  the 
amount  of  vapor  in  the  air,  consists  in  drawing  through  a  tube 
containing  chloride  of  calcium,  or  some  other  powerful  absorb- 
ent, a  measured  volume  of  air,  by  means  of  an  aspirator.  The 
increased  weight  of  the  tube  will  give  at  once  the  weight  of  vapor 
contained  in  the  known  volume  of  air.  This  process  is  much 
too  complicated,  however,  to  admit  of  general  application ;  but 
it  may  be  used  to  advantage  where  great  accuracy  is  required,  or 
in  verifying  the  results  of  the  other  more  expeditious  methods.* 
(814.)  Drying  ApparcUus.  —  It  is  frequently  necessary  in  tlie 
practice  of  chemistry  to  remove  from  a  solid  body  the  moisture 
adhering  to  its  surface,  or  otherwise  mechanically  united  with  it. 
This  is,  generally,  readily  accomplished  by  exposing  the  solid  to 
dry  air,  into  which  the  moisture  evaporates.  If  the  solid  will 
bear  the  temperature  of  100^  without  undergoing  change,  we  can 

use  the  drying  oven  already  described  (294) ; 
but  if  not,  we  effect  the  same  object  at  tiie 
ordinary  temperature  by  placing  the  solid  un- 
der a  bell-glass,  over  a  dish  containing  concen- 
trated sulphuric  acid.  In  this  case  the  rapid- 
ity of  the  evaporation  is  greatly  accelerated 
by  exhausting  the  air.  The  arrangement  rep- 
resented in  Fig.  449  may  be  used  for  this 
purpose,  and  also  for  concentrating  solutions 
of  chemical  compounds  which  would  be  altered 
fig.  448.  by  a  high  temperature.     In  drying  goods  on 

a  large  scale  in  the  arts,  it  is  important 
to  keep  in  mind  two  &cts  :  first,  that  the  capacity  of  air  for 
holding  moisture  increases  very  rapidly  with  the  temperature; 
and,  secondly,  that  a  very  considerable  time  must  elapse  before 


*  For  a  fall  account  of  the  methods  of  h j^rometiy  as  rerised  bj  Refrnanlt,  see 
"  £tades  sar  rHjgrometrie/'  Annales  de  Chimie  et  de  PhyBiquei  3*  8^,  Tom.  XT. 
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the  air  is  saturated,  —  the  longer,  the  lower  the  temperature. 
An  advantage  is  therefore  gained  by  keeping  the  air  in  the  drying 
chamber  at  as  high  a  temperature  as  is  compatible  with  the  cir- 
cumstances, and  preventing  it  from  escaping  until  it  is  absolutely 
saturated  with  humidity.  In  no  case,  however,  can  water  be 
evaporated  by  heated  air  in  a  drymg  stove  as  economically  as 
in  a  close  boiler. 


OBIGIN  OF  HEAT. 

(815.)  Sources  of  Heat.  — The  sun's  rays  are  the  great  source 
of  heat  on  the  surface  of  the  globe.  The  amount  of  heat  which 
thus  enters  the  earth's  atmosphere  from  the  sun  during  a  year 
has  been  estimated  by  Pouillet  to  be  equal  on  an  average  to 
231,675  units  for  every  square  centimetre  of  the  earth's  surface. 
In  order  to  give  an  idea  of  this  quantity,  Pouillet  states  that  it 
would  be  sufficient  to  melt  a  layer  of  ice  envelopmg  the  earth 
80.89  metres  thick.  Of  this  amount,  however,  the  surface  of  the 
earth  only  receives  about  two  thirds,  the  rest  being  absorbed  by 
the  atmosphere.  Besides  the  heat  which  it  is  constantly  receiv- 
ing from  the  sun,  the  earth  has  also  a  great  store  of  heat  within 
its  own  mass,  called  the  central  heat.  It  has  already  been  stated, 
that  the  spheroidal  figure  of  the  earth  is  probably  owing  to  the 
fact,  that  the  globe  was  once  a  fluid  mass  ;  and  we  have  reason 
to  believe  that  it  is  so  now,  with  the  exception  of  a  comparatively 
thin  crust  on  the  surface.  From  observations  made  in  mines 
and  Artesian  wells,  we  find  that  the  temperature  of  the  crust 
rapidly  increases  as  we  descend  from  the  surface  of  the  earth. 
The  rate  of  increase  varies  in  different  places,  but  may  be  stated, 
on  an  average,  to  be  about  one  degree  for  every  80  or  40  metres. 
At  this  rate  of  increase,  assumed  to  be  the  same  at  all  depths, 
the  temperature  of  the  crust  at  the  depth  of  about  2,700  metres 
must  be  that  of  boiling  water,  and  at  a  depth  of  85  kilometres 
that  of  melting  iron,  while  at  70  kilometres  all  known  mineral 
substances  would  be  in  complete  fusion.  It  is  probable,  there- 
fore, that  the  thickness  of  the  cnist  of  the  earth  is  not  greater 
than  xizr  of  its  radius,  and  might  be  represented  by  a  sheet  of 
pasteboard  on  a  large  artificial  globe.  Nevertheless,  the  conduct- 
ing power  of  the  crust  is  so  slight,  that  the  effect  of  the  central 
heat  is  hardly  felt  on  the  surface ;  and  Fourier  has  calculated 


648  CHEMICAL  PHTBICS. 

that  it  does  not  elevate  the  mean  temperature  of  the  surface 
more  than  ij^  of  a  degree. 

Besides  these  constant  sources  of  heat,  there  are  many  others 
which  are  more  or  less  accidental  and  intermittent.  In  general, 
any  motion  of  the  molecules  of  a  body,  whether  it  accompanies 
a  chemical  or  a  physical  change,  is  attended  either  by  an  evolu- 
tion or  by  an  absorption  of  heat ;  but  in  almost  every  case  the 
heat  thus  evolved  may  be  traced  back,  either  directly  or  indi- 
rectly, to  the  sun.  The  accidental  sources  of  heat  may  be  di- 
vided into  two  classes,  the  physical  and  the  chemical. 

(316.)  Physical  Sources.  —  Of  the  physical  sources  of  heat, 
the  most  important  is  friction.  Count  Bumford  succeeded  in 
boiling  water  by  the  friction  from  boring  a  cannon,  and  an  appa- 
ratus has  been  invented  in  France  for  generating  steam  by  means 
of  heat  produced  in  a  similar  way.  It  has  already  been  shown 
(238)  that  there  is  an  exact  equivalence  between  the  heat  gener- 
ated  by  friction  and  the  mechanical  power  used  in  producing 
it ;  and  it  is  possible  that,  where  motive  power  is  abundant  and 
fuel  expensive,  such  a  machine  might  be  used  to  advantage. 

Another  physical  source  of  heat  is  percussion,  as  is  illustrated 
by  the  common  flint>lock,  and  by  a  number  of  familiar  &ct8. 
For  example,  a  small  bar  of  iron  may  be  heated  to  redness  on  an 
anvil  by  blows  of  the  hammer  actively  applied,  and  a  bar  of  lead 
may  even  be  melted  in  this  way.  In  like  manner  all  metals, 
when  rolled  out  into  plates,  drawn  into  wire,  or  submitted  to  any 
other  mechanical  process  by  which  the  relative  position  of  their 
molecules  is  changed,  become  more  or  less  heated.  The  heat 
evolved  in  all  these  cases  appears  to  be  due  to  an  internal  friction 
between  the  particles  of  the  solid,  so  that  this  source  of  heat  does 
not  differ  essentially  from  tne  last. 

A  third  source  of  heat  is  mechanical  condensation.  If  we 
diminish  the  volume  of  a  body  by  mechanical  means,  its  tempera- 
ture is  at  once  raised,  and  an  amount  of  heat  is  evolved  whicli  is 
probably  in  all  cases  equal  to  that  which  would  be  required  to  ex* 
pand  tlie  body  by  an  equivalent  amount  (compare  237).  Since 
both  solids  and  liquids  are  but  slightly  compressible,  we  cannot 
produce  with  them  any  very  marked  calorific  efRMsts  by  condensa- 
tion. It  is  different  with  gases.  They  are  very  oompressible,  and 
their  temperature  can  be  greatly  raised  by  sudden  condensation. 
This  is  illustrated  by  the  fire-springe  (Fig.  450).    It  consists  of  a 
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cylinder  of  glass,  and  of  a  piston,  which  closes  it  hermetically 
and  by  which  the  air  it  contains  may  be  condensed.  On  pushing 
in  tlie  piston  with  a  quick  and  forcible 
motion,  the  heat  evolved  by  the  condensa- 
tion of  the  air  raises  the  temperature  suffi- 
ciently to  inflame  a  piece  of  tinder,  which 
is  placed  in  a  cavity  provided  for  the  pur- 
pose on  the  under  side  of  the  piston.  This 
requires  a  temperature  of  at  least  SOO"*. 
A  bright  light  is  noticed  in  the  cylinder 
at  the  moment  of  the  maximum  condensa- 
tion, caused  by  the  burning  of  a  portion 
of  the  oil  with  which  tlie  piston  is  lubri- 
cated* 

The  only  other  mechanical  sources  of 
heat  usually  enumerated  in  this  connec- 
tion are  the  absorption  of  gases  or  liquids 
by  porous  solids,  the  change  of  the  state 
of  aggregation  of  a  substance,  and  elec- 
tricity. The  first  of  these  is  probably 
identical  with  the  one  last  considered, 
the  heat  in  every  case  originating  from 
condensation  caused  by  the  adhesion  of 
the  liquid  or  gas  to  the  surface  of  the  solid ;  the  second  has 
abeady  (277  and  299)  been  studied  at  length,  and  the  last  will 
be  considered  in  another  portion  of  the  work. 

(817.)  Chemical  Sources.  —  All  chemical  combination  is  at- 
tended with  the  evolution  of  heat ;  indeed,  this  is  the  chief  source 
of  artificial  heat  on  the  surface  of  tlie  globe.  Wheii  the  combina- 
tion takes  place  slowly,  as  when  iron  rusts  in  the  air,  the  heat  is 
dissipated  as  fast  as  it  is  evolved,  and  does  not  elevate  sensibly 
the  temperature  of  the  combining  substances ;  but  when  the 
combination  is  rapid,  the  heat  accumulates  in  the  bodies  and  pro- 
duces tlie  phenomena  of  combustion.  Combustion  is,  therefore, 
simply  a  process  of  chemical  combination,  in  which  heat  is  evolved 
80  much  more  rapidly  than  it  is  conveyed  away  through  the  usual 
channels,  that  the  temperature  of  the  substances  is  retained  above 
the  point  of  ignition.  All  combustion  with  which  we  are  generally 
familiar  consists  in  the  chemical  combination  of  the  burning  sub- 
stance with  the  oxygen  of  the  air ;  but  we  may  have  phenomena 
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of  Intense  ignition  without  oxygen,  as  when  antimony  is  dropped 
in  powder  into  a  jar  of  chlorine,  or  when  phosphorus  is  mixed 
with  iodine.  The  quantity  of  heat  evolved  during  chemical  com- 
bination varies  very  greatly  with  the  nature  of  the  substances 
employed ;  but  it  is  always  constant  for  the  same  substances,  an^ 
is  exactly  proportional  to  the  weight  of  each  which  is  used  in 
forming  the  compound.  Thus,  for  example,  from  one  kilogramme 
of  the  following  substances  there  is  always  evolved  the  amount  of 
heat  indicated  in  the  following  table  when  they  combine  with 
oxygen,  or,  in  other  words,  when  they  burn. 


rnitB  of  HeaL 

Units  of  HmjU 

Hydrogen, 

.     34,462 

Oil  of  Turpentine, 

.  10,662 

Marsh  Gas 

13,063 

Ether, 

9,027 

Olefiant  Ga.^  • 

.     11,858 

Alcohol, 

.    7,184 

Beeswax,     . 

10,496 

Wood  Charcoal,  . 

8,080 

Spermaceti,     . 

.     10,342 

Gas  Coke, 

.    8,047 

Stearic  Acid,   . 

9,716 

Native  Sulphur,  . 

2,261 

It  has,  moreover,  been  proved  that  the  amount  of  heat  evolved 
during  chemical  combination  is  precisely  the  same  whether  the 
union  be  rapid  or  slow,  and  also  whether  the  compound  be  formed 
at  once  by  direct  combination  or  by  several  successive  processes. 
But  all  these  subjects  can  be  discussed  to  much  greater  advan- 
tage after  the  student  is  familiar  with  the  laws  of  chemical  com- 
bination ;  we  shall,  therefore,  defer  the  further  consideration  of 
them  until  then.  The  same  is  true,  also,  of  the  heat  evolved 
by  the  processes  of  animal  life  ;  for  this  is  probably  due  to  a  slow 
combustion  which  takes  place  in  the  animcd  body  under  the  influ- 
ence of  vitality. 


PROPAGATION   OP  HEAT. 

(818.)  Heat  may  be  transmitted  from  one  body  to  another 
througli  space,  as  it  is  transmitted  from  the  sun  to  the  earth,  or 
it  may  be  communicated  from  particle  to  particle  by  direct  con- 
tact, as  when  a  bar  of  iron  is  heated  by  placing  one  end  in  contact 
with  ignited  coals.  The  first  of  these  methods  is  called  radiation^ 
the  second  canduction.  It  is  probable,  however,  that  conduction 
is  only  a  form  of  radiation,  the  heat  being,  in  all  cases,  radiated 
from  particle  to  particle  through  the  intervening  spaces,  which 
may  be  exceedingly  large  as  compared  with  the  size  of  the  par- 
ticles themselves  (75). 
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(819.)  Radiation.  —  When  we  stand  in  the  bright  sunshine 
or  before  a  blazing  fire,  and  feel  the  effect  of  the  rays  of  heat 
impinging  on  our  bodies,  we  are  led  to  perceive  that  heat  is  emit- 
ted from  the  surfaces  of  hot  bodies,  and  that  it  has  the  power  of 
traversing  space  and  transparent  media  like  the  atmosphere. 
But  it  is  also  probable  that  rays  of  heat  are  emitted  from  the 
surfaces  of  all  bodies  and  at  all  temperatures,  however  low, 
the  only  difference  between  hot  and  cold  bodies  being  that  the 
first  radiate  more  heat  than  the  last.  In  a  room  where  there  is  a 
condition  of  thermal  equilibrium,  each  object  receives  as  much 
heat  as  it  radiates,  and  therefore  retains  its  own  temperature.  If 
one  object,  however,  becomes  warmer  than  the  rest,  —  the  stove, 
for  example, — then  it  radiates  more  heat  than  it  receives,  until  the 
equilibrium  is  again  established.  This  theory  explains  the  appar- 
ent radiation  of  cold,  which  we  feel  when  standing  before  a  large 
mass  of  ice.  It  is  not  that  the  ice  radiates  cold,  since  it  actually- 
radiates  heat;  but  as  the  body  receives  from  the  ice  less  heat 
than  it  radiates  towards  it,  we  feel  a  sensation  of  cold. 

The  phenomena  of  radiaiit  heat  are  in  all  respects  similar  to 
those  of  light,  and,  as  is  well  known,  the  rays  of  both  agents  are 
found  mixed  together  in  the  sunbeam  and  in  the  emanations  from 
n;^06t  luminous  objects.  Like  light,  radiant  heat  is  transmitted 
with  an  incredible  velocity  in  straight  lines,  and  its  intensity 
diminishes  as  the  square  of  the  distance  from  the  source.  If  the 
rays  of  heat  fall  on  a  polished  surface  they  are  reflected,  and  the 
angle  of  reflection  is  always  equal  to  the  angle  of  incidence.  If 
they  enter  a  transparent  medium  they  are  refracted,  and  for  the 
same  substance  the  sine  of  the  angle  of  refraction  always  bears  a 
constant  ratio  to  the  sine  of  the  angle  of  incidence.  If  they  are 
passed  through  a  prism  of  rock  salt,  they  are  divided  into  rays  of 
different  refrangibility,  which  stand  to  each  other  in  the  same  relar 
tion  as  the  different  colors  of  the  solar  spectrum ;  and,  lastly,  when 
reflected  or  refracted  at  a  certain  angle  by  different  substances, 
the  heat  rays  become  polarized  and  present  properties  similar  to 
those  of  polarized  light.  But  yet,  although  the  thermal  rays  thus 
closely  resemble  the  rays  of  light,  there  are  essential  differences 
between  the  two.  It  does  not  follow,  because  a  medium  transmits 
light  unchanged,  that  it  will  transmit  heat  with  equal  readiness  ; 
thus,  for  example,  a  crystal  of  alum,  even  if  perfectly  transpar- 
ent to  light,  is  almost  opaque  to  heat ;  and,  on  the  other  hand, 
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a  crystal  of  smoky  quartz,  which  will  hardly  transmit  a  ray  of 
light,  is  quite  transparent  to  heat.  Most  solid  a\id  liquid  media 
which  are  transparent  and  colorless  as  regards  light,  act  on  the 
rays  of  heat  in  the  same  way  that  colored  glasses  act  on  light; 
transmitting  rays  of  certain  degrees  of  refrangibility,  but  not 
others.  Thus,  for  example,  a  pane  of  colorless  glass  will  trans- 
mit nearly  all  the  rays  of  heat  from  the  sun,  while  it  will  inteiv 
cept  the  greater  part  of  those  from  a  coal  fire,  and  absolutely  all 
the  rays  which  radiate  from  a  steam^pipe  heated  to  100^  ;  and  the 
same  is  true  to  a  still  greater  degree  of  water.  The  only  sub^ 
stance  which  is  perfectly  transpai^nt  to  rays  of  heat  from  every 
source  is  rock-salt,  and  this  can  be  used  in  experiments  on  heat 
In  the  same  way  that  glass  is  used  in  optical  experiments*  The 
phenomena  of  radiant  heat  are  best  explained  by  the  undulatoiy 
theory,  which  assumes  that  they  are  caused  by  undulations  in  an 
imponderable  medium  filling  all  space ;  and  they  cannot  be  prof- 
itably studied  until  the  student  is  acquainted  with  the  mechanical 
theory  of  light.  We  shall,  therefore,  notice  in  this  connection 
only  a  few  familiar  facts  connected  with  the  subject. 

The  unequal  power  which  different  bodies  possess  of  radiating 
heat  appears  to  depend  on  the  condition  of  the  surface,  and  not 
on  the  nature  of  the  substance  of  which  the  body  consists.  As  a 
general  rule,  the  greater  the  density  of  the  substance  at  the  sur- 
face, the  less  is  the  radiating  power  of  the  body.  Thus,  the  bur- 
nished surfaces  of  the  metals  are  the  poorest  radiators,  while  the 
surfaces  of  paper  and  similar  loose  materials  are  the  best«  The 
very  best  radiator  of  all  is  a  surface  covered  with  lampblack.  If 
we  represent  the  radiating  power  of  such  a  surface  by  100,  that 
of  a  silver  surface,  hammered  and  well  burnished,  will  be  only  8. 
Those  surfaces  which  radiate  heat  the  best  also  absorb  it  the  most 
readily,  and  it  has  been  proved  that  the  absorbing  power  of  a  sur^ 
face  is  equal  to  the  radiating  power,  if  the  difference  between  the 
temperature  of  the  radiating  and  absorbing'  surfaces  is  not  great. 
On  the  other  hand,  the  power  which  a  surface  possesses  of  reflect- 
ing heat  is  always  in  the  inverse  ratio  of  its  power  of  absorption; 
that  is,  the  best  absorbents  are  the  poorest  reflectors,  and  the 
reverse.  Hence  heat  is  best  reflected  by  surfaces  of  metals  which 
have  been  hammered  and  polished ;  but  so  entirely  does  the 
power  of  reflecting  or  absorbing  heat  reside  in  the  surface,  that 
a  sheet  of  gilt  paper  answers  the  purpose  of  a  reflector  nearly  as 
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wdl  as  a  mass  of  solid  gold.  The  power  vhioh  a  surface  has  of 
absorbing  heat  varies  with  the  nature  of  the  source  from  wliich  it 
emanates,  while  its  radiating  power  remains  constant;  the  two  are 
equal  onlj  under  the  condition  above  stated.  Hence  it  is  not  sin- 
gular that,  while  the  radiating  power  of  any  sur&oe  is  unaffected 
by  its  color,  the  readiness  with  which  bodies  absorb  the  heat  of 
the  sun  depends,  in  great  measure  at  least,  if  not  entirely,  upon  it. 
This  last  fact  was  noticed  by  Dr.  Franklin.  He  placed  pieces  of 
the  same  kind  of  cloth,  but  of  different  colors,  on  the  snow,  where 
tibey  were  equally  exposed  to  the  direct  rays  of  the  sun.  The 
black  cloth  absorbed  the  most  heat  and  sunk  deepest  into  the 
snow,  while  the  white  cloth  produced  but  little  effect.  The  other 
colored  cloths  produced  intermediate  effects ;  and  they  may  be 
arranged  according  to  their  absorbing  powers  as  follows :  black, 
violet,  indigo,  blue,  green,  red,  yellow,  white. 

Numerous  illustrations  of  the  above  principles  may  be  found  in 
the  familiar  facts  of  every-day  life.  Water  can  be  heated  most 
rapidly  in  a  dull  iron  kettle,  whose  bottom  is  covered  with  soot, 
while  it  can  be  kept  hot  longest  in  a  bright  silver  teapot.  The 
hot  air  from  a  furnace  is  best  conveyed  to  the  different  apartments 
of  a  building  in  tinned  iron  pipes,  which  are  poor  radiators, 
while  the  smoke-pipe  of  a  stove  is  best  made  of  rough  sheet-iron, 
for  the  opposite  reason.  The  melting  of  a  bank  of  snow  is  accel- 
erated by  sprinkling  over  its  surface  coal-dust,  because  its  very 
feeble  power  of  absorption  is  in  that  way  greatly  increased. 
Light-colored  garments  are  preferable  in  summer,  because  they 
do  not  readily  absorb  the  sokur  rays  ;  in  winter,  when  the  object 
is  to  retain  the  heat  in  the  body  and  prevent  radiation,  the  color 
is  unimportant. 

The  phenomenon  of  dew,  first  correctly  explained  by  Dr.  Wells, 
is  another  beautiful  illustration  of  the  principles  of  radiation. 
The  earth  is  constantly  radiating  heat  into  space.  During  the 
daytime  this  loss  is  compensated  by  the  constant  supply  of  heat 
firom  the  sun ;  but  as  soon  as  the  sun  sets,  the  supply  ceases, 
while  the  radiation  still  continues.  Consequently,  the  tempera- 
ture of  all  objects  on  the  surface  exposed  to  the  clear  sky  is  rap- 
idly reduced ;  if  their  temperature  falls  below  the  dew-point  (818) 
of  the  atmosphere,  dew  is  deposited  upon  them  as  on  a  glass  of 
iced  water,  or,  if  the  temperature  falls  below  the  freezing-point,  the 
dew  takes  the  form  of  boai>irost.    On  cloudy  nights,  little  or  no 
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dew  is  deposited,  because  the  clouds  reflect  back  the  rays  of  heat 
to  the  earth.  The  same  effect  is  produced  hj  the  glass  sashes  or 
straw  mattings  which  are  used  by  gardeners  to  protect  young 
plants  from  the  late  frosts  of  spring.  The  direct  rays  of  the  sun 
readily  pass  through  the  glass  during  the  daytime,  but  the  glass 
reflects  back  the  heat  of  less  intensity  which  is  radiated  from  the 
earth  during  the  night.  On  windy  nights,  also,  little  or  no  dew 
is  deposited,  because  the  layer  of  air  in  contact  with  the  radiating 
crust  of  the  earth  is  so  frequently  renewed  that  its  temperature 
does  not  fall  to  the  dew-point ;  and  for  the  same  reason  dew  is 
more  copiously  deposited  in  a  valley  or  a  sequestered  dell  than  on 
the  top'  of  a  hill ;  and  it  is  in  such  places,  also,  that  the  early 
frosts  of  autumn  are  first  felt.  As  we  should  naturally  expect, 
we  find  that  in  any  given  place  the  dew  is  deposited  most 
copiously  on  the  best  radiators,  which  are,  at  the  same  time, 
the  poorest  conductors ;  thus,  while  dew  is  deposited  in  abun- 
dance on  the  shrubs  and  the  grass,  which  derive  most  benefit 
from  the  moisture,  it  is  not  wasted  on  the  dry  path  and  road, 
whose  hard,  beaten  surfaces  render  them  poorer  radiators,  while 
at  the  same  time  their  higher  conducting  power  enables  them  to 
withdraw  heat  from  the  strata  below,  and  thus  in  part  make  good 
the  loss  which  the  radiation  may  have  caused. 

"  In  India,  near  the  town  of  Hooghly,  about  forty  miles  from 
Calcutta,  the  principle  of  radiation  is  applied  to  the  artificial 
production  of  ice.  Flat,  shallow  excavations,  from  one  to  two 
feet  deep,  are  loosely  lined  with  rice  straw  or  some  similar  bad 
conductor  of  heat,  and  upon  the  surface  of  this  layer  are  placed 
shallow  pans  of  porous  earthen-ware,  filled  with  water  to  the 
depth  of  one  or  two  inches.  Radiation  rapidly  reduces  the  tem- 
perature below  the  freezing-point,  and  thin  crusts  of  ice  form, 
which  are  removed  as  they  are  produced,  and  stowed  away  in 
suitable  ice-houses  until  night,  when  the  ice  is  conveyed  in  boats 
to  Calcutta.  Winter  is  the  ice-making  season,  viz.  from  the  end 
of  November  to  the  middle  of  February.*'  * 

(320.)  Conduction.  —  That  dense  and  compact  soKds  like  the 
metals  are  good  conductors  of  heat,  while  light  and  porous  solids 
like  wood  and  the  various  textile  fabrics  are  poor  conductors, 
is  a  matter  of  common  experience.     The  general  fact  may  be 

*  Miller'f  Elements  of  Oiemistcy,  Part  I.  p.  SOI. 
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illuatrated  by  means  of  the  apparatus 
of  Ingenbousz,  represented  in  Fig.  451. 
The  different  rods  attached  to  the  front 
of  the  brass  box,  made  of  Tarious  ma- 
terials, are  covered  vith  a  thin  layer  of 
wax  ;  and  on  turning  boiling  water  into 
the  box,  the  wax  melts  on  the  rods,  after 
a  certain  time,  to  unequal  distances, 
depending  on  their  relative  conducting  power. 

If  we  heat  one  end  of  a  metallic  rod  with  a  lamp,  as  repre- 
sented in  Fig.  452,  the  temperature  of  the  different  parts  of  tlie 
rod  will  gradually  increase,  until  a  point  is  reached  at  wliich  the 
heat  lost  by  radiation  is  equal  to  tlie  heat  received  from  the  flame 
by  conduction  through  the  bar.    If  now  we  test  the  temperature 


of  the  different  parts  of  the  bar  by  means  of  thennometere  placed 
at  equal  intervals,  say  of  one  decimetre  each,  it  will  be  found  that 
it  very  rapidly  decreases  as  we  go  from  the  source  of  heat ;  and 
if  the  distances  from  the  source  of  heat  increase  in  an  arith- 
metical progression,  the  excess  of  the  temperatures  of  the  suc- 
cessive sections  of  the  bar  above  the  temperature  of  the  air  will 
be  found  to  diminish  in  a  geometrical  progression.  Moreover,  it 
is  evident  that  the  rate  of  decrease  will  be  more  rapid  in  propor- 
tion as  the  conducting  power  of  the  bar  is  more  feeble ;  and  we 
can  determine  the  relative  conducting  powers  of  two  bars  by 
measuring  the  distances  from  the  source  of  heat  of  the  sections 
which  have  the  same  temperature,  for  it  can  easily  be  proved 
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that  the  conducting  povers  are  to  each  other  as  the  tquares  of 
these  distances.  Experimenting  in  this  way,  and  using  a  delicate 
thenno^lectric  pile  for  measuring  tlie  temperatures  of  the  dif- 
ferent sectioBS  of  the  bars,  Messrs.  Wiedmann  and  Franz  de- 
termined the  relative  couducting  powers  of  various  metals,  aa 
follows :  — 


Silver,    . 
Copper, 
Gold,      . 
Tin,    . 
Iron, 


73.6 
53.2 
14.5 
11.9 


Steel, 

Plalinom, 
Bose's  Metal, 
Bismatb,  . 


11.6 
8.5 


1.8 


The  conducting  power  of  stones,  brick,  and  other  earthy 
materials,  is  very  much  less  tiian  that  of  the  metals,  and  the 
conducting  power  of  wood  and  other  organic  tissues  is  so  very 
feeble  that  they  are  usually  regarded  as  non-conductors.  It  may 
be  assumed  as  a  rule,  although  it  has  many  exceptious,  that  the 
denser  a  body  tho  better  it  conducts  heat. 

Homogeneous  solids  and  crystals  belonging  to  the  tegular  qrs- 
tam  conduct  heat  equally  in  all  directions ;  but  in  crystals  not 
belonging  to  the  regular  system,  the  conduct- 
ing power  varies  in  the  direction  of  unequal 
axes.  This  fact  is  easily  shown  by  a  simple 
experiment  devised  by  Senarmont.  He  took 
two  slices  of  a  quartz  ciystal  (Fig.  453),  one 
cut  perpendicular  to  tiie  vertical  axis,  and  the 
other  parallel  to  it ;  through  the  centre  of  each 
plate  be  drilled  a  small  conical  aperture  for 
the  reception  of  a  silver  wire,  one  end  of  which, 
heated  in  the  Same  of  a  lamp,  served  as  a 
central  source  of  beat.  Previously  to  the 
application  of  the  heat,  he  had  covered  the 
sUces  of  the  crystal  with  beesirax.  He  found 
that  on  the  first  the  wax  melted  in  the  form 
of  a  drcle  round  the  wire,  showing  that 
quartz  conducts  heat  equally  in  the  directioD 
n.  M.  of  its  equal  and  lateral  axes ;  but  on  the 

second  the  wax  melted  in  the  fonn  of  an  ^ 
lipse,  whose  longer  diameter  coincided  witii  the  vertical  axis  rf 
the  crystal,  which  proved  that  the  conducting  power  is  greater 
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in  this  direction  than  in  the  one  at  right  angles  to  it.  Similar 
facts  are  also  true  of  organized  structures  ;  thus,  wood  conducts 
heat  much  better  in  the  direction  of  its  fibres  than  across  them. 

Count  Rumford  concluded,  from  his  experiments,  that  liquids 
were  absolutely  non-conductors  ;  but  later  experiments  have 
shown  that  they  do  conduct  heat,  but  only  very  imperfectly.  De- 
spretz*  experimented  on  a  Tertical  column  of  water  contained  in 
a  wooden  cylinder  one  metre  high  and  21.8  c.  m.  in  diameter, 
whose  upper  surface  he  exposed  to  a  constant  source  of  heat. 
By  means  of  thermometers  passing  through  tubulatures  on  the 
sides  of  the  cylinder,  he  observed  the  temperatures  of  horizontal 
sections  of  the  liquid  at  equal  distances  from  each  other.  At  tlie 
end  of  82  hours  the  thermometers  were  stationary,  and  the  dif- 
ferences between  the  temperatures  indicated  by  the  successive 
thermometers  and  the  temperature  of  the  air  were  found  to  form 
a  decreasing  geometrical  series,  as  in  a  solid  bar.  This  experi- 
ment proves  conclusively  that  water  conducts  heat ;  but,  never- 
theless, the  conducting  power  is  so  feeble,  that  water  may  be 
boiled  for  many  minutes  at  the  top  of  a  test-tube  without  oc- 
casioning the  slightest  inconvenience  to  the  person  who  holds 
the  lower  end.  Gases  are  still  poorer  conductors  of  heat  than 
liquids ;  but  yet  they  are  not  absolutely  non-conductors,  and  they 
differ  very  greatly  from  each  other  in  this  respect.  This  is 
proved  bjTthe  fact  that  a  hot  body  cools  more  rapidly  in  an  at- 
mosphere of  hydrogen  than  in  air,  and  also  by  a  similar  fact, 
first  noticed  by  Grove,  that  a  platinum  wire  can  be  made  to  glow 
in  air  with  a  feebler  galvanic  current  than  it  can  in  hydrogen. 
In  order  to  heat  a  mass  of  liquid  or  gas,  we  always  apply  the 
heat  to  the  lowest  portion  of  the  containing  vessel ;  then,  as 
already  explained  (268),  currents  are  established  by  which  tlie 
particles  are  brought  into  actual  contact  with  the  source  of  heat. 
This  process  is  sometimes  distinguished  as  a  third  method  of 
communicating  heat,  and  called  convection, 

(821.)  lUustraiions.  —  The  laws  of  conduction  furnish  the  ex- 
planation of  many  familiar  facts,  and  receive  many  important 
applications  both  in  the  arts  and  in  every-day  life.  Our  sensa- 
tions of  heat  and  cold  are  very  much  influenced  by  the  conduct- 
ing power  o£  the  substances  with  which  the  body  comes  in  contact. 

«  Aaniaef  de  Chfanie  et  de  PhTsiqme,  3*  SMe,  Tom.  LXXL 
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A  hearth,  for  example,  feels  colder  to  the  bare  feet  than  a  wooden 
floor,  and  this,  again,  colder  than  a  woollen  carpet,  even  when  all 
are  at  the  same  temperature.  The  obvious  explanation  is,  that 
stone  is  a  better  conductor  than  either  wood  or  wool,  and  there- 
fore removes  the  heat  from  the  body  more  rapidly.  The  body,  if 
properly  protected  by  poor  conductors,  may  be  exposed  with  im- 
punity to  air  heated  to  150®,  while  it  would  be  burnt  by  contact 
with  a  rod  of  metal  heated  to  only  50**.  The  oven-girls  of  Grer- 
many,  protected  by  thick  woollen  garments,  enter  without  incon- 
yenience  ovens  where  all  kinds  of  culinary  operations  are  going 
on,  although  the  touch  of  any  metallic  articles  while  there  would 
surely  burn  them. 

Water  in  pipes  laid  at  a  slight  depth  under  ground  is  not 
frozen  during  the  severest  winter,  because  the  soil  is  a  poor  con- 
ductor ;  and  iron  safes  are  rendered  fire-proof  by  making  them 
with  double  walls,  and  filling  the  intervening  space  with  non- 
conducting materials.  Doors  of  furnaces,  ladles,  and  teapots 
are  provided  with  wooden  handles,  to  protect  the  hand  from  the 
heated  metal ;  and  hot  dishes  are  placed  on  woollen  or  straw 
mats,  which  prevent  the  polished  surface  of  the  table  from  being 
scorched.  So  also  vessels  of  glass  or  porcelain  are  heated  on 
a  sand-bath,  and  when  removed  from  the  fire  are  always  rested 
on  some  non-conductor,  as  they  are  liable  to  crack  when  suddenly 
heated  or  cooled. 

The  efiicacy  of  clothing  in  preventing  the  escape  of  the  heat 
of  the  body  depends,  not  only  on  the  non-conducting  power  of 
the  material  itself,  but  also  on  that  of  the  air  which  is  imprisoned 
by  it.  Hence  it  is  that  wool,  fur,  and  eider-down,  which  retain 
large  bodies  of  air  within  their  texture,  are  so  well  adapted  to 
protect  the  body  against  the  extreme  cold  of  winter.  The  order 
of  the  conductibility  of  the  difierent  materials  used  for  clothing 
is  as  follows :  linen,  silk,  cotton,  wool,  furs.  Accordingly,  cotton 
sheets  feel  warmer  than  linen  ones,  and  blankets  warmer  than 
either.  In  summer,  coarse  linen  goods  are  used,  because  they 
allow  the  heat  to  escape  from  the  body  more  readily  than  other 
materials,  while  a  dress  of  fine  and  close  woollen  is  the  best  pro- 
tection fit)m  the  cold  of  winter  except  furs. 

It  is  in  consequence  of  the  non-conducting  property  of  gases, 
that  double  doors  and  windows,  which  include  a  layer  of  air  be- 
tween them,  are  so  useful  in  preventing  the  heat  of  our  houses 
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from  escaping  outwards  ;  and  the  double  walls  of  ice-houses, 
refrigerators,  or  water-coolers,  for  preventing  the  heat  from  en- 
tering. For  the  same  reason,  snow,  which  encloses  large  quanti- 
ties of  air,  prevents  the  escape  of  the  heat  from  the  eartli,  and 
limits  the  penetration  of  frost*  It  is  a  well-known  fact,  that 
the  ground  alwajs  freezes  deeper  in  winters  without  snow  than 
when  it  abounds.  But  it  is  unnecessary  to  multiply  these  illus- 
trations further. 

(322.)  Coefficient  of  Conduction.  —  The  number  of  units  of 
heat  which  pass  in  one  second  through  a  solid  wall  1  m.  m.  thick 
and  having  an  area  of  1  IE?,  when  the  difference  between  the 
temperatures  of  the  two  faces  of  the  wall  is  equal  to  l"",  is  called 
the  coefficient  of  conduction  of  the  substance  of  which  the  wall 
consists.  The  coefficient  of  conduction  of  lead  was  determined 
by  Peclet  by  means  of  a  very  ingenious  apparatus,*  and  found 
to  be  3.82.  From  this,  the  coefficients  of  conduction  of  other 
solids  can  be  calculated  when  their  conductibility  as  compared 
with  lead  is  known.  We  give,  in  the  first  column  of  the  follow- 
ing table,  the  relative  conductibility  of  several  solids,  as  deter- 
mined by  Despretz  ;  and  in  the  second  column,  the  coefficients  of 
conduction,  which  have  been  calculated  as  just  described.  The 
results  of  Despretz,  however,  are  not  probably  as  accurate  as  those 
of  Wiedmann  and  Franz,  given  above. 


1 

n. 

I. 

n. 

Gold,    •        •        • 

100.0 

21.28 

Tin, 

.     30.39 

6.46 

Platinum,  •        • 

98.1 

20.95 

Lead,  • 

17.95 

3.82 

Silver,  .        • 

97.3 

20.71 

Marble,  . 

.       2.36 

0.48 

Copper,     • 

89.8 

19.11 

Porcelain,   . 

1.22 

0.24 

Iron,     .         •         • 

87.4 

7.95 

Baked  Clay,   . 

.       1.14 

0.23 

Zinc, 

36.3 

7.74 

When  the  coefficient  of  conduction  is  known,  we  can  easily 
calculate  the  amount  of  heat  in  units  which  will  pass  through  a 
given  metallic  plate  in  a  given  time,  by  means  of  the  following 
formula,  which  for  want  of  space  we  must  assume  without  proof. 


C7=jr 


«   t—if 


[205.] 


In  this  formula,  K  represents  the  coefficient  of  conduction,  S  the 
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area  of  the  plate,  E  its  thickness,  and  t^  t'  the  temperatures  of 
its  two  faces.  It  is  evident  that  the  quantity  of  beat  passing 
through  such  a  metallic  plate  in  a  second  of  time  increases  in 
direct  proportion  with  the  conductibilitj  of  the  metal,  with  the 
area  of  the  plate,  and  with  the  difference  of  temperature  between 
its  faces ;  and  it  is  also  evident  that  the  amount  of  beat  dimin- 
ishes in  direct  proportion  to  the  thickness. 

It  has  already  been  stated  (305),  that,  in  making  boilers  for 
evaporating  water  or  other  liquids,  it  is  necessary  to  pay  regard 
to  the  laws  of  conduction ;  and  it  is  evident  from  tlie  above  for- 
mula that  the  greater  the  conducting  power  of  the  metals,  the 
larger  the  area  of  the  heating  surface,  and  the  thinner  the  boile^ 
plates,  the  more  rapid  will  be  the  evaporation.  Hence  the  advan- 
tage of  copper  over  iron  boilers,  and  also  the  reason  that  water 
will  evaporate  so  much  more  rapidly  in  a  silver  dis^i  than  in 
one  either  of  glass  or  porcelain. 


CHAPTER    V. 


WEIGHING  AND  MEASURING. 


(823.)  Recapitulation,  —  Most  methods  of  chemical  investiga- 
tion and  all  processes  of  guan/ito^tve  chemical  analysis  involve  the 
accurate  determination  of  the  amounts  of  small  masses  of  mat- 
ter, either  by  measure  or  by  weight.  The  mass  of  a  body,  that 
is,  the  quantity  of  matter  which  it  contains,  is  necessarily  inva- 
riable ;  but  its  weight  and  its  volume  are  liable  to  constant  va- 
riations, arising  from  changes  either  of  temperature  or  of  the 
pressure  of  the  atmosphere,  and  from  other  causes.  It  has  been 
one  great  object  of  the  present  volume  to  develop  the  principles  on 
which  these  variations  depend,  and  to  study  the  laws  which  they 
obey.  We  have  thus  been  led  to  different  methods  by  which  the 
observed  volumes  and  weights  of  bodies  may  be  reduced  to  cer* 
tain  assumed  standards,  such  as  a  temperature  of  0**  C.  and  a 
pressure  of  76  c.  m. ;  and  it  will  be  the  object  of  the  remaining 
chapter  of  this  volume  to  illustrate  these  metliods  by  a  few 
examples. 

SOUDS. 

(824.)  Weight.  —  The  weight  of  a  solid  is  easily  determined 
by  means  of  the  balance.  The  theory  of  this  instrument  has 
been  already  given  at  length  (78),  and  the  methods  of  using  it 
are  so  simple  and  obvious  that  they  need  not  be  described  in 
detail.*  Were  it  not  for  the  presence  of  the  atmosphere,  the 
balance  would  give  at  once  the  exact  relative  weight  (71)  of  a 
body ;  but  weighing  the  body,  as  we  must,  immersed  in  the  air, 
the  difference  of  the  buoyancy  which  the  air  exerts  on  the 
weights  and  on  tlie  body  may  make  the  apparent  weight  slightly 
different  from  the  actual  weight.  We  can  always,  however,  re . 
duce  the  observed  weight  to  the  weight  in  vacuo  by  means  of 

*  For  the  best  methods  of  manipulating  a  delicate  balance,  and  for  the  precautions 
required  in  accnrate  weighing,  the  student  may  consult  th^  standard  work  of  Fresenius 
on  Quantitative  Analysu. 
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[91],  when  either  the  volumes  or  the  specific  gravities  of  both 
the  weights  aiid  the  body  are  known.  For  this  purpose,  the 
heights  of  the  barometer  and  thermometer  are  observed  at  the 
time  of  weighing,  and  from  these  observed  data  the  weight  of  one 
cubic  centimetre  of  air  (tr),  required  in  making  the  reduction,  is 
easily  calculated  by  [215],  or  obtained  by  inspection  from  Table 
XIV.  In  weighing  either  solids  or  liquids,  however,  the  correc- 
tion for  the  buoyancy  of  the  atmosphere  is  at  best  very  small, 
and  may  be  entirely  neglected  except  in  the  very  few  cases  where 
the  greatest  refinement  is  required ;  as,  for  example,  in  adjusting 
standard  weights.  For  the  method  to  be  followed  in  such  cases, 
the  student  will  do  well  to  consult  the  admirable  memoir  of 
Professor  Miller*  on  the  restoration  of  the  English  standards. 

(325.)  ^ecific  Ghravity.  —  The  specific  gravity  of  a  substance 
has  been  defined  as  the  ratio  of  its  weight  to  that  of  an  equal 
volume  of  pure  water  at  4"",  the  temperature  at  which  the  volume 
of  the  solid  is  measured  being  0"*.  The  general  methods  by 
which  the  specific  gravity  of  solids  is  determined  have  been 
already  described  (144-146),  and  we  have  only  to  consider 
the  methods  by  which  results  obtained  at  other  temperatures 
may  be  reduced  to  the  standard  temperatures. 

In  order  to  obtain  the  specific  gravity  of  a  solid,  we  determine, 
in  the  first  place,  the  relative  weight  ( IT)  of  the  body ;  and 
when  very  great  accuracy  is  required,  the  weight  observed  in  the 
air  may  be  reduced  as  just  described.  We  next  seek,  by  one  of 
the  methods  of  (145)  and  (146),  the  weight  of  pure  water  (  W) 
displaced  by  the  body  when  the  tempemture  of  the  water  is  4*, 
and  that  of  the  solid  O"* ;  and,  lastly,  we  calculate  the  specific 
gravity  by  dividing  the  first  weight  by  the  last.  Practically, 
the  value  of  W  is  always  determined  at  some  temperature,  f*, 
higher  than  the  standard  temperatures,  and  the  same  for  both 
solid  and  water  ;  and,  before  using  it  in  calculating  the  specific 
gravity,  it  is  necessary  to  determine  what  would  be  its  value 
assuming  that  the  water  was  at  4^  and  the  solid  at  0^.  In  Table 
XVI.  we  have  given  the  specific  gravity  of  water  at  different 
temperatures  referred  to  water  at  4®  as  unity.  Representing, 
then,  the  specific  gravity  at  ^*  by  iy  and  also  the  weight  of  water 
displaced  respectively  at  f  and  4**  by  TFJ«  and   W^«,  we  shall 

*  Philosophical  TransactioDS,  Put  IIL    London,  1856. 
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have,  eyidenily,  (assuming  that  the  volume  of  the  solid  is  in- 
variable,) 

WV  :  TTi-  =  1  :  «,    or     F;,  =  Wf>  j  .         [206.] 

But  the  volume  of  the  solid  is  not  invariable,  and  it  displaces  at 
0^  (the  standard  temperature  for  the  solid)  less  water  than  at  f". 
Representing  the  volumes  of  the  solid  at  0"^  and  ^  by  F^  and 

Vf>  respectively,  we  have,  by  [166],  Fi»=a  FJo  — _ — .     Since 

the  two  weights  of  water  displaced  by  the  solid  when  at  0"*  and  f 
must  be  proportional  to  the  volumes  of  the  solid  at  these  tempera- 
tures, (assuming  now  that  the  temperature  of  the  water  is  invaria- 

y 
bly  at  4"*,)  we  shall  also  have  W^o :  ITV  =  Vf> :      ,  ^  .    Hence, 

and  by  [206], 

W\o^W^.l  .  j^^.  [207.] 

Having  thus  obtained  the  weight  of  water  at  4^  displaced  by  the 
solid  at  0®,  this  value,  WV,  is  to  be- used  in  place  of  W*  in  [87]. 
The  last  factor  of  [207]  is  always  very  nearly  unity,  and  can  in 
most  cases  be  neglected  without  appreciable  error.  When  the 
coefficient  of  expansion  is  not  accurately  known,  and  great  accu- 
racy is  required,  the  value  of  K  may  be  eliminated  from  [207] 
by  making  two  determinations  of  the  weight  of  water  displaced 
at  temperatures  differing  as  widely  from  each  other  as  the  cir- 
cumstances will  permit.  In  very  accurate  determinations  the 
temperature  of  the  water  should  be  observed  to  the  tenth  of  a 
Centigrade  degree ;  and  if  the  value  of  3  is  not  given  in  the 
table  for  the  observed  temperature,  it  can  easily  be  determined  by 
interpolation.     Compare  (289).* 

*  The  most  accarate  method  of  determining  the  speciAc  pitvitT-  of  a  solid  is  the 
one  with  the  hydrostatic  balance  (146),  which  should  always  be  ascd  when  the  nature 
of  the  substance  will  admit  of  it.  The  body  is  best  suspended  from  the  pan  of  the 
balance  by  a  single  fibre  of  silk,  or  by  a  very  fine  human  hair,  and  the  temperature  of 
the  water  obserred  by  means  of  a  veiy  delicate  thermometer,  adjuste<l  so  that  the 
bulb  may  be  nearly  in  contact  with  the  body,  and  so  that  the  division  may  be  read  by 
a  telescope  placed  outside  of  the  balance-case.  When  the  solid  is  in  powder,  it  can  be 
supported  under  water  in  a  small  glass  cup  suspended  to  the  pan  of  the  balance  by  a 
platinum  wire.  In  this  case,  it  is  necessary  to  weigh,  first,  the  cup  under  water,  im- 
mened  to  a  point  marked  on  the  platinum  wire.    We  then  weigh  the  cup  cou;taining 
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(826.)  Volume.  —  The  Tolame  of  a  solid  can  rarelj  be  detei^ 
mined  with  accuracy  by  direct  measurement.  It  is  therefore 
generally  calculated  from  the  weight  and  the  specific  gravity  by 
means  of  the  formula  [56].  Several  examples  of  such  calcula- 
tions have  already  been  given  among  the  problems. 


the  powder  immeraed  to  the  same  point,  taking  oaro  that  the  temparatare  is  the  same 
as  before.  The  difference  between  these  weights  is,  evidently,  the  weight  of  water  dis- 
placed by  the  solid  at  the  observed  temperature,  which  must  be  reduced  to  the  standard 
temperatures  bj  |207].  Lastly,  we  wash  the  powder  into  a  tared  beaker-glaas,  evapo- 
rate thb  water,  and  determine  the  weight  of  the  solid.  The  only  objection  to  this 
method  of  experimenting  arises  from  the  fiust  that  the  resistance  of  the  water  to  the 
motion  of  the  cup  renders  the  balance  less  sensitive  and  prompt  in  its  indications. 

When  the  solid  is  in  powder,  very  accurate  results  can  be  obtained  with  a  specific- 
g^vity  bottle  (145).  The  neck  of  the  bottle  should  be  made  with  a  thick  rim,  ground 
square  at  the  top,  and  the  glass  stopper  should  be  so  fitted  as  not  to  have  a  channd 
between  the  two  in  which  water  can  collect.  In  order  to  determine  its  specific  gravity, 
a  known  weight,  W,  of  the  powder  is  introduced  into  the  bottle  with  water,  and  after 
the  entangled  air  has  been  removed  by  an  air-pump,  the  bottle  is  suspended  in  a  laige 
beaker  of  water  whose  temperature  is  very  slightly  higher  than  that  of  the  room.  This 
temperature,  t,  is  carefully  observed  by  means  of  a  delicate  thermometer,  whose  bulb  is 
placed  near  the  bottle.  After  an  equilibrium  is  established,  the  stopper  is  inserted  into 
the  neck  of  the  bottle  while  it  is  still  under  water.  The  bottle  can  then  be  removed, 
and,  after  having  been  wiped  dry,  weighed  at  letsure.  This  is  the  weight  fFa  of  [86]. 
Por  every  specific-gravity  bdttle,  we  determine  once  for  all  the  weight,  Wb,  of  water 
which  it  contains  at  0^.  This  is  a  constant  for  that  bottle,  and  from  it  we  can  easily 
calculate  the  weight  of  the  bottle  filled  with  water  at  1^,  or  Wi^  by  the  fiumnla, 

Wi  -  W  +  W.  {l+Kt)S,  [«08.] 

in  which  W  is  the  weight  of  the  glass,  K  the  coefficient  of  ezpanaion  of  glass,  and  S 
the  specific  gravity  of  water  at  /^,  referred  to  water  at  0^  as  unity,  as  given  by  Table 
XYI.    The  weight  of  the  water  displaced  at  (^  is  now  determined  by  the  ibnnula 

which  is  then  reduced  to  the  standard  temperature  by  [107]. 

The  chemist  frequently  has  occasion  to  determine  the  specific  gravities  of  solids 
which  are  soluble  in  water.  For  this  purpose  he  selects  some  inactive  liquid,  such  as 
alcohol,  glycerine,  or  oil  of  turpentine,  and  first  finds,  by  one  of  the  methods  just  de- 
scribed, the  weight  of  this  liquid  displaced  by  the  body,  exactly  as  when  using  water, 
the  temperature  being  carefully  observed.  He  then  determines  the  specific  gravi^  of 
the  liquid  used  at  the  same  temperature  as  before,  and  from  tiiese  data  easily  calculates 
the  specific  gravity  of  the  solid.  The  student  will  be  able  to  devise  a  formula  for  the 
purpose. 

In  all  delicate  determinations  of  specific  gravity  it  is  essential  to  use  sevend  grammes 
of  the  substance,  since  otherwise  a  very  small  eiror  in  the  weighing  will  cause  an  im- 
portant error  in  the  oesult.  It  is  also  essential  to  remove  any  air  which  may  be 
entangled  in  the  interstices  or  cavities  of  the  solid.  This  can  be  done  either  by  boiling 
the  liquid  in  which  the  solid  is  immersed,  or  by  placing  the  vessel  containing  the 
liquid  and  solid  under  the  receiver  of  an  air^ ump  and  exhausting  the  air. 
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LIQUIDS. 


(327.)  Weight  and  Specific  Chraviiy.  —  The  wei^t  of  a  liquid 
can  be  most  accurately  detennined  by  direct  weighing,  and  the 
weight  of  the  liquid  in  the  atmosphere  may  be  reduced  to  the 
weight  in  vacuo  exactly  as  in  the  case  of  solids ;  only  the  tare  of 
tlie  flask  in  which  the  liquid  is  enclosed  must  be  taken  under  the 
same  circumstances  of  temperature  and  pressure  as  those  under 
which  the  liquid  is  weighed.  Such  niceties^  howoTer,  are  very 
rarely  necessary. 

The  specific  gravity  of  a  liquid  determined  at  an  observed 
temperature,  ^,*  by  either  of  the  methods  described  in  (145) 
and  (146),  can  easily  be  reduced  to  the  standard  temperature 
when  the  law  of  expansion  of  the  liquid  is  known.  For  this  pur- 
pose, we  first  calculate  the  volume  of  the  liquid  at  £*  (I^),  the 
volume  at  0**  being  unity,  by  means  of  the  empirical  formula 
expressing  the  law  of  expansion  (255) ;  and  since  the  specific 
gravity  at  different  temperatures  must  be  inversely  as  the  volume, 
we  have 

Fxo :  1  =«  (Sp.Gr.)(^  :  (i^.Gr.)^ , 
and  [209.] 

CSp.Gr.)(^  »  QSp.Gr.^^.  F^. 

In  most  cases  with  which  the  chemist  meets  in  practice,  however, 
the  law  of  expansion  is  not  known*.  It  i»  then  best  to  determine 
by  direct  experiment  the  specific  gravity  of  the  liquid  at  the  stand* 
ard  temperature.  An  apparatus  invented  by  Begnault  (Fig.  454) 
may  be  used  with  advantage  for  this  purpose.  It  is  merely  a 
specific-gravity  bottle,  so  shaped  that  it  can  readily  be  surrounded 
by  melting  ice  and  the  volume  of  the  liquid  measured  with 
great  accuracy.  It  is,  in  the  first  place,  filled,  like  a  thermometer^ 
tube,  with  the  liquid  to  be  examined,  which  is  then  cooled  to  0* 
by  surrounding  the  apparatus  supported  on  its  stand  with  pulvei^ 

*  Bj  "  flipecific  gravity  of  a  liquid  at  the  temperatnre  t "  is  meant  the  weight  of  the 
liquid  divided  by  the  weight  of  aa  equal  volume  of  water,  the  liquid  being  measured  at  19 
and  the  water  at  A^,  In  using  a  specific-gravity  battle  ( 145),  we  have  only  to  determine 
for  each  substance  the  weight,  W,  of  liquid  which  exactly  flllt  the  bottle  at  19.  Having 
previously  determined,  once  for  all,  the  weight  of  water  at  4^  which,  the  bottle  will  coa* 
tain  at  the  same  temperature,  we  can  easily  calculate  by  |166|  the  weight  of  water  at 
4^  which  the  bottle  would  hold  9lt9,  In  uaing  the  byiiroaiAtic  balaaoe^  the  xe^iUtt  may 
be  reduced  in  a  similar  way.  < 
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ized  ice.    After  an  equilibrium  of  temperature  is  established,  the 

excess  of  the  liquid  is  removed  with 
bibulous  paper,  until  the  liquid 
stands  at  a  point  marked  on  the 
fine  tube  which  forms  the  neck  of 
the  bottle.  The  apparatus  is  now 
closed  with  its  glass  stopper,  and  it 
may  then  be  removed  fix>m  the  ice, 
wiped  dry,  and  weighed  at  leisure. 
By  subtracting  from  this  weight  the 
tare  of  the  glass  and  the  brass  stand, 
we  obtain  the  weight  of  liquid  which 
the  apparatus  holds  at  0^,  which,  di- 
vided by  the  weight  of  water  it  con- 
tains at  4^  (previously  determined), 
gives  the  exact  specific  gravity. 

(828.)  Volume.  —  The  volumes 
of  liquids  are  generally  determined 
by  direct  measurement.  For  this 
purpose  a  great  variety  of  grad- 
uated glasses  are  used,  which  are  described  in  detail  in  most 
works  on  Chemical  Manipulation  or  Chemical  Analysis.* 
These  instruments  for  chemical  purposes  are  usually  gradu- 
ated in  cubic  centimetres,  and  are  only  standard  at  O"*.  The 
process  of  measurement  is,  however,  seldom  so  accurate  as  to 
make  it  important  to  regard  the  change  of  volume  which  the 
glass  undergoes  from  changes  of  temperature.  The  same,  how- 
ever, is  not  true  in  regard  to  the  liquid  itself;  where  great 
accuracy  is  required,  it  is  important  to  observe  the  temperature 
at  which  the  measurement  is  made,  and  to  reduce  the  observed 
volume  to  the  standard  temperature  by  means  of  the  empirical 
formula  (255),  which  expresses  the  law  of  expansion  of  the  given 
liquid. 

The  volume  of  a  liquid  can  be  determined  with  greater  accu- 
racy by  [56]  ;  that  is,  by  dividing  the  weight  of  the  liquid  by  its 
specific  gravity  for  the  temperature  at  which  the  volume  is  re- 
quired. This  method  is  frequently  used,  in  chemical  investiga- 
tions, for  measuring  the  volume  of  a  glass  vessel.     For  this  pur- 


IIg.4M. 


*  A  Ywy  complete  description  of  this  class  of  instmments  will  be  found  in  Dr. 
Mohr's  TUrirmdhode, 
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pose,  ve  determine  vith  a  delicate  balance  the  weight  of  mercuiy 
or  distilled  water  vhich  the  vessel  contuns  at  an  observed  tem- 
perature. This  weight,  divided  by  the  specific  gravity  of  mercury 
or  water  for  the  given  temperature,  gives  the  volume  of  the 
vessel  at  that  temperature.  If  the  weight  is  accurate  to  one 
centigramme,  tlie  volume  ma;  thus  be  measured  within  the  thou- 
saudth  or  the  hundredth  of  a  cubic  centimetre,  according  aa 
mercury  or  water  was  used  in  tlie  determination.  Eiiowing  now 
the  volume  of  the  vessel  at  a  given  temperature,  t,  and  also  the 
coefficient  of  expansion  of  glass  (245},  we  can  easily  calculate 
by  C^^^}  ^^^  volume  at  any  other  temperature  (241). 

OiSES   AND   TAP0B3. 

(329.)  Weight.  — The  weights  of  equal  volumes  of  the  best 
knowu  gases  and  vapors  have  been  determined  with  great  care  by 
several  experimenters,  and  it  is  now  seldom  necessary  to  repeat 
the  determination.  Those  of  air,  oxygen,  nitn^n,  hydrogen,  and 
carbonic  acid  were  determined  by  Regnault,  and  are  among  the 
most  accurate  constants  of  science.  The  method  which  be  used 
will  serve  to  illustrate  the  general  method  fdlowed  in  euch  cases. 

Begnault  weighed  the  gases  in  a  large  glass  globe,  whose  vdume,  V, 
had  been  measared  in  the  way  just  de- 
scribed. In  order  to  avoid  the  always 
uncertain  correction  made  necessary  by 
changes  in  the  buoyancy  of  tbe  atmosphere 
during  the  course  of  the  experiments,  he 
equipoised  this  globe  by  another  globe  of 
the  saaie  siie  and  made  of  the  same  kind 
of  glass  (see  Fig.  258) ;  so  onnplelely 
did  this  simple  provision  effect  its  object, 
that  in  one  experiment  he  saw  the  equi- 
librium maintained  during  fourteen  days,  in 
spite  of  great  change  in  the  lemperalure, 
prcRsure,  and  moisture  of  the  air.  The  ex- 
periments were  conducted  in  the  following 
way.  The  globe,  having  been  surrounded 
with  melting  ice  (Fig.  453),  and  connected 
by  a  lead  tube  with  the  manometer  t  f  and 
also  with  an  air-pump  through  the  branch 
tube  a  m,  was  first  filled  with  perfectly  pure  and  dry  gas.    This  wa* 
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eftcted  by  exiiauBting  it  Myeml  times^  and^  after  each  ezhaastion,  coih 
necting  it  with  the  yessel  in  which  the  gas  was  generating  through  a  series 
of  U  tubeSy  hj  which  the  crude  gas  was  dried  and  purified.  The  ^obe 
was  then  exhausted  again  as  perfectlj  as  possible,  and  the  tension  of  the 
small  amount  of  gas  remaining  in  it  ascertained  bj  measuring  the  height 
a  ft  with  a  cathetometer.  Represent  this  hj  h^  This  measurement  hav- 
ing been  made  and  the  stopcock  closed,  the  globe  was  disconnected  from 
the  manometer,  removed  from  the  ice,  and,  having  been  carefully  cleaned, 
suspended  to  one  pan  of  a  very  strong  and  delicate  balance,  and  coun- 
terpoised by  a  second  globe  as  above  described.  The  globe  was  then 
retunied  to  its  first  position,  and  the  connection  having  been  made  as 
before,  it  was  again  filled  with  the  same  gas  under  the  pressure  of  the  air. 
Represent  the  pressure,  as  given  by  the  barometer,  by  JIq.  Lastly,  the 
globe  was  a  second  time  suspended  from  the  balance,  and  the  increase  of 
weight  determined,  which  we  wiU  call  W.  This  evidently  was  the  weight 
of  a  volume  of  gas  equal  to  the  volume  of  the  globe  measured  at  0% 
and  under  a  pressure  of  J%— -A^.  The  weight  of  one  cnbic  centimetre 
of  the  gas  at  0°,  and  under  a  pressure  of  76  c.  m^  was  then  calculated  by 
the  formula, 

^-^'T-:i-X'  [210.] 

The  results  obtained  by  Begnault  were  aa  follows :  — 

SumMa  Wiight  of  1  UtM 

0»Tlty.  (P  Mid  76  cm. 

Air, 1.00000  1.293187 

Nitrogen,.        .        .        •  0.97137  1.256167 

Oxygen,       ....  1.10563  1.429802 

Hydrogen,         .        .        .  0.06926  0.089578 

Carbonic  Acid,     .        .        .  1.52901  1.977414 

It  was  discovered  by  Oay-Lussac,  that  all  gases  combine  with 
each  other  in  very  simple  proportions  by  volume.  This  remark- 
able law  will  be  considered  at  length  in  another  portion  of  this 
work.  It  is  sufficient  for  the  present  to  say,  that  it  gives  us  the 
means  of  calculating  from  the  weight  of  one  litre  of  oxygen  the 
weight  of  one  litre  of  any  other  gas  when  the  chemicfti  equiva- 
lent and  tlie  combining  volume  are  known.  In  this  way  the 
values  given  in  the  fiilh  column  of  Table  II.  have  been  calcu- 
lated. They  are  not  exaotly  equal  to  those  obtained  by  direct 
experiment,  probably  because  tlie  different  gases  are  unequaUy 
compressed  by  the  weight  of  the  atmosphere.  The  actual  weights 
aa  observed  can  always  be  obtained  by  multiplying  the  ^^  specific 


WEiaHING  AND  MEABUBINO.  669 

gravity  by  observation/^  given  in  Tables  III.  and  lY.,  by  1.29206. 
the  weight  of  one  litre  of  air. 

The  weight  of  one  litre  of  a  vapor  at  0*  and  76  c.  m.  is  of 
course  a  fiction,  since  all  those  gases  generally  known  as  vapors 
{292)  would  be  condensed  to  liquids  under  these  conditions  of 
temperature  and  pressure.  It  is  conrenient,  however,  in  many 
calculations,  to  know  the  weight  which  one  litre  of  a  vapor  would 
have  at  the  standard  temperature  and  pressure,  assuming  that  it 
could  retain  its  aeriform  condition  under  these  circumstances; 
the  weights  of  the  vapors  are  therefore  given  in  Table  II.  in 
connection  with  those  of  the  gases. 

Xnowing,  then,  the  weight  of  one  litre,  and  hence  also  of  one 
cubic  centimetre,  of  all  the  more  important  gases  and  vapors  at 
0**  and  at  76  c.  m.,  when  perfectly  diy,  we  can  easily  calculate 
jfrom  these  constants  the  weight  of  one  cubic  centimetre  of  any 
of  these  gases  when  saturated  with  aqueous  vapor,  and  at  any 
given  temperature  and  pressure.  The  following  formula  for  the 
purpose  is  easily  deduced  from  [100],  [184],  and  [208],  re- 
membering that  the  weight  of  one  cubic  centimetre  of  any  given 
mass  of  gas  must  be  inversely  as  its  volume. 

«''  =  «'•  i  +  oksee*  •  "^^^  f^"-] 

This  formula  gives  the  weight  of  the  gas  only,  not  including 
the  weight  of  aqueous  vapor  mixed  with  it ;  if  the  gas  is  dry,  ^ 
becomes  0,  and  of  course  disappears.  Using  the  weight  of  one 
litre  of  aqueous  vapor  at  0*  and  76  c.  m.  given  in  Table  II., 
we  can  easily  calculate  by  [211]  the  weight  of  one  cubic  metre  of 
aqueous  vapor  at  different  pressures  and  temperatures.  It  was  in 
this  way  that  the  values  given  on  page  571  were  obtained.  They 
are  not  absolutely  accurate,  because,  as  we  have  before  seen,  the 
vapor  deviates  from  the  law  of  Mariotte  before  reaching  its  maxi- 
mum tension,  while  the  formula  assumes  that  it  strictly  obeys 
the  law. 

The  weight  of  one  cubic  centimetre  of  a  gas  depends,  to  a  slight 
extent,  on  still  another  cause  not  yet  considered,  namely,  the  va- 
riations in  the  intensity  of  the  force  of  gravity  over  the  surface 
of  the  earth.  What  the  effect  of  such  variation  must  be  can 
easily  be  seen  by  taking  an  assumed  case.  Suppose,  then,  that 
the  intensity  of  the  earth's  attraction  were  exactly  doubled.  It 
18  evident  that  the  total  weight  of  the  tttatosphere,  and  hence 
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its  pressure,  would  be  doubled.  Moreoyer,  the  density  of  all 
gases  exposed  to  this  pressure  would  be  doubled  also ;  and  all 
this  change  would  take  place  without  any  variation  in  the  height 
of  the  barometer ;  for  although  the  pressure  of  tlie  air  would  be 
thus  increased,  the  weight  of  the  mercury-column  which  meas- 
ures this  pressure  would  be  increased  in  the  same  proportion. 
A  similar  effect  to  this,  although  only  to  a  very  slight  extent,  is 
produced  by  the  small  variations  in  the  force  of  gravity  on  the 
earth's  surface.  Other  things  being  equal,  the  relative  weight  of 
one  cubic  centimetre  of  a  gas  at  different  places  is  proportional 
to  the  force  of  gravity  at  these  places. 

w  :  wt'-sss  g  :  g*         and        tr'  =  m^  —  •  [212.] 

The  weights  determined  by  Regnault,  and  given  on  page  668, 
are  only  exact  for  Paris,*  where  g  =  9.8096  ;  but  from  these  the 
weight  for  any  other  latitude  or  elevation  can  easily  be  calcu- 
lated by  [40]  and  [47].  The  weights  given  in  the  fifth  column 
of  Table  II.  were  calculated  for  the  latitude  of  the  Capitol  at 
Washington  (38**  53'  34")  and  the  sea  level.  They  can  be  re- 
duced for  any  other  place  by  the  following  formula,  easily  derived 
from  [212],  [40],  and  [47]  :  — 

,  1  —  0.00259  cos  2  X  roioi 

*^=  *^ ; ar-r  I  [213-] 

0.99945  (1+g^) 

but  such  reduction  is  seldom  necessary. 

(330.)  Specific  Gravity  of  Gases.  —  It  is  usual  to  refer  the 
specific  gravity  of  gases  to  air,  as  a  standard  of  comparison,  in- 
stead of  water,  and  the  specific  gravity  of  a  gas  may  be  defined 
as  the  ratio  of  its  weight  to  that  of  an  equal  volume  of  dry  air, 
both  being  measured  at  0"*  and  under  a  pressure  of  76  c.  m. 

RegTuxuU* 8  Methods — The  most  accurate  method  of  determining  the 
specific  gravity  of  a  gas  is  due  to  Regnault.  It  consists  in  determining 
with  the  apparatus  described  above  (829)  the  weight  of  the  given  gas 
which  a  large  glass  globe  wiU  contain  at  0^  and  76  c.  m.,  and  then  divid- 
ing this  weight  by  that  of  an  equal  volume  of  air  previously  determined 
in  the  same  way.  This  method  requires  no  further  description,  as  the 
process  of  determining  the  weight  of  the  gas  has  already  been  given  in 
detail.  It  admits  of  great  accuracy,  and  should  always  be  used  in  nonnal 
determinations. 

*  The  latitude  of  Regnaalt's  laboratory,  at  Paris,  is  48o  50*  14",  and  the  eleratioB 
above  the  sea  level  about  60  metres. 
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RmMm'i  Method.  —  When,  however,  the  very  greatest  accnracy  ia  not 
required,  as  in  the  inTestigationa  uBuallj  made  in  the  laboratory  on  gas- 
eous bodies,  their  specific  graTity  can  be  obtained  by  dividiog  the  weight 
of  the  gas  by  the  weight  of  the  same  volume  of  dry  air  ttiken  at  the 
same  temperature  and  under  the  same  pressure.  This  ratio  is,  strictly 
speaking,  the  specific  gravity  only  when  the  gas  obeys  exactly,  the  law  of 
Mariotle,  and  has  the  same  coefRcient  of  expansion  as  air ;  but  it  is,  nev- 
ertheless, in  most  cases  near  enough  for  all  practical  purposes.  Bunsen's 
method*  is  an  application  of  this  principle.  He  employs,  for  determining 
the  speufic  gravity  of  a  gas,  a  common  light  flask,  y,  Fig.  456.     The  vol- 


ume of  this  flask  should  be  about  200  or  300  cubic  centimetres,  and  the 
neck,  a,  thickened  before  the  blowpipe,  should  be  drawn  out  so  as  to  have 
an  aperture  oC  the  thickness  of  a  straw,  into  which  a  glass  stopper  ia 
ground  ur-tigbt  by  means  of  emery  and  turpentine.  Through  this  neck, 
which  ia  furnished  with  an  etched  scale  in  millimetres,  mercury  is  poured 
by  means  of  a  funnel  reaching  to  the  bottom  of  the  flask,  until  the  whole 
is  filled.  As  soon  as  this  is  accomplished,  the  flask  is  transferred,  with  its 
mouth  downwards,  into  the  mercury-trough  ..4  J,  and  gaa  is  allowed  to 
enter,  nntil  the  level  of  mercury  in  the  neck  of  the  flask  stands  a  few 
millunetres  higher  than  in  the  trough.  In  order  to  prevent  the  gas  from 
becoming  mixed  with  air,  it  is  evolved  from  as  small  a  vessel  as  possible, 
and  allowed  to  enter  the  flask  through  a  narrow  delivery  tube,  and  in  the 
moist  stat&t     The  gas  is  dried  in  the  flask  itself  by  a  small  piece  of  fused 

*  Thii  detcriplion  is  taken  Irom  Bumen's  Guometry  (It(Mcoe'itnuuUtion),TU7ing 
only  the  metbod  of  compntiog  the  i««nlt>. 

a  cocTodai  mBTcniy,  the  fluk  canaot  be  filled  in  tlii* 
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chloride  of  calcium,  b,  which  has  prerionsly  been  made  to  crTitalliEe  ca 
the  side  of  the  flask  bj  bringing  it  into  contact  with  h  single  drop  of  wmter 
and  alternately  heating  and  cooling  the  ghus.     This  nnaU  piece  of  cbliK 
ride  of  calciuni  serves  also  to  free  the  mercuiy  and  the  sides  of  the  fluk 
from  all  adhering  mmsture.     In  order  to  be  able  to  dose  the  flask  at  anf 
time  without  wanning  it  with  the  band,  the  little  lever  ef  is  employed. 
On  the  end  of  this  lever  the  stopper  is  so  fastened  in  a  cork,  that  it  paues 
into  the  neck  of  the  flask  withoat  closing  it ;  and  the  lever  is  held  in  its 
right  place  by  a  wedge,  d,  pushed  under  the  finger>plate  c.     Aa  soon  as 
the  flask  has  attained  the  constant  temperature,  t,  of  the  laboratory,'  the 
volumet  of  the  gas,  V,  the  height  of  the  barometer,  Jft,  and  the  height,  A*, 
of  the  column  of  mercury  in  the  neck  above  the  level  of  the  metal  in  the 
trough,  are  carefully  observed.     It  is  now  necessary  to  determine  the 
weight  of  this  volume  V.     For  this  purpose,  the  wedge  d  is  taken  away; 
the  flask  y  is  thereby  closed,  and  by  withdrawing  the  pin  e,  it  can  then  be 
removed,  together  with  the  lever  cf,  from  the  trough.     Having  discoo- 
nected  the  lever  from  the  stopper,  and  carefully  cleaned  the  exterior  surfiice 
of  the  flask,  it  is  then  weighed. 
Let  W  represent  this  weight,  H', 
the  height  of  the  barometer,  and 
f  the  temperature  of  the  balance 
at  the  time.     The  glass  stopper 
is  now  removed,  and  replaced  by 
an  india-rubber  tube,  a.  Fig.  457, 
connected  with  a  drying  tnbe,  b- 
The  apparatus  thus  ammged  b 
placed  under  the  receiver  of  an 
air-pump,  and,  by  alternately  ei* 
haasting   and  admitting   the  air, 
the  gas  in   the  flask  is  replaced 
by  dry  air.     The  drying  appa- 
ratus  is    then   disccmneeted,  and 
the    flask  weighed    again.      Call 
this  weight   W.      Since   the  air 
It  1G7.  has  free  access  both  to  the  inte- 

wa^ ;  but  lince  each  (caie*  »r«  slmost  inntriably  hssTier  than  air,  ft  can  be  filled  hj 
diiplacctnent.  The  fluk  being  placed  in  an  npright  poaition,  and  the  deliTSiy  tab* 
CxteDdinR  quite  to  the  botiom,  tho  ga>  i»  allowed  to  flow  in  and  overflow  the  moaih 
nncil  mil  the  air  hai  been  expelled.  Hie  tabs  ii  then  alowlj  withdrawti,  the  flow  of  gu 
ttill  continaiaK,  and  the  moath  of  the  flask  closed  bj  tu  itoppar. 

a  Theu)  experitneDtt  sboald  be  eendoeUd  in  a  cellaT^oom,  in  which  a  eonMut 
tamperatnn  can  be  maintained  far  aeveial  bean. 

t  Bofore  oiing  the  fluk,  it  ii  once  for  all  caietoUy  ealibraled,  and  tlv  volntn*  one- 
Spondtng  to  aa^  divisioD  oa  the  neck  inictibed  In  a  laUa,  wtiich  li  kept  with  the  is- 
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rkHT  and  the  exterior  gurface  of  the  flask,  it  is  eyident  that  W  is  sim- 
ply the  weight  of  the  glass  of  the  yessel  and  of  the  small  amount  of 
mercury  and  chloride,  <^  calcium  which  it  contwns,  less  the  weight  of 
air  which  these  materiab  displace.  It  is  also  evident  that  W  must  be 
equal  to  W  increased  b j  the  weight  of  the  volume  of  gas,  Vy  contained 
in  the  flask,  and  diminished  by  the  weight  of  air  displaced  by  this  volume 
of  gas  when  the  flask  was  weighed.  The  weight  of  the  gas  is,  then,  equal 
to  W  —  W*  -\-  W" ;  in  which  W"  is  the  weight  of  V  cubic  centimetres 
of  dry  air  at  t^  and  JI'q  c  m.,  calculated  by  [211].  To  obtain  the  specific 
gravity,  we  have  now  only  to  divide  the  weight  of  the  gas  by  the  weight 
of  an  equal  volume  of  air  measured  under  the  same  conditions  of  temper- 
ature and  pressure  at  which  the  gas  was  measured,  that  is,  at  f  and 
{ITq — hy)cm.  This  can  also  be  calculated  by  [211].  Representing 
then  this  last  weight  by  FP",  we  have  for  calculating  the  specific  gravity 
the  three  following  equations :  — - 


Sp.  6r. 


_  W—  W  +  W'\ 


/// 


W"  =  0.0012921  V 


W"  =  0.0012921  V 


W 


1 J9^,. 

l-j_0;00366^    •    76  • 

1  H^  Ag 


1  +  0.00366^   '        76 


[214.] 


[215.] 


[216.] 


As  an  example  (^  the  method  of  calculation,  we  cite  the  following  from 
Bunsen's  work.  A  determination  of  the  specific  gravity  of  bromide  of 
methyl,  with  a  small  flask  of  about  44  cTm.*  capacity,  furnished  the  fol- 
lowing data :  — 

TT  =7.9465 gram.  J7',  =  74.21  cm.    r=42.19c:m:*     -fl;=74.64cm. 
jr'  =  7.8397    **       If    =6^2  ^  =16^8  A,  =  2.43   « 


Cdctdation  of  IT".* 

(l  +  6^2i)  ar.  CO,  9.99025 

jffi=  74.21  log.  1.87046 

76.  ar.  CO.  8.11919 

V  =  42.19  log.  1.62521 

0.0012932     log.  7.11166 

W"  =  0.052092       log.  8.71677 
W—  W  +  W"  =         0.158892 

Specific  gravity  of  Bromide  of  Methyl,  3.258 


Calcuhtion  of  TT'".* 

(l-|-16».8ifc)       ar.  co.  9.97409 
H.—h.=  72.21      h)g.  1.85860 

8.11919 
1.62521 
7.1  n66 

log.  8.68875 
log.  9.20110 


W"  =  0.048837 


log  0.51285 


*  The  Yalaes  of  W*  and  IF'"  can  be  calculated  mvefa  more  lapldly,  althoiigh  with 
less  accnracy,  by  means  of  Table  XIY. 

67 
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(881.)  Specific  Oravity  of  Vapors.*  —  As  will  appear  in  an- 
other portion  of  this  work,  the  determination  of  the  specific 
gravity  of  vapors  is  one  of  the  most  important  processes  of  prac- 
tical chemistry.  We  always  make  the  determinations  at  a  tem- 
perature considerably  above  the  boiling-point  of  the  substance  ;t 
and  since  under  these  circumstances  a  vapor  has  all  the  prop- 
erties of  a  gas  (292),  it  follows  that  its  specific  gravity  may  be 
found  by  dividing  its  weight  by  the  weight  of  an  equal  volume 
of  air  measured  under  the  same  conditions  of  temperature  and 
pressure.  The  method  of  determining  these  two  weights  usually 
followed  in  the  case  of  vapors  is  precisely  similar  to  that  used 
in  the  case  of  gases  and  described  in  the  last  section,  and  the 
same  formulas  may  be  used  in  calculating  the  results.  It  dif- 
fers from  it  only  in  the  details  of  the  manipulation,  and  in  the 
fact  that,  on  account  of  the  high  temperature  to  which  the  vapor 
is  heated,  it  is  necessary  to  take  into  account  the  change  in  the 

*  We  use  the  tenn  vapor  here  ia  its  ordinary  sense. 

t  The  namber  of  degrees  nboYe  the  boiling-point  at  which  a  yapor  first  aoqniies 
fall  J  the  properties  of  a  permanent  gas  yaries  very  greatly  with  different  sabstances. 
Thus,  under  the  normal  pressure  of  the  air,  the  yapors  of  water  and  alcohol  obey  the 
law  of  Mariotte  at  a  temperature  only  a  few  degrees  above  their  boiling-points,  while 
tiie  yapor  of  sulphur  does  not  obey  the  law  until  heated  to  at  least  500^'  aboye  its  boil- 
mg-point  Unless  the  experimenter  is  confident  in  regard  to  the  properties  of  the  sub- 
stance under  examination  in  this  respect,  it  is  best  to  make  two  determinations  of  the 
specific  gravity  at  temperatures  differing  by  twenty  or  thirty  degrees.  If  the  two  do 
not  agree  within  the  limit  of  error  of  the  method  employed,  it  is  an  indication  that  the 
temperature  is  not  sufficiently  high.  This  is  illustrated  by  the  experiments  of  Cahours 
on  the  specific  gravity  of  the  vapor  of  monohydrated  acetic  add.  He  found  that  the 
specific  gravity  did  not  become  constant  until  the  temperature  rose  above  i40^  C,  that 
is  ISO^^'  above  its  boiling-point    The  following  table  oontaioa  his  results :  — 


T«mp. 

8p.  Or. 

125° 

8.180 

130 

8.105 

140 

S.907 

190 

S.727 

160 

S.604 

170 

S.i80 

180 

S.438 

190 

S.878 

Ump. 

Sp.  Or. 

200° 

2  248 

220 

2.132 

240 

2.090 

270 

2.088 

810 

2.085 

320 

2.083 

836 

2.083 

It  is  evident  that  a  determination  of  the  specific  gravity  of  the  vapor  of  acetic  acid 
made  at  a  temperature  below  240^  would  have  given  too  laige  a  result,  and  one  whidi 
would  have  been  the  more  erroneous  as  the  temperature  was  lower.  An  error  of  tfie 
same  kind,  made  in  the  determination  of  the  specific  gravity  of  the  vapor  of  sulphur, 
introduced  an  anomaly  into  the  simple  law  of  equivalent  yolnmes  which  has  only 
recently  been  explained. 
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capacity  of  the  vessel  ased.  The  method  may  be  best  eiplMned 
by  an  example.  Suppose,  then,  that  we  wish  to  ascertain  the 
Bpeci&c  gravity  of  alcohol  vapor. 

We  take  &  light  glass  globe  having  a  capftdty  of  from  300  to  500  cTm!', 
and  draw  the  neck  out  in  the  flame  of  a  blast  lamp,  bo  as  to  leave  onlj  a 
fine  opening,  as  ehoim  in  Fig.  458  at  a.     We  then  wei^  the  globe,  which 
gives  us  the  weight  W  of  [2U].     The 
second  step  is  to  ascertain  the  weight  of 
the  globe  filled  with  alcohol  vapor  at  a 
known  temperature  and  under  a  known 
pressure.     For  this  purpose,  we  introduce 
into  the  globe  a  few  graninie«   of  pure 
alcohol,  and  mount  it  on  the  support  re]^ 
resented  in  the  figure.     By  loosening  the 
screw,  r,  we  next  sink  the  balloon  beneath 
the  oil  c(»itained  in  the  iron  vessel,  V, 
and  secure  it  in  this  position.     We  now 
j^  ^jg_  slowly  raise  the  temperature  of  the  oil  to 

between  300°  and  400°,  which  we  observe 
by  means  of  the  thermometer,  T.  The  alcohol  changes  to  vapor  and  drives 
out  the  air,  which,  with  the  excess  of  vapor,  escapes  at  a.  When  the  bath 
has  attained  the  requisite  temperature,  we  close  the  opening  a  by  sud- 
denly melting  the  end  of  the  tube  at  a  by  means  of  a  mouth  blowpipe,  and 
as  nearly  as  possible  at  the  same  moment  observe  the  temperature  of  the 
bath  and  the  height  of  the  barometer.  We  have  now  the  globe  filled  with  al- 
cohol vapor  at  a  known  temperature  and  under  a  known  pressure.  Since 
it  is  hermetically  sealed,  its  weight  cannot  change,  and  we  can  therefore 
allow  it  to  cool,  clean  it,  and  weigh  it  at  our  leisure.  This  will  give  us  the 
weight  of  the  globe  filled  with  alcohol  vapor  at  a  temperature  t  and  under 
a  pressure  H.  This  is  the  weight  W  of  [214].  We  also  notice  the  height 
of  the  barometer  H'  and  the  temperature  df  the  balance-case  ^  during  this 
second  weighing,  and  when  we  have  measured  the  capacity  of  the  globe 
V,  we  can  easily  calculate  by  [215]  the  value  of  W".  Knowing  now 
W —  W  +  W",  the  weight  of  alcohol  vapor  which  filled  the  globe  at  f 
and  under  a  pressure  ^cm.,  the  next  step  is  to  find  H''"',  the  weight  of  an 
equal  volume  of  air  under  the  same  conditions  of  temperature  and  pressure. 
By  (241)  the  volume  of  tl^e  globe  at  the  temperature  (  was  V{1  -\-  Kt), 
and  by  substituting  this  in  [21G],  we  get  at  once^  since  A«  =  0, 


X  +  0.00366(  ' 
by  which  we  can  easily,  determine  the  we^t  required.     Tlie  last  step  is 
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to  find  the  capadtj  of  the  globe,  which,  althoagfa  we  hare  snpposed  k 
known,  is  not  actually  ascertained  experimentally  until  the  end  of  the 
process.  For  this  purpose  we  break  off  the  tip  of  the  tube  a  under  mer- 
cury, which,  if  the  experiment  has  been  carefully  conducted,  rushes  in 
and  fills  the  globe  completely.  We  then  empty  this  mercury  into  a  care- 
fully graduated  glass  cylinder,  and  read  off  the  volume.  We  have  now 
all  the  data  for  calculating  the  specific  gravity,  and  the  calculation  may  be 
conducted  precisely  as  on  page  678,  only  substituting  [217]  for  [216]. 

We  have  assumed  that  the  vapor  expelled  all  the  air  from  the  globe, 
and  hence  that  the  globe  fiilled  completely  with  mercury  on  breaking  the 
tip  end  of  the  neck.  This,  however,  is  rarely  the  case ;  there  is  ahnost 
always  left  in  the  globe  a  bubble  of  air,  and  sometimes  the  volume 
of  air  remaining  is  quite  considerable.  In  such  cases,  however,  we  may 
still  obtain  approximatively  accurate  results ;  it  is  only  necessary  to  decant 
the  air  into  a  graduated  bell  over  a  pneumatic  trough,  and  measure  ex- 
actly its  volume,  v,  at  an  observed  temperature,  t",  and  under  a  pressure 
d[  H".  Its  weight,  W^  can  now  be  calculated  by  [215],  and  from  this 
weight  we  readily  deduce  the  weight  of  vapor  which  the  globe  contained 
at  the  moment  of  closing  its  orifice  f  this  weight  of  vapor  was  evidendy 
W—  W*  +  W*  —  TTi.  The  volume  which  the  small  amount  of  air  left  in 
the  globe  occupied  at  the  moment  of  dosing  the  orifice  (that  is,  at  <* 
and  iTc.  m.)  can  also  be  calculated  from  the  formula, 

1+0.063667'   •    X"*  •-        J 

which  can  readily  be  deduced  fV*om  [98]  and  [184].  The  volume  of  the 
balloon  at  this  time  was,  as  we  have  seen,  K(l  +  JTr).  Hence  the  vol- 
ume of  the  vapor  must  have  been  ^(1  -{-Kt)  —  r'.  Substituting  this 
value  for  V{l-{-Ki)  in  [217],  we  get  for  the  weight  of  the  vapor  in  the 
globe  at  the  time  of  closing, 

r.  =  0.0012982  [F(l+jrO-.^]  j^,-^  .  ^•;     [219.] 
and  for  the  specific  gravity, 

Sp.  Gr.  '-—^ i .  j-220.] 

The  results  which  are  thus  obtained  are  not,  however,  perfectly  trustwor- 
thy, and  it  is  always  best  to  avoid  these  corrections  by  so  conducting  the 
experiments  that  only  a  very  small  amount  of  lur  at  most  shall  be  left  in 
the  globe.  This  end  is  secured  by  adapting  the  size  of  the  globe  to  the 
quantity  of  liquid  which  is  available  for  the  determination. 

In  calculating  the  specific  gravity  of  a  vapor  from  the  observed  data,  we 
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mnst  be  careful,  in  the  first  place,  to  reduce  all  the  barometric  heights  to 
O'*  by  Table  XVIII.  In  the  second  place,  the  temperature  of  the  bath,  as 
indicated  bj  the  mercury-thermometer,  must  be  corrected  for  the  part  not 
immersed  [156],  and  the  corrected  temperature  reduced  bj  the  table  <m 
page  439  to  the  true  temperatui^e.  When  great  accuracy  is  required,  it  is 
best  to  measure  the  temperature  of  the  bath  directly  with  an  air-thermome- 
ter. This  is  immersed  in  the  oil  at  the  side  of  the  globe,  and  the  orifices  of 
both  therpaometer  and  globe  are  closed  at  the  same  time  (264).  In  com- 
puting the  results,  we  use  the  formula  [189],  and  without  actually  calcu- 

1  -I—  IC  t 
lating  the  temperature,  substitute  the  value  of      ,  "z^,^^^  in  [217]. 

We  have  assumed  that  the  bath  in  whi^rh  the  globe  is  heated  is  filled 
with  a  fixed  oil,  which  is  the  most  convenient  liquid  if  the  temperature 
required  does  not  exceed  250*.  When  heated  above  this  temperature, 
the  fat  oils  emit  very  disagreeable  vapors ;  and  for  temperatures  between 
250^  and  500°  it  is  necessary  to  fill  the  bath  with  some  easily  fusible 
alloy,  such  as  Rose's  metal  or  soft  solder.  The  pressure  exerted  by  the 
melted  metal  is  necessarily  very  great,  and  tends  to  deform  the  globe, 
BO  that  we  are  obliged  to  abandon  this  method  of  experimenting  as 
soon  as  the  glass  begins  to  soften,  which  takes  place  a  little  above  500^. 
By  slightly  modifying  the  apparatus,  however,  Regnault  has  been  able  to 
obtain  accurate  results  at  temperatures  as  high  as  600°  or  650°.  His 
method,  which  is  only  used  for  substances  which  boil  at  a  very  high  tem- 
perature, is  as  follows. 

The  volatile  substance  is  introduced  into  the  cylindrical  reservoir  a*  1/ 
(Fig.  459)  of  the  tube  a'  d^  which  is  made  of  the  most  infusible  glass,  and 
supported  in  an  iron  frame,  m  mf  m"^  at  the  side  of  a  similar  tube,  a  h. 
This  last  tube,  which  may  be  closed  by  the  stopcock  r,  serves  as  an  air- 
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thermometer.  The  two  tubes  are  heated  together  in  an  air-bath,  made,  as 
represented  in  Fig.  460,  of  two  or  three  concentric  cylinders  of  sheet-iron 
enclosed  in  an  outer  cylindrical  case  of  caBt4ron.  The  frame  m  m"  fits 
the  inner  cylinder/^  h  t,  and  when  in  place  the  metallic  disk  mf*  n"  just 
doses  its  mouth, /t,  leaving  the  ends  of  the  two  tubes  projecting  in  front 
of  the  bath.  This  apparatus  is  heated  in  a  horizontal  position  on  a  semi- 
cylindrical  grate,  and  so  arranged  that  it  can  be  surrounded  with  burning 
coals.  The  temperature  is  first  rapidly  raised ;  but  afier  the  volatile  sub- 
stance has  distilled  over  and  the  excess  has  been  collected  in  the  cold  por- 
tion of  the  tube  c'  i^  the  temperature  is  increased  very  slowly,  and  before 
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the  glass  softens,  the  process  is  ftirested  by  dosing  the  stopcock  of  the  air- 
thermotneler  and  withdrawing  the  frame  with  its  two  tubes  from  the  batL 
We  now  determine  the  temperature  to  which  the  tnbes  were  heated,  b^ 
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the  method  ah«ady  described  in  detail  (2C5).  We  next  ascerttun  the 
weight  of  vapor  which  was  contained  in  the  reservoir  &  6"  at  Uie  moment 
of  withdrawing  the  tube  from  the  air-bath.  For  this  purpoee  we  remove 
the  excess  of  the  substance  which  condensed  in  the  part  of  the  tube  tfil, 
and  then  weigh  the  whole  tube,  first  with  the  substance  it  contains,  and 
.  secondly  after  the  substance  has  been  removed.  The  difference  of  these 
weights  is  the  weight  of  the  vapor  which  filled  the  reservoir  a'i'e'  at  a 
known  temperature  and  pressure.  Lisstly,  to  find  the  volume  of  the  res- 
ervoir, we  determine  the  weight  of  water  which  fills  it  at  a  known  temper- 
ature ;  and  we  then  have  all  the  data  for  calcuhiting  the  specific  gravity 
of  the  vapor.  The  formula  already  given  may  be  ea-sily  modified  for 
the  purpose.  If  the  substance  under  examination  absorbs  oxygen  at  a 
high  temperature,  it  is  best  (o  fill  the  whole  tube  a'  d  with  nitrogen,  and 
to  adapt  with  a  cork  to  the  open  end  a  small  tube  drawn  to  a  pmnt. 

The  use  of  the  air-thermometer  (which  involves  a  great  expendilnre  of 
time)  in  the  determination  of  the  specific  gravity  of  vapors  of  substances 
which  boil  at  a  high  temperature,  is  avoided  in  another  modification  of  the 
general  method  proposed  by  Deville  and  Troost.  They  use  a  glass  bal- 
loon, and  heat  it  in  an  atmosphere  of  vapor  rising  from  boiling  mercury  or 
sulphur.  The  temperature  of  these  vapors  is  so  constant,  that  it  is  not 
necessary  to  use  a  thermometer, — that  of  the  first  at  350*,  and  that  of  the 
second  at  440°.  For  still  higher  temperatures  they  use  a  balloon  of  porce- 
lain, which  is  heated  in  the  vapor  of  boiling  cadmium  (860°)  or  ixitling 
zinc  (1040°) ;  but  for  the  details  of  the  apparatus  and  of  the  method,  we 
must  refer  to  the  original  papers.* 

Method  of  Gay-Liuaae.  —  The  method  of  determining  the  specific 
gravity  of  vapors  just  described  is  hable  to  one  very  serious  source 
of  error.  In  order  to  insure  that  all  the  air  will  be  expelled  from 
the  globe,  it  is  necessary  to  use  a  considerable  amount  of  liquid ;  and 
it  is  evident  that  any  impurity  which  this  liquid  may  contain  will  be 
left  behind  in  the  globe,  and  tend  to  &laify  the  weighL     Thb  source  rf 
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error  la  entirely  avoided  by  a  method  invented  by  Gay-Lnssao;  but 
unfortunately  the  method  is  applicable  only  to  liquids  which  boil  at  a 
comparatively  low  temperature.  It  consists  in  measuring  with  accu- 
nx!j  the  volume  of  vapor  formed  by  a  known 
weight  of  liquid.  The  liquid  is  first  enclosed  in 
a  very  thin  glass  bulb,  A,  Fig.  461,  which  is  her* 
metJcally  sealed,  and  the  weight  of  the  liquid  is 
determined  by  weighing  the  bulb  both  before  and 
after  it  has  been  filled.  This  bulb  is  then  passed 
up  into  a  graduated  bell-glass,  C,  filled  with  mer- 
cury, and  standing  in  an  iron  basin  also  partly 
filled  with  the  same  liquid.  Around  the  bell  is 
placed  a  glass  cylinder,  whose  lower  end,  resting 
in  the  mercury  contained  in  the  basin,  is  com- 
pletely dosed.  This  cylinder  is  filled  with  water, 
and  the  apparatus  thus  arranged  is  mounted  on 
a  charcoal  furnace.  The  glass  bulb  is  soon 
broken  by  the  expansion  of  the  liquid,  and 
when  the  temperature  is  sufficiently  elevated  the 
liquid  changes  into  vapor,  which  depresses  the 
mercury-column.  The  heat  is  still  increased 
until  the  water  in  the  cylinder  boils,  when  the 
bubbles  of  vapor  rising  through  the  liquid  estab- 
lish a  uniform  temperature  of  100°  throughout 
the  whole  mass.  We  then  observe  accurately  the 
volume  of  the  vapor  and  the  pressure  to  which  it  is 

exposed.  To  obtain  the  last,  we  subtract  from  the  height  of  the  barometer, 
H,,  the  difference  of  level  between  the  surface  of  the  mercury  in  the  baun 
and  that  in  the  belL  This  difference  of  level  is  measured  by  a  cathetom- 
eter  with  the  aid  of  the  levetling-screw  r.  Compare  (159).  With  these 
data  we  can  easily  calculate  the  specific  gravity.  We  reduce,  first,  the 
TcJume  of  the  vapor  to  0°  and  76  c  m.  by  [166]  and  [107],  and  we  then 
calculate  the  spedfic  gravity  by  [S5]  and  [58].  For  the  different  pre- 
cantions  required  in  this  process,  and  for  the  slight  variations  required 
under  different  drcumstances,  the  student  is  referred  to  Begnault's  Ele- 
ments of  Chemistry,  American  edition,  Vol.  11.  p.  406. 

(332.)  Vblumei  of  Gases.  —  In  consequence  of  the  very  small 
density  of  gases,  their  Tolumes  can  be  detennined  muoh  more 
accurately  by  measure  than  by  weight.  The  measurement  of  the 
volume  of  a  gas  is  effected  in  eudiometers,  or  graduated  tabes, 
Fig.  462,  which  are  generally  about  2  c.  m.  in  diameter  and  from 
25  c.  m.  to  80  c.  m.  long.    These  tubes  are  frequently  graduated 
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into  cubic  centimetres,  but  it  is  more  accurate  to  divide  them 
into  milliiDetres  aad  to  determine  afterwards  the  corresponding 
Toliunes  by  calibration.  The  graduation  is  easily  made,  with  the 
dividing  machine  before  described,  on  a  thin  coating  of  wax 


spread  over  the  surface  of  tlie  tube,  and  the  divisions  are  afte^ 
wards  etched  with  hydroAaoric  acid.  The  tube  is  then  calibrated 
by  pouring  into  it  repeatedly  the  same  measured  quantity  of 
mercury  tlirough  a  long  funnel,  and  after  each  addition  accu- 
rately noting  the  division  to  which  it  rises  in  the  tube.  From 
these  data  it  is  easy  to  calculate  the  volume  correspondmg  to 
each  graduation  ;  and  a  table  is  then  prepared,  from  which  these 
volumes  can  be  subsequently  ascertained  by  inspection.  The 
measurements  of  gases  are  beet  performed  over  a  small  mercurial 
trough,  like  that  represented  in  Fig.  462,  which  was  contrived  by 
Bunsen,  and  is  admirably  adapted  to  the  purpose.  The  trough  hai 
two  transparent  sides  of  plate-glas^s,  through  which  the  level  of  the 
mercury  is  easily  observed.  The  eudiometer  is  Erst  filled  with 
mercury  by  means  of  a  long  funnel  reaching  to  the  bottom  of  the 
tube;  and  after  closing  its  mouth,  it  is  inverted  and  placed  in  the 
position  represented  in  the  figure,  when  the  gas  can  readily  be 
introduced  from  the  collecting  tubes.  When  practicable,  a  drop 
of  water  is  brought  into  the  head  of  the  eudiometer  before  filling 
it  with  mercury,  so  that  the  collected  gas  may  be  perfectly  eatur 
rated  with  aqueous  vapor. 

Every  determination  of  the  volume  of  gases  requires  the  fol- 
lowing four  primary  observations :  — 
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1.  The  level  of  the  mercury  in  the  eudiometer. 

2.  The  level  of  the  mercury  in  the  trough  measured  on  the  etched 

divisions  of  the  eudiometer. 
8.  The  height  of  the  barometer. 
4^  The  temperature. 

The  eudiometer  is  first  brought  to  a  perpendicular  position  by 
means  of  a  plumb-line,  and  the  observations  are  then  made  by  the 
help  of  a  small  telescope  placed  at  a  distance  of  from  six  to  eleven 
feet.  The  axis  of  the  telescope  is  brought  to  a  horizontal  posi- 
tion, and  all  error  from  parallax  thus  avoided.  It  is  unneces- 
Bary  to  add^  that  the  heights  of  the  mercury  columns  must  always 
be  read  off  at  the  highest  point  of  the  meniscus. 

The  observed  volumes  of  gas  are  reduced  by  calculation  to  the 
volumes  in  a  dry  state  at  0^  and  under  a  pressure  of  76  c.  m.  by 
means  of  the  equation 

Y yt      ^  —  K  —  ^ 

~         (1+0.003660  76 

which  is  easily  obtained  from  [107],  [184],  and  [208].  The 
following  measurements,  by  Bunsen,  of  a  volume  of  air  sat- 
urated witli  aqueous  vapor,  may  serve  as  an  example  of  the 
calculation :  — 


Temperature  of  the  air, 

Lower  level  of  mercury. 
Upper      «  « 

Difference  of  level, 
Beduced  height  h^ 


20^2 

^  m. 

56.59 
31.73 

24.86 

2478 


Height  of  barometer, 
Correction  for  temperature, 

Reduced  height  H^y 
Tension  of  vapor,  ^ 


0.  in* 

74.69 
0«25 

74.44 

1.76 

47.90 


The  division  317.3  oorresponds  to  a  volume  by  table  of 
G>rrection  for  meniscus, 

The  corrected  volume  V\ 

r     ,  •  •  •  •  a 

(1  +0.003660  by  Table  XI., . 

fl  V,  •  a  •  .  • 

Reduced  volume  F=  172.01,  . 


292.7 
0.4 

293.1 


log.  2.46701 

log.  1.68033 

ar.  00.  9.96902 

ar.  CO.  8.11919 


log.  2.23555 

For  the  practical  details  of  the  methods  connected  with  the 
manipulation  and  measurement  of  gases,  we  would  refer  the 
student  to  Professor  Bunsen's  work  on  Gasometry.  This  dis- 
tinguished experimentalist  has  very  greatly  improved  all  thesa 
processes,  and  has  given  them  an  accuracy  unsurpassed  by  any  of 
the  most  refined  methods  of  chemical  investigation.  ' 
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PROBLEMS. 

^grometry, 

378.  A  glass  globe,  having  been  filled  at  0^  and  76  c.  m.  partly  with 
air  and  partly  with  water,  and  afterwards  sealed,  is  heated  to  100^.  Re- 
quired the  pressure  exerted  on  the  interior  surface  of  the  vessel,  provided 
that  there  is  an  excess  of  water  left  in  the  globe. 

879.  What  would  be  the  pressure,  if  ether  were  used  in  the  last  ex- 
ample instead  of  water  ? 

380.  Into  a  vacuous  vessel,  whose  capacity  equals  2.02  litres,  there 
were  introduced  one  litre  of  dry  air  and  sufficient  water  to  leave  after 
evaporation  20  ^m?  in  the  liquid  state.  Required  the  tension  of  the 
mixture  of  air  and  vapor  in  the  interior  of  the  vessel  at  50^. 

381.  A  given  quantity  of  dry  air  weighs  5.2  grammes  at  0^  and  76 
c.  m.  pressure.  What  would  be  its  volume  at  30^  and  77  c  m.  pressore 
when  saturated  with  vapor  ? 

382.  What  is  the  weight  of  a  cubic  metre  of  air  at  30^  and  77  c.  m. 
pressure  ?     The  relative  humidity  of  the  air  is  assumed  to  be  0.75. 

383.  The  volumes  of  air  given  in  the  table  below  were  measured  when 
saturated  with  vapor  at  the  temperatures  and  pressures  annexed.  It  is 
required  to  reduce  these  volumes  to  what  they  would  have  been  at  0^  and 
76  c.  m.  pressure,  had  the  gas  been  perfectly  dry. 


1.  250  575".'    H=- 75.6  cm.    «  «  150. 

2.  120     "        fl'«25.4    "        <  =  20O. 
S.      75     "        IT  =-    5.6    "       t  =  lOO. 


4.  600  STm?    H^  76.8  cm.  I  =    SO®. 

5.  725     "       jff=    5.6    "      t=    200. 

6.  340    "        ir=78       "      t=:-20O. 


384.  The  volumes  of  air  given  in  the  following  table  were  measured 
at  0**  and  76  c.  m.  pressure  when  perfectly  dry.  It  is  required  to  deter- 
mine' what  would  have  been  the-  volume  at  the  temperature  and  pressure 
annexed  were  the  gas  saturated  with  moisture. 


1. 

200  cm.' 

ir  =  76,4cm.  <=  160. 

4. 

75  0,  ni.*  H  =  77.2  cm.  f  » 

-IQO. 

2. 

600  " 

£r=45.5  "   t=  lOO. 

6. 

60  "   H«80.2  "   «« 

-40. 

8. 

25  " 

H^  15.8  "   <«-  130. 

6. 

140  "    5"=  79.4  "   t« 

-100. 

385.  In  the  following  problems  are  given,  first,  the  temperature  of  the 
atmosphere,  <^  ;  secondly,  the  dew-point,  t'^.  It  is  required  to  determine 
in  each  case  the  relative  humidity  of  the  atmosphere  and  the  weight  of 
vapor  in  one  cubic  metre. 


1. 

I-8OO 

V  =  ISO. 

4.  <  =  80O 

a  «  280. 

7. 

<=  00 

l'  =  -40. 

2. 

t  =  200 

r'  =  110. 

6.  t  «  250 

1'  »  200. 

8. 

<«  60 

1'  «-IOO. 

8. 

«=  50 

t'^   00. 

6.  <  «  100 

1'-  60.  . 

9. 

<«41o 

<'-890. 

386.  In  the  following  problems  are  given,  first,  the  temperature  of  the 
dry-bulb  thermometer ;  secondly,  that  of  the  wet-bulb.  Required  in  each 
case  the  relative  humidity  of  the  air. 
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1. 

«=S0O 

«'  =  280. 

4.    <»280 

<'  =  260.7. 

7.    «  »     00  «'  —   -30. 

2. 

<«20O 

«'  «  12®. 

5.    t  «  150 

«'=120J. 

8.    1  =    -60  £'  «    -80. 

3. 

t«  lOO 

<'=    20. 

6.    «  =  12« 

«'=    80. 

9.    t  «  -200  «'  «  -200^ 

887.  Assuming  that  the  air  is  four  fifths  saturated  with  aqueous  vapor 
at  the  temperature  of  20°,  how  much  water  would  fall  from  each  cubic 
metre  if  the  temperature  suddenly  fell  to  11°  ? 

888.  When  the  temperature  of  the  air  was  80°,  the  dew-point  was 
observed  to  be  at  28° ;  the  temperature  of  the  air  suddenly  fell  to  20°. 
How  much  rain  would  faU  on  a  square  kilometre  from  a  height  of  200 
metres,  assuming  that  the  atmosphere  were  of  uniform  density  and  hy- 
grometric  condition  throughout  the  whole  height  ? 

Sources  of  Heat 

889.  How  much  wood  charcoal  must  be  burnt  in  order  to  evaporate  50 
kilogrammes  of  water,  assuming  that  the  water  is  already  at  the  boiling- 
point,  and  that  all  the  heat  evolved  is  economized  in  the  process  ? 

890.  How  much  alcohol  must  be  burnt  in  order  to  melt  5  kilogranmies 
of  sulphur,  assuming  that  the  sulphur  is  already  at  the  melting-point,  and 
that  the  heat  is  all  economized  ? 

891.  How  much  coke  would  be  required  to  raise  the  temperature  of 
the  air  of  a  room  measuring  6  m.  X  7  m.  X  8.5  from  5°  to  25°,  assuming 
that  none  of  the  heat  evolved  was  lost  ? 

892.  How  many  cubic  metres  of  illuminating  gas  (marsh  gas)  must  be 
burnt  to  raise  the  temperature  of  40  kilogrammes  of  water  from  0°  to 
100°  ?     How  much,  in  order  to  convert  the  water  into  steam  ? 

Conduction  of  Heat 
898.  It  is  required  to  make  a  copper  boiler  by  which  100  kilogrammes 
of  water  may  be  evaporated  each  hour.  What  must  be  the  extent  of 
boiler  surface,  assuming  that  the  thickness  of  the  copper  is  2  m.  m.,  and 
that  the  difference  of  temperature  between  the  two  surfaces  of  the  copper 
plate  is  10°  ? 

894.  If  the  boiler  were  made  of  iron  5  m.  m.  thick,  what  must  be  the 
extent  of  the  boiler  surface  ? 

VTEIGHINa  AND  MEASURING. 

Specific  Gravity  of  Solids. 

895.  The  specific  gravity  of  zinc  was  found  to  be  7.1582  when  the 
temperature  of  the  water  was  15°.  What  would  have  been  the  specific 
gravity  at  4°  ? 

896.  The  specific  gravity  of  antimony  was  found  to  be  6.681  when  the 
temperature  of  the  water  was  15°.  What  would  have  been  the  specifio 
gravity  at  4°  ? 


M 

f< 
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397.  The  specific  gravity  of  an  alloj  of  zinc  and  antimonj  was  foond 
from  the  following  data :  — 

Weight  of  the  alloy, 4.4106  gnunmeB. 

specific-grayitj  botde,        .        .        .  9.0560        " 

"  "      full  of  water  at  40,  19^10        «' 

bottle,  alloj,  and  waiter  at  I40.6,  82.8035        " 

398.  Find  the  specific  gravitj  of  metallic  zinc  from  the  following 

data  :  — 

Weight  of  the  zinc, 12.4145  gnumnfiB. 

"  «      bottle, 9.0560        " 

"  "         "      foUofwateratlSO,     .        .        .  19j079O        " 

"  "         "      line  and  water  at  120.4,  .  29.7663        " 

Volume  of  Solids, 

399.  Gold-leaf  is  made  as  thin  as  one  ten-thousandth  of  a  millimete. 
How  great  a  surface  could  be  covered  with  10  grammes  of  such  leaf? 

400.  A  cylinder  of  iron  weighing  21  kilogrammes  is  2.5  m.  high.  What 
is  its  diameter  ? 

401.  The  base  of  the  grand  p^rramid  of  Egypt  measured  23.48  m.  on 
each  side ;  its  original  height  was  146.18  m.  Required  its  weight,  as- 
suming that  it  was  solid,  and  that  the  stone  of  which  it  is  constructed  has 
a  Sp.  Gr.  =  2.75. 

402.  Required  the  price  of  an  iron  pipe,  knowing  that  its  interior  di- 
ameter is  equal  to  0.254m.,  that  its  thickness  equals  0.014  m.  and  its 
length  213.4  m.  The  specific  gravity  of  cast-iron  is  7.207,  and  its  price 
4  cents  a  pound. 

403.  A  silver  wire  1.5  m.m.  in  diameter  weighs  3.2875  grammes.  It 
is  required  to  cover  it  with  a  coating  of  gold  0.4  m.  m.  in  thickness. 
What  will  be  the  weight  of  the  gold  ? 

Volume  ofLiquidsl 

404.  What  is  the  volume  of  40  kilogrammes  of  mercury  at  100^  ?  If 
the  liquid  is  contained  in  a  cylindrical  vessel  6  c  m.  in  diameter,  bow  high 
would  it  stand  above  the  horizontal  base  ? 

405.  A  glass  flask  with  a  narrow  neck  was  weighed  full  of  mercury  at 
the  temperature  of  10*,  and  found  to  weigh  560.234  grammes.  The  flask 
itself  weighed  84.374  grammes.     Required  the  volume  of  the  flask. 

406.  Calculate  the  volume  at  O**  of  the  globe  employed  by  Regnault  in 
determining  the  absolute  weight  of  one  litre  of  air  and  of  other  gases  from 
the  fi>llowing  data  (see  Fig.  454)  :  — 

Weight  of  the  glau  globe  at  40.2  and  75.789  c  m.,       ....    1,258  55  gram. 

"  "  "  after  having  been  filled  with  water  at  00,  .      11,126.05    •* 

Temperatare  of  the  chamber  at  the  time  of  weighing,       ...  6^ 

Height  of  the  barometer  at  the  same  time, 76.177  c.  ■• 

Ana.  9,881.06  ^n} 
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407.  Calculate  the  weight  of  one  litre  of  dry  air  at  0*  and  76  c.  m. 
from  the  following  determination  by  Regnaolt  (329)*  The  globe  used 
was  the  same  as  in  the  last  example. 

Ghbe/uU  of  Air  ond  ntmmnded  b^  L». 

Height  of  barometer  tt  the  thne  of  closing  the  etopoock,  .    76.1 19  cm. 

Weight  added  to  globe  to  equipoise  it  in  balance  (Fig.  858),      .  1.487  gnun. 

Globe  exhautied  of  Air  and  turrounded  by  la. 
Tension  of  air  remaining  in  globe  as  indicated  by  the  manometer  at 

the  moment  of  closing  the  stopcock, 0.843  c.  m. 

Weight  required  for  equipoise, 14.141  gram. 

Ans.  12.7744  gram. 

408.  Calculate  the  weight  of  one  litre  each  of  hydrogen  and  carbonic 
add  at  0^  and  76  c  m.  from  the  following  determinations  of  Begnault 
The  data  are  given  in  the  same  order  as  in  the  last  problenu 

Hydrogen,  Ckahonic  Add, 

Globe  full  of  gas,    Hti    »  75.616    c.  m.  Globe  full  of  gas,  H%   ^  76.304   c.  m. 

W*  =  13.301    gram.  W  -*    0.6335  gram. 

Globe  exhausted,     ho     s    0.340   cm.  Globe  exhausted,  As    »    0.157    cm. 

W"  »  14.1785  gram.  W"  ^  t0.211    gram. 

Ans.  0.88591  gram.  Ans.  19.5897  gram. 

409.  Reduce  the  weights  obtained  from  the  last  two  problems  to  the 
hititade  of  45**  and  the  sea-leveL    See  page  670. 

410.  Reduce  the  weights  to  what  thej  would  be  at  Quito.  Latitude, 
0^  ld'.5.    Elevation  above  sea-level,  2,908  metres. 

411.  In  the  following  table  are  given,  first,  the  volume  of  the  gas ; 

secondly,  the  pressure  to  which  it  is  exposed ;  thirdly,  its  temperature. 

Assuming  that  the  gas  is  saturated  with  vapor  of  water,  it  is  required  to 

calculate  the  weight  in  each  case. 

F.  B,  u 

Air, 245  ^m?  76.12  cm.  ly. 

Hydrogen, 664  "  64.32  <*  120. 

OubonicAcid 202  «  49.20  "  40. 

Chlorine, 60  "  75.89  "  30o. 

Protoxide  of  Nitrogen,        .                .465  **  66.23  "  80. 

Steam,      .                 ...                         600  "  76.54  "  2 IS©. 

Alcohol  Vapor,    .        .        .        .          1,500  "  94.22  "  152o. 

Ether  Vapor, 250  "  75.20  "  100®. 

412.  A  glass  globe  weighed,  when  open  to  the  air,  225.169  grammes ; 
filled  with  water  at  the  temperature  of  0^,  it  weighed  785.169  grammes. 
Required  the  weight  of  air  which  the  globe  would  contain  at  300^  and 
under  a  pressure  of  77  a  m. 

418.  What  is  the  weight  of  one  cubic  metre  of  aqueous  vapor  at  its 
maximum  tension  at  the  following  temperatures :  10%  15*,  120'',  200"^, 
and  250^? 
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414.  What  is  the  weight  of  the  vapor  contained  in  one  cabic  metre  of 
the  atmosphere  under  the  conditions  given  in  problem  385  ? 

Specific  Gravity  of  Gases  and  Vapors. 

415.  Calculate  the  specific  gravity  of  hydrogen  and  carbonic  acid  at 
0^  from  the  data  given  in  problems  407,  408,  and  409. 

41 6.  Ascertain  the  specific  gravity  of  alcohol  vapor  from  the  folbwing 
data:  — 

Weight  of  glass  globe,  W,  .....  60.8039  gnmmes. 

Height  of  barometer,  5"', 74.754    c.  m. 

Tcmperatare,  t', 18°. 

Weight  of  globe  and  vapor,'  Wt         .        •        .        .  50.8245  grammes. 

Height  of  barometer,  H^ 74.764    c.  m. 

Temperature, «, 167°. 

Volume,  F, 351.5      cTml' 

417.  Ascertain  the  specific  gravity  of  camphor  vapor  from  the  folbw- 
ing data :  — 

Weight  of  glass  globe,  Wf 50.1342  grammea. 

Height  of  barometer,  ^',  .        .  •     .  .  74.2       cm. 

Temperature,  t' 13°.5. 

Weight  of  globe  and  rapor,  TV,        ...        .  50.8422  grammes. 

Height  of  barometer,  H^ 74.2       cm. 

Temperature,  <, 244°. 


Volume,  r, 295 
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Volume  of  Gtises. 

418.  A  volume  of  air  saturated  with  moisture  gave  the  following  meas- 
urements.   Reduce  to  the  standard  temperature  and  pressure. 

Level  of  mercury  in  pneumatic  trough,        •        .        •        .  52^  c  m. 

"  "         eudiometer, 24.25     " 

Volume  corresponding  to  24.25  dimion,     •        •        •        .  350    cTm? 

Temperature  of  the  air,    ...••.•  15°.4. 

Height  of  barometer, 76.54  c  m. 

419.  A  volume  of  air  saturated  with  moisture  at  3M  and  57.59  a  m- 
pressure,  was  found  to  measure  868.9  c.  m.'-  After  absorbing  the  oxygen 
with  a  paper  ball  moistened  with  pyrogallate  of  potash,  and  drying  the 
residual  gas  with  a  ball  of  caustic  potash,  it  was  found  to  measure  813.8 
cm~.^  the  temperature  being  8^.1  and  the  pressure  58.58  c.  m.  Required 
the  percentage  composition  of  the  gas. 

420.  A  volume  of  gas  (choke-damp),  measured  moist  at  13.*^5  and 
62.40  pressure,  was  found  to  be  171.2  cTm.'*  After  absorbing  the  car- 
bonic acid  with  a  ball  of  caustic  potash  and  drying  the  gas,  it  was  found 
to  measure  167.8  c  m.',  the  temperature  being  18.5^  and  the  pressure 
61.96  c  m.  Finally,  afler  absorbing  the  oxygen  with  pyrogallate  of  pot- 
ash, and  drying,  the  gas  was  found  to  measure,  at  18^.9  and  60.58  c.  m. 
pressure,  147  cTm.^     Required  the  percentage  composition  of  the  gas. 
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TABLES^ 


TABLE    I- 
MEASURES   AND   WEIGHTS. 

ENGLISH   MEASURES. 

Measures  of  Length, 

The  inch  is  the  smallest  lineal  integer  now  used.  For  mechamcal 
purposes  it  is  divided  either  duodecimall^  or  by  continual  bisection ;  but 
for  scientific  purposes  it  is  most  convenient  to  divide  it  decimallj.  The 
larger  units  are  thus  related  to  it :  — 


]fIte«7wloB0i.Gh«lBa.   B4>di.     Inttaoipi.        Tudi«          VMt 

1  »  8  »•  80  -«  320  —  880     —1760    —5280 
1  —  10—40  —  110     —  220   —  660 

Lliiki.          IholMf. 

—8000  —63360 
—1000  —  7920 

1»     4—    11     -*    22   —     66 
1»     2.75—      5.5—     16.5 

•-  100  —     792 
—     25  —     198 

1-2—6 
1   —      3 

1 

-  9A-       72 

-  4A-      36 

-  1J3-       12 

.000125— .001— .01— .04—    .11—      .22—      0.66—      1  —        7.92 

Measuret  of  Surface* 

Aen.               Itoodf.        SqtuM  Cbalni.      SqnanTaidf.  BnuKnTttk. 

1      —       4      —       10       —     4840     —  43,560 

1       .        2.5     —     1210     —  10,865 

1        »       484     —  4,356 

1     -  9 

Measures  of  Volume* 


ObbkTarf. 

CabloV«e(. 

OuMflhwlii 

1           — 

27            — 

46,656 

1           — 

1,728 
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Imperial  Meature* 

The  Imperial  Standard  Gfdlon  contains  ten  pounds  ayoirdupois  weight 
of  distilled  water,  weighed  in  air  at  62®  Fahr.  and  30  in.  Barom.,  or  12 
pounds,  1  ounce,  16  pennyweights,  and  16  grains  Troy,  —  70,000  grains' 
weight  of  distilled  water.  A  cubic  inch  of  distilled  water  weighs 
252.458  grains,  and  the  imperial  gallon  contains  277,274  cubic  inches. 


Or. 


DtottUed  Water. 

CaUe  InchM. 

Pint 

Qnut. 

OalU. 

Pwki.   ] 

Gnlni.            1 

iToir.  lb. 

ivs 

8,750  — 

1.25 

»—          34.659 

mm 

1 

17,500  — 

2.5 

—        69.318 

— 

2  — 

1 

70,000  — 

10 

—     277.274 

— 

8  — 

4  — 

1 

140,000  — 

20 

—      554.548 

i« 

16  — 

8  — 

2  — 

1 

560,000  — 

80 

—  2,218.192 

— 

64  — 

32  — 

8  — 

4- 

1 

4^480,000  — 

640 

-17,745^136 

— 

512  — 

256  — 

64  — 

32- 

8 

Apothecaries'  Measure. 

The  gallon  of  the  former  wine  measure  and  of  the  present  Apotheca- 
ries' measure  contains  58,333.31  grains'  weight  of  distilled  water,  or  231 


ciiDic  incnes,  uie  r»uo  w»  uic  uupcr 
0.8331  to  1. 

ICU  glUlUU  UVJ 

iig  udirijr  us  u  lo  o,  ur  OS 

Qallon.         Pintf.         Oaneeg.          Dnduni. 

MIltllM, 

Or.of  1MBt.Wftfc.    Cab.lBe]L 

1     —    8    —    128    —    1024 

—    61,440 

—    58,333.31  —  231 

1    »      16    —      128 

—      7,680 

—      7,291.66  —    28.8 

SI—          8 

—         480 

—         455.72  —      1.8 

51 

—           60 

—          56.96  —      0.2 

1      — 
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Avoirdupois  Weight 


timeM. 

Dmehmf. 

OnfaM. 

16 

»• 

256 

»• 

7000 

1 

». 

16 

mm 

437.5 

1 

«. 

27.34375 

1     — 


Apothecaries*  Troy  Weight. 


UWM. 

Draehms. 

Beraptot. 

GialBiL 

12 

—       96       — 

288 

— 

5760 

1 

—         8       — 

24 

». 

480 

1       — 

3 

mm 

60 

1 

»s 

20 
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1  Kilometre 

.1  Hectometre 

1  Decametre 

1  Metre 

1  Kilometre 

1  Metre 

1  Centimetre 


FRENCH   MEASURES. 
Afeawres  of  Length, 


1000  Metres. 
100       « 
10       " 
1       « 


0.62U  Mile. 
3.2809  Feet. 
0.3937  Inch. 


1  Metre  «« 

1  Decimetre  ^-s 

1  Centimetre  » 

1  Millimetre  >— 

Locarlthms. 

9.793  3712 
0,515  9930 
9.595  1742 


1.000  Metre. 
0.100      " 
0.010      « 
0.001      « 

Ar.  Co.  Lof . 

0.20G  6188 
9.484  0070 
0.404  8258 


/ 


Measures  of  Volume* 


1  Cubic  Metre 
1  Cubic  Decimetre 
1  Cubic  Centimetre 


1000.000  Litres. 
1.000      " 
0.001      « 


Logurithmi. 

1  Cubic  Metre  —  35.31660  Cubic  Feet  1.547  9790 

1  Cubic  Decimetre  ->  61.02709  Cubic  Inches.  1.785  5226 

1  Cubic  Centimetre  —    0.06103      «  «  8.785  5226 

1  Litre  —    0.22017  Gallon.  9.342  7581 

1  Litre  —    0.88066  Quart.  9.944  8083 

1  Litre  —    1.76133  Pints.  0.245  8407 


Ar.  Co.  Lof  . 

8.452  0210 
8.214  4774 
1.214  4774 
0.657  2419 
0.055  1917 
9.754  1593 


FRENCH  WEIGHTS. 


1  Kilogramme    »>1000  Grammes. 
1  Hectogrammes-  100         <' 
1  Decagramme  -«     10        ^ 
1  Gramme         a.       1         << 


1  Gramme        •■  1.000  Gramme. 
1  Decigramme  »•  0.100        ^ 
1  Centigramme  »>  0.010 
1  Milligramme  —  0.001 


u 


u 


LogariUunt.       Ar.  Go.  Log. 

1  Kilogramme  =  2.20462  Pounds  Avoirdapois.     0.3433337  9.6566663 
1  «  =  2.67922      «      Troy.  0.4280088  9.5719917 

1  Gramme      =15.43235  Graihs.  1.1884321  8.8115679 


TABLE  FOR  THE  REDUCTION  OF  THE  BAROMETRIC  SCALE. 


28  inch.  =  71.1187  cm. 

29  "  =73.6587  ** 

30  ^     =76.1986  « 

31  «  =78.7386  « 


71  cm. 

72  " 

73  « 

74  « 


27.953  inch. 
28.347  « 
28.741  « 
29.134  « 


75  cm.  =  29.528  inch. 

76  "    =29.922    « 

77  «    =30.315    « 

78  «    =30.709    « 


1  inch  =  2.539954  c  m. 


I 


1  c  m.  =  0.3937  inch. 
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TABLES. 


LOGARITHMS 

FOR  REDUCmO   THE    MOST    COMKON   WEIGHTS   AND   MEASURES. 

Ifeasures  of  Length* 


Metre. 


0. 

0.511  6687-1 
0.499  8277-1 
0.496  7270-1 
0.4S4  0071-1 


Puislan  Foot. 

Anstiten  Foot. 

Prnnluk  Foot. 

AigUahFoot 

0.488  8313 

0.500  1723 

0.503  2780 

0.515  9929 

0. 

0.011  8410 

0.014  9417 

0.027  661S 

0.988  1590-1 

0. 

0.003  1007 

0.015  8206 

0.985  0583-1 

0.996  8998-1 

0. 

0.012  7199 

0.97a  8884-1 

0.984  1794-1 

0.987  2801-1 

•. 

JIfeasures  of  Surface. 


Square  Metre. 

Pariefaui  8q.  Fool  ;  Auetrfan  8q.  Foot. 

ProHlniSq.root. 

EogUsh  Sq.  Fool. 

0. 

0.023  8373-1 
0.999  6355-2 
0.998  4540-2 
0.968  0143-2 

0.976  6625 

0. 

0.976  8180-1 
0.9701166-1 
0.944  6768-1 

1.000  3445 
0.023  6820 

0. 

0.998  7986-1 

0.968  8588-1 

1.006  5459 
0.029  8834 
0.006  2014 

•. 

0.974  6602-1 

1.081  9857 
0.055  3232 
0.031  6412 
0.025  4388 

Mecuures  of  Volume, 


CaUo  Metre. 

Parifian  Cub.  Foot 

Anetrian  Cub  Foot 

PnuebQ  Cab.  Foot. 

SugUehCnb  Foot 

0. 

1.464  9988 

1.500  5168 

1.509  8189 

1.547  9786 

0.585  0062-2 

0. 

00)85  5280 

0.044  8251 

0.082  9848 

0.499  4832-2 

0.964  4770-1 

0. 

0.009  3021 

0.047  4618 

0.490  1810-2 

0.955  1749-1 

0.990  6979-1 

•. 

0.038  1597 

0.452  0214-2 

0.917  0162-1 

0.952  5382-1 

0.961  8408-1 

•. 

WeighU* 


Kilogramme. 

Avtftriaa  Poand. 

Pnuelaa  Pound. 

Bag  Troy  Pound. 

Sngitnh  Poond 
AmudafMS. 

•. 

0.251  8027 

0.830  0224 

0.428  0208 

0.343  3453 

0.748  1973-1 

0. 

0.078  2197 

0.178  2182 

0.091  5426 

0.669  9776-1 

0.921  7803-1 

0. 

0.097  9984 

0.018  3229 

0.671  9792-1 

0.828  7818-1 

0.902  0016-1 

•. 

0.915  3244-1 

0.656  6547-1 

0.908  4574-1 

0.986  6771-1 

0.084  6756 

•. 
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TABLE    II. 

SPECIFIC  GRAVITY  AND  ABSOLUTE  WEIGHT  OF  ONE  LITRE  OF 
SOME  OF  THE  MOST  IMPORTANT  GASES  AND  VAPORS. 

Calculated  tor  trb  Latitudb  of  Washikgtok. 


NuMt  of  Gmm. 

«g 

8p.  Or. 
ObflVfiBA. 

8p.  Or. 
kSomiMitod. 

Wdghtof 
l^OOOcB.' 

Logarithms. 

Ar.  Co. 
Logutthmt. 

Air, 

1 

1.00000 

1.29206 

0.111282 

9.888718 

Alcohol, 

1.612 

1.58988 

2.06367 

0.812610 

9.687490 

AmmoBuigai^  . 

0.6M7 

0.58788 

0.76893 

9.880201 

0.119799 

Antimony,     . 

16.90828 

21.84640 

1.889380 

8.660620 

Antimonide  of  hydrogen, . 

4.33072 

6.59664 

0.747842 

9.262168 

Arsenic, 

10.66 

10.86558 

13.89285 

1.126873 

8.873127 

Arsenide  of  hydrogen, 

2.696 

2.69504 

8.48216 

0.641847 

9.468158 

Boron,   i        •        .        • 

IJM46 

1.9-1643 

0.289288 

9.710762 

Broinine,  .       •        .       • 

/^ 

6.64 

6.62827 

7.14286 

0.863872 

9.146128 

Bromohydric  ncid» 

2.79870 

8.61607 

0.658287 

9.441768 

Carbon,     .        .        •    '   • 

0.8469* 

0.82924 

1.07148 

0.029968 

9.970087 

Carbonic  add. 

2 

1.6290S 

1.62181 

1.96488 

0.298216 

9.706786 

Carbonic  oxide, 

2 

0.96779 

0.96746 

1.23000 

0.096910 

9.903090 

Chlorine, 

2 

2.47 

2.46817 

8.16964 

0.601010 

9.498990 

Chloride  of  boron,    . 

8.942 

4X)6686 

6.24107 

0.719420 

9.280580 

Chloride  of  silicon. 

6.9S9 

6.87880 

7.68928 

0.880201 

9.119799 

Chlorohydric  acid,    . 

1.2474 

1.26114 

1.62947 

0.212046 

9.787956 

1.8064 

1.79669 

2.82143 

0.865765 

9.634246 

Cyanohydric  acid,     • 

0.9476 

0^3290 

1.20536 

0.081  lf6 

9.918884 

Ether,    .... 

2.586 

24^5689 

8.80365 

0.618994 

9.481006 

Fluorine,  .... 

1.81297 

1.69643 

0.229686 

9.770464 

Flnoride  of  boron. 

2.8124 

2JI4608 

8.08127 

0.481625 

9.518876 

Fluoride  of  silicon,  . 

8.600 

8.69838 

4.64287 

0.666786    9.883214 

Fluohydric  acid,    . 

0.69104 

0.89286 

9.950782     0.049218 

Hydrog^en,         •        . 

0.06926 

0.06910 

0.08929 

8.960782     1.049218 

1 

Iodine,  .        •       •        . 

8.716 

8.77614 

11.88980 

1.054686  :  8.946414 

lodohydric  add. 

4.443 

4.42262 

5.71429 

0.756962 

9.243088 

Marsh  gas,    . 

0.5676 

0J»5283 

0.71429 

9.868872 

0.146128 

Mercory,  •       •        ■       • 

6.976 

6^1035 

8.92858 

0.960782 

9.049218 

Nitrogen, 

0.97187 

0.96745 

1.25000 

0  096910 

9.908090 

Nitrous  oxide,  • 

1.5269 

1^2028 

1.96429 

0.298205 

9.706795 

Nitric  oxide, 

1.0888 

li>3656 

1.88928 

0.126873 

,  9.878127 

Olefiantgas,     . 

0.9862 

0.96746 

1.25000 

0.096910 

9.908090 

Oxygen, 

1.10368 

1.10566 

1.42857 

0.164902 

9.845098 

Phosphomi^ 

4.42 

4.28442 

6.68671 

0.748174 

9.236826 

Phosphide  of  hydrogen, 

1.178 

1.17476 

1.61786 

0.161281 

9.818769 

Selenium, 

6J»2827 

7.14286 

0.868872 

9.146128 

2JMI286 

8.75000 

0.674081 

9.425969 

Sulphur,    .        •       •       . 

2.2 

2.21182 

2.85714 

0.466932 

9.644068 

Sulphide  of  hydrogen,  . 

1.1912 

1.17476 

1.51786 

0.181281 

9.818769 

Sulphurous  acid. 

2 

2.247 

2.21181 

2.86714 

0.465982 

9.544068 

Water,  .... 

2 

0.6286 

0.62198 

0.80357 

9.906023 

0.094976 

*  CompaM  from  tho  ipMifle  gimTity  of  earboolo  sold,  obMnred  by  B«gnMilt 
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TABLES. 


TABLE    III. 

SPECIFIC  GRAVITIES  OF  GASES  AT  0«>C.;   BAROMETER,  76 cm. 


Nmum. 

SpacMo 

OniTity  bj 

Obsenratioii. 

Speelflo 
Gnritr  bj 
CiUcalatkm. 

Obwutm. 

Air, 

1.000 

[ganlt 

Oxygen, 

1.106 

•    . 

Dumas  and  Boossin- 

Hydrogen, 

0.0691 

•    • 

€<                «                l< 

Marsh  gas, 

0.555 

0.559 

Thomson. 

Methyle, 

•   . 

0.490 

Olefiantgas,        .... 

0.978 

0.980 

Th.  de  Sanssnre. 

Bicarbide  of  hydrogen   of  Fara- 

day,          

1.920 

1.960 

Faraday. 

Phosphide  of  hydrogen, 

1.214 

1.193 

Domas. 

Arsenide  of  hydrogen, 

2.695 

2.695 

(1 

Chlorine, 

2.470 

•   • 

Gay-Lossac  &  The- 

Oxide  of  chlorine,  or  hypochloric 

[nard. 

acid, 

•    • 

2.340 

UypochloroQS  add  of  Balard, 

•   • 

2.980 

Nitrogen, 

0.972 

.   . 

Dnmas  and  Boossin- 

Protoxide  of  nitrogen, 

1.520 

1.526 

Colin.             [gault 

Dentoxide  of  nitrogen,  . 

1.0888 

1.036 

Berard. 

Cyanogen,          .... 

1.806 

1.818 

Gay-Lnssac 

Chloride  of  cyanogen,    . 

•   . 

2.116 

c< 

Ammonia,  ..... 

0.696 

0.691 

Biot  and  Arago. 

Oxide  of  carbon,    .... 

0.957 

.   . 

Cmikshanck. 

Carbonic  acid,     .... 

1.529 

.   • 

Dumas  and  Boussin- 

Chloro-carbonic  acid, 

.   . 

8.899 

[gaulL 

Sulpharous  acid,     .... 

2.284 

•   • 

Thenard. 

Acid,  chlorohydric,     . 

1.247 

1.260 

Biot  and  Arago. 

bromohydric, .... 

.   . 

2.781 

iodohydric, 

4.448 

4.850 

Gay-Lussac 

sulphohydric, 

1.191 

•   • 

Gay-Lnssac  &  The- 

selenohydric, 

•   . 

2.795 

Bineau.           [nard. 

tellurohydric, 

a       • 

4.490 

'« 

flaoboracic, 

2.371 

•  • 

John  DaTj. 

flaosilicic,       .... 

8.573 

•   • 

€i 

chloroboracic,     . 

8.420 

•   • 

Dnmas. 

Monohydrate  of  methyle, 

1.617 

1.601 

Dumas  and  Peligot 

Chlorohydrate  of  methyle, 

1.781 

1.737 

U               it               If 

Fluohydrate  of  methyle, 

1.186 

1.170 

U             flC               « 

TABLES. 
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TABLE    IV. 

SPECIFIC   GRAVITIES  OF  VAPORS   REDUCED   BY  CALCULATIOH 

TO  oo  C,  AND  BAROMETER  76  c.  m. 


Spwdlle 

SpeoUe 

NaoMi. 

OrmTlfey  bj 

Onylky  bj 

OtmrruB. 

ObMrration. 

OricutotkHK 

Air, 

1.000 

Bromine,     .        •        .        .        . 

5.540 

5.890 

MitscfaerUch. 

Iodine, 

8.716 

8.700 

Sulphar, 

6.617 

6.650 

H 

Phosphonu, 

4.420 

4.820 

tt 

Anenic, 

10.600 

10.360 

MitscherUch. 

Mercarj, 

6.976 

6.970 

Dumas. 

Add,  anenioos, .... 

13.850 

13.300 

MitscherUch. 

salphuric  anhjdroiis, 

3.000 

2.760 

M 

4.030 

•  . 

« 

—  hyponitroui,  .... 

1.720 

«  • 

« 

1.270 

*   • 

Binean. 

Yellow  chloride  of  snlphor,    . 

4.700 

4.650 

Red  chloride  of  sulphur,     . 

8.700 

«   • 

it 

Protochloride  of  phoBphonu, 

4.870 

4.790 

it 

Chloride  of  arsenic,    . 

6.300 

6.250 

a 

Iodide  of  arsenic,  .... 

16.100 

15.640 

Mitscherlich. 

8.850 

8.200 

M 

Bichloride  of  mercniy,  . 

9.800 

9.420 

« 

Protobromide  of  mercury,  . 

10.140 

9.670 

tt 

Deutobromide  of  mercniy,     . 

12.160 

12.370 

U 

15.600 

15.680 

tt 

Sulphide  of  mercuiy  (cinnabar),    • 

5.500 

5.400 

tt 

Protochloride  of  antimony, 

7.800 

•   . 

« 

Protochloride  of  bismuth. 

11.100 

10.990 

Jacqoelain. 

Peioxichloride  of  cfaromiam, 

(    5.520) 
I    5.900) 

5.500 

Binean  and  Walter. 

Bichloride  of  tin,   . 

9.199 

8.990 

Dumas. 

Solid  chloride  of  cyanogen, 

6.890 

.   • 

Binean. 

Bromide  of  cyanogen,    . 

8.610 

•  • 

M 

Chloride  of  silicon,     . 

5.989 

5.959 

Dumas. 

Camphor, 

5.468 

5.314 

tt 

Oil  of  turpentine, 

4.768 

4.765 

tt 

Benzine, 

2.770 

2.780 

Mitscherlich. 

Naphthaline,       .... 

4.528 

4.498 

Dumas. 

Chloride  of  elayle. 

8.448 

8.450 

Gay-LosiaCi 

Sulphide  of  cariwn,    . 

2.644 

.  • 

u 

Alcoholy 

1.6188 

1.601 

M 

Ether, 

2.586 

2.588 

U 

—  acetic, 

8.067 

8.066 

Dmnai  &  Bonllay. 

5.067 

5.061 

tt                u 

6.409 

5.240 

U                     it 
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TIALBB. 


8p«eift» 

fipMifle 

NaiBM. 

OnTltjr  hj 

Onritj  by 

Obsama.          \ 

ObMrradon. 

Calealatkm. 

Methylic  alcohol,    •        »        .        . 

1.120 

MIO 

Dumas  and  Peligot. 

8alphate  of  methyle,  . 

4.565 

4.370 

«            i( 

Acetate  of  methyle. 

2.563 

2.570 

u                     t* 

Fusel  oil, 

S.147 

3.070 

Dumas. 

Acetone,         •        .        .        .        . 

2.019 

2.020 

« 

Mercaptan,         .... 

2.326 

2.160 

Bnnsen. 

Aldehjde 

1.582 

1.580 

Liebig. 

Oil  of  bitter  almonds, 

■  • 

3.708 

WohlerandLiebig. 

Hydniret  of  salicyle, 

4.270 

4.260 

Piria. 

Oil  of  cinnamon, 

•  • 

4.620 

Dumas  and  Peltgot 

Oil  of  cumin,         .... 

6.200 

5.100 

Geriuurdt  and   Ct- 

Acid,  acetic,        .... 

2.770 

2.780 

Dumas.         pioon. 

4.270 

4.260 

<i 

yalerianic,  .... 

8.680 

3.550 

Dumas  and  Stas. 

cyanohydric,  .... 

0.947 

0.986 

Gay-Luasac 

Kakodyle,   .        .        .        «        . 

7.100 

7.280 

Smseii. 

Oxide  of  kakody1«, 

7.650 

7.830 

M 

Cyanuret  of  kakodyle. 

4.630 

4.540 

M 

Chloride  of  kakodyle,     . 

4.560 

4.800 

t* 

Water, 

0.6235 

0.624 

Oay-Lussac 

TABLE    V. 

SPECIFIC  CHRAVITT  OF  LIQUIDS  AT  4«  C. 


Num. 

8p.  OxmTl^. 

Num. 

fij^Otatlty. 

Water,  distilled, 

1.000 

£ther,    .... 

0.715 

Bromine,     . 

2.966 

0.874 

Mercury  at  0®  0.,  . 

13.596 

0.868 

Add,  sulphuric,  most  con- 

Methylic aksoMi 

0.798 

centrated,  • 

1.841 

Fusel  oil, 

0.818 

hyposnlphuric,    . 

1.347 

Acetone,    •       .       . 

0.792 

1.451 

Mercaptan,   . 

0340 

— —  nitric  tetrahydmted, 

1.426 

Oil  of  turpentinfl^ 

0J69 

nitric  of  commerce. 

1.220 

^  of  citron. 

0.847 

hyponitric, 

1.451 

Aldehyde, . 

0.790 

Oil  of  bitter  almonds, 

1.043 

trated  liquid, 

1.208 

•—  of  spirsea, 

1.173 

—  acetic  monohydrated, 

1.068 

•i— of  cumin,    . 

0.969 

-^  aoetiCfgrettestdemity, 

1.0V9 

^—  of  chmamon,  . 

1.010 

oleic,      .       .       * 

0.898 

Seapwater, 

1.026 

cyanohydric, 

0.696 

Milk,    .... 

1.0SO 

Sulphide  of  carbon, 

1.268 

Wine  of  Bordeaux,  % 

0.994 

PK»tocbloridft  of  sniphnr, 

1.680 

■    ■     of  Burgundy,     . 

0.991 

Alcohol,  absolute,  . 

0.792 

Olive^il,  •        «        • 

0.915 

Kaphtfaak 

0.847 

(hyd.ofRadbeii^), 

0.927 
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TABLE    VI. 

SPECIFIC  GRAVITY  OF  SOLIDS  AT 

1.  Simple  Bodte$. 


40  C. 


Iodine,    . 
Snlphmr, 
Seleniam, 
Photphonu, 
Anenic, . 


^    ,       \  Dliiiioiidi,  • 
Carbon,  < 

(  Graphifee, 
Potassium,  . 
Sodium, . 
Manganese, 
Iron, 

cast,    .        » 

Steel,  not  hammered. 
Zinc,    .        *        »        . 
Cadmium,  hammered, 
Tin,     .        •        •        • 
Cobalt,  cast,    .       • 
Nickel,  cast, 
— — —  forged,         * 


I 


Molybdenum,      .... 
Tungsten,        .        •        .        . 

Chromium, 

Antimony,      .        *        •        . 

Titanium, 

Tellurium,       .... 

Uranium, 

Bismuth,         .... 

Lead,  cast, 

Copper,  cast,  .... 

rolled  or  forged,     . 

Mercury  at  0*>,        .        .        . 

Osmium, 

Iridium  (cast  by  electric  battery). 

Palladium, 

rolled,    . 

Rhodium, 

Silver,  cast,     .        •        .        . 
Gold,  foraged,       .... 

cast,        .... 

Platinum, 

— —  rolled,     . 


Speeiflo  OnTltj. 


4.948 

2.066 

4.800 

1770 

6.670 

8.680 

8.600 

2.600 

0.865 

0.972 

8.010 

7.788 

7.200 

7.810 

7.190 

8.690 

7.291 

7.812 

8.279 

8.666 

8.600 

17.600 

6.900 

6.720 

6.800 

6.240 

9.000 

9.822 

11.850 

8.860 

8.950 

18.598 

10.0001 

18.680 

11.800 

11.800 

11.0001 

10.470 

19.860 

19.260 

21.680 

22.060 


I   ■ 


ObsBiwn. 


Gay-Lussac 
Leroyer  &  Dumas. 


Herapath. 
Leroyer  &  Dumas. 


Gay-Ltts.  and  Then. 


ff 


« 


Fr^rei  d'fichnyart. 


Bucholz. 

Fr^res  d^Cchuyart 


Children. 


59 
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TABLES. 


2.  Binary  Oony^oundi. 


NunM. 

Bprclfle  O/mftty. 

/  QoartE  hjalin.. 

2.653 

BL* 

Add,  silicic, )  Agate, .... 

2.616 

M. 

(  Opal  (siL  hyd.),       .        . 

2.260 

M. 

hydrated  boraac  (sassoline), 

1.480 

11 

Lime, 

3.160 

Boullay. 

Chloride  of  calciam,    .... 

2.280 

u 

Flaoride  of  caldam  (flaoivspar), 

8.200 

M. 

Chloride  of  bariairii     .... 

8.000 

Boullay. 

Chloride  of  potauiam,    .... 

1.836 

WenzeL 

Iodide  of  potaMium 

8.000 

Boullay. 

Chloride  of  sodiam,         .... 

2.100 

BUrwan. 

Chloride  of  ammoniam  (sal.  ammoniac), 

1.620 

M. 

/  Corandixm,  sapphire,  and  on- 

Alumina, )     ental  ruby, 

4.160 

M. 

\  Emery,      .       •       •        . 

8.900 

M. 

Acid,  arsenious, 

8.700 

Leroyer  &  Dnmaa. 

Protoxide  of  antimony. 

6.778 

Boullay.  . 

Sulphide  of  antimony,    .... 

4.884 

M. 

Oxide  of  silver, 

7.260 

Boullay. 

Sulphide  of  silver, 

7.200 

M. 

Cliloride  of  silver,       .... 

6.648 

Boullay. 

Iodide  of  silver, 

6.614 

€t 

Deutoxide  of  mercnry,        • 

11.000 

U 

Protochloride  of  mercniy, 

7.140 

u 

Bichloride  of  mercury, 

6.420 

li 

Deutoiodide  of  mercury, . 

6.320 

ii 

Protoiodide  of  mercury, 

7.760 

€t 

Bisulphide  of  mercury,    .... 

8.124 

U 

Oxide  of  bismuth,        .... 

8.968 

It 

Sulphide  of  bismuth,       .... 

6.640 

M. 

Sulphide  of  molybdenum,   . 

4.600 

M. 

Tungstic  add, 

6.000 

M. 

Protoxide  of  copper,    .... 

6.800 

Boullay. 

Deutoxide  of  copper,      .... 

6.180 

M 

Protosulphide  of  copper, 

6.690 

M. 

Deutoxide  of  tin, 

6.700 

M. 

Protosulphide  of  tin,    .... 

6.267 

Boullay. 

Bisulphide  of  tin, 

4.416 

M 

Protoxide  of  lead  (cast),      . 

9.600 

4* 

Peroxide  of  lead, 

9.200 

U 

Iodide  of  lead, 

6.100 

M 

Selenide  of  lead 

7.690 

1£ 

Sulphide  of  lead  (Galena),  . 

7.680 

M. 

Oxide  of  zinc, 

6.600 

Boullay. 

Sulphide  of  zinc  (blende),    . 

4.160 

M. 

*  M.  todhattes  tlw  nmnbwi  trian  firoa  the  «« Tialt4  d>  Wn^mkigto »»  of  Bwidani.   TIm 
■fnanUy  bMn  mad. 
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H— . 

BpwUle  OxmTity. 

ObMmn. 

Peroxide  of  iron, 

6.225 

Boollay. 

Magnetic  oxide  of  iron, 

6.400 

(( 

Bisnlphide   of   iron 

# 

Sulphides  of  iron, ' 

(pyrites),  . 
Do.  (white  pyrites), . 

5.000 
4.840 

M. 
M. 

Magnetir  pyrites, . 

4.020 

M. 

Peroxide  of  manganese,  .        .        .       • 

4.480 

BooUay, 

Seeqnioxide  of  manganese,  • 

4.810 

M. 

Bed  oxide  of  manganese, 

4.722 

M. 

Protosniphide  of  manganese. 

3.960 

M. 

Peroxide  of  titaninm  (rntile),         • 

4.250 

M. 

3.  Sin^ 

SalU. 

NUMi. 

Bpaelilo  Onvl^. 

Ob.«». 

C«bon.ttofLime.P«''"'*^P"'        ' 

( Amgonite, 

2.723 
2.946 

Mains. 
Thenard. 

Carbonate  of  magnesia  (giobeitite). 

2.880 

M. 

Carbonate  of  iron  (iron  spar), 

8.850 

M. 

Carbonate  of  manganese. 

8.550 

M. 

Carbonate  of  zinc 

4.500 

M. 

Carbonate  of  barytes,      .... 

4.300 

M. 

Carbonate  of  strontia, 

8.650 

M. 

Carbonate  of  lead  (white  lead). 

6.730 

M. 

Sulphate  of  baryta  (heavy  spar). 

4.700 

M. 

Sulphate  of  strontia  (celeitine), 

3.950 

M. 

Sulphate  of  lead,          .... 

6.300 

M. 

Sulphate  of  silver, 

5.340 

Karsten.    * 

8,dph^anune.{5;j[;^'   "       '  , 

2.900 
2.830 

M. 
M. 

Sulphate  of  potash 

2.400 

M. 

Anhydrous  sulphate  of  soda,  .        • 

2.630 

Karsten. 

Chromate  of  potash,    .        .        •        • 

2.700 

Kopp. 

Chromate  of  lead  (native). 

6.600 

M. 

Nitrate  of  potash,         .... 

1.930 

M. 

Nitrate  of  baryta, 

8.185 

Kar8tea« 

Nitrate  of  strontia,       «... 

2.890 

« 

Nitrate  of  lead, 

4.400 

<t 

Molybdate  of  lead 

6.700 

Gmelin. 

Tungstateoflead, 

8.000 

« 

Tungstate  of  lime,       .... 

6.000 

Karsten. 

Aluminato  of  magnesia  (tpmel),     . 

8.700 

M. 

Aluminate  of  zinc  (zinc  spinel),  •       • 

4.700 

M. 

Silicateofzirconia  (zircon),    . 

4.400 

M. 

Borate  of  magnesia  (boradte),    . 

2.500 

M. 

T03 
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TABLES. 


TABLE    VIII. 

TABLE  OF  THE  TENSION  OF  THE  VAPOR  OF  ABSOLUTE  ALCOHOL^ 

ACCORDING  TO  REGNAULT.* 


oa 

TsniioD. 

OC. 

Tanoloii. 

OO. 

Timdon. 

OC. 

*-!-. 

o 

in.  m. 

o 

in.  in. 

o 

in.  n. 

o 

Bi.m. 

0.0 

12.73 

4.0 

16.62 

8.0 

21.81 

12.0 

27.19 

0.1 

12.82 

4.1 

16.73 

8.1 

21.45 

12.1 

27.86 

0.2 

12.91 

4.2 

16.84 

8.2 

21.58 

12.2 

27.53 

0.8 

13.01 

4.8 

16.96 

8.3 

21.72 

12.3 

27.70 

0.4 

18.10 

4.4 

17.06 

8.4 

21.86 

12.4 

27.87 

0.6 

13.19 

4.5 

17.16 

8.6 

21.99 

12.5 

28.04 

0.6 

13.28 

4.6 

17.27 

8.6 

22.12 

12.6 

28.21 

0.7 

13.37 

4.7 

17.88 

8.7 

22.23 

12.7 

28.88 

0.S 

13.46 

4.8 

17.48 

8.8 

22.89 

12.8 

28.56 

0.9 

13.56 

4.9 

17.69 

8.9 

22.62 

12.9 

28.72 

1.0 

13.66 

6.0 

17.70 

9.0 

22.66 

13.0 

28.89 

M 

13.74 

5.1 

17.82 

9.1 

22.80 

13.1 

29.07 

1.2 

13  8  4 

6.2 

17.98 

9.2 

22.94 

13.2 

29.26 

1^ 

13.93 

5.3 

18.04 

9.3 

23.08 

13.3 

29.48 

1.4 

1 4.03 

6.4 

18.16 

9.4 

28.23 

13.4 

29.61 

l.j 

14.12 

6.5 

18.27 

9.6 

23.37 

13.5 

29.79 

1.6 

14.23 

5.6 

18.88 

9.6 

23.61 

13.6 

29.97 

1.7 

14.31 

6.7 

18.50 

9.7 

23.66 

13.7 

80.15 

1.8 

14.41 

5.8 

18.61 

9.8 

23.79 

13.8 

80.23 

1.9 

14.50 

6.9 

18.78 

9.9 

23.94 

18.9 

80.51 

2.0 

14.60 

6.0 

18.84 

10.0 

24.08 

14.0 

80.69 

2.1 

14.70 

6.1 

18.96 

10.1 

24.23 

14.1 

80.88     ( 

2.2 

14.79 

6.2 

19.08 

10.2 

24.38 

14.2 

81.07 

2.8 

14.89 

6.8 

19.20 

10.8 

24.53 

14.8 

81.26 

2.4 

14.99 

6.4 

19.82 

10.4 

24.68 

14.4 

31.45 

2.6 

15.09 

6.6 

19.44 

10.6 

24.83 

14.5 

31.64 

2.6 

16.19 

6.6 

19.66 

10.6 

24.99 

14.6 

81.84 

2.7 

13.29 

6.7 

19.68 

10.7 

25.14 

14.7 

82.08 

2.8 

1589 

6.8 

19.80 

10.8 

23.29 

14.8 

82.22 

2.9 

16.49 

6.9 

19.92 

10.9 

25.44 

14.9 

82.41 

8.0 

13.59 

7.0 

20.04 

11.0 

25.69 

15.0 

82.60 

8.1 

13.69 

7.1 

20.17 

11.1 

23.76 

16.1 

82.80 

8.2 

13.79 

7.2 

20.80 

11.2 

26.91 

15.2 

83.01 

8.8 

15.90 

7.8 

20.48 

11.8 

26.07 

15.3 

83.21 

8.4 

16.00 

7.4 

20.65 

11.4 

26.28 

15.4 

83.41 

8.6 

16.10 

7.6 

20.68 

11.5 

26.39 

15.5 

88.61 

8.6 

16.21 

7.6 

20.81 

11.6 

26.56 

15.6 

88.82 

8.7 

16.81 

7.7 

20.93 

11.7 

28.71 

15.7 

84.02 

88 

16.41 

7.8 

21.06 

11.8 

26.87 

15.8 

81.22 

8.9 

16.62 

7.9 

21.19 

11.9 

27.03 

15.9 

84.42 

*  TIkb  table  Is  oaloulated  fttm  nocat  azptrimiaato  of  JUsBftolt 
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oo. 

1 

oc. 

»-. 

oa 

Iterion. 

oa 

TflOileii. 

o 

ID*  in* 

o 

».m. 

o 

BA«  in. 

o 

in.iii. 

16.0 

84.62 

20.0 

44.00 

24.0 

65.70 

28.0 

70.02 

16.1 

8484 

20.1 

44.27 

24.1 

66.04 

2S.1 

70.49 

16.2 

86.05 

20.2 

44.54 

24.2 

56.87 

28.2 

7089 

16.S 

86.27 

20.3 

44.81 

24.3 

56.70 

28.3 

71.29 

16.4 

85.48 

20.4 

45.08 

24.4 

67.08 

28.4 

71.69 

16.6 

85.70 

20.5 

45.36 

24.6 

67.37 

28.5 

72.09 

16.6 

85.91 

20.6 

45.61 

24.6 

67.70 

28.6 

72  49 

16.7 

86.13 

20.7 

45.88 

24.7 

68.08 

2S.7 

72.69 

16.8 

86.34 

20.8 

46.16 

24.8 

68.86 

28.8 

73.29 

16.9 

86.56 

20.9 

46.42 

24.9 

68.70 

28.9 

73.69 

17.0 

86.77 

21.0 

46.69 

26.0 

69.03 

29.0 

74.09 

17.1 

87.00 

21.1 

46.98 

25.1 

69.88 

29.1 

71.58 

17.2 

87.23 

21.2 

47.26 

25.2 

69.78 

2.').2 

71.96 

17.8 

87.45 

21.8 

47.65 

25.8 

60.08 

29.3 

7.).89 

17.4 

87.68 

21.4 

47.88 

26.4 

60.48 

29.4 

75.82 

17.6 

37.91 

21.5 

48.12 

26.6 

60.78 

29.5 

7625 

17.6 

88.14 

21.6 

48.40 

25.6 

61.13 

29.6 

7668 

17.7 

88.36 

21.7 

48.69 

26.7 

61.48 

29.7 

77.12 

17.8 

88.59 

21.8 

48.97 

25.8 

61.83 

29.8 

7755 

17.9 

88.82 

21.9 

49.26 

25.9 

62.18 

29.9 
30.0 

77.98 
78.41 

18.0 

89.05 

22.0 

49.64 

26.0 

62.53 

16.1 

89.29 

22.1 

49.84 

26.1 

62.90 

18.2 

89.53 

22.2 

60.14 

26.2 

68.27 

18.8 

89.77 

22.8 

60.44 

26.3 

68.64 

18.4 

40.01 

22.4 

60.74 

26.4 

64.01 

18.6 

40.25 

22.6 

61.04 

26.5 

64.87 

18.6 

40.49 

22.6 

61.34 

26.6 

64.74 

18.7 

40.73 

22.7 

61.64 

26.7 

65.11 

18.8 

40-97 

22.8 

61.94 

26.8 

65.48 

18.9 

41.21 

22.9 

62.24 

26.9 

66.86 

19.0 

41.45 

23.0 

62.54 

27.0 

66.22 

19.1 

41.71 

23.1 

62.86 

27.1 

66.60 

19.2 

41.96 

23.2 

63.17 

27.2 

66.99 

19.8 

42.22 

23.8 

68.49 

27.8 

67.38 

19.4 

42.47 

83.4 

63.81 

27.4 

67.77 

19.6 

42.73 

23.5 

64.12 

27.6 

68.15 

19.6 

42.98 

23.6 

64.44 

27.6 

6854 

19.7 

48.21 

23.7 

64.76 

27.7 

68.93 

19.8 

43.49 

23.8 

66.07 

27.8 

69.81 

19.9 

43.75 

23.9 

66.88 

27.9 

69.70 
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TABLE    IX. 

TABLE  FOR  THE  TENSION  OF  AQUEOUS  VAPOR  FOB  TEMFIBBA- 
TURES  FROM  — 320  TO  +230o,  BY  REGNAULT. 


Tempentan. 

Tendon  in 
OeBUnwtxMw 

Tsmpewtare. 

T^BriMin 

C«ttDMlNI. 

Tttnpentaie.' 

Tnwloatai 
Centlittttm. 

o 
—82 

0.0320 

o 
-hl9, 

1.6346 

•4-105 

90.6410 

80 

0.0386 

20 

1.7391 

110 

107.5890 

25 

0.0605 

21 

1.8496 

115 

126  9410 

20 

0.0927 

22 

1.9659 

120 

149.1280 

16 

0.1400 

28 

2.0888 

125 

174.888 

10 

0.2093 

24 

2.2184 

180 

203.028 

«-  5 

0.S113 

26 

2.8650 

185 

285.378 

^^ 

0.4600 

26 

2.4968 

140 

271.768 

+  1 

0.4940 

27 

2.6606 

145 

812.655 

0.6802 

28 

2.8101 

^  150 

868.128 

0.5687 

29 

2.9782 

155 

408.S66 

0.6007 

80 

8.1548 

160 

465.162 

0.6684 

86 

4.1827 

165 

527.454 

0.6998 

40 

5.4906 

170 

696.166 

0.7402 

46 

7.1891 

175 

671.748 

0.8017 

60 

9.1982 

180 

754.689 

0.8674 

55 

11.7478 

185 

846.828 

10 

0.9166 

60 

14.8791 

190 

944.270 

11 

0.9792 

66 

18.6945 

195 

1051.968 

12 

1.0467 

70 

28.8098 

200 

1168.896 

18 

1.1162 

75 

28.8617 

205 

1295.566 

14 

1.1908 

80 

85.4643 

210 

1432.480 

16 

1.2699 

65 

48.8041 

215 

1680.138 

16 

1.8586 

90 

62.5450 

220 

1789.081 

17 

1.4421 

95 

68.3778 

225 

1909.704 

18 

1.6857 

100 

76.0000 

280 

2092.640 

Tension  of  Vapor  of  Waker^  according  to  DuiUmg  and  Arago, 


Tflinpenktan. 

TenaioB  in 
Atmoftpbont. 

Pramurtln 

Kllo|rrammM 

onlc.m.* 

TamparmtaiiB. 

Tmuion  In 
AtmwphMM. 

PraMaivta 

KilogniiuiMi 

onls.ai.< 

o 
100 

1 

1.088 

826.8 

25 

26.825 

121.4 

2 

2.066 

265.88 

50 

51.650 

135.1 

3 

8*099 

811.36 

100 

1034 

145.4 

4 

4.106 

863.88 

200 

206.6 

160.2 

6 

6.198 

423.87 

400 

413.2 

172.1 

8 

8.264 

462.71 

600 

619.8 

190.0 

12 

12.396 

492.47 

800 

826.4 

203.6 

16 

16.528 

516.75 

1000 

1038.0 

214.7 

20 

20.660 

TABLES 
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TABLE    X. 

TABLE  FOB  THE  TENSION  OF  AQUEOUS  VAPOR  FOK  TEMPERA- 
TURES  FROM  — 2«  TO  -f  350  C ,  ACCORDING  TO  REGNAULT. 


oa 

1    Tcnikm. 

1 

OO. 

Tittiilioii. 

OC 

Tension. 

OC. 

Tension. 

0 

in*oi. 

o 

m.  m* 

o 

m.  m. 

o 

m.  nu 

—2.0 

.8.9>5 

+2.0 

5.802 

+6.0 

6998 

+10.0 

9.165 

1.9 

8.9S5 

2.1 

5.840 

6.1 

7.047 

10. 1 

9.227 

1.8 

4.016 

2.2 

5.378 

6.2 

7.093 

10.2 

9.288 

1.7 

4.047 

2.8 

5.416 

6.3 

7.144 

10.3 

9.350 

1.6 

4.078 

2.4 

5.454 

6.4 

7.19J 

10.4 

9.412 

1.5 

4.109 

2.5 

6.491 

6.5 

7.242 

10.5 

9.474 

1.4 

4.140 

2.6 

5.530 

6.6 

7.292 

10.6 

9.537 

l.S 

4.171 

2-7 

5.569 

6.7 

7.842 

10.7 

9.601 

1.2 

4.203 

2.8 

6.608 

6.8 

7..392 

10.8 

9.665 

1.1 

4.235 

2.9 

5.617 

6.9 

7.442 

10.9 

9.728 

1.0 

4.267 

8.0 

6687 

7.0 

7.492 

11.0 

9.792 

0.9 

4.299 

8.1 

5.727 

7.1 

7.544 

11.1 

9.857 

0.8 

4.381 

8.2 

6.767 

7.2 

7.595 

11.2 

9.928 

0.7 

4  361 

8.3 

5.807 

7.8 

7.617 

11.8 

9.989 

0.6 

4.397 

8.4 

5.848 

7.4 

7.699 

11.4 

10.054 

0.5 

4.430 

8.5 

5;889 

7.6 

7.751 

.    11.5 

10.120 

0.4 

4.163 

8.6 

6.980 

7.6 

7.804 

11.6 

10.187 

0.8 

4.497 

8.7 

5.972 

7.7 

7.857 

11.7 

10.256 

0.2 

4.531 

88 

6.014 

7.8 

7.910 

11.8 

10.822 

—0.1 

4.565 

8.9 

6.03) 

7.9 

7.961 

11.9 

10.389 

0.0 

4.600 

4.0 

6.097 

8.0 

8.017 

12.0 

10.457 

+0.1 

4.6  n 

4.1 

6.140 

8.1 

8.072 

12.1 

10.626 

0.2 

4.667 

4.2 

6.188 

8.2 

8.126 

12.2 

10.696 

0.3 

4.700 

4.8 

6.226 

8.8 

8.181 

12.8 

10.665 

0.4 

4.733 

4.4 

6.270 

8.4 

8.286 

12.4 

10.734 

0.5 

4.767 

4.5 

6.318 

8.5 

8.291 

12  5 

10.804 

0.6 

4.801 

4.6 

6.857 

8.6 

8.847 

12.6 

10.875 

0.7 

4.836 

4.7 

6.401 

8.7 

8.404 

12  7 

10.947 

0.8 

4.871 

4.8 

6.445 

8.8 

8.461 

12.8 

11.019 

0.9 

4.905 

4.9 

6.490 

8.9 

8.517 

12.9 

11.090 

1.0 

4  910 

6.0 

6.534 

9.0 

8.574 

18.0 

11.162 

1.1 

4.975 

6.1 

6.580 

9.1 

8.682 

13.1 

11.235 

1.2 

5.011 

6.2 

6.625 

9.2 

8.690 

13.2 

11.309 

1.9 

5.047 

6.8 

6.671 

9.8 

8.749 

18.8 

11.888 

1.4 

5.082 

6.4 

6.717 

9.4 

8.807 

18.4 

11.456 

1.5 

6.118 

5.6 

6.768 

9.5 

8.865 

18.5 

11.530 

1.6 

5.155 

5.6 

6.810 

9.6 

8.925 

18.6 

11.603 

1.7 

5.191 

6.7 

6.857 

9.7 

8.985 

18.7 

11.681 

1.8 

5.228 

6.8 

6.904 

9.8 

9.045 

18.8 

11.767 

1.9 

5.265 

5.9 

6.951 

9.9 

9.105 

18.9 

11.882 
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TABLES. 


oa 

Tttuton. 

oc. 

Tcnakm. 

oc. 

TMMkm. 

oc. 

o 

ni.  m. 

o 

n.  in. 

o 

in.  in* 

o 

IB.ID. 

H-14.0 

11.908 

-+-18.0 

16.357 

+22.0 

19.659 

+26.0 

24.988 

14.1 

11.986 

18.1 

15.454 

22.1 

19.780 

26.1 

25.138 

14.2 

12.064 

18.2 

16.552 

22.2 

19.901 

26.2 

25.288 

14.8 

12.142 

18.8 

15.660 

22.3 

20.022 

26.8 

25.488 

14.4 

12.220 

18.4 

15.747 

22.4 

20.148 

26.4 

25.58S 

14.5 

12.298 

18.5 

15.846 

22.5 

20.266 

26.5 

23.738 

14.6 

12.878 

18.6 

15.946 

22.6 

20.389 

26.6 

25.891 

14.7 

12.458 

18.7 

16.045 

22.7 

20.614 

26.7 

26.015 

14.8 

12.588 

18.8 

16.145 

22.8 

20.639 

2H.8 

26.198 

14.9 

12.619 

18.9 

16.246 

22.9 

20.768 

26.9 

26.351 

• 
15.0 

12.699 

19.0 

16.346 

23.0 

20.888 

27.0 

26.505 

16.1 

12.781 

19.1 

16.449 

23.1 

21.016 

27.1 

26.663 

15.2 

12.861 

19.2 

16.552 

23.2 

21.144 

27.2 

26.820 

16.3 

12.947 

19.8 

16.656 

23.8 

21.272 

27.3 

26.978 

16.4 

18.029 

19.4 

16.758 

28.4 

21.400 

27.4 

27.136 

16.6 

13.112 

19.5 

16.861 

28.5 

21.528 

27.5 

27.294 

16.6 

18.197 

19.6 

16.967 

28.6 

21.669 

27.6 

27.455 

15.7 

13.281 

19.7 

17.073 

28.7 

21.790 

27.7 

27.617 

15.8 

13..366 

19.8 

17.179 

23.8 

21.921 

27.8 

27.778 

15.9 

13.431 

19.9 

17.286 

28.9 

22.058 

27.9 

27.939 

16.0 

13.536 

20.0 

17.391 

24.0 

22*184 

28.0 

28.101 

16.1 

13.628 

20.1 

17.500 

24.1 

22.319 

28.1 

28.267 

16.2 

13.710 

20.2   . 

17.608 

24.2 

22.453 

28.2 

23.433 

16.3 

13.797 

20.3 

17.717 

24.3 

22.588 

28.8 

^.599 

16.4 

18.885 

20.4 

17.826 

24.4 

22.723 

28.4 

28.765 

16.5 

18.972 

20.5 

17.935 

24.6 

22.868 

28.5 

28J31 

16.6 

14.062 

20.6 

18.047 

24.6 

22.996 

28.6 

29.101 

16.7 

14.151 

20.7 

18.169 

24.7 

23.185 

28.7 

29.271 

16.8 

14.241 

20.8 

18.271 

24.8 

23.273 

28.8 

29.441 

16.9 

14.331 

20.9 

18.888 

24.9 

23.411 

28.9 

29.612 

17.0 

14.421 

21.0 

18.496 

25.0 

28.650 

29.0 

29.782 

17.1 

14.613 

21.1 

18.610 

25.1 

28.692 

89.1 

29.936 

17.2 

14.606 

21.2 

18.724 

25.2 

23.884 

29.2 

80.131 

17.8 

14.697 

21.3 

18.889 

25.8 

28.976 

29.8 

80.803 

17.4 

14.790 

21.4 

18.954 

25.4 

24.119 

29.4 

80.479 

17.5 

14.882 

21.5 

19.069 

26.6 

24.261 

29.5 

80.654 

17.6 

14.977 

21.6 

19.187 

25.6 

24.406 

29.6 

80.833 

17.7 

16.072 

21.7 

19.805 

25.7 

24.652 

29.7 

81.011 

17.8 

15.167 

21.8 

19.428 

25.8 

24.697 

29.8 

81.190 

17.9 

16.262 

21.9 

19.641 

25.9 

24.842 

29.9 

8IJ69 

TABLES. 
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OC. 

Tsnilon. 

oc. 

Tmukm. 

oa 

Tbndon. 

oc. 

w 

% 

in.  m. 

o 

m.  in. 

o 

in.  n. 

o 

ID.  nn. 

+30.0 

81.548 

+31.0 

88.405 

+82.0 

86.359 

+88.0 

37.410 

S0.1 

31.729 

81.1 

88.596 

82.1 

85.559 

88.1 

87.621 

80.2 

81.911 

81.2 

88.787 

82.8 

85.760 

83.2 

87.832 

80.8 

32.094 

81.8 

83.980 

82.3 

85.962 

83.8 

88.045 

80.4 

82.278 

81.4 

84.174 

82.4 

86.165 

88.4 

88.258 

80.5 

32.463 

81.5 

84.368 

82.5 

86.370 

88.5 

88.478 

80.6 

82.650 

81.6 

84.564 

82.6 

86.576 

83.6 

88.689 

80.7 

82.837 

81.7 

84.761 

82.7 

86.783 

33.7 

88.906 

80.8 

38.026 

31.8 

84.959 

82.8 

86.991 

3.1.8 

89.124 

809 

88215 

81.9 

85.159 

82.9 

87.200 

83.9 

89.344 

84.0 

89.565 

84.8 

40.230 

81.6 

40.907 

84.9 

41.595 

84.1 

89.786 

84.4 

40.455 

84.7 

41.185 

85.0 

41.827 

84.2 

40.007 

84.5 

40.680 

84.8 

41.864 

TABLE    XI. 


TABLE  FOR  THE  CALCULATION  OF  THE  VALUE  OF  1  +  0.00366 1. 


u 

NninlMr* 

I^ 

1. 

Nomber. 

I^- 

o 
—2.0 

0.99268 

9.99681 

o 
0.0 

1.00000 

0.00000 

1.9 

0.99303 

9.99697 

+0.1 

1.00087 

0.00016 

1.8 

0.99341 

9.99718 

0.2 

1.00078 

0.00032 

i.r 

0.99378 

9.99729 

0.8 

1.00110 

0.00048 

1.6 

0.99414 

9.99745 

0.4 

1.00146 

0.00063 

1.5 

0.99451 

9.99761 

0.5 

1.00188 

0.00079 

1.4 

0.99488 

9.99777 

0.6 

1.00220 

0.00095 

1.3 

0.99524 

9.99793 

0.7 

1.00256 

0.00111 

1.2 

0.99561 

9.99809 

0.8 

1.00298 

0.00127 

1.1 

0.99597 

9.99825 

0.9 

1.00329 

0.00148 

1.0 

0.99634 

9.99841 

1.0 

1.00366 

0.00169 

0.9 

0.99671 

9.99857 

1.1 

1.00408 

0.00175 

0.8 

0.99707 

9.99878 

1.2 

1.00489 

0.00191 

0.7 

0.99744 

9.99888 

101 

1.00476 

0.00207 

0.6 

0.99780 

9.99904 

1.4 

1.00512 

0.00222 

0.5 

0.99817 

9*99920 

1.6 

1.00549 

0.00238 

0.4 

0.99854 

9.99987 

1.6 

1.00586 

0.00254 

0.8 

0.99890 

9.99952 

1.7 

1.00622 

0.00270 

0.2 

0.99927 

9.99968 

1.8 

1.00659 

0.00285 

-«.l 

0.99968 

9.99984 

1.9 

1.00696 

0.00301 
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IL 

Number. 

• 

A 

Nmnbtf. 

Lofr 

o 
+2.0 

1.00782 

0.00317 

+6.0 

1.02198 

0.00948 

2.1 

1.00769 

0.00883 

6.1 

1.02288 

0.00969 

2.2 

1.00605 

0.00349 

6.2 

1.02269 

0.00975 

2.8 

1.00642 

000365 

6.S 

1.0280O 

0.00991 

2.4 

1.00878 

0.00881 

6.4 

1.02842 

0.01006 

2.5 

1.00615 

0.00897 

6.5 

1.02879 

0.01022 

2.6 

1.00062 

0.00412 

6.6 

1.02416 

0.01088 

2.7 

1.00988 

0.00428 

6.7 

1.02452 

0.01054 

2.8 

1.01025 

0.00444 

6.8 

1.02489 

0.01069 

2.9 

1.01061 

0.00459 

6.0 

1.02525 

0.01064 

S.0 

1.01096 

0.00474 

7.0 

1.02662 

0.01099 

8.1 

1.01186 

0.0049O 

7.1 

1.02599 

0.01115 

8.2 

1.01171 

0.00506 

7.2 

1.02685 

0.01181 

8.8 

1.01208 

0.00621 

7.8 

1.02672 

0.01147 

8.4 

1.01244 

0.00537 

7.4 

1.02708 

0.01162 

8.6 

1.01281 

0.00663 

7.6 

1.02745 

0.01177 

3.6 

1.01818 

0.00568 

7.6 

1.02782 

0.01198 

8.7 

1.01864 

0.00584 

7.7 

1.02818 

0.01208 

8.8 

1.01391 

0.00600 

7.8 

1.02855 

0.01223 

8.9 

1.01427 

0.00616 

7.9 

1.02891 

0.01288 

4.0 

1.01464 

0.00681 

8.0 

1.02928 

0.01253 

4.1 

1.01501 

0.00647  ^ 

8.1 

1.02965 

0.01269 

4.2 

1.01587 

0.00663 

8.2 

1.08001 

0.01284 

4.8 

I.0I574 

0.00678 

8.8 

1.03038 

0.01300 

4.4 

1.01610 

0.00694 

8.4 

1.03074 

0.01316 

4.6 

1.01647 

0.00710 

8.6 

1.03111 

0.01330 

4.6 

1.01684 

0.00726 

8.6 

1.03148 

0.01846 

4.7 

1.01720 

0.00741 

8.7 

1.03184 

0.01361 

4.8 

1.01757 

0.00766 

8.8 

1.03221 

0.01877 

4.9 

1.01798 

0.00772 

8.9 

1.03257 

0.01C92 

6.0 

1.01860 

0.00788 

9.0 

1.03294 

0.01407 

6.1 

1.01867 

0.00803 

9.1 

1.08831 

0.01423 

6.2 

1.D1903 

0.00819 

9.2 

1.08867 

0.01438 

6.8 

1.01940 

0.00664 

9.3 

1.03404 

0.01464 

6.4 

1.01976 

000850 

9.4 

1.08440 

0.01469 

6.6 

1.02018 

0.00866 

9.5^ 

1.08477 

0.01464 

6.6 

1.02050 

0.00861 

9.6 

1.08514 

0.01500 

6.7 

1.08086 

Q.00866 

9.7 

1.08560 

0.01615 

6.8 

1.02128 

0.00012 

93 

1.08687 

0.01680 

6.9 

1.02156 

0.00967 

9.0 

1.08628 

0.01546 

TABLES. 
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L 

VnmSbtft. 

Lof. 

«. 

Mwitir. 

I-«. 

-4-10.0 

1.03660 

0.01561 

o 
+14.0 

IJ051U 

0.02170 

10.1 

1.03697 

0.01577 

14.1 

14)5161 

0.02185 

10.2 

1.03783 

0.01092 

14.2 

1.05197 

0.02200 

'     10.8 

1.08770 

0.01607 

14.3 

1M284 

0.02215 

10.4 

1.03806 

0.61623 

14.4 

1.05270 

0.02230 

10.5 

1.03843 

0.61689 

14.5 

1.05307 

0.02246 

10.6 

1.03880 

0.01653 

14.6 

1.05344 

0.02261 

10.7 

1.03916 

0.01669 

14.7 

105380 

0.02276 

10.8 

1.0.1953 

0.01683 

14.8 

1.05417 

0.02291 

10.9 

1.03989 

0.01698 

14.9 

1.05453 

0.02366 

11.0 

1.04026 

0.01714 

15.0 

1.05490 

0.02321 

11.1 

14)4063 

0.01729 

15.1 

1.05527 

0.02836 

11.2 

1.04009 

0.01744 

15.2 

1.05563 

0.02851 

11.8 

14)4136 

0.01759 

15.3 

1.05600 

0.02866 

11.4 

1.04172 

0.01775 

15«4 

1.03636 

0.02381 

11.5 

1.04209 

0.01790 

15.5 

1.05673 

0.02396 

ll.tf 

1.04246 

0.01805 

15.6 

1.05710 

0.02411 

11.7 

1.04282 

0.01820 

15.7 

1.05746 

0.02426 

11.8 

1.04319 

0.01836 

15.8 

1.05788 

0.02441 

11.9 

1.04355 

0.01851 

15.9 

1.05819 

0.02456 

12.0 

1.04392 

0.01867 

16.0 

1.05856 

0.02471 

12.1 

1.04429 

0.01882 

16.1 

1.05893 

0.02486 

12.2 

1.04465 

0.01897 

16.2 

1.06029 

0.02501 

12.3 

1.04502 

0.01912 

16.3 

1X)5966 

0.02516 

12.4 

1.04538 

0.01928 

16.4 

14)6002 

0.02531 

12.5 

1.04575 

0.01943 

16J( 

14)6039 

0.02546 

12.6 

1.04612 

0.01958 

16.6 

1.06076 

0.02561 

12.7 

1.04648 

0.01973 

16.7 

IJOSUi 

0.02576 

12.8 

1.04685 

0.01969 

16.8 

14)6149 

0.02591 

12.9 

1.04721 

0.02004 

16.9 

14)6185 

0.02606 

18.0 

1.04756 

0.02019 

17.6 

14M222 

0.62621 

13.1 

1.04795 

0.62034 

17.1 

14)6259 

0.02636 

18.2 

1.04831 

0.02049 

17.2 

1.06296 

0.02651 

13.3 

1.04868 

0.02064 

17.3 

1.06332 

0.02666 

18.4 

1.04904 

0.62079 

17.4 

1.06368 

0.02681 

13.5 

1.01941 

0.02095 

17,6 

1.06405 

0.02696 

13.6 

1.01978 

0.62110 

17.6 

1.06442 

0.02711 

13.7 

1.05014 

0.02125 

17.7 

1.06478 

0.02726 

13.8 

1.05051 

0.62140 

17.8 

1.06515 

0.02741 

13.9 

1.06087 

0.62155 

17.9 

1.06551 

0.02756 
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TABLES. 


u 

NnmbiT. 

I*». 

1. 

«_w 

Los. 

+18.0 

1.06688 

0.02771 

+22.0 

1.06052 

0.03363 

18.1 

1.06625 

0.02786 

22.1 

1.08069 

0.03378 

18.2 

1.06661 

0.02801 

22.2 

1.08125 

0.03393 

ISJi 

1.06696 

0.02816 

22.3 

1.0SI62 

0.03408 

18.4 

1.06784 

0.02831 

22.4 

1.08198 

0.03422 

18.6 

1.06771 

0.02846 

22.5 

1.08235 

0.03437 

18.6 

1.06806 

0.02861 

22.6 

1.08272 

0.03452 

18.7 

1.06844 

0.02876 

22.7 

1.08308 

0.03466 

18.8 

1.06881 

0.02891 

22.8 

1.08345 

0.03481 

18.9 

1.06917 

0.02906 

22.9 

1.08381 

• 

0.03496 

19.0 

1.06954 

0.02921 

23.0 

1.08418 

0.03510 

19.1 

1.06991 

0.02936 

23.1 

1.08455 

0.03525 

19.2 

1.07027 

0.02951 

23.2 

1.08491 

0.08539 

19.8 

1.07064 

0.08965 

28.8 

1.08528 

0.03554 

19.4 

1.07100 

0.02980 

23.4 

1.08564 

0.03568 

19.5 

1.07187 

0.02995 

28.5 

1.08601 

0.03583 

19.6 

1.07174 

0.08009 

23.6 

1.08638 

0.03598 

19.7 

1.07210 

0.03024 

23.7 

1.08674 

0.03612 

19.8 

1.07247 

0.08089 

23.8 

1.08711 

0.03627 

19.9 

1.07288 

0.03058 

23.9 

1.08747 

0.03642 

20.0 

1.07820 

0.08068 

24.0 

1.08784 

0.03656 

20.1 

1.07857 

0.03063 

24.1 

1.08821 

0.03671 

20.2 

1.07898 

0.08098 

24.2 

1.08857 

0.03685 

20.3 

1.07480 

0.08113 

24.3 

1.08894 

0.03700 

20.4 

1.07466 

0.03128 

24.4 

1.08930 

0.03714 

20.5 

1.07508 

0.08142 

24.5 

1.08967 

0.03729 

20.6 

1.07540 

0.03157 

24.6 

1.09004 

0.03744 

20.7 

1.07576 

0.08172 

24.7 

1.09040 

0.08758 

20.8 

1.07618 

0.03187 

24.8 

1.09077 

0.03772 

20.9 

1.07649 

0.08201 

24.9 

1.09113 

0.03787 

21.0 

1.07686 

0.03216 

25.0 

1.09150 

0.03802 

21.1 

1.07728 

0.03231 

25.1 

1.09187 

0.03817 

21.2 

1.07750 

0.03246 

25.2 

1.09223 

0.038SI 

21.8 

1.07796 

0.03261 

25.3 

1.09260 

0.03846 

21.4 

1.07882 

0.08275 

23.4 

1.09296 

0.03860 

21.5 

1.07869 

0.08290 

25.5 

1.09333 

0.03875 

21.6 

1.07906 

0.08805 

25.6 

1.09370 

0.03889 

21.7 

1.07942 

0.08320 

25.7 

1.09406 

0.03904 

21.8 

1.07979 

0.08334 

25.8 

1.09448 

0.03918 

21.9 

1.06015 

0.03349 

25.9 

1.09479 

0.03933 

TABLES. 
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t 

Nvmbar. 

I-* 

1. 

Nunbar. 

Los. 

+26.0 

1.09516 

0.03948 

• 

+30.0 

1.10960 

0.04524 

26.1 

1.09558 

0.03968 

80.1 

1.11017 

0.04538 

26.2 

1.09589 

0.03977 

30.2 

1.11053 

0.04552 

26.3 

1.09626 

0.03992 

30.3 

1.11090 

0.04567 

26.4 

1.09662 

0.04006 

80.4 

1.11126 

0.04581 

26.5 

1.09699 

0.04021 

30.5 

1.11163 

0.04595 

26.6 

1.09736 

0.04035 

30.6 

1.11200 

0.04610 

26.7 

1.09772 

0.04050 

80.7 

1  1 1286 

0.04624 

26.8 

1.09809 

0.04064 

80.8 

1.11278 

0.04638 

26.9 

1.09845 

0.04079 

80.9 

1.11309 

0.04633 

27.0 

1.09882 

0.04093 

81.0 

1.11346 

0.04667 

27.1 

1.09919 

0.04107 

81.1 

1.11388 

0.04681 

27.2 

1.09955 

0.04122 

31.2 

1.11419 

0.04695 

27.S 

1.09992 

0.04136 

31.3 

1.11456 

0.04710 

27.4 

1.10028 

0.04150 

81.4 

1.11492 

0.04724 

27.5 

1.10065 

0.04165 

81.5 

1.11529 

0.04738 

27.6 

1.10102 

0.04179 

31.6 

1.11566 

0.04753 

27.7 

1.10188 

0.04193 

81.7 

1.11602 

0.04767 

27.8 

1.10175 

0.04208 

31.8 

1.11639 

0.04781 

27.9 

1.10211 

0.04222 

81.9 

1.11675 

0.04796 

28.0 

1.10248 

0.04287 

82.0 

1.11712 

0.01810 

28.1 

1.10285 

0.04251 

82.1 

1.11749 

0.04824 

23.2 

1.10321 

0.04266 

82.2 

1.11785 

0.04838 

28.a 

1.10358 

0.04280 

82.8 

1.11822 

0.04852 

28.4 

1.10394 

0.04295 

82.4 

1.11858 

0.04866 

28.5 

1.10431 

0.04309 

32.5 

1.11895 

0.04881 

28.6 

1.10468 

0.04323 

82.6 

1.11932 

0.04895 

28.7 

1.10501 

0.04838 

82.7 

1.11968 

0.04909 

28.8 

1.10541 

0.04352 

32.8 

1.12005 

0.04923 

28.9 

1.10577 

0.04867 

82.9 

1.12041 

0.04938 

29.0 

1.10614 

0.01381 

83.0 

'  1.12078 

0.04952 

29.1 

1.10851 

0.04395 

33.1 

1.12115 

0.04966 

29.2 

1.10687 

0.04410 

88.2 

1.12151 

0.04980 

29.8 

1.10724 

0.04424 

38.3 

1.12188 

0.04994 

29.4 

1.10760 

0  01489 

83.4 

1.12224 

0.05008 

29.6 

1.10797 

0.04453 

88.5 

1.12261 

0.05022 

29.6 

1.10331 

0.04467 

83.6 

1.12298 

0.03036 

29.7 

1.10870 

0.04482 

33.7 

1.12334 

0.05050 

29.8 

1.10907 

0.04496 

83.8 

1.12371 

0.03065 

29.9 

1.10913 

0.04510 

83.9 

1.12407 

0.05079 
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(. 

NquImb. 

l-» 

u 

NoBtbtf. 

Lof. 

+34.0 

1.12444 

0.05094 

o 
-+-87.0 

1.13542 

0.05516 

84.1 

1.12481 

0.06108 

87.1 

1.13579 

0.05530 

S4.2 

1.12517 

0.05122 

87.2 

1.13615 

0.05544 

8441 

1.12554 

0.05136 

87.3 

1.18652 

0.05558 

34.4 

1.12590 

0.05150 

87.4 

1.18668 

0.05572 

84.5 

1.12627 

0.03164 

87.5 

1.13725 

0.03585 

84.6 

1. 12664 

0.05178 

37.6 

1.13762 

0.05599 

84.7 

1.12700 

0.05193 

37.7 

1.13798 

0.06613 

84.8 

1.12787 

0.06207 

87.8 

1.18835 

0.05627 

84.9 

1.12778 

0.05221 

87.9 

1.18871 

0.05641 

85.0 

1.12810 

0.05285 

88.0 

1.18908 

0.05656 

86  1 

1. 12847 

0.05249 

88.1 

1.18946 

0.06669 

85.2 

1.12888 

0.05263 

38.2 

1.18981 

0.05683 

85.3 

112920 

0.05277 

ZSJi 

1.14018 

0.06697 

85.4 

1.12956 

0.05291 

88.4 

1.14054 

0.06711 

85.5 

1.12993 

0.05805 

88.5 

1.14091 

0.03725 

85.6 

1.18030 

0.05319 

88.6 

1.14128 

0.05789 

85.7 

1.18066 

0.06333 

88.7 

1.14164 

0^05758 

85.8 

1.18103 

0.05347 

88.8 

1.14201 

0.06767 

85.9 

1.18189 

0.06361 

88.9 

1.14287 

0.05781 

86.0 

1.18176 

0.03875 

89.0 

1.14274 

0.05795 

86.1 

1.13218 

0.06889 

89.1 

1.14311 

0.05809 

86.2 

1.13249 

0.05403 

89.2 

1.14347 

0.05823 

86.8 

1.13286 

0.06417 

89.3 

1.14884 

0.05837 

86.4 

1.13322 

0.05431 

89.4 

1.14420 

0.06860 

86.5 

1.13359 

0.05446 

89.6 

1.14457 

0.05864 

86.6 

1.13396 

0.05460 

39.6 

1.14494 

0.05878 

86.7 

1.13432 

0.03474 

39.7 

1.14580 

0.05892 

86.8 

1.13469 

0.03488 

89.8 

1.14567 

0.05905 

86.9 

1.18505 

0.05502 

89.9 

1.14608 

0.05919 

40 

1.14640 

0.05934 

60 

1.1S300 

0.07298 

41 

1.15006 

0.06072 

61 

1.18666 

0.07433 

42 

1.15372 

0.06210 

52 

1.19032 

0.07566 

48 

1.16738 

0.068  48 

63 

1.19.198 

0.07700 

44 

1.16104 

0.06485 

64 

1.19764 

0.0783S 

45 

1.16470 

0.06621 

65 

1.20180 

0.07966 

46 

1.16836 

0.06768 

66 

1.20496 

0.08097 

47 

1.17202 

0.06893 

67 

1.20862 

0.08229 

48 

1.17,568 

0.07029 

68 

1.21228 

0.06360 

49 

I 

1.17934 

0.07164 

69 

1.21694 

0.08491 
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TABLE    XII. 

TABLE  FOB  THE  CALCULATION  OF  THE  VALUE  OF  1  +  0X)0367  t 


1. 

log. 

DUL 

1. 

k>i. 

Diff. 

t. 

K«. 

DUL 

60 

0.08648 

131 

100 

0.13577 

117 

140 

0.18007 

105 

61 

0.03772 

181 

101 

0.13693 

116 

141 

0.18112 

105 

62 

0.08903 

181 

102 

0.13809 

116 

142 

0.18217 

105 

68 

0.09083 

1.30 

103 

0.13923 

116 

143 

0.18822 

105 

64 

0.09162 

129 

104 

0.14011 

116 

144 

0.18426 

104 

65 

0.09291 

129 

105 

0.14156 

115 

145 

0.18330 

104 

66 

0.09120 

129 

106 

0.14271 

115 

146 

0.18634 

104 

67 

0.09.Yld 

128 

107 

0.14385 

114 

147 

0.187:i8 

101 

68 

0.09676 

128 

108 

0.14499 

114 

148 

0.18841 

108 

69 

0.09803 

127 

109 

0.14613 

114 

149 

0.18944 

103 

70 

0.0993'0 

127 

110 

0.14727 

114 

150 

0.19017 

103 

71 

0.10037 

127 

111 

0.14841 

114 

151 

0.19150 

102 

72 

0.10183 

126 

112 

0.14954 

113 

152 

0.19252 

102 

78 

0.10309 

126 

118 

0.13067 

118 

153 

0.19331 

102 

74 

0.10434 

125 

114 

0.15179 

112 

154 

0.19456 

102 

75 

0.10559 

123 

115 

0.15291 

112 

155 

0.195.58 

102 

76 

0.10684 

125 

116 

0.15403 

112 

156 

0.19660 

102 

77 

0.10^09 

125 

117 

0.15315 

112 

157 

0.19761 

101 

78 

0.10933 

124 

118 

0.15626 

111 

158 

0.19862 

101 

79 

0.11037 

124 

119 

0.15787 

111 

159 

0.19963 

101 

60 

0.11180 

128 

120 

0.15948 

111 

160 

0.20063 

100 

81 

0.11303 

123 

121 

0.15959 

111 

161 

0.20163 

100 

82 

0.11426 

123 

122 

0.160H9 

110 

163 

0.20263 

100 

83 

0.11618 

122 

123 

0.16179 

110 

163 

0.20363 

100 

84 

0.11670 

122 

124 

0.16289 

110 

161 

0.20163 

100 

85 

011792 

122 

125 

0.16398 

109 

163 

0.20562 

99 

86 

0.11913 

121 

126 

0.16507 

109 

166 

0.206()1 

99 

87 

0.12034 

121 

127 

0.16616 

109 

167 

0.20760 

99 

88 

0.12155 

121 

128 

0.16725 

109 

16S 

0.20859 

99 

89 

0.12275 

120 

129 

0.16838 

108 

169 

0.20938 

99 

90 

0.12395 

120 

130 

0.16941 

108 

170 

0.21056 

98 

91 

0.12515 

120 

131 

0.17049 

108 

171 

0.21154 

98 

92 

0.12634 

.119 

182 

0.17156 

107 

172 

0.21252 

96 

93 

0.12758 

119 

183 

0.17268 

107 

173 

0.21350 

98 

94 

0.12872 

119 

184 

0.17370 

107 

174 

0.21417 

97 

95 

0.12990 

118 

185 

0.17477 

107 

175 

0.21544 

97 

96 

0.18108 

118 

186 

0.17584 

107 

176 

0.216U 

97 

97 

0.18226 

118 

187 

0.17690 

106 

177 

0.21738 

97 

96 

0.18348 

117 

188 

0.17796 

106 

173 

0.21834 

96 

99 

0.18460 

117 

189 

0.17902 

106 

179 

0.21930 

96 

60 
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TABLES. 


1. 

log. 

DIff. 

1. 

log. 

DIff. 

1. 

log. 

DHL 

180 

0.22026 

96 

220 

0.25705 

88 

260 

0.29027 

82 

181 

0.22122 

96 

221 

0.25793 

88 

261 

0.29178 

81 

182 

0.22218 

96 

222 

0.25881 

88 

262 

0.29260 

82 

183 

0.22814 

96 

223 

0.25969 

88 

268 

0.29841 

81 

184 

0.22 109 

95 

224 

0.26057 

88 

264 

0.29422 

81 

183 

0.22)04 

95 

225 

0.26144 

87 

265 

0.29^03 

81 

186 

0.22599 

95 

226 

0.26231 

87 

266 

0.29584 

81 

187 

0.22698 

94 

227 

0.26318 

87 

267 

0.29664 

80 

1S8 

0.22787 

94 

228 

0.26405 

87 

268 

0.29745 

81 

189 

0.22882 

95 

229 

0.26492 

87 

269 

0.29826 

80 

190 

0.22976 

94 

2.30 

0.26578 

86 

270 

0.29906 

80 

191 

0.23070 

94 

231 

0.26665 

87 

271 

0.29985 

80 

192 

0.2:n63 

93 

232 

0.26751 

66 

272 

0.30064 

79 

193 

0.2^2)7 

94 

233 

0.26887 

86 

273 

0.30144 

80 

194 

0.23350 

93 

284 

0.26922 

85 

274 

0.30224 

80 

195 

0.23 143 

98 

235 

0.27008 

86 

275 

0.S0S03 

79 

196 

0.2:))36 

93 

236 

0.27094 

86 

276 

0.30383 

80 

197 

0.2:)62S 

92 

237 

0.27179 

85 

277 

0.80462 

79 

198 

0.23721 

93 

238 

0.27264 

85 

278 

0.30541 

79 

199 

0.23813 

92 

289 

0.27349 

85 

279 

0JI0620 

79 

200 

0.23905 

92 

240 

0.27434 

85 

280 

0.30698 

78 

201 

0.23997 

91 

241 

0.27519 

85 

281 

0.30776 

78 

202 

0.2 1088 

92 

242 

0.27603 

84 

282 

0.30856 

79 

203 

0.21180 

91 

243 

0.27688 

85 

288 

0.30933 

78 

20 1 

0.24271 

91 

244 

0.27772 

84 

284 

0.31011 

78 

205 

0.24362 

91 

245 

0.27856 

84 

285 

0.31089 

78 

206 

0.24 153 

91 

216 

0.27910 

84 

2«6 

0.31167 

78 

207 

0.24544 

90 

247 

0.28023 

83 

287 

0.31246 

78 

208 

0.24634 

92 

248 

0.28107 

84 

288 

0.31 323 

78 

209 

0.24724 

90 

249 

0.28190 

88 

289 

0.31400 

77 

210 

0.24814 

90 

250 

0.28274 

84 

290 

0.31 477 

77 

211 

0.24904 

90 

251 

0.2S8>7 

83 

291 

0.31554 

77 

212 

0.24994 

90 

252 

0.28439 

82 

292 

0.81631 

77 

213 

0.21084 

90 

253 

0.28522 

83 

293 

0.81708 

77 

214 

0.25173 

89 

254 

0.28605 

88 

294 

0.31785 

77 

215 

0.25262 

89 

255 

0.28687 

82 

295 

0.31862 

77 

216 

0.25351 

89 

256 

0.28769 

82 

296 

0.31988 

76 

217 

0.25440 

89 

257 

0.28851 

82 

297 

0.32014 

76 

219 

0.25529 

89 

268 

0.28983 

82 

298 

0.32091 

77 

219 

0.25617 

88 

269 

0.29015 

82 

299 

0.82167 

76 

lASLES. 
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TABLE    XIII. 

JExpcmnon  of  Glass. 
TABLE  FOR  THE   CALCULATION  OF  THE  VALUE  OP  l+K(t^ 


-0. 


1'— 1. 

log. 

DIIL 

!»  — f. 

Ing. 

Diff. 

100 

0.00117 

200 

0.00234 

12 

no 

0.00129 

12 

210 

0.00216 

12 

120 

0.00140 

11 

220 

0.00257 

11 

130 

0.00152 

12 

230 

0.00269 

12 

140 

0.00164 

12 

240 

0.00281 

12 

150 

0.00176 

•     12 

250 

0.00298 

12 

160 

0.00187 

11 

260 

0.00304 

11 

170 

0.00199 

12 

270 

0.00316 

12 

180 

0.00211 

12 

280 

0.00328 

12 

190 

0.00222 

11 

290 

0.00339 

11 

TABLE    XIV. 

TABLE  FOR  THE  CALCULATION  OF  THE  WEIGHT  OF  ONE  CUBIC 

CENTIMETRE   OF  AIR. 

Weight  at  0*"  =  0.0012932.  /To  =  76  c  m. 


u 

log. 

DUE 

t. 

log. 

DIff. 

0 

0 

7.11166 

e 

15 

7.08789 

161 

1 

7.11007 

169 

16 

7.08688 

151 

2 

7.10648 

169 

17 

7.08588 

150 

t 

7.10690 

158 

18 

7.08888 

150 

4 

t.iQjnz 

157 

19 

7.09239 

149 

5 

7.10376 

157 

20 

7.08090 

149 

6 

7.10220 

156 

21 

7.07942 

148 

7 

7.10064 

156 

22 

7.07794 

148 

8 

7.09909 

155 

23 

7.07647 

147 

9 

7.09755 

154 

24 

7.07500 

147 

10 

7.09601 

154 

25 

7.07.354 

146 

11 

7.09447 

154 

26 

7.07208 

146 

12 

7.09294 

153 

27 

7.07063 

145 

13 

7.09142 

152 

28 

7.06918 

145 

14 

7.08990 

152 

29 

7.06774 

144 

The  following  corrections  mast  be  added  to  the  above  logarithms  when  the  barometer 
stands  higher  than  76  c.  m.,  and  snbtracted  from  them  when  it  stands  lower.  The 
correction  for  tenths  and  hundredths  of  centimetres  is  found  by  moving  the  decimal 
point  one  or  two  fignres  to  the  left 


Biff,  in  e.  m. 

C<nrr. 

DIff.  fane.  m. 

Corr. 

Dlff.  In  0.  m. 

CWT. 

1 

0.0057 

4 

0.0228 

7 

0.0399 

2 

0.0114 

5 

0.0285 

8 

0.04.56 

3 

0.0171 

6 

0.0342 

9 

0.0513 
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TABLE    XV. 

EXPANSION   OF  SOLIDS. 


Wam^   r>f    1_ 

a_u-x-_..» 

Interrmlof 

Amount  of  Ekpantloo. 

aUBM  Ot  ouuBiaii«)* 

Tunpwwtara. 

Decimal  Fmetkma. 

TaliwFmei. 

Linear  Expansion  determined  Inf  Lavoisier  and  Laplace. 

Enfi^lish  Flint-Olass, 

OO  to  lOOO 

0.00061166 

t^Vf 

Glass  tube  (withoat  lead). 

it     n       « 

0.00067672 

tAt 

Steel  (not  hardened),    . 

<i     «       it 

0.00107880 

¥2T 

Steel  (hardened), 

a     a      €1 

0.0012a»ft6 

wh 

Soft  Iron,      .... 

it     it      tt 

0.00122045 

vir 

Gold, 

tt     u      u 

0.00146906 

si? 

Copper,          .        .        .        . 

tt     n      tt          « 

0.00171220 

Tfr 

BrR88,           .... 

tt    tt       tt 

0.00186760 

T^S 

Silver, 

tt     tt      tt 

0.00190868 

riz 

Tin 

tt     tt      tt 

0.00193766 

fIf 

Lead, 

tt     a       tt 

0.002848S6 

sir 

By  Dtdong  and  PeliL 

Platinum,      .       ,        ,        . 

(0°  to   100° 
(0     to  300 

0.00088420 

1  13  1 

0.00275482 

"STS 

Glass,         .... 

ro  to  100 

^0    to  200 

0.0008618S 
0.00184502 

ttVt 

(O    to  300 

0.00303262 

iriy 

Iron, 

<  0    to  100 
(0    to  300 

0.00118210 

Th 

9 

0.00440528 

Tir 

Copper,      .... 

(0    to  100 
(0    to  300 

0.00171820 
0.00564972 

By  Wollaston. 

Palladium,     .        .        . '      .     |       O©  to  100<»      |       0.00100000       1       ^jftrv 

By  Brunner.  —  Expansion  Jor  one  Degree. 

Ice, 1       — 6o  to  Oo      1       0.0000S75        |        -^ 

Cubic  Erpa 

nsion  determined  by  Kopp 

Bubntanee. 

Formala. 

1 

Cub.  Expaa. 
for  !•  C. 

Substaae*. 

Form  ok. 

Ciil».KxpaB. 
forPa 

0.00006S 

Copper, 

Cu 

0.000051 

Fluor-spar, 

CaF 

Ta'uiI, 

Pb 

0.000089 

Aragonite, 

CaO.  COi 

0.000065 

Tin, 

Sn 

0.000069 

Calc-spar, 

CaO,  COs 

0.000018 

Iron, 
Zinc, 

Fc 

Zn 

0000037 
0.000089 

Bitter-«par, 

J       CaO.  CCh      ) 
\  +MpO.  COa      ( 

0.000035 

Cadmium, 
Bismuth, 

Cd 
Bi 

0.000094 
0.000040 

Iron-spar, 

{  Fe  (Mn,  Mg)  O,  ) 

0.000035 

Antimony, 

Sb 

0.000033 

Heavy-spar, 

BaO,  SOj 

0.000058 

Sulphur, 

S 

0.000183 

Celesdne, 

6rO,  SOs 

0.000061 

Galena, 

PbS 

0.000068 

Quartz, 

ft;A*           5 

0.000042 

Zinc-blende, 

2;nS 

0.000036 

^*"'            )     O.O000S9 

Iron  pyrites, 

FevSj 

0.000034 

Orthoclase, 

(        KG,  SiOs       ) 
{  -l-AL0s,3Si0s( 

0.000026 

Rntilc, 

Ti02 

0.000038 

O.0O00I7 

Tin  stone, 

RnO« 

0.000016 

Soft  roda  glass. 

•        •        •        . 

0000086 

lron-irlnntH5, 

FeaOs 

0.000040 

Another  sort. 

•        .        • 

O.0U00S4 

Magnetic  iron 

Hard   potash- 

» 

ore, 

Fes04 

0.000029 

glass. 

0.000021 

TAILBS. 
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TABLE    XVI. 

VOLUME  AND  DENSITY  OF  WATER  — BY  KOPP. 


*< 


Tanpofr- 
tuze. 

Tofaune  of  Wal« 

(•»(r»«i). 

8p.  Or.  of  Water 
(«ta»-l). 

Tolmn*  of  Wfttar 
(al*^-!). 

Bp.  Or.  of  Water 

(at4o-l). 

e 

0 

1.00000 

1.000000 

1.00012 

0.999877 

1 

0.99995 

1.000058 

1.00007 

0.999980 

2 

0.99991 

1.000092 

1.00008 

0.999969 

8 

0«99969 

1.000115 

1.00001 

0.999992 

4 

0 .99908 

1.000128 

1.00000 

1.000000 

6 

0.99968 

1.000117 

1.00001 

0.999994 

6 

0.99990 

1.000097 

1.00008 

0.999978 

7 

0.99994 

1.000062 

1.00006 

0.999989 

8 

0.99999 

1.000014 

1.00011 

0.999890 

9 

1.00005 

0.999952 

1.00017 

0.999829 

10 

1.00012 

0.999876 

1.00025 

0.999758 

^' 

1.00021 

0.999785 

1.00084 

0.999664 

'    12 

1.00081 

0.999686 

1.00044 

0.999362 

13 

1.00048 

0.999572 

1.00055 

0.999449 

14 

1.00036 

0.999446 

1.00068 

0.999822 

15 

1^0070 

0.999306 

1.00082 

0.999183 

16 

1.00085 

0.999155 

1.00097 

0.999032 

17 

1.00101 

0.998992 

1.00118 

0.998869 

18 

1.00118 

0.998817 

1.00181 

0.998695 

19 

1.00137 

0.998631 

1.00149 

0.99S509 

20 

1.00157 

0.998483 

1.00169 

0.998812 

21 

1.00178 

0.996228 

1.00190 

0.998104 

22 

1.00200 

0.998010 

1.00212 

0.997886 

28 

1.00223 

0.997780 

1.00285 

0.997657 

24 

1.00247 

0.997541 

1.00259 

0.997419 

25 

1.00271 

0.997298 

1.00284 

0.997170 

26 

1.00295 

0.997035 

1.00810 

0.996912 

27 

1.00319 

0.996767 

1.00.387 

0.996641 

28 

1.00847 

0.996489 

1.00.365 

0.996367 

29 

1.00376 

0.996202 

1.00398 

0.996082 

80 

1.00406 

0.995908 

1.00423 

0.995787 

85 

1.00570 

40 

1.00753 

45 

1.00954 

60 

1.01177 

55 

1.01410 

60 

1.01659 

65 

1.01930 

70 

1.02225 

75 

1.02541 

80 

1.02858 

• 

85 

1.08189 

90 

1.08540 

95 

1.08909 

100 

1.04299 
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TABLE    XVII. 

FOB  CONYEBTING  DEGREES  OF  THE  CENTIGRADE  THERMOMB- 
TEB  INTO  DEGREES  OF  FAHRENHEIT'S  SCALE. 


Gent 

fahr. 

Cent 

Fihr. 

Omt. 

FAhr. 

Oeat. 

ffehr. 

-h68* 

Fahr. 

—100 

— 14S*0 

e 

—58 

— 72'4 

e 

—16 

-f-8''.2 

-f-26* 

-1-78*8 

-f-154.4 

99 

U6.2 

57 

70.6 

15 

5.0 

27 

80.6 

66 

156.2 

98 

141.4 

56 

68.8 

14 

6.8 

28 

82.4 

70 

158.0 

97 

1426 

55 

67.0 

13 

8.6 

29 

84.2 

71 

159.8 

96 

140.9 

54 

65.2 

12 

10.4 

80 

86.0 

72 

1614i 

95 

139.0 

53 

63.4 

11 

12.2 

81 

87.8 

78 

168.4 

94 

137.2 

52 

61.6 

10 

14.0 

32 

89.6 

74 

165.2 

93 

133.4 

51 

59.8 

9 

15.8 

83 

91.4 

75 

167.0 

92 

133.6 

50 

58.0 

8 

17.6 

84 

98.2 

76 

168.8 

91 

131.8 

49 

66.2 

7 

19.4 

85 

95.0 

77 

170.6 

90 

130.0 

48 

51.4 

6 

21.2 

36 

9o.o 

78 

172.4 

89 

12S.2 

47 

52.6 

5 

28.0 

87 

98.6 

79 

174.2 

88 

126.4 

46 

50.8 

4 

24.8 

88 

100.4 

80 

176.0 

87 

124.6 

45 

49.0 

8 

26.6 

89 

102.2 

81 

177.8 

86 

122.8 

44 

47.2 

2 

28.4 

40 

104.0 

82 

179.6 

85 

121.0 

43 

45.4 

—  I 

80.2 

41 

105.8 

88 

181.4 

84 

119.2 

42 

48.6 

0 

82.0 

42 

107.6 

84 

18S.2 

83 

117.4 

41 

41.8 

-h  1 

83.8 

43 

109.4 

86 

185.0 

82 

115.6 

40 

40.0 

2 

85.6 

44 

111.2 

86 

186  8 

81 

113.8 

89 

88.2 

3 

87.4 

45 

118.0 

87 

188.6 

80 

112.0 

88 

86.4 

4 

89.2 

46 

114.8 

88 

190.4 

79 

110.2 

87 

81.6 

5 

41.0 

47 

116.6 

89 

192.2 

78 

108.4 

86 

82.8 

6 

42.8 

48 

118.4 

90 

194.0 

77 

106.6 

85 

81.0 

7 

44.6 

49 

120.2 

91 

195.8 

76 

104.8 

84 

29.2 

8 

46.4 

50 

122.0 

92 

197.6 

75 

103.0 

83 

27.4 

9 

48.2 

51 

123.8 

98 

199.4 

74 

101.2 

82 

25.6 

10 

50.0 

58 

125.6 

94 

201.2 

73 

99.4 

81 

28.8 

11 

51.8 

53 

127.4 

95 

203.0 

72 

97.6 

80 

22.0 

12 

58.6 

64 

129.2 

96 

204.8 

71 

95.8 

29 

20.2 

18 

55.4 

55 

181.0 

97 

206.6 

70 

94.0 

28 

18.4 

14 

57.2 

66 

182.8 

98 

208.4 

69 

92.2 

27 

16.6 

15 

59.0 

57 

134.6 

99 

210.2 

68 

90.4 

26 

14.8 

16 

60.8 

58 

186.4 

100 

212.0 

67 

88.6 

25 

13.0 

17 

62.6 

59 

138.2 

101 

213.8 

66 

86.8 

24 

11.2 

18 

64.4 

60 

140.0 

102 

215.6 

65 

85.0 

28 

9.4 

19 

66.2 

61 

141.8 

108 

217.4 

64 

83.2 

22 

7.6 

20 

68.0 

62 

143.6 

104 

219.2 

68 

81.4 

21 

5.8 

21 

69.8 

68 

145.4 

105 

231.0 

62 

79.6 

'  20 

4.0 

22 

71.6 

64 

147.2 

106 

222.8 

61 

77.8 

19 

2.2 

28 

73.4 

65 

149.0 

107 

224.6 

60 

76.0 

18 

—0.4 

24 

75.2 

66 

150.8 

108 

226.4 

59 

74.2 

17 

-f-1.4 

25 

77.0 

67 

152.6 

109 

228J 
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Otnt. 

rahr. 

CtnL 

Vahr. 

Cent. 

Fahr. 

+402''.8 
404.6 

Cent. 

Fshr. 

G«nt. 

FUur. 

+110* 
III 

+2So!o 
231.8 

+158* 
169 

+316'!.4 
818.2 

+206*" 
207 

+254* 
256 

+489*^2 
491.0 

+302*' 
808 

+575.6 
677.4 

112 

283.6 

160 

820.0 

208 

406.4 

256 

492.8 

804 

679.2 

118 

236.4 

161 

821.8 

209 

408.2 

267 

494.6 

306 

681.0 

114 

237.2 

162 

828.6 

210 

410.0 

268 

496.4 

806 

682.8 

115 

239.0 

163 

825.4 

211 

411.8 

269 

498.2 

307 

684.6 

116 

240.8 

164 

827.2 

212 

413.6 

260 

600.0 

808 

686.4 

117 

242.6 

165 

829.0 

213 

415.4 

261 

601.8 

809 

688.2 

118 

244.4 

166 

8.S0.8 

214 

417.2 

262 

608.6 

810 

690.0 

119 

246.2 

167 

832.6 

215 

419.0 

263 

605.4 

811 

691.8 

120 

248.0 

168 

834.4 

216 

420.8 

264 

607.2 

812 

593.6 

121 

249.8 

169 

386.2 

217 

422.6 

265 

509.0 

818 

695.4 

122 

251.6 

170 

838.0 

218 

424.4 

266 

510.8 

814 

597.2 

123 

253.4 

171 

889.8 

219 

426.2 

267 

612.6 

816 

599.0 

124 

235.2 

172 

841.6 

220 

428.0 

268 

614.4 

316 

600.8 

125 

267.0 

173 

848.4 

221 

429.8 

269 

616.2 

817 

602.6 

126 

238.8 

174 

845.2 

222 

481.6 

270 

618.0 

818 

604.4 

127 

260.6 

175 

847.0 

223 

488.4 

271 

619.8 

819 

606.2 

128 

262.4 

176 

848.8 

224 

486.2 

272 

621.6 

820 

608.0 

129 

264.2 

177 

850.6 

226 

487.0 

273 

628.4 

821 

609.8 

130 

266.0 

178 

852.4 

226 

488.8 

274 

623.2 

822 

611.6 

131 

267.8 

179 

854.2 

227 

440.6 

275 

6270 

823 

618.4 

132 

269.6 

180 

866.0 

228 

442.4 

276 

528.8 

824 

615.2 

133 

271.4 

181 

357.8 

229 

444.2 

277 

680.6 

826 

617.0 

134 

273.2 

182 

859.6 

280 

446.0 

278 

632.4 

826 

618.8 

185 

275.0 

183 

861.4 

281 

447.8 

279 

634.2 

827 

620.6 

186 

276.8 

184 

868.2 

232 

449.6 

280 

636.0 

828 

622.4 

137 

278.6 

186 

865.0 

283 

451.4 

281 

637.8 

829 

624.2 

138 

280.4 

186 

866.8 

234 

468.2 

282 

589.6 

830 

626.0 

139 

282.2 

187 

868.6 

235 

455.0 

288 

641.4 

831 

627.8 

140 

284.0 

188 

870.4 

286 

456.8 

284 

643.2 

832 

629.6 

141 

285.8 

189 

872.2 

287 

4.58.6 

286 

645.0 

833 

631.4 

142 

2S7.6 

190 

874.0 

288 

460.4 

286 

646.8 

334 

688.2 

143 

289.4 

191 

875.8 

239 

462.2 

287 

648.6 

385 

685.0 

144 

291.2 

192 

877.6 

240 

464.0 

288 

650.4 

836 

686.8 

145 

293.0 

193 

879.4 

241 

466.8 

289 

662.2 

387 

688.6 

146 

294.8 

194 

881.2 

242 

467.6 

290 

664.0 

8.38 

640.4 

147 

296.6 

196 

888.0 

248 

469.4 

291 

655.8 

889 

642.2 

148 

298.4 

196 

884.8 

244 

471.2 

292 

657.6 

840 

644.0 

149 

800.2 

197 

886.6 

246 

473.0 

298 

659.4 

841 

646.8 

150 

302.0 

198 

888.4 

246 

474.8 

294 

661.2 

842 

647.6 

151 

803.8 

199 

890.2 

247 

476  6 

295 

668.0 

848 

649.4 

152 

806.6 

200 

892.0 

218 

478.4 

296 

664.8 

844 

651.2 

153 

807.4 

201 

898.8 

249 

480.2 

297 

666*6 

846 

653.0 

154 

809.2 

202 

895.6 

250 

482.0 

298 

668.4 

846 

634.8 

163 

811.0 

208 

897.4 

261 

483.8 

299 

670.2 

847 

6C6.6 

156 

812.8 

204 

899.2 

252 

485.6 

800 

672.0 

848 

668.4 

157 

814.6 

206 

401.0 

1 

253 

487.4 

801 

673.8 

349 

660.2 

720 


TABLBS. 


CD 

B 


p 

^  8 


o 


I 


I 


t4 


I 


:q 


J 


I 


t4 


I 


I 


J 


14 


•         •         • 


•         •         ■         • 


oooooooooo 
oooooooooo 


S8 

o  o 


MOO^CO'^OTMQA 

.AOO^Me0^iA«« 

gMCOOOeOOOMMCQOOeO 

iSOOOOOOOOOO 


CO 


p^   O   •   »*   •    "* 

i-t    C4    04    •»    ^    lO 


ooooooooo 


•  looiooiooiooioo      leoiootooiooioo      loo 
f»^t«t«i«r*t«i«t«t«aD      oDoooooDooooaoooaoao      oooo 


a 


pi^  A  r«  le  m  M  tt 

60  60  ^  lO  <0  c«  ^- 

flO  00  OD  CO  OD 


s 


s 


o  o  o  o  o 


•    •    •    • 


^MOOOCD^MOCO 

o^cie4e9'^iA««0 

Oi    9i    9i    9    9    9   9    9 

sssi 


8 


t«   OD 


Si  ss 


o  o  o  o  o  o  o 


-r  m  pN  o  QO 
(o  ^-  OD  o  a 


«   -f  M 
»-<    d    CO 


SaDt«iO^C9pNttaocD 
2«f<-qpooOfr*^ 


a 


A    S   A   O   O   O 


oooo      oooo 


•  to  o  «  o 


iOO^O      aeoiootf^oiooioo 


cS  S 


•      •      ■      • 


lo  le  lo  lO 


w)     ibSSS&SSSSSS 


»«oaDw«|ieiOaD«^ 

Sisssiisssi 

oooooooooo 


C4O0p<D'^«9»<^AI*>e 


S-*r  lO  CD 
■e  to  lo 

SSSS88SSSS 

■      •■•■••••• 
OOOOOOOOOO 


«0    »4 

&s 
ss 


Ssisiissiis 

OOOOOOOOOO 


ciOO>i*«ioceeio 
:    "   :^        lo  «  i«  oo  o  - 
■e^»$0iOk9giSie»o 


ei 


S-l*   lO   «   l«   oo 
0    to    kO    «    iS    ^ 

ssssssisss 


•    •    • 


jiooiooiooiooioo      ioo«oieotf»Otf»o      leo 


e?  o 


i 

6 


O  qo  «D  lO  eo 
■^  ^  «  to  r* 


tti    99    '^ 


A^ioe9^o»r«iOMM 

gpAO^e«e«co«i'«« 


•    •     •    •     •     • 

9  O  O  O  O   O 


SSSSSSSS    8S 


i 


9S 


•     •    ^      •      ••••••• 

OOOOOOOOOO 


8^OQ0^l0««e9*^        OOD 
^e9Cieo^io«DC«      qdob 

§§§§§§§§§   §§ 


O  O  o  o  o 


4iooioeiooiooio 

■    ••••••••• 

jOf^f^mmMM'«'« 


lOOiOOiOOiOOiO 

•    •••••••• 

io«o«ofe«fe«aoaotttt 


7ABLEB. 


721 


Ol    ^    00    (O    ^    09 
^■^     CM    04    OQ    ■<«•    lO 


o  o  o  o 


ooocoocooo 
oooeoooooo 


^**  VV   ^"4   "^   ^^   ^^   ^v   ^4   ^BW   ^^ 

OOGCOOOOOO 

•    ■•••        •■•• 

oooeooeooo 


o  ao 

OO    OD 


-r  eo  PN  o 

^N  CM  CQ  T 

lO  iO  lO  lO 

O  O  O  O 

•  •  •  • 

o  o  o  o 


OOQOOOOOOO 

ooooooooeo 


oooccccooc 

•         ■  •        •        •        »         .         ,         . 

ocooooooeo 


o  *o 


looioo      leoicoiooiAOaoo 


OOaOGOODQOQOaDCt 


iCOiOOiOOiOOiOO 

ieco^t»i»xaoA9:C 


CO  "■  0i  fc*  »0  W  "•  OJ 
C»00  —  ClOO-T-T 
AOOOOOOO 


s 


s 

• 

o 

o 

• 

o 

__• 

o 

• 

o 

« 

• 

o 

• 

e 

9 

o 

• 

o 

• 

o 

• 

o 

o 

• 

• 

o 

• 

o 

o 

• 

o 

• 

o 

o 

• 

o 

o 

• 

9 

« 

■ 

• 

o 

• 

• 

o 

FN 

o 

• 

• 

• 

o 

• 

o 

o 

• 

1 

S 

CO 

s 

lO 

s 

s 

^4 

A 
M 

s 

to 

to 

1* 

e 

s 

s 

94 

C9 

o 
91 

to 

CI 

C0 

i 

o  o  o  o  o 

•    •    ■    •    • 

o  o  o  o  o 

« 


ooooooooo 

■     •••••     «•• 

ooooooooo 


oooecooooo 

•    •••         ••••• 

oooooooooo 


0»eOiOO»AO        iOOM)Oi»OieO«0         lOOtOOmOiAOiAO 


9    <D    CO    CD    (O    CO    CO    V 


io(ocei«i«xaco>0)0 

covcocococo<ococo^ 


o>  f*  »^  CO  ^  0>  r* 


40ttO^CI«4C0-r 

g  g  ^  ^ 


«D  CO 


o  o  o  o  o   o  o 


OO  «  -•  «  O  00  CO 

r*  or  oi  ©  -*  ^  ©1 
9  CO  V  «^  r*  »• 


c  ©  o  &  © 
©  ©  o  o  o 


•r<MOxr*»©e»?  —  oir» 
e9^io<r^«okooo©9iO 

ssssssssss 


0©0©©0        00©Q©©©©© 


■^9oe»ioa>r*co^ 

W    «  •*  if5  i"^  W  fr»  -» 

§»  CO  -«  CO  40  OD  9 

O  Q  O  C  ©  ©  Q 

O  O  O  O  O  ©  © 

OOOOOOOO 


ef»i-ioo>i^co-reo«M© 

ssssssssss 

■    •■••        ••        • 

oooo©©oooo 


—  o  OO  r*  « 

W    «    -f    lO 


00  r*  CD  -^  00 

r*  X   oi  ©   •-  '^^  « 

»•    »^    I'-    Tti    00    «•    CD    QO    00    CD 

ScooeoO'Src© 
cc©o©©©oo 


o  o  ©  ©  o 


©  o  © 


ieotno>Aoioo 
ce*^r*Tr'r?©3so 


Oi00»0©i0    0i00 

•     ••••«••• 


•ft  o 


»'^  o 


to 
■r 


o  ir-  © 

•  ■  • 

0>  A  © 

^  "T  lO 


50"^«MOQ0C0'-e« 

^    »-«    ^1    "M    <N    *I    '^1    C« 

g  ©  ©  o 


©  ©  o 

•  ■ 

o  o 


sss. 

©  © 


iaco#*or^»©»^<M 
CI  *?«  <»i  (N  *i  CI  ^1  eo  ■•  eo 


© 
o 


© 
© 


o  e 


§ss 


©  o  ©  ©  ©  o 


o©o<=co©©c© 
oecoe©©©©© 

ooo©©oo©©© 


^  1^  •*  <?•  —  © 

O".  ©  »^  <M  eo  ^ 

«    ^    ^1    ■«    «•!    <M    CI 


25 


eoci-«^"»^coi'^"^« 

^     ■-       .     .-       .     .-,     .-,     ..         ^-    Ci    CI    CI    *»!    --    «    «    «    « 

©0©©©©00         OOOO-ri©^©©© 

oooooo©©       OO©©©^         --- 


© 


8 


c  ©  ©  o  o 


©ssr"   — . .-"   oc©e© 
©©©e?oe©©e© 


©  ©  o  o 


OO      ooo©©ooooo 


©  ©  o  © 


©  o  ©  © 


«   O    lO 


K»    O 


^  CI  e«  «  eo  ^  -^ 

^*      *"      FN       ^«      »M      ^«      PN 


le  o 

■     ■ 


moo 

•     •     • 

le  CD  CO 


O    •'^   O    M)   O   lA  o 


f»  nr   TT 


n  A  o 

^    1^   M 


iOOl»9iA©iO©IAe 

0'-«pi^cic««W-*-*»'* 
e«CI9IC1Cie4C9C9C1CI 


61 


722 


TABLES. 


TABLE   XIX. 

TABLE  FOR  THE  REDUCTION  OF  THE  PRESSURE  OF  A  COLUMN 
OF   WATER  TO  A  COLUMN  OF  MERCURY. 
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Piwrowof   . 

Mrrron,     j 

In  MUUmetTM. , 
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LOGARITHMS  AND  ANTI-LOGARITHMS. 
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ANTILOGAHITHMS. 
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.35 

2239 

2244 

2249 

2254 
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8270 

2276 
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8286 
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.36 
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.37 
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2377  2382 
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.38 

2399 
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.39 
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.40 
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2518 
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2541 
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8564 

3 

2 

8 

4 
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.41 

2570 

2576 

2582 
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2594 

2600 

2606 
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2616 
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8 

8 
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.42 

2630 

2686 

2642 

2649 

2655 

2661 

2667 

2678 

2679 

2685 

8 

a 

8 

4 
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.43 

2692 

2698 

2704 

2710 

2716 

2723 

2729 

2785 

8742 

8748 

8 

3 

3 

4 
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.44 

2754 

2761 

2767 
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2805 
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8 

8 
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2825 
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8 

8 
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5 

1 

61 

.46 

2S84 
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2897 
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2911 

2917 

2924 

2931 

2938 

2944 

8 

3 

3 
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-47 

2951 

2958 

2965 

2972 

2979 

2985 

2992 

2999 

8006 

3013 

8 

3 

3 
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.46 

3020 

3027 

8034 

8041 

3048 

3055 
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8069 

8076 
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8 

3 

4 

5 
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ANTILOGARITHMS. 
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0 


.50 

.51 
.52 
.53 
.54 

.55 

.56 
.57 
.58 
.59 

.60 
.61 
.62 
.63 
.64 

.65 
.66 
.67 
.63 
.69 

.70 
.71 
.72 
.7) 
.74 

.75 

.76 
.77 
.73 
.7'i 

.80 
.81 
•82 
.83 
.84 

.85 
.86 
.87 
.88 
^9 

.90 
.91 
.92 
.93 
.94 

.95 
.96 
.97 
.98 
.99 


3162 
3236 
3311 
3388 
3467 

3548 

3631 
3715 
3802 
3890 

3981 
4074 
4169 
4266 
4365 

4467 
4571 
4677 
4786 

4893 

5012 
5129 
^248 
5370 
5495 

5623 
5754 
5888 
€026 
6166 

6310 
6457 
6607 
6761 
6918 

7079 
7244 
7413 
7586 
7762 

7943 
8128 
8318 
8511 
8710 

8913 
9120 
9333 
9550 
9772 


3170 
3243 
3319 
3396 
3475 

3556 
3639 
3724 
3811 
3899 

3990 
4083 
4178 
4276 
4375 

4477 
4581 
4688 
4797 
4909 

5023 
5140 
5260 
5383 
5508 

5636 
5768 
5902 
6039 
6180 

6324 
6471 
662. 
6776 
6934 

7096 
7261 
7430 
7603 
7780 

7962 
8147 
8337 
8531 
8730 

8933 
9141 
9354 
9572 
9795 


3741  3750 
3828  3837 
3917  3926 


3177  3184  3192 

3251  3258  3266 

3327  8334  3342 

3404  3412  3420 

3483  3491  3499 

3565  3573  3581 

3648  3656  3664 

3733 

3819 

3908 

3999  4009  4018 
4093  4102  4111 
4188  4198  4207 
4285  4295  4305 
4385  4395  4406 

4487  4498  4508 
4592  4603  4613 
4699  4710  4721 
4808  4819  4831 
4920  4932  4943 

5035  5047  5058 

5152  5164  5176 

5272  5284  5297 

5395  5408  5420 

5521  5534  5546 

5649  5662  6675 

5781  5794  5803 

5916  5929  5943 

6053  6067  6081 

6194  6209  6223 

6339  6353  6368 

6486  6501  6516 

6637  66.53  6668 

6792  6809  6823 

6950  6966  6982 

7112  7129  7145 

7278  7295  7311 

7447  7464  7482 

7621  7638  7656 

7798  7816  7834 

7980  7998  8017 
8166  8185  8204 
8356  8375  8395 
8551  8570  8590 
8750  8770  8790 
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8954 
9162 
9376 
9594 
9817 


8974 
9183 
9397 
9616 
9840 


8995 
9204 
9419 
9638 
9863 


3199 
3273 
3350 
3428 
3508 

3589 
3673 
3758 
3846 
3936 

4027 
4121 
4217 
4315 
4416 

4519 
4624 
4732 
4842 
4955 

5070 
5188 
5309 
5433 
5559 

5689 
5821 
5957 
6095 

6237 

1 

6383 
6531 
6683 
6839 
6998 

7161 
7328 
7499 
7674 
7852 

8035 
8222 
8414 
8610 
8810 

9016 
9226 
^141 
9661 
9886 


3206 
3281 
3357 
3436 
3516 

3597 
3681 
3767 
3855 
3945 

4036 
4130 
4227 
4325 
4426 

4529 
4634 
4742 
4853 
4966 

5082 
5200 
5321 
5445 
5572 

5702 
5834 
5970 
6109 
6252 


3214 
3289 
3365 
3443 
3524 

3606 
3690 
3776 
3864 
3954 

4046 
4140 
4236 
4335 
4436 

4539 
4645 

4753 
4864 
4977 

5093 
5212 
5333 
5458 
5585 

5715 
5848 
5984 
6124 
6266 


6397  6412 
6546;  6561 
6699  6714 


6855 
7015 

7178 
7345 
7516 
7691 


6871 
7031 

7194 
7362 
7534 
7709 
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3221 
3296 
3373 
3451 
3532 

3614 
3698 
3784 
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3228 
3304 
3381 
3459 
3540 

3622 
3707 
3793 


3873  3882 
3963  3972 


4055 
4150 
4246 
4345 
4446 


4064 
4159 
4256 
4355 
4457 


4550  4560 
4656  4667 
4764  4775 
4875  4887 
4989  5000 
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5224  5236 
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5598  5610 

5728  5741 
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5998  6012 
6138  6152 
6281  6295 
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8241 
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9247 
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9057 
9268 
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6730 
6887 
7047 
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7379 
7551 
7727 
7907 
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8279 
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9506 
9727 
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7228 
7396 
7568 
7745 
7925 
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8492 
8690 
8892 

9099 
9311 
9528 
9750 
9977 
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CONSTANT  LOGARITHMS. 


▲r.OBi 


(Srcomf.  of  circle  when  i?  =  1,    (- 


u        u       u 


=   1.5708 
=  B.1416 


«     2>  =  1,  (, 

Area  of  circle  when  iZ*  =  1,  (ir     =3.1416 

u      u        u  it       Qi  2_  I 

Surface  of  sphere  when  i?'  =  1,  (4ir  =  12.5664 

«     i>«=:l,  (»    =   3.1416 


<:-. 


=   0.7854 


=   0.0796 


to  U  U 


U  « 


"     C"  =  l,    (i    =  0.8183 


Solidity  of  sphere  when  i?  =  1,    (3ir=   4.1888 
u      Ktf         «23^=l,   (?=  0.5286 


u       a 


Log.  of  «*,  (ir* 

Intensity  of  gravity  at  Paris,  (^ 

«  «  «<  in  Lat  45%  (^ 
«        «       «      on  Equator,     (g 

Length  of  seconds  pendulum  at  Paris,  (Z 

No.  of  seconds  in  a  day, 

Specific  Gravity  of  Mercury, 

Mean  height  of  Barometer, 

Corresponding  air  pressure  on  c.m.'i 


=   0.0169 

=  9.86960 

=  9.80960 

=  9.80604 

=  9.78062 

=  0.99392 

(86400 

(13.596 

(76  c  m. 

(1,033.296 


0.1961199   9.8038801 

0.4971499   9.5028501 
0.4971499   9.5028501 

9.8950899  0.1049101 


8.9007901   1.099  2099 

1.099  2099  8.9007901 
0.4971499   9.5028501 

9.5028501  0.4971499 


0.6220886  9.377  9114 
9.7189986  0.2810014 
8.2275490  1.772  4510 


0.994  2997 
0.991  6513 
0.991 4937 
0.9903664 
9.997  3515 
4.936  5137 
1.1334112 
1.880  8186 
8.014  2248 


9.005  7003 
9.008  3487 

9.008  5063 

9.009  6336 
0.002  6485 
5.063  4863 
8.866  5888 
8.119 1864 
6.985  7752 
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Abbolutb  Weight.    (&«  Weight) 
Absorption  of  gasefl  by  aolids,  879. 

"  ^*  "  laws  of,  881. 

by  liquids.    (See  Solu- 


of  liquids  by  solids,  868.  fbility.) 
Absorption-Meter,  402.    Analysis  of  mixed 

gases  by,  409. 
Acceleration,  definition  of,  28* 

*•  of  gravity,  86. 

Action  and  reaction,  law  of,  49. 
Adhesion,  842.    (And tee  Osmose.) 
**        between  gases,  412. 
"  "        Squids,  888. 

^*      and  gases,  801. 
solids,  842. 
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**    and  gases,  879, 8^8. 
•*     "    Iiqui(is,844. 


phenomena  of,  classified,  842. 
Air.    (See  Atmosphere.) 
Air-Pump,  with  yalves,  829. 
^  without  valves,  826. 

**  degree  of  exhaustion,  827. 

Air-Thermometer,  688.  (See  Thermoscope.) 

'*  Regnault's,  684. 

Alcoometer,  Gay-Lnssac's,  264. 
Alloys,  expansion  in  solidifying,  668. 

**       melting-point  of,  6o0. 
Alumina,  crystallization  of,  120. 
Analogies  of  Nature,  0. 
Annealing,  207,  211. 

<*         of  f^lass.  212. 
Antimony,  ratio  or  crystalline  axes  of,  122. 
Arago  and  Dulong,  experiments  on  Mari- 

otte's  law,  298. 
^'  '*         experiments  on  tension 

of  aqueous  vapor,  676. 
Archimedes^s  Law,  286. 

**  "     demonstration  of,  287. 

«  "     iUustration  of,  280. 

Arsenic,  crystallization  of,  120. 
Arsenious  Acid,  crystallization  of,  120. 
Artesian  Wells,  288,  647. 
Aspirator,  826,  892. 
Atmosphere,  buoyancy  of,  268. 
dew-point  of,  641. 
effects  of  expansion  of,  640. 
pressure  of,  266,  279. 
probable  limit  of,  807. 
relatiye  humidity  of,  640. 
waves  of,  286. 
Atomic  Theory,  110. 
Atoms,  size  oi^  BoscoviseVs  opinion  of,  110. 

"  "       Newton's  opinion  of,  110. 

Attraction  of  Earth.    (See  Gravity.) 
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Axes  of  crystals,  121, 128. 
**    lateral  and  vertical,  122. 
**    ratio  in  crystals  of  antimony,  122. 
"         "  "  bichromate  of  pot- 

ash, 124.      [122. 
"         **  "  carbonate  of  lime, 

"  "  "  gypsum,  128.  [124. 

"         "  **  sulphate  of  copper, 

"         "  "  "        iron,  128. 

"         "  »*  sulphur,  128. 

"         "  "  tin,  122. 

"    similar,  126. 

BABimrr,  formula  of,  806. 
Balance,  accuracy  and  sensibility  of,  102. 
**       centre  of  gravity  of,  how  adjusted, 
**        degree  of  sensibility  of,  106.    [101. 
*'        description  of,  100. 
hydrostatic,  248. 
regarded  as  a  lever,  101. 
«♦  "  "    pendulum,  102.    [94. 

"       spring,  indicates  absolute  weight, 
Balloons,  270. 

**        ascensional  force  of,  271. 
Barometer,  Aneroid,  286. 

**  Bourdon's  metallic,  190. 

**  common,  284. 

"  Fortin's,  282. 

"  history  of,  276. 

^  oscillations  of,  286. 

"  Begnault*s,  280. 

"  theory  of,  278. 

«  used  m  measuring  heights,  804. 

"  "      meteorology,  287. 

**  various  uses  of,  2w. 

Barometrical  Observations,  corrected  for  ca- 
pillarity, 284, 866. 
"  "         corrected  for  tem- 

perature, 284, 611. 
Bevelling,  181. 
Bichromate  of  potash,  ratio  of  crystaUbM 

axes  of,  124. 
Billiards,  illustrative  of  elasticity,  201. 
Bodies,  collision  of  unelastic,  49. 

**  "         elastic,  196. 

Body,  definition  of,  8. 
Boiler.    (See  Steam-Boiler.) 
Boiling-Point,  determination  of,  669. 

*'  influenced  by  pressure,  666, 

<«  table  of,  666.  [677. 

'*  of  water,  666. 

<*  "       effect  of  salts  on,  668. 

"  ^       influenced   by  con- 

taining vessel,  668. 


730 


INDEX. 


Boiling-Point,  nse  in  measuring  heights,  667. 
Boracic  Acid,  how  used  in  crystallizing,  120. 
Boscovisch^s  opinion  of  atomic  theory,  110. 
Bourdon.   {See  Barometer  atirf  Manometer.) 
Buoyancy  of  gasex,  268. 

"  "  fiquids,  235,  247. 

Bramah*8  Presji,  220. 
Br^guet's  Metallic  Thermometer,  604. 
Britannia  Bridge,  expansion  of,  603. 
Brittieness,  definition  of,  206. 
Brix,  latent  heat  of  vapors,  604. 
Bronze,  tempering  of,  212. 
Bunsen,  absorption-meter,  402. 

solution  of  guides  in  liquids,  898. 

specific  gravity  of  gases,  671.    By 
effusion,  414. 

tension  of  condensed  gases,  693. 

volume  of  gases,  679. 
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Caoniard  db  la  Tour,  experiments  on 

dense  vapors,  601. 
Calcite,  hardness  of  faces  of,  210. 

ratio  of  crystalline  axes  of,  122. 
rhombohedrons  of,  152. 
Capillarity,  846. 

^*         absorption  of  liquids  by  porous 
solids,  368. 

^         amount  of  pressure,  851. 

**         effects  of  pressure,  352. 

'*  form  of  meniscus,  847,  349. 

**  general  phenomena  of,  846, 854. 

**  illustrations  of,  853,  362. 

*'         influence  of  temperature  on,  860. 

^*         numerical  laws  of,  355. 

^         pressure  resulting  from  molecu- 
lar forces,  349. 

"         verification  of  laws  of,  857. 
Capillary  Tubes,  height  of  liquid  in,  854, 

•*         Plates,  357,  359.  (358, 860. 

Carbonate  of  soda,  laws  of  its  solubility,  876. 

"         **  lime.    (See  Calcite.) 
Carbonic  Acid,  condensation  of,  596,  609. 
Cathetometer,  185, 281. 
Cements,  343. 
Centre  of  Gravity,  properties  of,  60. 

**  **        position  of,  61. 

'*        oscillation,  definition  and  proper- 
ties of,  70. 

"         pressure,  220,  240. 
Centigrade  Thermometric  Scale,  486. 
Centrifugal  force,  79. 

**  **      at  equator,  82. 

•*  **      measure  of,  80. 

**  "      modifying  gravity,  81. 

Centripetal  force,  78. 
Charcoal,  absorption  of  gases  by,  380. 
Chemical  Change,  distinguished  from  solu- 
tion, 371. 

"        Physics,  definition  of,  6. 
Chemistry,  how  distinguished  from  Physics, 

'*  the  three  questions  of,  6.         [6. 

Chimney,  theory  of  641. 
Cleavage,  laws  of,  205. 

**        planes  of,  119,  204. 
Clock,  description  of,  72. 
Coefficient  of  absorption  of  gases.  892. 

**         "  compressibility  of  liquids,  217. 

*•'         **  conduction  of  heat,  659. 

"         **  cubic  expansion,  492. 

"         "  elasticity,  186. 

**         **  expansion  of  gases,  628. 


Coefficient  of  expansion  of  water,  627. 

••         "  "       of  mercury,  610, 614 

**        **  linear  expansion,  4^1. 
Cohesion,  119,  842. 
Coinage,  208. 
Collision  of  elastic  bodies,  196. 

**        "  unelastic  bodies,  49. 
Column.    {See  Mercury  Column.) 
Combustion,  heat  from,  649. 
Components  and  Resultants  38. 
Compressibility  of  gases,  115, 278,  648. 
••  "         laws  of,  2f  7. 

«•  **         limit  to,  801. 

(*  <*    (iSeeMariotte'sLaw.) 

•*  of  liquids,  215. 

"  of  matter,  illustrations  of. 

Condensation  of  gases,  692.  J118. 

**  **        apparatus  of  hatta- 

rer,  598. 
•*  "       apparatus  of  Thilo- 

rier.  5l»6. 
"  '*        by  cold,  593. 

**  **        by  pressure,  594. 

*'  **        f'araday's       experi- 

ments on,  699. 
•*  "        Faraday's     method, 

595.  ^  1648. 

**  "       heat  resulting  from. 

Condensed  Gases,  boiling-points  of,  592. 
**  **       freezing-points  of,  699. 

"  *»      latent  heat  of,  609.   fOlO. 

**  **      low   temperature     trom, 

**  **      maximum  tension  of,  593, 

•*  **       table  of,  596.  [596. 

Condensing-Pump,  883. 
Conduction  of  Heat,  coefficients  of,  650. 
'*  ''        illustrations  of,  666. 

•*  •*        in  crj'stals,  656. 

**  ^*        in  gases,  667. 

*•  "  **    Grove's  experi- 

ments on, 667. 
**  "in  liquids,  657. 

•'  •*  *•      Despretz's  ex- 

periments on,  667. 
^  **        in  liquids,   Rumford^f 

experiments  on,  667. 
**  **        in    solids,    conductors 

good  and  bad,  664. 
'*  **        in  solids,  experiments 

of   Wiedmann   and 
Franz,  656. 
in  solids,  Ingenhouss's 

apparatus,  666. 
in  solids,  laws  of,  666. 
in  various  metals,  666. 
Co-ordinates,  definition  of,  20 
Copper,  tempering  of,  212. 
Cornish  Boiler,  616. 
Coulomb,  laws  of  elasticity,  193. 
Couples,  definition  of  mocfianical,  47. 
Cryophorus,  609. 
Crystal,  axes  of,  121. 
'**       centre  of,  124. 
**       definition  of,  121. 
"       parameters  of  planes  of,  124. 
**       planes  of,  121. 
'*       similar  axes  of,  126. 
«<  *'       planes  of,  126. 

"       size  of,  121. 
"        {See  Form.) 
Crystalline  form,  119. 
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Crystalline  form,  identity  of,  defined,  188.      t 

*'         stracture,  119. 
Crystallization,  process  of,  119. 

"  water  of,  872. 

Crystallography,  119. 

*«  terms  of,  131. 

Crystals,  cleayage  of,  lltf,  204. 

conduction  of  heat  in,  666. 
determination  of,  176. 
expansion  of,  498. 
groups  of,  178. 
irrespilarities  of,  170. 
mooels  of,  182. 
modifications  of,  181,  176. 

"  laws    governing, 

simple  and  compound,  129.    [182. 
symbols  of,  128. 
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systems  of,  121, 176. 
twin,  178. 
(See  Form.) 
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Daltom^s  Apparatiu  for  tension  of  vapors, 

"        Laws,  688. 
Banieirs  Hygrometer,  648. 
Densimeter,'  262. 
Density,  definition  of,  18.    (See  Mass.; 

**        how  related  to  weight,  91. 
Despretz,  conduction  of  heat  in  liquids,  667. 
expansion  of  water.  628,  626,  649. 
experiments  on  Mariott6*s  Law, 
291. 

Dew,  theory  of,  668. 
Difiiision  bottles.  419. 

^       tube  or  Graham,  420. 
of  gMes,  419. 

Dalton's  theory  of,  423. 
illustrations  of,  428. 
of  liauids,  883.  [884. 

"      Graham*R  experiments  on, 
"      illustrations  of,  884. 
**  "      laws  of,  886. 

*<  *'      (See  Osmose). 

Dimorphism,  184. 
Distillation,  process  of,  688. 
Dividing  engine,  443. 
Divisibility  of  matter.    (See  Matter.) 
Ductility,  206. 

"        order  of,  207. 
Dulong  and  Petit,  experiments  on  expansion 
of  mercury,  608, 614. 
**      specific  heat  of  gases,  488,  489. 
»•      (See  Arago.) 
Dynamics,  definition  of,  84. 

Earth,  centre  of  gravity  of,  84. 
**       eccentricity  of,  83. 
"       origin  of  form  of,  86. 
**       spheroidal  figure  of,  88. 
Kffhsion  of  gases,  412.  [418. 

"        **      "      experiments  of  Graham, 
"        "      •*      law  of,  414. 
«       **      **      use    in  determining  Sp. 
Gr..  414. 
Elastic  bodies,  collision  of,  196. 
Elasticity,  coefficient  of.  186. 
definition  of,  116. 
limito  of,  116, 198. 
limited  and  unlimited,  116. 
of  compression,  187. 


tt 

(I 
u 
u 


li 


"  crystals,  196. 


u 


ti 


u 

M 

U 


tt 


It 


tt 


t« 


Elasticity  of  flexure,  187. 

u         **       ^       applications  of,  189. 
<«         «  liquids,  116,  216. 
««         «  solids,  186. 
*«         «<  tension,  laws  of,  186. 
«  «*  torsion,  191. 

v         «<       »       applications  of,  198. 
u         u       u       laws  of,  192. 
'*       perfect  and  imperfect,  116. 
**       varieties  of,  llo. 
Elements,  chemical  definition  of,  8. 
Engine,  dividing,  448. 

**      steam,  616  et  tea. 
Equilibrium,  mechanical,  definition  of,  84. 
**  of  fioating  bodies,  242. 

»  of  liquids,  228.  [63. 

"  stable,  unstable,  and  neutral. 

Expansion,  coefficient  of,  491. 
"        force  of,  499. 
'*       by  heat,  480. 
««         *^      "     cubic,  481, 492.  . 
"         •«      "     linear,  481, 491. 
**        heat  absorbed  in,  476,  480. 
**        of  gases,  628. 
"         "      "      expansion  of  air,  640. 
^         "      **      air-thermometer,  688. 
"         ««      ««      air-pyrometer,  689. 
"         "      "      coefficients  of,  628. 
"         14      tt      general  laws  of,  682. 
^         '*      **      methods   of  determin- 
ing, 680. 
"    liquids,  607. 

above     the     boiling- 
point,  619. 
absolute   and  appar- 
ent, 607. 
M         «       "      change  of  rate  with 

temperature,  617. 
"         "        "      experiments  of  Drion, 

619. 
**         "       **      experiments  of  Kopp, 

616. 
"         "       "      experiments  of  Pierre, 

616. 
**      formula  for  alcohol, 
ether,   and   oil   of 
turpentine,  618. 
represented  by  curves, 
618. 
"         "  solids.  494. 
«         "      *•      applications  of,  604. 

"      determination  of  cubic, 
496, 616.  [494. 

'*      detenu  i  nation  of  linear, 
"      case  of  crystals,  498. 
•♦  "      glass,  497,  498. 

**      experiments  of  Kopp, 

496. 
"     experiments  of  La  Place 
and  Lavoisier,  494. 
^      <*      illustrations  of,  600. 
•*      **      order  of  compressibili- 
ty and  expansibility, 
497. 
«*         «      "      related  to  fusibillty,49T. 
**      "      variation  with  temper^ 

ature,  497. 
"  mercury,  508. 

coefficients  of,  610. 
correction   of  barom- 
eter, 611. 
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Expansion  of  mercury,  deTermination  of  ab- 
solute, 508. 
determination  of  ap- 
parent, 618.       [610. 
*'         ^       "      empirical  formula  of, 
«<         ♦♦       **      method  of  determin- 
ing absolute,  Dulong 
and  Petit,  608,  Reg- 
nanlt,  609. 
**         **        **      Relation  between  ap- 
parent and  absolute, 

"         "  water,  620. 

**         "      "      curve  of,  621, 624. 

«         "      »♦      coefficient  of,  627. 

**  "  **  determinati<»  of  maxi- 
mum density,  622. 

"        ^      ^     empirical  formulae  for, 

626. 

**        "     «♦      experiments    of    Des- 

pretz,  628. 

»«         "      "      experiments  of  Plticker 

and  Geissler,  623. 

**  ^  ^  point  of  maximum  den- 
sity, 620. 

"  "  "  (5ee  Maximum  Density.) 
Extension,  definition  of,  10. 

»*       how  measured,  11. 

Fahrenhjeit,  thermometrio  scale  of,  486. 
Faraday,  experiments  on  condensed  gases, 

696,  699. 
Floating  bodies,  laws  of,  241. 
Fluidity,  definition  of.  216. 
Force,  chanee  of  point  of  application,  88. 
**     definition  of  mechanical,  82. 
**     intensity  and  quantity  of,  87,  68. 
^     laws  governing  direction  of,  82. 
«     living,  62. 
^     measure  of,  84. 
**     moving,  87.    {See  Momentum.) 
^     origin  of  idea  of,  6. 
**     synMivmous  with  volition,  7. 
^     unit  of,  86,  98. 
Foroes,  centre  of  parallel,  48 

**      centrifugal  and  centripetal,  77. 
^      composition  of,  88,  42. 
"  **  "  pamllel,  48, 47. 

"      decomposition  of,  40. 
**      illustration  of  parallel,  46. 
^      parallelogram  of.  39. 
'*      represented  by  lines,  88. 
"^      acting  in  the  same  direction,  result- 
ant of,  89. 
Forces,  Molecular,  117,  842.  [861,  862. 

"  "        pressure  exerted  by,  849, 

Form,  crystalline,  119,  127. 
**      dominant  and  secondarv,  180. 
^      esRential  and  accidental,  119. 
"      hemihedral,  128. 
«      holohedral,  127. 
"      principal,  148, 161, 168, 169. 
**      tetartohedral,  129, 166.  • 
**      {See  Hemihedral  and  Holohedral.) 
Forms  of  crystals.    Dimetric,  142.    Hexago- 
nal, 147.    Monoclinie,  168.    Monometnc, 
182.    Tridinic,  168.    Trimetric,  168. 
Formula; :  — 


Absolute  expansion  of  mereurT,609. 

"         weight,  87. 
Air-thermometer,  686  ~  689. 


Fonnubes'^' 

Air-pump,  827,  828. 

Analysis  of  gases  by  absorption,  411 

Apparent    expansion    of   mercury, 

618,  614. 
Apparent  and  absolute  ooeflk:ient  of 

expansion,  616. 
Ascensional  force  of  balloon,  272. 
Barometrical  observations  corrected 

for  temperature,  611, 612. 
Capillarity,  867,  868. 
Centrifugal  force,  80-88. 
Coefficient  of  expansion  and  qiedfie 

gravity,  496.  [616. 

C^fficieiit  of  expansion  of  solids. 
Collision  of  elastic  bodies,  196-198. 
*^         unelastic  bodies,  49-61. 
Compensating  pendulum,  606. 
Conauction  of  neat,  669. 
Correction  of  thermometric  obsenra- 

tions,  449. 
Couples.  47. 

Decomposition  of  forces,  4L 
Density  and  weight,  91. 
Dimensions  of  safety-vvlve,  620. 
Effusion  of  gafies,  4l6. 
Elasticity  of  flexure,  188. 
^  tension,  186. 

"  torsion.  192. 

Expansion  by  heat,  492, 498. 
of  gases,  629. 
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determination  of, 
Heat  of  fusion,  660.  [631, 682. 

Hydrometer,  261,  262. 
Intensity  of  gravitv,  66. 

"  **     *    at  different  hOl- 

tudes,  77. 
La  Placets  and  Babinet*s,  806. 
Latent  heat  of  steam.  607. 
Mariotte's  flask,  828,  824. 
"         law,  287,  288. 
Mass  and  density,  18. 
Measure  of  forces,  86. 
Measurement  of  hei^t  by  barome- 

eter,  304,  806. 
Momentum,  87. 
Parallel  forces,  46. 
Parallelogram  of  forces,  40. 
Pendulum,  68,  69,  78,  76,  76. 
Person's  law,  661,  668. 
Power  or  quantity  of  a  force,  68. 
Pressure  of  atmosphere,  279. 

"  liquids,  219,  227,  282. 

Psychrometcr,  644. 
Reduction  of  thermometric  scales, 
486.  446. 
of  volumes  of  gases  to 
standard  pressure,  814. 
of  volume  of  moist  gases, 
687. 

Relative  and  absolute  weight,  96.  [96. 
Relative  specific  weight  and  density. 
Relative  specific  weight  and  rehLtive 

weight,  96. 
Relative  weight  and  mass,  96, 96. 
Safety-tubes,  816,  817. 
Size  of  thermometer-bulb,  446. 
Solution  of  gas&s  894. 

"     of  mixed  gases,  406, 407, 409. 
Solubilitv  of  salts,  867. 
Specific  gravity,  247-249,  267. 
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Specific  gravity  and  mass,  92. 
Sp-  Gr.  aud  specific  weight,  9S. 
"^       and  weight,  91. 
^       of  Kues,  678. 
^       of  nqulds  corrected  for  tem- 
perature, 666. 
*^      of  solids  corrected  €ar  tem- 
perature, 668. 
**       of  vapors,  676«  676(. 
^       referred  to  air  and  water^  98. 
"       weight  and  volume,  92. 
Specific  heat  of  gases  under  constant 

volume,  48L 
**  **    method  of  mixture,  468. 

Specific  weight,  90. 
Syphon,  821.  [M6. 

"tension  and  temperature  of  vapors, 
"•         "    volume  of  vapors,  588. 
^       of  aqueous  vapor,  681. 
Uniform  motions,  28. 
Uniformly  accelerated  motion,  24,  26. 

**        retarded  motions,  26,  27. 
Variation  of  gravity  with  height,  86. 
Velocity  of  sound,  482. 
Volume  of  alcohol,  etc.,  618. 
**      of  gases,  681. 
'*      of  mercury,  61L 
"      of  water,  627.  [670. 

Weight  of  gas,  reduced  for  latitude, 
*^    ofonec75r*ofgas,668,669. 
"^     ofbodiesmair,  269. 
Woolf  *8  apparatus,  819,  820. 
Franklin,  on  absorption  of  heat,  668^ 
French  System  of  Weights,  89. 
Freezing  mixtures,  656. 
point,  648. 
"      of  water,  649. 
"■  "*     effect  of  salto  on,  649. 

Friction,  heat  o^  648. 
Fulcrum,  97. 
Furnace,  hot-air,  542. 
Fusion  of  solids,  648,  668.    (See  Melting  ami 

Freezing  Points,  and  Heat  of  Fusion.) 
Fusion  of  solids,  vitreous,  648.  1667. 

**  "       change  of  volume  attenaing, 

Galilbo,  proposition  of  composition  of  ve- 
locities, 28. 
Gallon,  imperial,  14. 
Gases,  absorption  of,  by  solids,  879l 

"      compressibility  of,  116,  278,  287. 

^      condensation  of.  (jS6«€!ondensation.) 

"      conduction  of  heat  by,  657. 

**      definition  of  quantity  of,  894. 

*'      direction  of  pressure  of,  266. 

**      effusion  of.    (See  Effusion.)       [116. 

^      elasticity  of,  perfect  and  unlimited, 

**      expansion  of.    {Se€  Expansion.) 

**      fluidity  of,  268. 

^      formation  of  vapor  in,  686. 

<*      how  distinguished  from  liquids,  278, 

"  "  "  vapors,  686. 

"      mechanical  condition  of,  268. 

**      method  of  weighing,  270. 

**      passage  of,  through  membranes,  426. 

**      permanent  elasticity  of,  274. 

**      pressure  due  to  gravity,  266. 

*«      solubility  of.    (^See  Solubility.) 

V      specific  gravify  of,  98,  278,  670. 

"      tension  of,  definition,  268. 
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Gases,  transmission  of  pressure,  264. 
transpiration  of,  417. 
volume  of,  679.    {8m  Weighing  and 
Measuring.) 
how  reduoMl  to  standard 
pressure,  818. 
**  **        moist,  how  reduced)  687. 

**      weight  of,  270,  667. 
Gasometers,  814. 
Gay-Lussac,  solubility  of  sulphate  of  sodft, 

874,  876. 
Geometry,  subject-matter  of^  11. 
Glass,  annealing  of,  212. 
**     expansion  of,  at  different  tempera- 
tures, 498,  499. 
Glauber  Salts.    (See  Sulphate  of  Soda.) 
Gold-Lea^  illustrates  divisibility  of  matter, 
**  manufacture  of,  206.  [109. 

Goniometer,  Application,  177. 
*"  Befiective,  178. 

**  "•         Babui6t*s,  188. 

**  ^         Uaidinger*s,  188. 

"  V         Mitflcberlich's,  182. 

"  «         Budberg's,  182. 

Suckow's,  188. 
Wollaston*s,  179. 
Goniometry,  Miller's  method  of;  181.     [884. 
Graham's  experiments  on  diffusion  of  liquids, 
"  "  "    of  gases,  420. 

^  effusion,  413. 

"  osmose,  889. 

**'  transpiration,  417. 

Grailich  and  PekaraVs  Sckrometer,  209. 
Gramme,  definition  of,  89. 
Grassi,  on  compressibility  of  liquids,  217. 
Gravitation,  law  oi,  86. 
Gravity,  acceleration  of,  66. 

**       Borda's  and  Oassini's  experimflnfti 
on,  74. 
causes  of  variation  of  earth's,  77. 
centre  of,  60. 
definition  of;  66. 
direction  of  earth^s,  67. 
**-       intensity  of,  64. 

how  measured,  66. 
represented  by  ^,  66. 
imguhurities  o^  77. 
measured  by  pendulum,  78. 
point  of  application  of  earth's,  68. 
proportional  to  quantity  of  matter, 
resultant  of  forces  of;  69.  [66. 

value  of,  at  different  latitudes,  76. 
varies  with  distance,  86. 
(See  Specific  Gravity.) 
Gypsum,  form  of  crystals  of,  174. 

^*         ratio  of  crystalline  axes  of;  12& 

Hallstbom,  expansion  of  water,  628. 
Hardness,  definition  of,  208. 
**        how  measured,  208. 
''        of  crystals,  209. 
**        scale' of,  209. 
^        sclerometer,  209. 
Heat|  a  repulsive  force,  118. 
^     absorbed  by  expansion,  476,  480. 
**     an  expansive  force,  480. 
**     central,  647. 
<<     definiUon  of,  426. 
**     mechanical  equivalent  of,  484,  688. 
^     theories  of,  426. 
^     (Ae  Conduction,  Badiant,  &  Sources.) 
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Heat  of  Fusion,  666. 

**  ^       fl-eeung  miztore,  666. 

<^  ^        how  determined,  660. 

*<  "•       Penon*8  law,  660. 

Hemihedral  Forms,  128, 186, 188, 146,  149, 
Hemi-octahedrons,  168.  [161, 167. 

Hemi-prisms,  166. 
Hemitropes,  174. 

Holohedral  Form,  137, 188, 142, 147, 168, 168. 
Hopkine,  effect  of  pressure  on  melting-point, 
H3'dn>meter,  249.  [660. 

"<  Banm4'8, 268. 

"  Fahrenheit's,  261. 

**'  Nicholson's,  260. 

"'  Rousseau's,  266» 

Hydrostatic  Balance,  248. 

**  Paradox,  228. 

"^  Press,  220. 

Hygrometer,  689. 

**  DanieU's,  648. 

^  I>eluc's,  646. 

««  Hair,  646. 

*"  Regnault's,  642. 

**  Saussnre's,  646. 

*"  Wet-bulb,  644. 

HygromotTT,  686. 

«  Dalton's  laws,  688. 

**•  dew-point,  641. 

^  drying  apparatus,  646. 

**  formation  of  m  i  xed  vapon,  688. 

"  "of  vapor  in  air,  686, 

"  relatiire  humidity  of  air,  640. 

"  tension  of  Taper  in  air,  686. 

"  Yolume  of  moist  gases,  how  re- 

duced, 687. 
Hypothesis,  how  related  to  law,  7. 

Impbhxtrabilitt,  definition  of,  19. 
IndiBrrubber,  adhesion  of,  848. 

"  used  for  joints,  846. 

Inertia,  definition  of,  82. 
Iodine,  crystallization  of,  120. 

JovLB,  mechanical  equlTalent  of  heat,  484, 
688. 

Kater,  experiments  on  thependntnm,  12,71. 
Kilogramme,  origin  and  history  of,  16. 
KlinOKliagonal  axis.  128, 164. 
Kopp^  change  of  volume  in  Aision,  661. 

"     cubic  expansion,  496. 

*^     expansion  of  liquids,  616. 

"     volume  of  water  at  different  tempera- 
tures, 626. 

La  Plack,  formula  of^  806. 

**  velocity  or  sound,  482. 

Latent  Heat.    (Ses  Heat  of  Fusion.) 
Latent  Heat  of  Vapor,  608. 

"  "       application  Sn  case  of 

steam,  611. 
«<  M       Brix*s  experiments  on, 

"  "       cryophorus,  609.   [604. 

"  "       determination  of,  608. 

"  "       illustrations  of,  608. 

"  <*        in  equal  volumes,  606. 

**  "in  steam   at   different 

tern  pentures,  606. 
**  "       Leslie^s  experiment  on, 

609. 
**  "       porous  waterjan,  606. 
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Latent  Heat  of  Vapor,  Regnault's  expoii 

ments  on,  607. 
solid  carbonic  acid,  610. 
"  "      spheroidal  condition  fd 

liquids,  611. 
"  "      Watt's  theory,  606- 

Latitude,  variation  of  gravity  with,  76. 

"  "of  weight  of  gases  with, 

670. 
Lavoisier  and  Laplace,  measurement  of  lin- 
ear expansion,  494. 
Law,  criterion  of  its  validity,  8. 

"    Dalton's,  688. 

"    definition  of,  7. 

"    Mariotte*s,  287. 

"    nature  of  a  physical,  7, 800. 

"    of  gravitation,  86. 

"    Person's,  660. 

"    relation  of,  to  Divine  Mind,  7. 

"    Watt's,  606. 
Laws  of  capillarity,  866. 

"        cleavaM,  206. 

"        crystdline  symmetry,  182. 

"        diffusion  of  gases,  420. 

"  "  Bquids,  888. 

"        Dulong,  484,  489. 

"        elasticity,  186. 

"        liquid  equilibrium,  229. 

"  ^*      pressure,  227. 

"       solution  of  gases,  892. 

"        torsion,  192. 

"       transpiration,  417. 
Length,  units  of,  English,  11.    French,  li, 
I..esne's  experiment,  609. 
Lever,  arms  of,  98. 

"     conditionsof  equilibrium  of,  08. 

"     general  theory  of,  97. 

"     ttiree  kinds  of,  97. 
Leverage,  definition  of,  100. 
Li|^t,  plane  of  polarization  rotated  by  crys- 

tals,  162, 167. 
Liquid  state,  117. 
Liquids,  adhesion  to  solids.    (See  Solids.) 

"        centre  of  pressure  of,  220. 

"       charactenstic  propnrties  of,  216. 

"        oompressibility  of,  1 14,  216. 

"        difiUsion  of  888.    (See  Diffusion.) 

"       direction  or  pressure  of,  219. 

"        elasticity  of,  116,  216. 

"       expansimi  of.    ( See  Expansion.) 

"        how  distinguished  from  gases.  278. 

"       laws  of  buoyancy  of,  286  -  247. 

"  "      eqailibrium  of,  228-282. 

"  "       pressure  of,  224  -  227. 

"       mechanical  condition  of,  216. 

"       pressure  due  to  gravity,  228. 

"       principle  of  Arcninaedes,  286. 

"       specific  gravity  of,  247  ei  sey.,  666. 

"       spheroidal  condition  of,  861. 

"       transmission  of  pressure,  218. 

"       volume  of,  666.   (&•  Weighing  and 

"  Measunng.) 

Litre,  17. 

Locomotive  Boiler,  618. 
"  Enffine,  628. 

Lo«wel*s  experiments  on  solubility  of  carbo- 
nate of  soda,  876. 

"  "on  solubUity  of  sul- 

phate of  soda,  874. 

"  "on  supersaturated  s»- 

latiao8,a78. 
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Makbo-diagonal  Azn,  1S8. 
IfiUlMbaity,  ao6. 

**  order  of,  207.  [SOS. 

**  Tariations    with    temperature, 

Ifaaometer,  Regnault*s,  808. 

**  metallio,  of  Bourdon,  180. 

*'  with  confined  air,  810. 

Harcers  Globe,  574. 
lfariotte*B  Flask,  823. 

**        Law,  application  of,  801. 

"<  *"   deviations  from,  290, 299, 882, 

688.602. 
**  **   experiments  on,  Arago  and 

Dulong,  298. 
<*  "  *«  Despretz,  291. 

«  "  **         Natterer,  299. 

•«  **  **  Oersted,  290. 

^  *i  ^         Regnanlt,  295. 

**  "    history  of,  290. 

"  ^    illustrations  of,  288. 

**  **    relation  to  ezpAnsion  of  gas- 

es, 582,  586. 
**  *<    statement  of,  287. 

Mass,  definition  of,  18 
^     relation  to  density,  18. 
"     unit  of,  91. 
Matter,  compressibility  of,  118. 
"        definition  of,  8. 

**       divisibility  of,  an  accidental  prop- 
erty, 109. 
**       essential  nature  of,  not  understood,  8. 
<^  **•       and  accidental  properties 

of,  10. 
**       expansibility  of,  118. 
**       general  and  specific  properties  of,  8. 
**        ninstnitions  of  its  porosity,  110. 
**       physical  and  chemical  properties,  5. 
Maximum  density  of  water,  520. 

u  u  u       ^eots   of   salts 

on,  526. 
history   of    dis- 
covery of.  522. 
important  near- 
ings  of,  525. 
Measure,  English  system  of,  11.  (Am  Yard.) 

'*       French  svstem  of,  its  history,  14. 
Measuring.    (See  Weighing  and  Measuring.) 
Mechanic^},  subject-matter  of,  82. 
Melting-Foint,  548. 

*'  effect  of  pressure  on,  560. 

^  of  Alloys,  determination  of. 

Meniscus,  form  of,  847,  849.  [554. 

Mercurial  Thermometers,  482. 

**  **  arbitrary  scale,  446. 

**  '*  calibration  of,  448. 

**  "'  change  of  zero-point, 

**  **  comparison   of  dif- 

ferent, 489. 
**  ^  construction  of  stan- 

dard, 442. 
"  "  defecto  of,  486. 

*•  "  filling  of,  488. 

**  "■  graduation  of,  488. 

**  "  observations,      how 

corrected,  448. 
"  **  size  of  bulb  of,  445. 

Mercury  column,  how  measured,  280. 

M  M         expansion  of.     (Sm  Ex- 

pansion.) 
Metacentre,  definition  of,  244. 
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Metals,  crystallization  of,  120. 
Metre,  an  arbitrary  measure,  16. 
**      origin  and  nistonr  of,  14. 
*'      subdivisions  of,  17. 
Mitscherlich,  expansion  of  crystals,  498. 

**  goniometer,  182. 

Modifications  of  crystals,  181. 

**  *^  laws  of,  182. 

Mohs*s  scale  of  hardness,  209. 
Molecular  forces,  two  classes  of,  117.    {Ste 

Forces.) 
Moment,  definition  of,  100. 
Momentum,  definition  of,  87. 
Motion,  a  relative  term,  21. 

an  essential  property  of  matter,  21. 
compound,  27. 

curvilinear,  how  resulting,  29. 
origin  of  idea  of^  21. 
parallelogram  of,  27. 
possible  in  several  directions  at  once, 
uniform,  and  varying.  28.  [22. 

uniformly  accelerated,  28. 
^         retarded,  26. 

[698. 
Nattbbbb,  apparatus  for  condensing  ffues, 
^  experiments  on  compressioility 

of  gases,  299. 
Newton,  discovery  of  law  of  gravitation,  87. 
formula  for  velocity  of  sound,  432. 
opinion  on  atomic  theory,  110. 
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Ortho-diaooital  Axis,  128. 
Osmometer,  887. 
Osmose,  887. 

"       explanation  of,  888. 

Graham*s  experiments  on.  889. 
how  allied  to  chemical  affinity,  891. 
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Pakambtbrs  of  crystalline  planes,  124. 
Pendulum,  amplitude  of  oscillation,  68. 
**  Bessel's  experiments  on,  76. 

Borda*s   and    Cassinl*s   experi- 
ments on,  74,  76. 
centre  of  oscillation  of,  70. 
definition  of,  66. 
formula  of,  68,  69. 
Harrison*s  gridiron,  505. 
how  affected  by  the  air,  75. 
isochronism  of,  68. 
**  Kater*s  experiments  on,  12,  71. 

"  laws  of  oscillation  of,  69. 

**  Martin's  compensation,  506. 

**         measure  of  force  of  gravity,  78. 
"  "       of  time,  71. 

**  simple  and  compound,  66,  69. 

"  theory  of,  67, 

**         virtual  length  of,  70. 
Physical  changes,  how  distinguished  firom 
chemical,  4. 
"       properties,  how  distinguished  ftom 
chemical,  5. 
Physics,  how  distinguished  flrom  Chemistry, 
Planes  of  cleavage,  119.  (o. 

"         similar,  126, 175. 
*'        symbols  of  crystalline,  128. 
"        terminal  and  nasal,  159. 
Plumb-Line,  use  of,  57. 
Pneumatic  Trough,  811,  680. 
Polyhedron,  121. 
Polymorphism,  184. 
I  Pons,  size  of,  Uersehel^s  opinion,  118. 
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Porotity,  110. 

'*        Florentine  ezperimenti  on,  IIS. 

**        illnstraticms  oi;  111. 

**         implies  compreMibtlity,  IIS. 
PoBition  of  a  body,  how  defined,  20. 

"        origin  of  idea  of,  80. 
Pound,  Troy  and  Ayoirdupois,  00. 

*'      United  States  standard,  90. 
Power  of  a  force,  87,  62. 
Pnesnre  of  the  atmosphere,  266. 

******  measured  bj  bar 

IOmeter,  270. 

Radiakt  Heat,  661. 

**  **       absorption  of.  662. 

**  **       analogous  to  light,  661. 

**  **        emission  of,  668.         [668. 

**  **        Franklin*8     experiments, 

**  **       fireezing  water  by  radia- 

tion, 664. 

**  **        hot^MMJls,  664. 

**  **        laws  of,  661. 

**  **       phenomena  of  dew,  668. 

**  **       radiation  of  cold,  661. 

**  **       reflection  of,  662. 

**  **       transmission  through  me- 

dia, 662. 
Befrigerator,  648. 
Begnault,  comparison  of  thermometers,  480. 

**        determinatioii  of  tension  of  rs^ 
pors,  676.  [206. 

**        ezperiments  on   Mariotte*s   law, 

**  **  on  specific  heat,  466, 

[467,460,471,474,476. 

**        hygrometer,  642. 

**        hygrometry,  644,  646. 

'*        latent  heat  of  aaueons  vapor,  607. 

**        method  of  weigning  gases,  270. 

**        specific  graTity  of  gases,  667. 

**  *♦  "       of  vapors,  676. 

**        weight  of  gases,  667. 
ReiatiTe  Weiffht.    ( &e  Wei|^t ) 

**       specific  weight,  06. 
Best,  a  relative  term,  21. 
Rhombohedron,  140. 
RoUing-Mill,  206. 
Bnmford,  conduction  of  heat  in  liquids,  667. 

**         heat  of  friction,  648. 
Rupert's  Drops,  212. 
Bupture,  resistance  to,  201. 
^        law  of,  202. 

SAFBTT-TUBsa,  theory  of,  816. 

*»       valve,  610. 
Savart,  elasticity  of  crystals,  106. 
Scalenohedron,  168. 
Sclerometer,  200. 
Section,  principal,  161, 160. 
Set,  definition  of,  116, 104. 
Silliman,  diffusion  ai^MuratuB,  488. 
Similar  axes,  126. 
edges,  181. 
planes,  126, 176. 
solid  angles,  181. 
Siphon,  theory  of,  820. 
Solid  state,  117. 

Solids,  absorption  of  liquids  by  porous,  868. 
**  of  gases  by,  870. 

adhesion  between,  842. 

to  liquids,  Gay-Luasao*8  ex- 
periments, 846. 
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Solids,  characteristic  properties  of^  110. 
**      compressibility  of,  118. 
(*      conauction  of  heat  in,  666. 
**      elasticity  of,  imperfect  and  limited, 
**      fusion  of.    (iSee  Fusion.)  [116. 

**      porosity  of;  110. 
**      specific  gravity  ot,  01,  247, 662. 
**      volume  of,  664. 

**      weight  of.  87, 100, 661.    (&•  Weigjli- 
imr  and  Measuring.) 
Solubility  of  carbonate  of  soda,  876,  877. 
of  sulphate  of  soda,  872  -  876. 
of  sases,  causes  of  variation,  808. 
**        coefficient  of  absorption, 
802. 
**  *'        determinatioii  of  coeffi- 

cient, 808. 
escpresston  by  empirical 

formulae,  808. 
mixed  gases,  406.  [804. 
variation  with  pressure, 
variation  with  tempera- 
ture, 808. 
**  **        (iSee  AbsorptioD-Metar.) 

of  solidfl,  curves  of,  867. 

determination  of,  860. 
empirical  ibnnuls   cl, 
866. 
**  **        uninfluenced  byfusioD, 

860. 
**  **        variation  with  tempem- 

ture,  866. 
Solution,  how  distinguished  fixmi  chemical 
change,  871. 
of  gases,  802. 
of  solids  in  liquids,  866. 
supenaturatoa,  876. 
Sources  of  Heat,  647. 

central  heat,  647. 
calculations  of  Fourier,  647. 
chemical,  640. 
condensation,  648. 
friction^  648. 
percussion,  648. 
sun,  647. 
Sp.  Gravity,  01, 247. 

bottle,  247. 

methods  of  determining,  247- 
267. 

**  ofnees,08,278.  [414. 

"•  ^       determined  by  effusioo, 

<*  **        referred  to  air,  08. 

**  relatiou  to  specific  wei^t  in 

Frcsich  system,  02. 
Sp.  Heat,  464. 

ofgaoes,476,478. 
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under  constant  pressure, 
477. 

under  constant  pressurs, 
does  not  vary  with  tem- 
perature or  pressure,  477. 

under  constant  volume, 
480. 

under  constant  volume, 
determination  frook  ve- 
locity of  sound,  482. 

under  constant  volnme, 
Dukmg's  .experimentSi 
488. 

under  constant  volume, 
Dttk»g's  laws,  484,  480. 
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Sp.  Seii  of  platinnra,  and  detenninataon  of 
niffh  temperatures,  478. 
of  solids  and  liquids.  466. 

'connected  with  their  chem- 
ical equivalents,  471. 
.<«  determination  of,  466,  467. 

**  greater  in  liquids  than  in 

solid^  476. 
"  greatest  in  water,  476. 

**       of  the  elements,  466. 
•^       unit  of  heat,  464,  472. 
8p.  Weiriit,  90. 

"^  relative,  96. 

Spheroidal  condition  of  liquids,  861,  611. 
**  ^  Bontignj^s   experi- 

ments, 618. 
»  **  Illustrations  of,  614. 

**  *^  temperature  in,  612. 

M  «      freezing  of  water  in,  614. 

Spirit-Level,  282. 
Spring-Balance,  94, 189. 
Standards  of  measure.  (Am  Yard  ontf  Metre.) 
**        of  weight    (£Em    Graoune   tuia 
Pound.) 
Statics,  definition  of,  84. 
Steam,  672.    {See  Vapors.) 

**     application  of  latent  heat  of,  611. 
•«      bath,  691. 

"      expansion  at  formation  of,  608. 
**     latent  heat  of,  at  different  tempera- 
tures, 606,  682. 
u  u         u     Begnault^s  results,  607. 

"     mechanical  power  of^  68L         [606. 
**      volume  of,  681. 
Staam*BoUer,  615. 

**  appendages  of,  618* 

*<  Cornish,  616. 

"  dimensions  of,  620. 

**  *'         heating  surfkce, 

**  French  form  of,  617.       [616. 

**  ftisible  plug,  620. 

"  locomotive,  617. 

"  requisites  of,  616. 

**  sare^-valve,  619. 

Slmn-Engine,  616. 

"  condenser,  626. 

**  cut-offs,  688. 

"  flv-wheel,  628. 

**  high-pressure,  628,  688. 

**  locomotive,  628. 

"  low-pressure,  621,  688. 

**  mechanical  power  of,  681. 

^  non-condensing,  628. 

**  paralle]  motion,  624.  ^ 

**  the  eccentric,  626. 

**  Watt's  condensing,  621. 

Substances,  definition  of,  8. 
Sugar,  hemlhedral  forms  of,  168.  [169. 

Su4)hate  of  copper,  crystallhie  form  of,  124, 
^      of  iron,  crystalline  form  of,  128. 
**      of  lime,  crystalline  form  of,  128. 
"      of  soda,  laws  of  solubility,  872, 876. 
"     osmotic  equivalent  of,  888. 
**     soluble  modifications  of,  874. 
**  "     supersaturated  solution  ot^ 

876. 
"  **     use  of.  In  flreexing  mixtures. 

Sulphide  of  hydrogen,  eoofficlent  of  abeorp- 
tfcnof,899.  ^ 


u 
a 


u 
a 

CI 


Sulphur,  how  crystallized,  120. 

^*       ratio  orcrystalline  axes  of,  128. 
Sulphurous  Acid,  coeflSicient  of  absorption  ol^ 

^  "     condensation  of^  698. 

Supersaturated  Solution,  876. 
Surface,  units  of.    English,  18.   French,  17> 
Syphon,  theory  of,  820. 
System,  dimetric,  122, 142. 

**       hexagonal,  122,  147. 

**       monoclinic,  128, 168. 

**       monometric,  121, 182. 

**       triclinic,  128, 168. 

^       trimetric,  128, 16S. 
Systems  of  crystals,  121. 

Tablbs:  — 

Absoiption  of  gases  by  charooal,  880 1 
by  Meerschaum,  plaster  of  Paris,  and 
aOk,  881. 
Boiling-points  of  condensed  gases,  692. 
*'  '*        liquids,  666. 

**  **        saline  solutions^  668. 

Ck>efflcientt  of  compressibilihr  of  liquids, 
of  elasticity,  187.         [217. 
of  expansion  of  glass  at  dif- 
ferent temperatures,  497. 
of  expansion   of  mercury, 
610. 
Comparison  of  different  mercurial  ther- 
mometers. 489. 
**  of  mercurial  with  air-ther- 

mometers, 489. 
*  of  thermometers  filled  with 

different  liquids,  451. 
Compressibility  of  gases  by  Arago  and 

Dulong,  294. 

^     byNatterer,  299. 

"     byRegnault,296. 

Conducting  power  of  metals,  by  Des- 

Sretz,  669;  by  Wiedman  and  Franz, 
66. 
Determination  of  crystals,  176. 
Difiiision  of  solids  in  solution,  886. 
Dimension  of  steam-boilers,  621. 

''  of  the  earth,  88. 

Effect  of  pressure  on  melting-i)oInt,  660. 
Effhsion  and  Diffusion  of  gases,  414. 
Expansion  of  matter  by  h«tt,  481. 

**  in  vaporization,  608. 

**  of  gases,  628. 

**  ofriquids,  617.  [619. 

**  *^      above  boiling-point, 

Freezinffwpoints  of  condensed  gases,  699. 
French  linear  measure,  17. 

^       system  of  weights,  89. 
Greatest  density  of  vapors.  601. 
Groups  of  equi-diffusive  suosfianoes,  886* 
Heat  of  combustion,  660. 

"<      fusion,  566. 
Height  of  liquids  in  capQlary  tubes,  868, 

Intensity  of  gravity  at  different  lati- 
tudes, 76. 
Latent  heat  of  aqueous  vapors,  by  Watt, 
606 ;  by  Regnault,  608. 
u         i«    of  vapors,  606. 
Limit  of  elasticity,  195. 
Mechanical  power  of  steam,  681. 
lfeltuig-i>oints,  648. 

^  of  alloys,  660. 
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Tables:  — 

Penon*B  law.  563. 

Pressure  and  specific  mrity  of  fhe  air 

at  increasing  altitudes,  806. 
•Scale  of  hardness,  209. 
Solubility  of  carbonate  of  soda,  877. 
**        of  chloride  of  potassium,  866. 
"        of  gases,  898. 
**       of  nitre,  366. 
**       of  sulphate  of  soda,  876. 
Sp.  Heat  of  elements,  466. 

**       of  equal  volumes  of  gases,  488. 
**       of  gases  and  vapors,  478. 
^       in  solid  and  liauid  state,  475. 
*'       of  liquids  at  different  temper^ 

atures,  474. 
^       of  modifications  of  carbon,  476. 
"       of  platinum  at  different  tem- 
peratures, 478. 
*'       of  solids  at  different  tempera- 
tures, 478. 
**       of  water  at  different  tempera- 
tures. 472. 
Temperature  of  liquids  in  spheroidal 

condition,  612. 
Tenacity,  ductility,  malleability,  207. 
Tension  of  aqueous  vapors,  571. 
**       of  condensed  gases,  598. 
«  **  "     at  00,696. 

•*       of  vapors  of  liquids,  688. 
Tints  of  heated  steel,  211. 
Transpirability  of  gases,  418. 
Weight  of  gases.  668. 
Tartaric  Acid,  hemihedral  forms  of,  167. 
Tartrate  of  soda  and  anmionia,  hemihediml 

forms  of,  162. 
Temperature,  absolute  zero,  664. 
*'  definition  of,  468. 

**  determined  by  specific  heat  of 

nlatinum,  478. 
**  innuence  of,  on  solubility,  866. 

**  lowest  observed,  452,  565. 

'*  measured  by  a  thermometer, 

^  of  celestial  space,  564.     [482. 

^  obtained  witn  condensed  gas- 

es, 610. 
'*  thermal  equilibrium,  468. 

"  true,  689. 

Tempering,  211. 

^  of  bronze,  212. 

of  copper,  212. 
of  glass,  212. 
Tenacity,  208. 

"       means  of  measuring,  202. 
"        order  of,  207. 
Tension  of  gases.    {8m  Gases.) 

"       of  vapors.    (See  Vapors.) 
Tetartohedral  Forms,  129, 156. 
Theory,  atomic,  110. 
Theories,  how  related  to  laws,  7. 
Thermometer,  air,  455,  584. 
"  alcohol,  461. 

«  filled  with  various  liquids,  461. 

"  fixed  points  of,  488. 

'*  house,  450. 

**  maximum  and  mlnimtmi^  462. 

"  mercurial,  482. 

<•  metaUic,  of  Br^guet,  504. 

**  Negretti  and  Zambra's,  468. 

*'  Rutherford*s,  462. 

<<  scales  of,  486. 
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Thermometer,  scales  of,  rednctioa  of,  486. 
Walferdin*s,  454. 
water,  488. 
weight,  518. 

{See  aUo  Air,  and  MercuriaL) 
Thermo-multiplier,  Melloni's,  467. 
Thennoscopes,  Leslie's,  456. 
**  Rumford*s,  457. 

''  Sanctorius*s,  456. 

Time,  how  measured,  22. 
"     origin  of  the  idea  of,  22. 
'*     units  of,  22. 
Tin,  ratio  of  crystalline  axes  of,  122. 
TorriceUi*s  experiments,  276. 
Torsion  Balance,  198. 

"        elasticity  of,  191. 
Transpiration  of  gases,  laws  of,  417. 
Trougnton,  standard  yard,  18. 
Truncation,  131. 
Twm  crystals,  178. 

Uktt  of  force,  86,  98. 
"        heat,  464,  472. 
length,  11, 14, 17. 
mass,  91. 
surface,  18, 17. 
volume,  18, 17. 
weight,  89. 
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Vapob,  aqueous  tension  of,  671. 

<*''**       Da]ton*s  sppan* 

tus,572. 

**       apparatus  of  Gay-Lussac,  574. 

**  "  Regnault,  576. 

'*       empirical  formuHe  for,  581. 

**       formation  in  atmosphere  of  gu,  686. 
{And  see  Hygrometry.) 

^       geome^ical  curve  ot,  680. 

^        laws  governing,  580. 

**        Marcet's  ^lobe,  674. 
Papin's  digester,  591. 
{See  Latent  Heat  of  Vapor.) 
Vapors,  expansion  attending  formation  6tf 

^       formation  of,  570, 582.  [60S. 

**       greatest  density  of,  600. 

^       now  distinguistied  from  gases,  685. 

^       maximum  tension  of,  584. 

**        smallest  density  of,  602. 

**        specific  gravity  of,  674  et  aeq. 

"       tensions  of,  compared,  684. 

«*        weight  of,  669. 
Velocities,  composition  of,  28. 
Velocity,  definition  of,  28. 
Fif  viva,  58. 
Volume^  definition  of,  10. 

^        how  estimated.  14. 

"       units  of.    English,  18.    French,  17, 
Volumeter,  Gay-Lnssao*s,  262. 

WAm-BoTTLB,  826. 

Water,  change  of  vohime  in  fVeezing,  652. 
**      effect  of  pressure  on  melting-pointy 

650. 
**      expansion  of.    (See  Expansion.) 
freezing-point  of.  549. 
maximum  density  of.    {See  Maxi- 
mum Density.) 
pump,  884.  [5S6. 

volume  of,  at  different  temperatores, 
Watt,  law  of,  606. 

'*     steam-engine  of,  621. 
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Weiglilng  and  Measuring,  661. 

Sp.  Gr.  of  gaaes,  Bnnaen's  method, 

671. 
**  •*       Begnaolt's  method, 

670. 
of  liquids,  91, 249,  teq. 
"       corrected  for  tem- 
perature, 666. 
of  solids,  91^  247. 

'*       corrected  for  tern- 

feratnre,  662. 
4.  ieq,      [678. 
J^eville's    method, 
Dumas's     method, 

676. 
Gay-Lus8ac*s  meth- 
od, 678. 
Begnault^s  method, 
676. 
Volume  of  gases,  679. 
*'        offiquids,  666. 
**        of  solids,  664. 
Weight  of  gases,  270,667. 
»^    of  solids,  87, 100,661. 
*^       of  vapors,  669. 
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Weight,  absolute,  87. 

^       distinct  from  mass,  88. 
**        liable  to  variation,  89. 
**       measure    of   quantity  of 
matter,  88. 
of  a  body  in  air,  268. 
relative,  94. 

*'       a  constant  quantity,  96. 
<*       measured  by  the  oalanoe, 
94. 
specific,  90. 
of  a  unit  of  mass,  91. 
Weights  described.  94. 
Welb*s  theory  of  dew,  668. 
Welter*s  tube,  817. 

Wertheim,  experiments  on  elasticity,  187. 
Wire-Mill,  205. 
Woolf '8  Bottles,  818. 


Yabd,  act  of  Parliament  concerning,  11. 
'*      American  standard,  18. 
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origin  and  history  of  11. 
standard,  destroyed  oy  Are,  12. 
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